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ILLVSTRISSIMO AC R E V ER EN Dl S S 1 M O DOMINO, 

D. GEORGIO DAVBVSSON, 

ECOMITIBVS DE LA FVEILLADE, 
Archiepifcopo ac Principi Ebr^iduncnfi, 

TOROyATO REGIORVM ORDINVM 
Coinmendatori , Rcgifque Chrilbaniffimi 
apud Rcgcm Cachohcum Ordinario 
Lcgato. 

JDERER haud tmmerito fipinere culpam 
fton leii(maluuitute)neiitatiSyhKCii\VKJf.' 
svL lLLVSTRissiME,i^f*//?i Ofiufcmo weo 
ExcellentiA Tu£ rtiiTttu nmnm qttantum 
irnpan , e prjc/txo iffiuj nomine prettum (jr 
\t(ltmationem quaro : mft.qux illitij hitmam- 
tod hum foetum nafcentem excepit.ea crtmen 
me omne amoueret ; ^ fuo iure kcem^alt-^ 
quam repeteret aheo.cui totam trthuifet. Etfi enim Liher ifle plt" 
nam -vltimamque dectfionem etm quxfiionu continere rvideatur , qu^ 
omnthuj haSiemu Mathemattcts nobtlffima multarum contenttonum 
VaUfira tantoante fuit , erttque tnpofierum ( agtt enm de teleher- 
rima tUd figurx circularts reduSitone in aliam reats itnets confiantem) . 
ad h^c -utam aperiat expedttt/fmam eandemque <sr tutiffimam 
mcundtlfimam , ad perfeSiam tfituj Mynerij euulgattonem h^c ta- 
men quanta.unque . non vM^m ejfe eiufmodt , qu^ dignum tanta 
Tatrecimo Ithrnm efficerent , ntfimtht voluntoj tHtM exmtti , dupltcem . 
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emiimMi Sle mm lffe mit^refutatdm^nMyulgare aliqmdti 
offerendum , cm pri(lefM (^allia%i>maUs Bmropa pene tota, conferuatd 
gloriam detulijfet , quemque periculojijfimo tentpore turbarum im- 
minentium , qutetu defenfr fu fpexijjet autorem. ^jue ctlm dico , non 
eft quod 'Verear , ne interdiSium Dedicationu i^itu officium cor' 
''rttftjft mtd ipsd intempefiiud declaratitmt 'videar , obieSios de- 
mmtdstient ftntrJl , ei Mtdtfiid Tuitttsmm Umditm timlgatim 
cts perfr€gife:lutttmmfi tdctrtmiloqtitrtnttirhuligen^ fditidtnt^ 
pradicarent Extert- qui audsunt , yrbes denique ipfeac domus \quai 
etiam fenfiu ife ajficity non filerent. In quonon oportet meam eJSe 
ymud deteriorem conditionem quam ommum \ f£ eum fit in mt 
quam in utttrts^ loquendi mattrid msjor f eandem non tjft cum ca- 
ttru tiktrtdttm. hfianimm tsmtn^ ttiam illi Mtdtfiidtmt /dtu- 
fdctrt tx partt faltem :fi tnim dt LdudAm Tuu eHcdm^ *vt n&m 
tam tx mto iHa quim ex mmum ert duditurd fit ExctStntid Tud, 
crimenque adeo tftud qualecunque mcum , confecrati njerius fuim 
njtolatt filentij futurum fit. 

l>uo fimt qua tn ExctHtntid Tud mtritontmo non fuf^it\ De^^ 
£irind tAdtlicet fcientiarum omhtum complexione cumulata , nen 
mmen cnm Uudt ceniun^d Peliticd ddminiBrdtienes : Huic dtct' 
dit ficundum » mbile quttm frimnm mirdkilt minut^ ffuMitM iSd 
ndturdlu dd rts itd dmtrfas , Tfifque ingenij admirabilu, qua per 
yfum comparata in adultis , jclicius m Excellentia Tua , tngemta 
iam a primts annu adoleuit. Et do£lrttj£. quidem fpecimen fane 
quam illuftri(ftmum » nobilt iliud Europa Ljcaum Sorbend tum rui^ 
dit ». cum emmkm trtidaiemi jtxplerdtiffimd decoratum in^niiur^ 
dd cnttrerum cuburdm mifit. Ham tcct cenimuo facrd cenuttdti 
Cltri Centitid in rtrum fiuirum Premetertm dtitgtrunt , in quo qukm 
fecijfent fapienter, prehauit non ita multe poft euentus : Audita enim 
yox efltua fiue in priuato confeffu, cum deliberandum fuit ^Jiuein 
fubiice^eifm, diifutemdumi tdntdemmum ddmirdtient (j^ flaufuy yt 

» 

Digitized by 



fi facuniia §feEieiur , nihd cloqumim ; fl rAttomm fondera , 
mhtl neruofim^ft n;i4 acumeny m\)d fubnliuj effe affirmarent: 
4deimhil humamorumHtersntm^lendorem fitm Vhilofofhicm detrt^ 
f mlnl Ordtmm miw-^ majeBati Ssfientu cfjkiAM. Itd ctm, 
Hegi 'T^^gitfque Mimffru f^UtmtJkm effet , Vnm mmmn n 
nentm qut Kegie dieeres : quod efl k Te ferfeSium eo cum dffenfu <(t 
audientts AuU Clert delegantis , yt iam tum cogitare n^terque cce^ 
ferit , quid facere foffes eueCiut ad Ecclefiafitcas Dignitates , qui 
EeelefiaRiea mnntatantd cum dignitate obiret^ Neque dtutim *vel 
meriiatnotierm i rel CleriofeaiiiKex ofhmtuinfel Rigiirolmu 
iotieeiaJSe difint, Cnm iamVkfiriffiiiinm AnhieftfcofnmCmU. 
Umnm tHugues fatemn immdtmo ilio quidem , acerhiffime tamen, 
Ebredunenft Bcdefi^ fubtraxij^et inofforiuna mors : in eiuj locum 
defignauerat Tiegia MajeBaj Ef tfcopum Vaf incenfem Artufium di ■ 
Lyonne^ qui facultate fingulari non dtfitmiU virtutum praflan^ 
idyfrieru defidermm lenin facile foffet : pdVi/r eftimm^ tim 
erga gregem fiki emmifinm tenernme 'afficereturametn\neefi$fe^ 
rieriifraditsfflendmy nee ^d epdentimt fortmtn aceefiieneiut' 
duci imquam fotuit , yt ab eo anelleretur : quo faUum efi , yt fihe 
mord , communtque omnium plaufu ad Metrofolttanam Shredunen" 
fem Ecclefiam regendam fromomretur tam tum de Ecclefid bene 
meritm (jeorgtm Auhujfinim s fverum , ne ium quidem gregem de- 
mmtdntnm e^eQn fin reereandi ^atium none failori eonceffnmofi: 
lumtiicmnCUriGnllkmnComutagenerdinconiioeimitimfttin 
ret\ qnihm Comitiu te oporteret tmereffe ; nonimerfmfU folum , qnod. • 
erat officij ; fedy quod pnqularis ommum de te iudicijfuit, etiam fra-^ 
futfit ipna cum Archifrdifule ^emenfi fj^ Eftfcofo Mattfconenfi \ ^ 
quoutfoque euinu interea fuhUto , mirim y quonia. negotiorum- 
meUf in Te ynum incuhuii , cnijufknenda ita Tenem mado^fSrem fid . » 
Jiferiorem etiamfr^iiiffi t nftpatinnon nmlgares ah *vninerfl. 
eeeindeeretatikifiterfn/ 0- amfUffimu^verhu hmtta. Atqna ex eot. 
iamiene gefio munere , non mediocrem Tna in rebm grauifiimii 
' U } gfrendii 
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gerendu induftrta ofinionem concitafti mm apud omnes , tum mdxi" 
m apud Kegem foUrtipmum ^ attentum ad omma » o// tam tum 
QferJi tuJi vti t tum res fimt p medstaretur. 

hd0\ fti r^obiftati t»i (jregu tm UtitU Mftrofolm 
ttuim inmfiffi ^ ^ud turi Dimetfim la/irafiif ^ukm falatartkus dt^ 
eretu uel labantem Difiiflingm firmafii , yel erexifti iacentem^ 
Sluxm Jingulari fudio Diuinum yl^i^jiie cuhum promcu:fti ? pd ecce 
ucrum tn Aulam reuocaris , adeo te plures trahebant ad jeje quem 
flunhtes haud imfdrem fctebant, ibi ceUberrtmam illdm coram Rego 
eh fitsffdarilms tirtamittibm wMtmem haimBi , fua orationt Ne- 
hilittm fimHartm fiahXta fax^ ^ ncntdefiem toties fanguink 
Ca&ict eieatrix oUu&a, Inda ad fframora T^eipuhlica conuerfMs 
nfuinera, docuiflt quas immicitias fufcipere , qttte bella gerere , ejut^ 
bufium hoffibus congredi glortofum ejjet homtm GaJIico , cum detra- 
Balarud lanfeniamofiendiSii^^ a^atosPontificio fidmine ramos^ 
komi std ficnritatam » malie ad ignomimam Jfito in trmeo dignna 
AiHter intbeafti. 

' €^eepit bas enras Italiea Legatw ^ ita teenmfemper agente NtO'- 
mtne vt ex onere omu ^ ex Honore Honos perpemd fcrie ^jafceretur, 
In qud Legatione dubiurn efi , fatufccerifne Regi magis ^ an Italta 
hncifibns. Certe Venetus ( qna tn yrbe mora tua loagiorfutt ) 
t^nta cam dignitate fatrij nomfntigloria'J}lendorique per te confitU 
tnm efi^^vt ommittifenndiearnif Regi tjaidem de HiSpatdciLigatio^ 
n* eofUands oeeafionem dodifie » Senatui yero iotitse Bnropa celeier^ 
rimo , ampliffima quaque tibi deferendi» Detulerunt entm ( inter^ 
xedenttbus hcet altarum N ationum Legattj non pauctj ) mcritim ut 
SxceUentia nomenTua Dignitati tribueretur , *vtque liceret munere 
iLegaii fiiitgentem y Epomide fupparoque penulatum apparere, Idquo 
eoncejfnmnmabo fitafire fuslmTo, qm i»amflifiima fitquentifitmt 
Senatttt CoronSi ita7kam'totiufque %egfA eaufam fatrio^ Worumf 
egifii fermone » *ipt qui atklirent n/erba » nihtl magts Italice ; qui res 
ferfemUreat ^mhd magfsGaUtec dtci fojfe fradicartat» Loquebattir 

• ^ itttum 
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inrmmm CmU GrM4 Cicero T^omMm^ulmfmZma fiermi mjt 

quod tUe y tndigem^m Scm^ regme yifit iafua, feregrini pbi 'vi' 
debantur. 

T^eerat hoc ynmn Aubk^fonia familia decm ; yt quarn olm Rhe^ 
did Crux in M aiemhm tuu extuleratiCaBicu iam Terfusterum Bifui* 
tum im te uokiUtmt, Firm.tmt ilU fridem Aucberseu Crux tuu fiu' 
> Ghmutem Rbedum Petre Aukuffamo mugeu Rbedierum Bfdtum AijU- 
giftro ) qm grauiffimam farmidutifimi Mahemetu froceUdm yt forti- 
terexcefity ita feliciterdi/pulit.Ornauit eademlnfulaj Lemoutcenfisy ' 
Qsrcaffonenfes , TuUenfes in totidem Vrafulibus , quos fcecundtjftma 
yirorum tUufirium familia in Exclefia *i^ttlitanm cmifit» Eadem ilU i 
iuobm firmribus alterum Leeuem Aubujjimum PrafeSium etdMt 
%egit4 iu 3elgi0 fertiter dHmkmetem > fkmheaque glaude tr^jeSum 
in ipfogloriA fortu ad fiimma qu^que yyeUe exfanfis muagantemfheite 
alttrum part fortitudine, francifcum Comitem de ia Fueillade tam 
alte firrniterque Regtj in antmo flabiliuit , nuIJa <z>t temfeHate auelli^ 
nuUo turbine difiuti pojfe ytdeatur, Crucem hauc, tuquam^/acrtj fro^ 
fanifque Laurti coronatam fufererai bocnmttm^nft funoresSauQi 
Sfiritm rad^gloriefimiUuBrarem^ 

Merito igitur fib aufficUs ioMti ffeudme librum Jkar eiore i» 
lucemy qui fulgentifffmo iflo radtati Torquu fplendore lucefiet: hunc 
^equrj oculij aff tctent Galli^ in quo tam amabilem referient fotentif 
fim£ ^ejjeram CUeuteU : luU excifient , in cuim fironte merttijfimi de 
fe Legati frafixum nomen legent : Hijfani amfleSientur y quem frt^ 
demifitmo feno rufti fiederu CouMmori^ fi dijfidii Angbci fudfieo 
Proxenets, imof^ nmie fem deduaitmeefie fiient. Sie emmRagi 
Cmbobcotfrebata Tua^irtus eB, nft^ quod ha^enm Legaterumtee» 
mini contigcrat , in omntct Majorum Htspaniie iura yocarertj , quan^ 
quam hoc te filum %Majorem futas , quod ^ bonorando Hifpano 
iiomini magts ebUgatumy fj^ omaado G/olltco tmandoque apttorem 
creJu. Ita enimtegeruiJnfie, *vtifiem stmeJixerm Itabce^fojfis 
mgm cmttidmmt ^ HiS}antceloquit fgitu extertefUme^yttmk. 
mitjprecem. . Hm 



Hdc me alia fifer edm^aawmd hfgim rafemtt y mfi m 
finem eiUfHmd» fiicm 9fmeree kriimJU lA^iift*. ^us tsme» 
emifdieMvetdhffmmimumefrofalamfrofitear mfimttj ExceL. 
tentta Tu^y ^ Beneficiu demnnum ornatum Offictu, ^ud tn re 
imuri^ ntbil facio Modefit^ tanu , dnm cenfido fuderi meotqmmd' 
iwfitret^ mfiexanimodmrellem. 



EXCELLENTI^ TVA 



Huminimus & obfcqucnti(!imus feruus 

VlNCINTlVS LSOTAVOVS» 
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PrAfatio ad LeBmm Ceometram. 



Vm illam ( Lector -<£ctvr ssim e ) cclcbcr- 
rimam circuli Quadrururam a clariillmo Geomc- 
triasluminc. R. P. Grcgorio a fandio Vincentio 
Socictads noftrx oon vulgari rcs. Gcpdiecricar 
tr^dlancli raciooe excogicatam > i fcripcoribui nec paucis» 
ncc impericis » nec parcis lucubracionibus a primo ip(b etus 
partu omnem in partcm vcrfacam, & cxcuffam ccrnis: tibi 
torcaflc fubcat cogitatio, cam qcc co , quo par ert,plaufu, 
ncc ca qua: eius Auchori tam bene dc Gcomctria mcrito dc- 
bctur , obfcruantia, cxccptam cffc. A c ionge cfTc fcito aliuni 
AuthoFis iplius fenfum candtdo Gcomctra fane digniffi* 
mum, Hicenim, vcrefierc Alphonfus de Sarafa tn Piarta- 
cioneconfirmacioiiis Quadraturanimsnullam a Geomecriae- 
cultoribiis in fc confcrri poflc teft.itur acccptius officium, ' 
quam fi ca omnia , qiKT m cius opcic minus probanJa ipfis 
■vidcbuntur, fcripto poimscdito, quam piiuaiis vcl Epilto- 
lis , vcl fcrmonibus proponcrc dignencur : vtpotc qui fi vc« 
ritatis, cui foli lludec > ratio habeatur $ fui fatis rationcni. 
habericenfeac. Nec veroGeomccrx,qiioapudtt loco fint * 
rum Aucbor,nim eius Tecragonifmi , tedimonium exbi- ' 
bcrc poflunt illuftrius \ quam, ciim poll:habicis cartcris , quo- 
rum vix pofliciniri numcrus , horum tantum concrmplatio- 
ncm vciuisvigiliisdigniflimamcota ammi contcntionc. fu- 
fccpcrunc; llli icaque prae caeceris ^ Authori vericacis foliiis 
•ftabibcndacjyt retuli, promouenda«}ue Gcometrix cupi* 
' - c diilimo 
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diifimo cuinulatids GLdsfedffc » & coti Mache(eos Acadcmi^ 
' Impcnfius cofifuluiflenridencur ; qui eas ^ qxix in bac maieri& 

(ibi occurrcrc difficultares (occurriflc auccm nccpaucas» 
ncc lcues ncccHe cft , cum in Conicis , & Rationibus , Racio- 
numque Proporcionibus , quibus nibil in Machemacicis ab- 
ftrufius, coca verfccur) in lucem omnibus concemplandas 
cxpofuere » vtrcilicccomniacontrouerfijt capita per ocium 
pcrpendendi cuilibeccopia fiac;ac cande in tociusGeomecrist 
emolumentum non mediocre communibiis omnium votis, 
quod haclcnusdcfidcratui jitcmcxxquo dcfinicndi faculcas 
prsebcacur. Atque ca fane fuit , cum primum harum Qua- 
dracurarum pra: cxterisinfignium Examen illud a mc aii- 
quocanteannisedicum mcdicari 'caepi,animi mci fcnccn- 
cia: nec vero nunc aiia fubell , cum hanc eiufdem Examinis 
confiimationem ac promotionem inftituo. Cuius necef> 
farlo i ncundr hstc data efl; occaHo. 

Gcomctra non in poftrcmis numcrandus Franc. Xaucrius 
Aynfcom Grcgorij a ran6lo Vinccntio Audicor,in Huius 
Qoadracurarum defcniionem , vcgraci crga tantum Prarce- 
ptorcm animi officium poftulabac > opus edidit Geometri- 
cum eruditione non vulgari refertiiwnum > iliam (blicet 
-Q}iadraturarum Geomerricam expofitionem ac dedu^tio- 
nem. In qua & de R acionibus , ac Proporcionibus quardam 
accuratc tradidit, & ambiguarum ahquoc Prarceptoiis fui 
Propohtionum cx cius mcntc,aut ctiam orc intcrprctatio- 
ncm inftituic :quibusviam fibipararcc adca rctellenda} quse 
ad id vfque cemporis aduersus hafcc Quadraturas i. variis 
fcriptoribusdbiei^lafuerant». Ihter quar^ca qu2 in iifdem 
Quadraturisinearumdem Examine a me perftrihgi conci- 
gcratj-minimc indigna, qua: a fe pcrpcndcrcntur , ci vifa * 
fucrc , co prxlcrtmi nominc , quod QLiadraruras omncs 
( q<iod ncmo ahus prxihtcrat ) complcxus iuillcm , & ad 

Arichmeciccs 



Arichtnetices ludicimniqaonullum aeqains» nuUum imni&- 
ftitt$inhittufnu>di cbntrotterfiis adiri poceft , prouocalTem. 
Cum ecce|GeomecrxaIiqaornon impertti,qu6rum con(uetit- 

dinc farailiaritcr vti folco , intcrrogationc non ihcxpcdatai 
mc rcifcitantur,quid dc hac Quadracuraram noua dcdudlio- 
nc,ac confirmationc rcntircm, icntiendiimquc pucarcm?Nura 
viderecur haac Tetragonifmi rationcm ica tandcm ftabili- 
tam > vc omne fublatom^fic illam aUquando itnpugiiandi 

^ argumencum : Huic ego minimc.aiienae ^ & a necc^flartis pro* 
k€tK pecitioni non potuiabfque nota violatae amtciciar non 
fatisfaccrc j ncc in hac, qux mibi cum vcritatc communis 
caufa forct , praruaricandum ccnfui , prxfcrtim cum mcn- 
ccmfupcrhaci^uxftioncpcrpaucis apcrirc liccrcc- Hoc cr* 
go vnum , ideraque variis fcifcitandbus refpoofum dcdi*. 
Qued quia totius huius opufculi argumencum concineCy 
ipsumquc per (frfolumcuilibec \ qui breuicace deledccur^ vel 
ocio careaCy&cere facis poteft,ilIdd hic cibi obiter exki- 
bco. • 

Aioiiaque R. P. Francifcum Aynfcomnccpauca, ncclc- 
uia dc R.acioniba$ ia iua illa Quadracurarum Expoluionc paf* 
fimretulitTe Aio eundem icriprorcs non nulloi in Rario- 
num do6trina peregrinos qui cx inanibus Priocipiis fuis 
TheorciiiacanonpaucaGrcgorijaian^boVihc. veriflimala^ 
befa^are conabantur , pro meritis caftigaffe. Sed Hs omif- 

. fis , quorum ncc tucndam, ncc impugnandam caufam fufcc- 
pi j fufficiat hic corum mcminiflc » dc quibus noa bcne mihi 
jcum illo cpnucnic. 

In primis crgo affcro nulia mcliori confirmationc , ea qua: 
inEzamineadoersushafceQuadraturas a n^eobieda funr» 
ftabiliri potuifle , quam hac ipsi earum dedud^ionc >data« 
que ad allatas a me difHcultates ab eius Authorerefponfione. 
Etcnimn^moiibifaaicaon pcifuadcat nihil lum ab ipfo 

e X huius 



huius Cyclomctriac Authorc , tum ab cius intcrprctc &Tau- 
tore in hac Apologia omifTum : quod aliquid toboris ad hoC- 
cc Tctragonifmos tucndum babere viderctur. At quid in ea 
defcnfione allatttro Gt oout praccer ea,qu£ ab ipfomec Aocho- 
readdti^a (ueranc» quxcjuc ja Examine reieceram, me equi^ 
dcmplan^fiigit» £c vero ad primam Q^adraturam quod 
attitict, 

Obicci primo Prop 47,& fcquentibus Libri x. Examinis, " 
abfolucam non fuilic Quadraturam illam ab eius Autborc 
Gregotioa(ando Vinc.Prop,44. Lib.io. Opcris Geom. co 
quodtertiamRationemdttorum quorumdamfohdorum ad 
hunt Tetragonifmum omnino^neceflariam» nec defibieric 
ipfe cicata iila Prop. ncc vndc , aut qua via nofci poflct , cx- 
pofuciic. Hanc igitur Racionem cxbibcndi onus incumbc- 
bac Quadracuras huius fautori, fi obicdioni a mc addud^x 
facisfadum vellei. An autcm illam cxhibuiffc cenfendus €& 
c4m pag. 1 64. ex fpatiis' qui bufdam Hypcrbolfcis , qux. ab 
ipioCydomctraprimum obteruata fcint>hoc efl»ex cene- 
htis cocius Geomecrie denfiflimis deduci poife afleric i Cur 
non dciuxic ipfc?Cur alrcri dcduccndam commificfi vd a fc, 
vcl ab ipfo Authore ad cxicum pcrdudlnm fuiffc hunc Tctra- 
gonifmum fuadcrc vcllet. t^x illc, qui didam Rationcm ex- . 
hibucrit , Author Quadracura: > iure dtcicurs^^non itcm qui 
exhibcri poiTc cantumpronnnciaric. 

Obieci fecundo .contra eandem primam Quadracu^- 
ram , candem illam tertiam' Ratfonem ad Tetragonit 
mum nccciTariam iuxca ciracam Prop. 44. Lib. 10. Operis 
Gcom.cx duabus prioribus Racionibus haberinon poflc, eo 

Siod prtma fccuadae>6c fccunda tcrtix ncque fit acquc-multi* 
,^cXf neque a?quc multiphcaca» iicec finguke partiales racio-' 
neshancacque-mttlt]plicicacem,.attc aEqu&«mlciplicacionem 
/dbferucnc. Sed biiittlniodi Rationcs f «cialcs odiendi 
• ' \ Prop. 



Prop.50.lib.i.Exam.iuxtarcnrtim ab Alphonfo de Sarafa 
inconfirmationibusQuadraturarum vfurpacum (qui haud 
dudieipfiusCyclometrse fcnfus eft}pljuiec0e inutiles ad illam 
terriamRationcmobtioeodam. £rgo( concla(i ^o citatts 
locis) nulloin (enfiitertiaillaexpetitaRatiopoteft obtine^ 
ri i nullus cnim prartcr mcmoraros fenfus alius cxcogitari po- 
tcft. Ergo ncc ca mcthodo Quadratura potcft inucniri« 
Huic obie^oni ^ui occourit Quadraturauim intcrpres i 
Ait Authorismentem , eamnunquamfuifle ; vt volucntpri» 
mam Rationem cSc asquc-thtiltiplicatam fecundc ^ tc (e- 
cunda xque.multiplfcata eft tertise ; aded vt a me > qui ih to 
fenfu Tctragonifmumhunc labcm pati dcmonftraui j nc im- 
pctitus quidem, nedum IxfusfucricTctragonifmus huiulmo- 
di.At miror ab co mimmc f uifFe obfcruatum,cum facilc poITet 
obferaart ; nKvtcrnam illamRationcm ad Quadraturam 
haacneceflai:iamobtineri non pofie demonftrauifle » iuzta 
(en(amqucmlibetfacpne(ertim iuxu (en(nm aBqu&multf^ 
pHcationisab Alphon(odc Sarafa ab Authorisorccxccptum. 
Ex quo quidcm Rcfponfo patct non tancum nihil pondcris 
cx raciocinationemea dccra(5tum> fcd ctiamcidcm additunv 
non parum. 

Obieci tandemtertio cirata Prop. 5 o. ad cakem (quo nui* t 
lam forcafle ad rem aptius Argumeiitum vldeatur ) (1 mini^ 
benea(reconis(um(en(iim, quoaflerit Autfior vnam ratio^ 

ncm aliamcontincrc jfic-ex duabusnotis rcrciam innocelccrc 
(quanquam qui non fuerim aflccutusjcum nullum omilcrim) 
adcoque banc primam Quadraturam muiime abfolutaii\ 
perperam pronunciarimVecce citato locoQuzftioncm inino* 
meris propofuiferuatiscondicionibusomnibus a Cyclometrft 
requifitisy In quS ab ipfo exigebam , vt terttam Ratiohem 
ignotam cx duabus datis iuxra fuum fcnfum , nouamquc mc^ 
thodumcxhibcrcc^ Nun<^Uidigitur huius Cyclomccriac Pro- 
'ii ■ '\ " c ^ gugnato 



pugnatoris munus non er at , fi eius veritatem probatam vel- 
lcc I buiurmodi Qyac&ioDi (atisfaccre i oe vllam qui4^m eius 
inencionem fecit : quod nullus iDaduertenciac intcrprctis fo- 
lercilfimi cribuac»fed fummas eam qoarQiooem foluendi diffi- 
colcati 9 auc omnimodx impoffibilicati. Vnde conftec vel 
cx hoc vno Capitc id mco huius prima: Quadratura: Exami- 
ni Rcfponfum , non tantum illud non impctcrc ; fcd non 
mediocritcr confirmarc) ac promouece. Nunc codcm quoad 
xeliquas Quadraturas idem prsftare declaratum pcrgo. 
. Ad fecundamQuadratttram , elque affines duas fequen* 
tcs veluc a fe demonftracum fupponic earum Arcifex eaa- 
dem cffe Proportionem doarum Rationum ; quas (blida qua- 
tuor cx dirc6l© planorum quorumdam parabolicorum du- 
(Slugcnita obfcruant: qux cft aliarum duarum Rationum, 
quas habcntaliaquacuorfolidaex iifdem plani» in fc fub- 
glcerne dudiis procrcataiVC czpofui Lib. 3. Exam. Pro. 9. 
AcQbidenteroffendiProp.i^«& i^.variis Epilogifmis duas 
illas Proporciones nullaccnus efle' aeqtKiies* Occurric iam 
Quadraturarum Propugnator Franc. Aynfcom pag. 143. 
aflercns varios > cofquc valde inxqualcs Epilogifmos nafci 
pofTc cx codcm piano in fc dudto iuxta variam dud:uum ra- 
cioncm;idquc fufioti declarac indu^ionc,fcd mininie ne- 
cedaria. Id enim quis negac* aoc igno):ac?lllud ynum dc- 
clarandumfiierac< cuii}sneincminic quidem) me cx variis, 
ui iniri poflunc 9 elufdem plani dttdlibus dcbito non v(um 
uifrc ad folida conflanda , qux numcris cxhibucram dcbito 
auicm vfum mc fuifTc , pra:tcr quam quod cuidcntcr con- 
fiac loco cirato Examinis , cx ipfomcc coiligitur Prop. 6, 
pag.148. Vbi cadcm ipfafolidaad Quadraturam fiiam ab- 
lolucndam illaipsa mcamecbodo cfformac : quod cum miror . 
non obferuafle. 

. Adhsec. Efto^cademficquacuocilUrumRationiunPre- 

porcio: ^ 
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portiotCur idem Quadracurarum Pacronus niendo ptmu 
niificPropofittonemmeain i8.Lib.5. Examinis hac in con- 
troncrfia fiimmi momemi?In qua aperttifGm^ demonflraui 

cx noca Rationum Porportione Rationcs ipfas ( quod ad has 
Quadraturas omnino neccflafiumcft ) nullatcnus innoccfcc- 
rc polTc. Cum crgo hzc duo a mc addu6ba Argumcnta ad- ' 
ncitus fccundam , cxterafquc duas iolcqucnccs Qjiadraturas 
carnm fauror > vel pon meminerik; » vt fccundum , vel » vc prl- 
munv, fua ctiam authoritatc comprobarit : quid grauius ad 
fentcntiam aduerfus eas ^ me latam confinnai^dam » & pro- 
moucndara defidcrari potcft? 

Ad caQi porro , quam quafi nouam idcm Qu^adrarurarum 
intcrprcscxponit Parte 3. Quadraturs fccunda: Prop. 8. Ac 
(cqucflcibus, quod atcincc': cum iifdcm hindaroentis» quibus 
Quadramra (ecunda proxime difcuiTa nicacur , vt patet cz - 
Propofition^ 9 p^g* 1 5 7 quid de ca , ecfi nullo alio defedii . 
( quod minim^ concedo ) laborarct » ftatucndum fit > mani- 
• fcftumcft. 

Prxtcf has ad Tctragonifmos pertincntcs difficultatcs> 
aliarononleucm circa Anguiorum oacuramadduxiLib.a* 
Examinis Prop.&7. aducrfus fencenciam eximij Cyclomctrijp • 
Authoris, qni przter morcm ( Antiqoiratis cnim (c prflcbci; 
paifim obferuantiflimum) omifTa vettrum Gcomctrarum, 
Gcomctrise in primis parcntis Euclidis, Authoiitatc Angu- 
los quofcunquc omni pcnicus Quaiuitatis iurc carcrc afTc- , 

ruit:nc>inquit9 fcfc ipfa dcftruanc Geomccrica Pnncipia: 
quodconfecuturum probarcnictcnr|>ecico cx Angulis con- ' 
' tingcmic Argutnento. At pneter quam quod itKommodiim 
' tani infigne tot^tamq; fagaciaGeomcrrizLumioa latcrc ha- 
^enus potuiffecredendumnon cft^ Argumentum illud fatis 
cuidctcr infrcgiiTc mihi vidcorcitato ioco,vbiAngulosQja- ' 
cicatis.quiJe vcis if ecic non ciTc coccifiinQi^ co camcnoiuinc 

* ' - omni 
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omniQuancit^iisiurcexciclere contcncli,& apercc demon- 
ftraaitcuiusProbacionis mcx robur haud vUo modo con- 
cuffit Quadraturarum fautor, 6c intcrpres:cum cap.i,de Na- 
curaRacionum^rop.i. U fequentibus^nibil nifi fufiorem 
Prseccpcorisfuifententise expo(icionem affcrac nulla, vt vi- 
dcrceftj raiiocinationis mcx fa6la mcncionc; auc vlla, <quod 
maximc oportcbat, inltitata oppugnationc : Vndc conftac 
hoc eciam Examinis mci capuc non lcuiter conhrmari ac pro- 
mottcri 

Praetereundanoneft h^c iliaycum mazirai fic momenti; 
quarme inter»& R. P.' Gregorium iotercedit controuerfia 

circa Racionum j acProportionumdcnominatores. AfTcrue- 
rat illc Lib.8. Dcfin.i. operis Geom. Rationis cuiuluis folita- 
ric fumpcx , &abrque omni ad alccram Kacioncm rclatione 
nullum dari poiTedcnominatorem. Aflcrui ego Lib. i. Exa- 
minisjpartex..Proponcionis i.eiusgenerisRationis fic foli» 
cari^ (umptc verumdarideoominatorem : quem verolauda- 
tus Auchor denoroinatorem ftatuir;nihil aliud effe contendi, 
quamdcnominatorcm Propofiiionis, quxincci duas Ka io- 
nes intcrccdit : quod cuidcntcr dcmonftraflc mihi vidcor: 
atqueica vifumQiudraturarumfaucotimihi pcrfuadcc cius 
de hac concencionefilencium» quodin nonleucm fcnteorue 
mex confirmacionem nemo non merito interprececur. Im- 
probac vero idem, qiiod cicato loco Afferr. ftacui , nempe 
in Qa intiratc concinua cuiufuis fpccici ; fiucca fit (upcrficies, 
fiuc Corpus iRationcm Dcnoniuiatore^ eflc duarum Imca- 
rum rc6larum fi nilcm Rarioncm. Vulc cnim ( quod probaf- 
fc dcbuic ) duasfuperficies>aut folida duo ,non minus aj^ce 
dcnomiciacoris uiunere fungi, quam xcdkas duas iineas. Quod 
nemo^ qut denominacoris nocioncm perceperit' , ipfi coticcf- 
furus eft. Cum enim Kacionis alicuius Dcnomlnator, Rc 
Kacio omniumKacionum ciufdcm fpccici nocidima,^ hoc fa- 



nc muncrcfungiaptius pofluntnullx duse quantitatcs fimi- 
lcm R ationcm cum dcnominata obferuatcs,quam rcclse 
lincsc, quippc qua: fimplicifrimx fiim ,ncc duplici diracn- 
fionc, vtfupcrficics; aut triplici, vt folida, conftant ; vndc 
impcditiorem nafci necefTe cft earum cognitionem. Et vcro 
quis non vidcat hunc fcnipcr fuiffc Gcomctrarum omnium 
fenfum : cum Rationes aliter nunquam cxprimant > quam 
duabus rcdlis lincis fimilem Rationem obferuantibus. Quid 
Excmpla profcram, cum pafTim obuia finr, ctiam apud Opo 
ris Gcomctrici Authorcmadeoqucipfummct illius Quadra- 
turarum Interpretem ? 

Hscc fuit Gcomcrris quibufdam ,qui, vt initio monui, 
mcamcirca dcfcnfioncm Quadraturarum a DodtilEmo P. 
Franc. Aynfcom contra mcum carum Examcn fufceptam, 
fcntcntiam cxpeticrant, priuatim data Refponfio. Quam, 
vtcuilibct , ira ipfis cumulatc fatisfa<fluram ccnfcbam. Ac 
mca me longe fefcllit fpes. Eccc enim illi ipfi , quorum vo- 
tis vidcbar ftudiofillimc obfecucus , vrgcrc mc, etiam quam 
ante , vehcmentius cocpcrunt ; vt hoc ipfum , quod fuper 
hac diflertationc grauiflima a mc rcfponfum tulcrant perpaH- 
ci, publici iuris faccrcm : ne , inquicbant, vcritati, cuius 
dcclaiandx caufa Examcn horum Tctragonifmorum pri- 
mum fufccpcram , nunc cfEccret filcntium mcum poft ciuf- 
dcm Examinis impugnationcm : quaz apud nonnullos vcl 
minushoc in gcncrc cxcrcitatos , vcl leuius illam ^crpcn- 
dentcs, ipfum vocaret in dubium. Quanquam vcro latam 
in co cxamine fcntcntiam , eius fcrenda: Rationum momen- 
ca,vt cx hadtenus rclatis patct, cuidcntiflima co pcriculo 
vacarc mihi pcrfuadcant : ncfas tamcn duxi data cx animo 
ncccflariorum monita non audirc. 

Quarcopufculum hoc mcditari tum cccpi: quofupcrius 
obiccr annotaca non paulo copiofiiis , enuclcatius, clariuf- 

1 quc 



qde complcms fani » vtaliquacumilignicatein lueem pro^ ^ 
dire , &maioriLc6torisnici , cui impcnsc ftudcojcum vo* 
luptatc , & concipiendi faculcatc luftr ari poflTct. Jllud porro 
paulo tardius tibi cxhibcri ne mirece. Tardius ad nie pcruc- 
nic illa R.P. Francifci Aynfcom Gcomctrica Quadracurafum 
dedu^iotmoranifi cardiore ad Aniiice (atjs tardo occur« 
. rcnteshiinimeleuesdifficultatesperrpiciy&cxplicari potiie* 
re:adde Typographorum pro morc procraftinacioncs ; fcd 
quod longiorcs traxit moras fpes fuit, quam Alphonfus dc 
Sarafa in confirmationibus huius Quadraturie, tum inpra?- 
facionc ad Lcdorcm , cum ad calcem Coroilarij dccimi 
dedic , fore vt Do^ifiimus jpfe harum Quadraturarum 
Author eaiid<;minat(;rjam planion , fttfiorfque explicatione 
profequeretiir : ex qua non parum lucis' tantis difnculratibus 
accefrurum fperari fas crat ; qua peropportunc vti poffcm ad . 
poftrcmam tandcm carum dchnicionemconrtituendam :(cd ^ 
ha(Skcnus huiufmpdi expoiitione a^gerrime lane carco ^ nec 
nifi inuicus ca non obtcnta hanc lucubracionem , qua: moras 
nequit longiores pati»inlucem emitcpr cuiusnidcm hanc 
dcugnatiohem primum accipe. 

Tribus omnino Libris opufculum hoc complcxus fum. , 
Duo priorcs circa moram mcum intcr ExamcnQuadratura- 
rum,& carum Geomctricam dcductioncm a Franc. Aynfcon?, 
inftitucam.9 fcrc coti vcrfantur. Tcrtius data» quam rcfcram> 
occafione iis eft adiundus. PiimusLibcr intres partes diui- • 
di;ur. Prima primam Quadraturam variaquc Lemmara 
tem »d eam > tum ad Veliquas claVe percipienidas necefTaria 
complcditur. Secunda in fccundx Qoadraturas , duarum- 
quc reliquarum difcufTionc verfatur. Tcrtiaillam qua(i no- 
uam Qiiadracurs mcthodum a Quadracurarum inccrprcce 
propofitam expendifr libcr fccundus ad candem .t^uideni 
controtiittfiampertiAet ^ fcd €px circa Angulomm oaturam 

folum 
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iblum verlatarj ac pxCcttiok Angali comicutaris fiue cocitin^ 
gencia;: qui recentioribas aliqaoc Geometris non obfcuri 

alioqui nominis occafioncm prxbuic de omni Angulorum 
gcncrc alitcr & fcnricndi & loqucndi , quam Geomcciias Pa- 
rcns} omnifquc ab co hadcnus Gcomccrarumrchola vd fcn" 
iciic vcllocuta^c } imo & quxdani nobilidima; huius di&i- 
plinae inconcuila fundamenta conuellcndi i (cd immcrito^' 
vc concra Vallifiom agens , apcrcc ibi fum oftcnfiirus. 

HisacccflicLibcrTcrtias, qui in pcrantiqua illa Dinoflra- 
cxaQuadratricc contcmplanda cotus vcrfatur. Qjjanquam 
•vcco canca cum praccedcncibus eius connexio. non apparcar^ 
omni camen nonomnino carcc : cum» pcrinde vc illa, ad cir* 
culi Tcaagoni&ium diucrsa Ucec racione perciheac : ad Cy- 
domachiam ccrte Cpedac , quam verfamus. Me porro ad 
huiuscuruac Lincicfaculcaccspcrfcrutandas vcl maximc pcr- 
mouitalianon abiimilis rcccnrius excogitata Linca , qium 
cxus Auchoribus Cycloidcm placuic vocicarc:de qua cum ma- 
xsmi nominis aliquoc Geomccrz , in quibus haud in pof^rc- 
•mis numcraQ^tts videcur Ancpnius Laloucra noftcr » mira ia- 
ne.diemonftrenc : gcniumiibutc cencarc^meam » 6caa aliquid 
(imile , quod eruerem , in ealacerec , inquirere. Nec me ca- 
pti confilij pccmtuitdcinccps: fiquidcm cam faculcatum tam 
infignium fonccm cfTccompcri ; vc Cycloidcm non folum dc 
anciquicaccei conccderc^ fcd cciam de dignicacc vix cum ei. 
concendere merico videacur,prcfercim cum illamyVC fiio loco 
conftabity vcluc Parcaceai dcbeac ^ciorcerc. QUid quod do- 
cibus infignioriboscum celeberrhna illa Helice Arcnimedae& 
communibus potiatur? Quarc Librum hunctcrtium Gcomc- 
Cf is non ingratum forc confido,hoc etiam rcliquis duobus ' 
fortaiTc gratiorcm ; quod plana, nuilifquc diifcnacionum ia- 
kbris impcdita methodo cradacur. 
V Ne ^uid dcmam 9 quod a^qua Lc^ori mco obefic poffic 

i a ' omitUm:. 
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omittamtmonco non potuiflc Typographiam mc longius 
abfcntc in lapfus aliquot noniricurrercrgrauiorcs ad calccm 
reftitutos inucnics 5 lcuiorcsipfa pcr fc folcrtiatua reftituet 
cum intcr lcgcndum occurrcnt. Figurx fingulis paginis,in 
quibus dc his agitur, apponi non potucrc non fine aliquo in- 
commodo tuo : cui occuurcnt facilc carum tabclla: aliqtfot 
fuo loco anncxa: ; qua:, cum fcrct ncccflicas, cxplicari & con- 
fulipofllnt. Vale&Fauc 
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FFERT ittitio Ltbri lo. oftrisfut Geomctrici 
Geometra in prtmis CUrus R. P. Gregorius a 
S. yinccntio Societ. nojlr^t frofofitioncs altquot 
maioris , quam frirna jrontc apparcnt^ ad cam^ 
quam inftituit, Tctragonifmimethcdnm pcndc- 
ris ac momcnti. Ac prd c&teris inpgnes vidcntur 
feptima., oSlaua., ducdccirna : vndc , vt at- 
tcndcnti patet , cius circa ^adraturas omncs 
ratiocinatiopetiturvniucrfa. Harum porro fun- 
damentum funt ^uinta, Scxta : quas taw pancis complcxus cft laudattis 
Authors vt ex tanta brcuitatc nonntf caligo in rcliquas illas fcquentcs 
deriuari potuerit tam denfa \ vt nec Attthorvs ipfius cxpofttio in fchcliis 
Propofitionis fexta , & o^aud j nec eius dccltjfxMt intcrprctis P.Franctfci • 
Aynfcom in fua ^^adraturarum dcdu^ione clucidatio ita potucrit ahfler- 
gerc } quin nehulii adhuc fatu crajps ojfufx vidcantttr dtfijt propofittones. 
^htarum cum ii ftt , vt iam wnni , in quatuorillas ab Attthore concinnatas 
£luadraturas infiuxu<sjvt eoprdcifo^ prxeidi & ipfas neceffcfit : ixpedif 
eas htc paulo accuratitis expenderc , pr^ertim cum a me in examine ipfo 
^uadraturje^ inta&^t fuertnt pr^ttermiffa ; quippt cui altjtncn dcerant dif 
ficultates proponenda: quatpfas ^adraturasproxime cominus peterent: 
quod tuni ad inflttutum fatis fore vifum fuit. Nunc vcro cum confiimattt9 
»em t fromotionemqtte eorum aggrediar^qus in examine amc funt allata- 
" — ^ . A jte: 
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% Liher L ConfirmAtum y 

nequid yfi fits fuerit ^ omittAm fufer hac vtateriA <J me rurfus aliquaneU 
trA&Andum ( alia. fort^Jfe aitis occurrent fhtatas propojiticnes in difcujjto- 
nem voco : ad^u/trn prxuualiqitotviamflernent, ^ 

• PROPOSITIO I. fhcorema, 

SI lAtionis cuiuruis AB re Thini inucrtatitur, vc fiatnoua 
racio B A. Dico rati:>ncmxqualicatis inccr hafccduas ra- 
tioncs A B , &: B A mcdiam cflfc proportionalcm. ■ , 

. ' Dcmonslratio. . ^ <7 . • • , • . 



B 3 



A5 
Aj 



B3 
B3 



B3 
A5 



Statuatur inter duas ilias rationcs 
A B 6C B A racio asqualitatis A A, fiuc 
B B : cuius fcilicct tcrmini finc intcr 
fe xquales j acqualcs autem fint tcr- 
minis vcl A, vcl B ipfarum rationum, vt fchema refcrc. Quibus 
pofitis. Rario AB ad rationcm xquahcacis AA ica fe liabct, vcfc 
habcc reciprocc confcqucns A racionis xqualicatis A A ad con- 
fcqucnrcm B rationis AB per Prop. 8. Lib. i. Exam. Quadraturjc. 
Duarum cnim rationum A 13 & A A xqualcs funcanccccdcntcs. Rur- 
fus jCumduarum racionum A A , 5c B A confcqucntcs fint .-«qualcs: 
itafehabcbicratio xqualitatis a Aad rationcm b a , vtfc habctan- 
tcccdcnsA ad antccedcnccm b pcrProp.y. Lib.i. Exam. Quadrac. 
Scd vt A ad B ita fc habcre oftcnfa cft raiio a b ad rationcm a A^Ergo 
Ita cft racio A B ad rationem A A , , vc ratio a a ad rationcm b a. 
Ergo ratio a a xqualitatis mcdia cft proporcionalis intcr raciones 
A B & B A : quarum hxc illius ccrminos inucrcic. Quod codem 
fcrc modo probarc licerct aflfumpca alceia racione xquaiitacis BB. 
Quarc fi racionis cuiufuis A B tcrmini , &c. Quod crat probandum,_ 



x^liter idtm frolatur. 



A5 



B) 



C.5 
D>5 



A5 
A5 



Eij 



Eodcm afllimpco fchcmatc fi 
ratio A B ducacur in rationem b a 
iuxca Propol. i^. Lib. J. Exam. 
^ Quadr. gignctur per hanc muhi- 

pUcacioncm ratioxquafitatisC D. At duda in fc rationc arqualitatis 
A A , gignicur cciam ratio scqualicatls E F , boc cft , fatio a:quah*s 
T^uoni C D^x racionc ab ifi rationcmB A duda gcnits ergopcr 

Prop. 
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PromotumcxamenQjtadraturd, ^ 

Prop. ly.Lib. 6. Elem. (ciircnim ca propofuio relatiiiisetiam qunnri- 
tatibus non conueniat ? ) hx trcs relatiuac quantitatcs , fiuc rationcs 
funt continue proportionalcs. Quod crat alitcr probandunv, 

PRGPOSITIO II. neorema. 

Sltiuarum rationum A B , CD arquales confequcntcs B ^ 
Dhabcntiuni termini inucrtantur : vt fiant dua: alixra- 
tioncsBAjDC. ..... 

DicoiJuas rationcs A B, C D proportionalcs effc duabus 
rationibusDC , B A rcciprocc, hoccIt,ica cfle ABadCD, 
vt viciflim D C cft ad B A. ; 



DemonJitdtto. 



A I z C 6 B 4 D 4 
B4 D4 Aix QG 



•rr- 



Ratio A B ad rationcm C D , cu- 
ius confcqucns D xqualis cft con- 
fcquenti B cx ruppofitionc , ita fc 
habet vt Antecedcns a ad Autccc- 
dcntcm C pcr Prop.7. Lib. 1. Exam.Quadr.Rursus , ratioDCad 
• rationem B A , cuius Anteccdens D acqualis eft Anteccdenti B , ita fc 
habct vt confequens a fe habet ad confcqucntem C per Prop 8. 
- Lib. I. Exam. Quadr. fcd vt A adC, ita cft ratio ab adratlonem 
-,v C D , vt oftcnfum cft. Ergo ita eft ratio a b ad lationem C D, v: 
. • " rcciproce ratio D C eft ad rationcm B A. ac proindc. Si duarum ra- 
tionum,&c. Quoderatdemonftrandum. •■ ■ 

Kyiliter fdem frobatur. . -ivi^^ * 

Tam ratio A B duifla in rationcm B A } quam fatio C D dd^fta Fn 
rationcm D C producit rationem nequalitatis pcr prop. antcccdcn- 
tem. Cum cadcm quantitas fiat cx ratiouc a b in racionem b a ducia, 
quar fit cx raiione C D duc^la in rationeni D C : ita erit pcr Prop. 1 
Lib.6, Eiem. prima quancitas a ad fecundam C D , vt tcrtia D C 
^ ^adquartam B A. Qjuodcratprobandum, 

1 PROPOSITIO IH. rheorem^ ^ 

• '.^Vi' rationis A D ad B F Anrcccdcns A D augcatdr aacfita 
Oquantitatc quapiamD C. 

* Dico j^ji.iionem fadi Antccedcniis A C ad cunderh con- 
^ii.., ■ A 1 lc^ucritcirj 
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4 Liber L Confimatum \ 

re,c|'ticntem BF, .-cqnalem cfTc duabuspartialibus rationibus 
A D ad B F , & D C ad B F. 

Demonjhatio. 

Dnx rariones A D ad B F , 8c 
D C ad BF eundem nadae confe- 
qucntcm BF in racionem vnicam 
AC ad BF per vcram racionum 
additioncm coalefcunc additis ca- 
rum AnteccJcnt:Iv.'s AD 6c D C , codcmqiic fcruato confcqucn- 
tc BF, vt oftcndi Prop. lo. Lib. i. Exam. Qundrac. vcl Prop. ly. 
Li b.4. InflirLit. Arichm. Duxcrgorationcs ADadBF,&DCad 
BF parccs funt,quibus toca ratio A C ad BF conflituitur , iifdcni- 
que iimul fumpcis a:q'ialis ciL Q^arc. Si ad rationis A D ad BF 8cc. 
Q^od crac probandum. 

Scholium. 

luucrlc hic quidpiam obfcruare ad quxdam alia non abfimilia, 
qux fcquuntur , ciucidanda non inucilc. Nimirum duobus modis 
Ipcclari polTe quanticacem D C appafi.tam adracionis Anceccdcnccm 
i A D , vc oblcrnari iubct Auchor in primis clarus opcris Gcom. in 
fchoiio Propoficionis 6. Lib.io. primo quidem modo ica vc cenfcatur 
* DC ablbluta, & prxcise fccundum fc ablquc omni ad confeqLicn- 
tcm BF, vcl alium qucmcunque tcrminum comparationc , licec 
tocus deindc AUteccdens A D cx duabus quancicacibus A D,DC 
conflacus adconfcquenccm BF rcfcratur. Vclita, vc eademquanti- 
tas CD rcfcrri ccnfcatur ad cundcm confequcntcn} BF racionis 
prioris AC ad BF : quo fcnfu non cam quancicas C D ad aucccc- 
denccm A C apponi j quim racio C D ad B F, addi ad racioncm A C 
adBF concipicur i rec^ldquc dici poccfl , vt loquicur citarus Aucbor 
tum in hoc , tum in aliis fmiilibus cafibus, quorum infra rccurrec 
^ mentio , racioncm tocam cocius Anccccdcncis AC ad BF, efle ra- 
tionem A D ad B F , & C D ad B F } cx his cnim duabus pcr veram, 
acdcmonftraciuc ftabilicam Additionem cotalis illa ratio A C ad B F 
confticui probaiur : quo fit vc idcntica non fic hn:c Propofitio. Ratio , 
totim ACad B F efi ratio AD ad B }■' , ratio D C ad B F. Ai vcro 
fi quancicas DC abloluta fupponacur j vix idcnticati"; virio carcbit 
cadem ilb cnuntiatio. Quod cnim difcrimen inrer fubicflum fic 
prscdicatum propofitionishuiusobfccuari poccft, vc identica non fic. 
Jiatio totiftf quantitatis AC ad c^nantitatem BF , efi ratio qtf^nti- 
iatis AD cum (^uantitate D C ad quantitatem BF ? numquid idcm 

planc 



Et Vromotum examen Quadrattirx, 5 

• piah^ cfl: , candcraquc mcnti ingcncrac fpcciem , fiuc dixcris 
Tota quanfitAS , A C, fiue {[Hantitas A D cum quantitate DC ? Vcdc 
patccquo (enfu in hac Prop. addi vclim quanticaccm D C ad Antcce- 
dcntcm A D : eo fcilicct, vc Ipfa cciam quancicas DC fnmarur rclaci- 
uciSc vclut Anccccdens racionis D C ad B F i vt potlus rationcs A D 
adBF,& DCadBF, quam fimpliccs quantitatcs A D , DC addi 
ccnfcancur. r 

Obferua fcQundo rationcm A C ad AD, proportlonem cflc ratio- 
. num duarum ACadBF,&ADadBF,vt conftac ex Prop.y.Lib. i . 

Exam. Quadrat. hoceft,ratio AC ad B F ita fc habet ad racioncm 
■ ADadBF, vcquancitas A C fc habcc adquaniicatcm A D Simiiiter, 
~ ratio D C ad A C Proportio cric rationis D C ad BF ( qux cft cxcef- 
fus, quo ratio AC ad B F fuperat rationem A D ad B F ) ad racionem 
A C ad B F. Idcm dicicodc rationibus D C ad A D > & A D ad D C. 
Id porro vcrum cft proptcr candcm rationcm , qua:cumquc quanti- 
' ta^BF ftatuatur confcqucns communis harum rationum ; adco vt 
J tAiio , verbi gratia , D C ad A C fit proportio cxceflus , quo ratio 
' quncuismaior,cuius Anccccdcns fit AC, rationem minorcm Ance- 
i cedcntis A D fupcrat. Nec ex co pcrcclli quifquam debet : nulla cnim 
cftratio, cuius Antecedens non poHic clie AC iuxca cuidcns illud 
Axioma. ^nxlibct qiMntitas /id a/iam quMnpiam qufwtitatenf eandem 
^fu>tejl hahcre rationem s quam quxdam data quantttas habet adatiam 
datam quaatitatem. Qiiod idcm , ac iftud iondiC Trtbus datis quanti' 
tatibus quartam licet proportionalem inuenire. Ea autcm quarta quan- 
ticas crlc BF confequens rationis j cuius Antcccdens erit AC , ter- 
cia data quantitas. Quamquam crgo racionum Antcccdcntcs A C, 

• AD,DC iidcm femper fmt , 8c candcm exhibeant rationem 
> inccr ic comparaci i qux Proportlo cft racionum accedcnte quo- 
} piam conrequentc BF conftitutarum : varix tamcn fucura: func 
^ rationcs pro vario pofito confcqucnte BF. Ita vt , ctfi Proportio 
- AC ad AD, Vcl ad DC cadem fcmpcr rctincatur , caque nota 
' fit : nifi tamen notus ftacuatur confcqucns BF communis ratio- 
^ num A C ad B F A D ad B F , Scc. nihil ex data Proportidnc ratio- 

• num colligi potcft , vnde ipfac rationes innotcfcanr, vnde in Exa- 
minc Qiiadrac. Lib.3. Propof. ^y.argumcntum deduxigrauilTimum, 
quo noux Qiiadratur^ labcficlari vifac- func. Atque hxc , qux 
apertidima funt, hic obfcruailc prodcric>id aliapaul6 impediciou 
aditum paraturaplaniorcm. *r '."^ • 

.• * - A 3 PRO 
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PROPOSITIO IV. Tbitmm. 

Ilfdcm pontfi§:'A(ldica(!:iIicec quanmarc DC mionis 
A D ad B F Antcccdcntcm A D ifi confetjuens B F fccctur 
inEfimilitcrvt ACfccaturin D. " ' 

Dico/ationcm AD ad BE exccdcce raiioacok A Da<i 
BF^fjUioncDCadBF. 

Dmonjlratfo. 

Ciim BF & AC (imiliccr Cc- : 
centur in D &C E : rario A D ad 
B E acqualis erit raiioni A C ad 
B F. Scd ratio A C acj B F cxcedit , 
ratlonem A D ad B F ratione D C ' 
ad B F. Ergo ctiam rario A D ad' 
B E excedic ratiohem AD ad BI^ 




ratiooe^C ad BF. Qiiod etat probapdum. 

ratKxiuin ad cuiidcm confeq dea itt to teda^ ' 
^aii|| iM^iSdiBem.iiiiri pdQle feraato abierius Ameoedente,^ diffil-'^'' 
oulo cdl)(equcnceiuxra Proporcionemdataiumttttlonum. Vtl^ dulb/ - 
rationes ADad BF,&DCadBF proponanturaddeodac : duobus 
id modis abfolui poceric : priorc , fi duos Amcccdcntes AD , DC:./ 
addidocts > fadoque Antccedemi AC eundem ajOiignaucris confe-^^ 
. quencem3 F. Alcero , fi fiat vt vtcrque Antccedens A C ad Af) , ieii^ \ 
confcqucns BFadBE^ crit cniin ratio A D ad B B aei)Ualis radc^ ' 
ni ACadBF. " ' ■ ' " V - 

Eodcra modo a ratlonc A D ad B E fubducetur ratio DC ad B Eir^ 
flfiac vt Antcccdens AD ad Antcccdentcm DC rationis fubrra- 
hendz j ita conlcquens communis B E ad B F i fic B F ftatuatur con--. 
fcqucns rationii , cuius Antccedcns fit A D : crit Lacc ratio, cai qC^ 
rclioquitur fubdu£l.\ rationc D C .td B E a ratioDC A E^ ad BE. P^" 
'batur.Nam cum cx hypothcficoiiftrudionisl " " 
BE ad EF.^ icacntLA C.^iJPt;>r^^ 
ad M4eixl|^^ra^9^ 
Gommuflem fiiDtfadio(ariMdmjftoi>.^nrX.ii 
dcmoiiflvatam. - 
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Et Promotnm examen QjiadraturAl 7. 

" • PR.OPOSITIO V. Theorema. 

SI ad rationis A C ad B E confcqucntem B E quxdam ad- 
dacur quantitas EF: fccctur autcm Antccedcns ACin 
D fimilitcr vt tota quantitas B F fcda cft in E, 

Dico rationcm A C ad B E cxccdcrc rationcm A C ad B F 

jationc D C ad B E. \ '>*^ ^ . 

DcmonJlrMio. . .-M - ** 

Ratio A G ad B E cxcedit racioncm A D ad B E rationc D C ad 
BEpcrProp. 3. &cius fcholium. At ratio AD ad BE xqualis cft 
rationi A C ad BF. Ergo ratio A C ad B E excedic racionem AC ad 
B F rationc D C ad B E. Quarc. Si ad rationis A C ad B E cgnfcqucQ- 
rcm, &c. Qjiodcracdcmonftrandum. . • ' 1 

Scholittm. • 

Excadcm Propoficionis hnius fuppofitionc fcquitur eciam ratlo- 
uem A C ad E F cxccdere racionem A C ad B F racionc A D ad E F. 
•Nam ratio AC ?d B F acqualis eft rationi DC ad E F. Sed racio 
A C ad EF fupcrat ratlonem D C ad E F ratione A D ad E F. Ergo 
cciam ratio A C ad E F fuperat rationcm A C ad B F c.idcm rationc 
ADadEF. -* V - ^ ' . 

^y^'' PROPOSITIO VI. Tlxorema! :' ; 

I ad rationis AC ad BE confcqucntcm BE addarur 
quanticas qua?piam EF : fccctur \icro Antcccdcns AC 
in D, vc cocaquancicas BFfccacurin E. ' ^*- . • 

Dico proportioncm racionis D C ad B E ( qux cft cxccffus 
_ tionis A C ad B E fupra rationem A C ad B F , auc A D ad 
BE)ad racioncm AC adBE, erte racioncm EF ad BE. 
'Proporcioncm auccm ciufdcm rationis DC ad BE ad ra- 
tioncm A C ad B E c(r& rationcm E F ad B E. Ac deniquc 
Inucrtcndo. Ptoportioncm raiionis A C ad B E ad ratio- 
ncm D C ad B E elTc rationcm B F ad E F, 



s 
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Prilna M&tfaioiBk pan fm^ 
battir. Pcopotdoratbnis D C ad 
BEadnooiieiiiADad BEfijl . 
racio ADteceddndiMn «DC aii 
A D per Prop, 7. Lib.> i. Exam.' : 
Quaidrat» cum fit idcm vtriuf- 
^que railom^oonrcquens B£. Sedpor Piopi j. rado DC ad B £ etir 
exceffus , quo ratio A C ad D E fuperac rationem A C ad B F. Ergor,; " 
. ratio D C ad A D eft Proportio rationis,qua ratio A C ad B £ fupcrac 
rationcm A C ad BF,ad rationcm ipfam A C ad BF. Scd vt D C ad • 
A D ica E F ad B E. Ergo ratio £ F ad B£ PrQportioeiidi&cil ra^ 
tionisD C ad B£ad rationcm ACadBF. . ^ 

Secunda pars, quod ratio EF ad BF fit Proportio rationis DC • * 
ad B E nd rationcm A C ad BE eft ctiam cuidcnciflima. Cum ratio- 
num 1) C aa B £, & AC ad BE idcm fit confcqucns BE i carunr 
Proportio ratio cric D C ad A C pcr Prop. 7,. Lib.4. Exam^Quadrat.' 
Sql vt D C'ad AC ita eft EF ad B F. Ergp nftio Ep ad B.F Propor. ' 
cioetiaroeftrationikDCadBEadraiienemAC ad^E.,. . 
' Tecciadcniquc pars eodem modo confiat 3 Nam fatioois A G .44^ 
BE |9^ratiodem D C ad BEeiqi^emcofeiquentisPropoitiof d^ivtlb 
kC vA D.(S Antecedentium per Prop.7. Lib.i. E^offlniis Quadrgr,/ 

vt A Cjd D C ; ita cfl ex bypothefi B F ad £ F..*']^r0o ec2n%ra^^ • ' 
cioBF ad cft Pr^portio racionis A C ad BE ,9d rationem BtC 
ad B*£. Ql^re ad rationis A C ad B £ &c. Q^od eratpnpli^Sfirit^.^ . 

• •^ROPOSITIO VIL Tb^tna. ' 

PR(y>«{itionc|tpinta & fexta Librf m.opcrrij^^^^ 
VQO ff^pru ycrx-,^altaof;j^dicidcl3ij?^fc * 

Percelliierc aliqnot , e^uc ti^njtoc Vijdicj^eortfct^^^ hsedux^* 
Autiidris Cy^tometr^^uifliaki Pr6pofidei|e'9.fQgi c;HnQ&fid&|-* 
taiis tantiim nominc condcmnarunt i Ic3 ciS^etiam /^ifod^KerW' 
nonconfonarc vidcrcntnr , cafdcm explofcrunc , vnaquc cum cif- • 
nouam Tctragonifini pcrrationcs diflimilcs ilnftitucndi mcihodumi 
cuius in Iiifcc Propofitioinibus fundamcntaiaci , ncc fals6,ccnfercnr. 
Quamcandem ccnfuram fane grauifiimamvfcrcfldi , anfani cuilibet 
da(Ct vems 9 vfurp^ri f^linu vcrbonim fenfus > ^uibus ab A u thore ' 

conccptae 
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Et Promotum examen Qu^dralar* 

fcholiispropofitiouum fcxts & oflau^r ^""^^" declaratio m 
pofitio. Eatamcnilorla a'et "n"^^ 

cX^^ *'X" 

f» Crfrf a £ ««frfjr rMti<mcm ACmd BF Taticnt F P .J ^ ^ i j 
bat Autlu,r dcmonftrarionc huiufmodi. ^ £■ Id pro- 

Ratio A C ad B Ead rxtionem A r mA v r 

^CdBF rM.or^ E F ad S E ^ ^ J«t"At ra„o„cm 

■ Hal'e,propofitioncmillartiquintamLibri lo.lvix Gcom l,-,K.c 
&C.U. probafoncm : vtramquc , fi vcrbisftandu Jcffi=ccXs 1? 
fit«.s, vtramc,ucobfcuritatisdcnfiffim.x-condcmnaturus AH n r 
foncm quidcm quodattmc.Qul vcrfi cfl-c po~ " „ p 

r^«d.rcr»t,on.mAC '''l B F^io«e E F Jb E ZZZ c^^^^ ^-r 
lime probatuniffti m<-p,.„„ r " ^ • i^""quiaeujdcmi(. 

»cr m n ) T ^ ■ '"P^""™ . fi antccedens A C fimil; 

«er m D dm.datur , conlcqucns diuifos cft in E ; rationcm A r ^ 
B h exccderc rationcm A C ad B F , ratione D C ad B F "h 
EFadBE''''/;' BEhaudquaquam .^.fv^ l^lLttTJ^^i 
IbDQ&tF""'''" " r '!"^-q""titates A^^C^ BF,at 
lcr^nt? . ■ l' A C & B F proportionalcs . arnua 

les efle contigerit : Tunc enim per Prop. 7. Lib , Fk,„ t!, r 

D C 8c E F ad eandcm B E ratioeadcm futu a cft ' II ' ! '''""^ 
ratioEF ad B E , cxccl&s crit radonis Ar ^Vrp r'^"''^''"'*'" 
ACad BF. At,fi in.quak f^er „?DC 8^ 

ratk) RF «/r F ^ inxquAl.bus j dici nullo modo potcft 

AC ^ HF H '"^'f^' AC ad BE fupra ration^n 

AC ad BK ;H«rcc.rca.praitipropor.tioncmobjici.ment6 ooZ^ 
V^u.d citca c.us probationciu ? Accipc t^"^ 

J....Siftamn. C^„ishorut::;ru^a„"sS;S^^ 
^ , conftat: 



lo ' Lthcr LConfirmatum f* 

confl-ac:n«que enim quemqnam dc rationibus , aut rationum Propor- 
tionibus aeentem nadus fum aliqnando, qui eo loqucndi modo vterc- 
tur.Ecvero quid concipiasjdum alicricur./2>ir/o ACad B E ad rationem 
j1 C adB Fcomparata, effe ^qualis rationi B FadSE fimpltci ohfolutA? 
An nunctiam hnec ipfa ratio BF ad BE ad aliam rationem comparari 
dcbucrat, vt homogeneorum icx defidcrare vidctur ? Aneadcm ratio* 
A C ad B E> quareil rclacionisfundamcncumiperh^ncrclacioncmad 
r^iionem A C ad B F canquam-ceriniiftiiii» vel ai^ecttr, vel |ninui|urf 
vt per aQgin^nosm httiufmoili rel decremenoim , a:c)ualis fiat r|i^t 
i«M^«4fi£ ? Nondebait Vir doaifflmus ( boqidicamcuo^sa^ 
vijp^><f|pijS)^(t]rpai^ (blicoloqiiendi inodp , traftacibdisdf^lHiHe 
teadbdjMwiafJplrcsrWrum.m con finrLe^bonimdifpendiocd*- • 
mulare. VeriliDidcmus fummo Gcomecra:, quod alij ciurdemoip||||||^ 
trri Hbi olim concciTum cenfuefe { vc iciliicct fublimioru difcipUnsiifHil 
my fleria , ne cutlibct ohuia proponerentur, fcd ido.neis. tanti^m eafOi9 
cuitoribus , methodo auguftiori, tenuiqite verborum habit^ ratiotie 
exhibereiic j quo dctcrrcrientur incptiorcs , folertiorcs acccndcreotur 
ad eorumpcricrutationcm. Quamrifuper cicata propoficione infti- 
« tucrc vclimus, haud acgreadmodum Auchorisfenfum afrcqucmur. . 
Agc. Ratio , inquir , A C ad BE ad rationem A C ad B F ejl xqualis 
ratiom B F ad B E ad rattonem BE adSE. Vis nolfe vcrum , & ad 
mentcm Authoris accommodatum fcnfum? Ita hanc propoHtioncm 
vnica addita voce cnunciato. Ratio rationis AC ad B E ad rationem 
A Cad B F Aquatur rationi rationif B F ad B E ad rattonem BE ad B E. 
Vcl proprio vtcns vocabulo ficfare. Proportiorationis A Cad BE ad 
rstmm A CadB F^^UAtur proportiorn rahonis B ^ad S Ead rationem 
Jt£adSE, Velhoc cnam mpdo loquerd. Xstmes AC »d BB> & 
A€Md B F prcpmitmUes fimt rMimihm BFsd BE» & SE sd BE, 
^ Autdeniqtredicrv/ fi htietrMio ACsdBB sd niiknmACM^BPi 
' itm firJnier rMiio BF Md BE^ sd r/Himim BB MdBE. Hifiqoidem 
omoes loqnendi modi idem plan^ fignificant , & (enfiim exprinHtm 
venmi,l|c ad mentem, vt teor, Authoris. Nam proportio racipi^i 
AC ad B E ad rationem ACad BF, cum idcm iit vcriufqueAi|||^ 
cedensAC, eflratioreciproce huiusconiequentis BF adiiliin%6h> 
iequeocem B £ , pcr Prcp. 8. Lib.i.£zam. Qoadrac. fed per y.eiujf. 
dem , Eadcm racio B F ad B E c(l eciam propordo lacionis B F.ad&£ 
ad rationem B E , ad B E , cilm idem Cit vcriufque rationis huius con- ' 
fequens B E. Vcracrgo , pcrfpicua , &cuidens eft fic expofica fupCr 
rioris fyUogiiizu maior piopoficio. Q^\d iam dc ciufdem minore 

Propofiiio 
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Et PromotHmcxamcnQjiadratHri, • ii 

Propofitione lcii Aflumptionc dicendiim , Inquiramus. 

AQumpcioillafichabct. Sed rs- 
tfo BFad B E fupcrat rationem B E 
ad B E , ratiortc EF ad B E. Vcra 
eft, & cuidcns fccundiimfc fpe- 
6laca hxc propoficio , ciim cnini 
duarum ratiouum BFadBE, fic 
B E ad B E idcm fit confcquens 
BE : carumproportioerlt ratio Antecedentis BF ad Antecedentcm 
B E. Etconucrtcndo. Ratio E F (qua;quantitaseft exccfiTiis, quo An- 
tcccdcnsBF fupcrat Anteccdcntem B E } ad B E crit proportio ratio- 
nis E F ad B E ( qux ratio cft exccfiTus , quo ratio B F ad B E fupcrac 
rationcmBE ad BE) adrationem BE ad BE. Vcra,inquam, cft 
hxc propofitio pcr fcfpcdaca. Ac, quis eiusicum fyllogifmi maiore 
propoficionc conncxionem ad cius vim ncccfTariam agnofcercqucat.* 
Maiori'» illius cermini func raciones ipfr proportionalcs, acquc adco 
inccr (c comparatx : ac vero AlTumpcionis huius tcrmini abfoluti func, 
& iccundum fe fumpti, racioncs fciliccc fimpliccs abfque omni ad 
alias rationcsrelationc : qux vcro abfoluci cum rclatiuo conuenicncia 
intcrcedcrc potcfl ? 

Hxc , quac probacioncm Propoficionis illius Qulncx Lib. i o, opci». 
Geom.condcmnarc vidcncur , rl]is coniuncia, quibus inicio propofi- 
tioncm ipfam impugnaui , pondcris latisgrauisad eam pianerejicicn- 
dam cuipiam vidcri poflinc. Vcrum non co fpc<flac ha:c a nic inlta 
di/puratio: abUc vtcanco Geomccrx quidpiamcxcidilfc cenfcamhac 
in matcria non omnino obfcurilTmia ,quod falficacis argui poflic i fi 
tanKn noncx vcrborum,quibus vtirur, vfurpari folica fignificacionc, 
fcd cx cius mcnce perpendacur : vc vel hinc conftet , cum carccris non 
loqui , quamcum carccris non fencire , interdum elfe periculofius. Sed 
cofpcc^lac in primii, vc harum propofitionum vericas ccncbris non 
carcns , fic cxculla fulgcac fplcndidius. iam crgo (enlum propoficio- 
nishuius tum cx ipfij Authore , tumex cius interprctibus craditum 
excipiamus. 

SttratioA C( habct propofitioquinta , dequa aglrur) ad ^t/a/ftifa- 
tem B FJiuifaminE. Dico , inquic iVuchor, ^//o^ ratio AC ad "BE , ex- 
cedtt rationem A Cad 'B F , ratione E F ad B E. 

lamfupra oftendi , fi huius alfercionis vcrba provc fonant,acci- 
piantur,falfimcffe. Neque enim ratio E FadBE ^eftexcclTus ratio- 
nis A C ad B E fupra rationem A C ad B F , fcd ratio D C ad B E. Quo 

B X crgo 



DigitizcL 





ffat>ta ranotiem A C ftd B F f Aedpe ab fplHiKlttthore, qui ii 
fio propoittkiwfex^ iaetsttm ftiam ftpetitlti hxc yerba. jifii 

i^h^t4ll$fi$t£SMiM,mm f^miicmkgMii ftdniime.EF^dBSriU^i; 
tMM Mi^M^J fttdHE, St ps eft fmfm\ fmkixt^us » ^uo rmio A C . 
kd^Bt» faferm tMthmem JCmt^S{fm rxeeffm $ rmto fiFMdBE), 
ivhet Ht^i^ cum fotd rmime^S Fnd B B. NAmrmio SF ad^BEiUm 
tpmf^&kt fMtionem 'BEad BS fMiidite B FjU 9 £. Hxe Auduir |t||^ 
i^uibus hdt^difcrepanteiusimerpretttttiestponciones. -^V^^lN^ 

Vultereo racioneni£T ad B£>quftm a(Ierice(i[eexce(rum ratio> 
liis A C aa B E fupra rationem A C ad B F , rcferri debcre ad aliam 
rationem , nempe ad rationcm B F ad B E. At racio E F ad B E rda-, v 
taad rationem BF ad B£ , proportionem gencrat : hoc eft rationem * 
rationis E F ad B E ad rationem B F ad B E. Vndc noua emerjyit dif-A* 
ficuicas : cuius Author, eiufque Interpreces ne mentionem quidem . 
feccrunt. Qmi enim concipi potcfl: , vt ratio fimplex & abfoluta A C 
ad B E , rationem itcm llmpHccm &:abfolutam A C ad B F fupcrct^ 
rationc E F ad B E comparata cum racione BF ad B E , fiue pt^opor-'^ 
tioneduarumraciohum £F adB£, &BFadB£ ? Nunquidduarum . 
2)yamitattim kistqualium difierentiaeiafileiiicum iiHsdebete^rcge- 
itd$l^l liejbStttitn atrtem cum ablblatO noo pofltiot getieEe coaueDire. . 
AjfliE^tadoEFadBEidataadradQi^ hoc eft,fi> 

lultolji^uaruin rationum proportio, eft exoeillts , quo ratio.A C ad 
B&^bfi^ rationem AC ad BF : neeeiTe cft 'piDpottionem 
i^lrid^l^ l^ DC adBE. Nam ratiolnecDCadBE , illa^ 
e(t , vc Prop. 5 . oftendi , qu^ ratio A C ad B£ faperac rarionem A G^. 
ad B F. At inirfus, qurc zqualicas intercedere poteft ioter relariaoflQ^^ 
l&cabfoiokQni ? His difficukatibus minim^ fan^cbntemnendiiHx:cur»ir' ' 
tttt poteratift vel Author, vel intcrprcres : fi qucmadmodum fationts - 
AC ad B E excefiiim fupra rationem A C ad BF , relatiuum cfic di- . 
icerunt , ita etiam ipfas rationes rclatioascfie a(rerui(rent. Fiaccnim 
alTumpta hypothefi , nihil vcrius ipfa propcfitionc , nihil eius pioba- . 
tionc clarius;Hanccrgo, vttotam diflertationcm circa propofitionem 
illamQuintam Libri lo. Opcr. Gcom. inftitucam optatp cum eucnm, 
tandemconcludamus, inhucmodumenuncio. * 

5"// ratto A C ad auantitatem S F dtuifartt in E.Dico^quod frofortic ratio- 
nis, quA ratto A C adS E fuferat rattonem A Cad 'Bf^ad rattonemiffam 
A Csd BE ifit jqitsiis frofortjot/i rmimis fi F adSE std rmimcm B Fad , 
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2?£ lam propo fitionis huius fic conccptx probacioucm inftitiie lu>c 
codem fcre modojquoiamfupri inftitutaeft, Proportio racionisDC 
ad B E,ad rationem A C ad B E,eft ratio D C ad A C pcr Prop.j.Lib. 
I .Exam; Quadrat. vtriu{c|ue enim huius racionis idcm cfl conlequcns 
B E.Scd vc D C ad A C, ita eft E F ad B F, fcdx fiquidcm fum A C,& 
BFfimiiiter in D&Ecx fuppofitione. Ergo ratioEFad BF, propor- 
tioccramcft rationis D C ad B E ad rationcm A C ad B E. Scd ratio 
DC ad BE pcrProp. 5. eft exccflus rationis, quo racio A C ad B E 
fijperat rationem A C ad B F 3 E rgo ratio E F ad B F efl: proporcio ra- 
tionis,qua ratio ACad BEexccditrationem AC ad BF ,ad ratio- 
ncm ipfam A C ad B E. Scd iila cadcmmct ratio E F ad B F eft ctiani 
proporcio racionis E F ad B E ad rationc B F ad B E pcr Prop.7. Lib. i . 
Exam. Quadrat. conrcquens enim BE vtriquc communis cft; Ergo 
proportio rationis , qua ratio AC ad BE fiipcrat lacionem A C ad 
B F , ad rationcm A C ad B E xqualis cft proporcioni raLionis E F ad 
BE adrationem BFad BE. Qiiod crat probandum. 

Ex his patcc quam piana,&: apcr- 
ta fic cam propofitio , quAm cius 
probatio , fi aptisad capium verbis 
enunciccur. Acquc hadcnus dc 
Prop.5. facis, nunc adProp. fcxtam 
acccdo. 

Non minus harc Sexra propofitio 
Libri 10. Opcr. Gcom. ciufquc probatio, quam proxime cxpofita 
Quinta, obfcurltatc vcrborum laborat } dum vcl alicno ab ipsa corum 
inftitucione ienfu adhibencur , vel eorum aliquoc, quxad expofitio- 
ncm forcnt omnino neccflaria, dcfedu. Vcrum cx iis quacadPro- 
poficionis Quintac elucidationcm aliata funt , facile , cum paria ferc" 
iint , fexta ha:c innotefcec Sic crgo habct ex vcrbis Auihoris , meo- 
quc enunciata fi:licmate. 

J>Ata fit ratio ACnd quMrmtis aliam quantitatm B F dimfam in E. Di- 
fo, \w\\x\ii rationem AC adSf aquari ratiant AC adBE^ minus ratione 
EFadAC. 

Vel dariias , & a<l prjcccdcntis propoficioniscnunciationcm magis 
appo^cCjPiM rationem ACadBE exctdere rationem ACadBF, ratione 
MJ^adAC. 

^ Conftac in primis ali^er , qviam ipfa fonet , inccHigendam cflc hanc 
propofitioneixi i atquc adco velutfaifamcx Grammaticorumplacitis, 
iWA quaeloquioosdccct>rci)cicndam. Qiii cnim verum c0e potcft 
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racionem £ F ad A C « racionem eflc iflafii v.qdt^racio ad B E 
cedic racionem AC ad BF : cilm ill» hanc excedacracione O.Cfil ' 
B E per Prop 5 . huius. An eadem poceft cflecacioD C ad B E , & £ F 
ad A C } occurric Auchor , ei^ue Incerpreces , qui vni aiSerunc 1*0^ 
cionem EF ad A C abfolucam non efle > fed refpediuam ad racionetn ' 
BFad AC. Hucdifliculcacesrecurrunc, qux circa Piop. Qgincun 
occurrerunc. Veriuncecurritetiain earum rolucio , qux per^'pace- 
bicfiaptaadmencem Auchoris, verborumque (ignificacionem fiac 
prepoficlonis enunciaclo Inhunc roodum. 

SttrtUio A C adquoffms aliamquantitateM B Fdiuifam in E. Dico,qti6i 
froportio ratiottis iilius, quA ratio A C ad *BE fuperat rattonem ACad 
^ F( qux raiio , feaa A C m D, vc in E feda cft B F ,eft D C ad B E) 
ad rationent J CadrBE eji eadem cum^roporttone raSionisE Ead AC ad 
r0tiot$em F ad A C. 

Euidensacplanacft propofuionis huius,verbisadmentcm Autho- 
ris accommodacis cxpicila: dcmonftratio. Oftenfum fK^uidcm eft in 
Expofitionc Propoficionis Quincx nupcr allata , proportioncm racio- 
nis D C ad B E ( qua racio A C ad B £ fupcrac rationem A C ad B F 
per Prop. 5 . ) ad racionem A 6 ad B £ i cfle racionem £'F ad BF. Sed ^ 
proporciotacionis E F ad A C ad racionem BF ad A C > eft eciam raito 
* E F ad B F. £rgo proporcio racionis D C ad B E ad racionem A C ad 
B£ eadem eft cum proporcione ractonis £ F ad A C ad racionera BP 
ad AC. Quoderac probandum. 

Exquibus manifcftum euadic quomodo quancltas BE eadem Cic' 
parsqoancicacis B F , qux pars eft rauo A C ad B F , rationis A C acf 
B £. Quomodo item eadcm pars fit quanticas E F eiufdem quantitatSs 
B F i qu.r pars eft ratio DC ad B £ ( qqsc pcr Prop.5. cft exccflus ra- 
lionis AC ad B E fupra railoncm A C ad B F ) rationis A C ad B E. 
£ft eoimratio £F ad B F iilarum rationum racio,quae proportiodici- 
tur } ita vc iuxcaracioncm E F ad B F , denominecui- rationum D C ad 
Bt,&ACad BE, habitudo. Quod aliud non eft , quam quod allc- 
rere vokiic Cyciometrix Author Prop.5. Libri 10. Opcr.Geom* qui- 
hufcumque verbis , provc libuic , vfus fit. 

Eodcm porro iure eadem ratio E F ad BF denominabic habicudi- 
ncm racionis E F ad A C , ad racioncm B F ad A C j qu;c cft ipfa pro- 
pofitio Authoris fcxca ; qua aliud nihil inicndit vel proponcre , vel 
probare lctfi verbisidvixe)q)licct )quam racioiies duasEFad AC^ 
B F ad A C , duabus D C ad B E , A C ad B £ , eflc p ropordooaks.Ac^ 
quchxcfuncomma)qu9cadliarttmduarumPfopoiicionBm Qulncae - 
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& Scxtx Llbri i o. Opcr. Gcom. cxplanationcm occurrcrunc condu- 
ccntia : quibus non ncmini forcalTc facis fatflum fucrit. Ad alias alicjDoc 
gcneris eiuldemproporicioncscxponcndas nuncpergo. ^ 

PROPOSITIO VIII. Theorema. 

NVnquid vera cft Propofitio Scptima Libri lo.Oper. 
Gcomctrici ? Non fane vcra,fj vcrba fpcdcs Auchorjsi 
mcntcnij vcrifiima. Vix tamcn idcncitatis vitio carcrc vi- 
dctur. 

Expofttio *T)oncnstratio. * - . *• 

QUcTnam igitureft ea propofi- 
tio , vc c}ux de ea hic airerunrur, 
c]uo iure allcrantur conftarc poi- . 
fic ? En ip(l\m ad vcrhum mco 
fchcmaci accomniodacam. 

Sit rationis A C ad ^ F , co:ifi- 
qitens B F ,dittiftfs in E. Dico ratiC' 
nem J C ad totam "3 F eandem effe aim ratione ACad BEy^ ratione 
ACadEF. Hxccft propoficio. En dcmonftr.icioncmciufdcm Au- 
thoris. 

Eji ratio A Cad*B Faqualis rationi A Cad B F tnulciat£ ratione E F ad 
A Cper 6. huius. Sed ratto A C ad^ E A C ad E F , aojualis etiam ejl 
rationi A C ad BEdiminut.t fcrrationem EFad A C^iuxta lamdiclatn 
fcholio frdcedente. Jgitur ratio A C ad totam 3 F efi cadem cum ratione 
A Cad^BE ftmul cum ratione ACadEF. 

Ex didis proxime circa Propofitioncm Quincam, & Scxtam Libri 
lo.Opcr. Geom. planlor fict aditus ad mentem Auchoris pcrcipicn- 
dam circaciuspropoficionem 7. hucadduclam , &ciufdcm probacio- 
ncm , liccc a vcrbis long^ alicnam, vcramque percurro ,&cxpono 
vnaquc affercionis mcx parccs fingulas vcras cfie demonftro. Scacuta 
icaquc hypochcfi quod rationis AC .ad BF , confcqucns BF fecetur 
in E , ratto A Cad totam B F , inquit Cyclomccra , eadem efi cum ratio- 
ne A C ad^B E ^ & A C ad E F i Vcl , vt alias loquicur , ratio A C ad 
B F conflituttur ex rattonil^tts A C ad B F, (jr A C ad E FiWc\ , vz nnn 
(cmcl pronunciac , ratio A C ad B F contmet rationes A Cad BE , cr 
ACadEF.' 

Quo loqucndi modo, quis nonftatim concipiat Authorem vcllc 
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rationem ACadBF conftare , fiuc confticuicx <luail>u$ rationfbtS 
A C ad B E , & A C ad E F tancjuam vcris 6c homogcncis partibus». 
vcl rationem A C ad B F continerc rationcs A C ad B E , & AC ai- 
E F , vclut totum continct partes propric uidai, bi pofitiuas ? At long^i 
alius , nc dicam plancoppofitus, cil Authorisfenlus. Raciofiquidem' 
A C ad B £ maior eft , <^uam. ratio A,C ad D F > diciqu^ verc poteft 
eam concinerec^vpquam parcem , & ex veluc parce condituj. Ad^r 
ricergo QycbmetrasTciDfchQl^oPrqpQr. 6. indicac^ raciooem AC 
ad B F » di^ confticui ex rationibus A C ad BE , ic A€ ad EF>: iic^(' 
( iiijaeriis tecipinis hunis rationiB } lede diceietur ratio BF a4.;AC^ 
codlitui6x.du4>U8ratm9>itsB£.adAC,^£F ad AC. At pac&f 
tanci yiri 4i¥<VP > loog^ ^iter radoiuec BF ad AC conilitusiir em\ 
racion^bo|;B £ ad A C , E F ad A C i quam conftituatur catio A 
adBF'exracionibusACadBE,& ACad £F. Ratio enim 3F ad 
A C) racioncs continet fi£ ad AC>&£FadAC -canqoaip pttrtet • 
propric didasj&exeisconfticuicursqoiaveie^mbx in irnam ratioi»,? 
nem B F ad C pcr veratn additionem colliguiiicor^ quac abfoluijur ' 
additis Antcccdcntibus BE & £F, vtfiac AntecedensnouusBF, cui' 
tribuatur idem confequens AC. At vcro , cumduarum racionuaEbi. 
A C ad B E , A C ad E F , confcqucntcs B E , & E F adduntur , 
muiquc additicidem Antcccdcnti A C aflignanturi ratio gcnita A C 
ad B F , non confticui , vel coalelcere , vcl componi dici poieft^abfque,, 
abulu vcrborum Lcdorifquc dcceptione , cx rationibus A C ad B E,, . 

A C ad E F i fcd poiius alcerutra , vt A C ad B E per alicram A C ' 
ad EF Jcriiui, rerolui, minuiquc dici dcbct j & quidcm recundiim ra- . 
tionem E F ad B E i clatam ad racionem BF ad!B£ 3 vt Authoris dc. - 
iinrc propoHtio quinca fuperii^s explicata i vel vt vult (eKta , recun*,^ 
dum rationem £ F ad A C relatam ad rationem BF ad A C } ant /er : 
cdMiHa eanim vtraniroquc p 1 uportionem , quae ratio £F ad BK n 
Hacc enim ratio efttaii^Antecedentis EFrationis £F adB^£,*ad i 
Ai|^ei^dci)tem BF rttdonis BF ad B £ $ qu^m rationis£F ad A'Cii:; 
facionis BF ad AC » vttatec : vtrammque-eismilisutimiiufovn^ 
iidem funt Antecedentes C F 8c : quorum ratio, eftprnponioea.^ 
rom^per ]Piop.7.Lib. 1 ..Exam.Quadrac Sicut & aiianim quaramcom;^ 
^ue ratioiiiHn , quarum idem (latuatnr coiireqoeiis qoicomqoe, An^ ! 
teeedcnccs vero fint EF , & BF. Admictenda ergononefit vt vera:* 
prbpofitioilta fepcima Lib.10. Oper. Ge6m. Hfola acccndacor^vett^ei^^p 
jcugii«jf|^^ms ^primicnr , pcoprta (jgntiicatio : Admictenda aucem^ ■ 
eric vc^^mia * B , n par dft Vbabeatur ratit» tciiM^isuii^h. Qui bi2 
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diim aircric rationem A C ad tocam BF , clle radoncm A C ad B E, & 
A C ad E F i nihil aliud ipfc , nihil aliud cius intcrprctes fignificari 
volunt , quam racionem A C ad B E pcr acccflum , non quidcm ra- 
tionis AC ad EF ( fic cnim incclligcrccur racionumadditio, quod 
longc longius iidcm fcmpcr , quocies fcrt occalio , rejiciunc ) led pcr 
acceirum quancicacis EF prapcisc &: ablolucead confequenccm B E, 
racionis A C ad B E. Quo fic , vt eadem racio A C ad B E minuacur 
iuxca racionem , proximc meraoracam , quam habec E F ad B F •. ica 
vtcx rationc AC ad BE , per additioncm quanticatis EF ad confc- 
quenccm B E , fubcrahatur racio quxdam , quas ita (e habcac ad racio- 
nem ipfam A C ad B E , vc E F fe habcc ad BF : Qux quidem racio 
fubcraclia alia non cft in hoc meo fchcmacc , quam racio D C ad 
BE , ex fuppoficionc quod AC fimilitcr fccetur in D , vt fccatur 
B F in £. Hxc enim ratio D C ad B E ita fc habcc ad rationcm A C 
ad B E , vc D C eft ad A C per Prop. 7. Lib. i . Exam. C^uadrat. hoc 
cft, vtEF ad BF, fiuc vc ratio EF ad BE, cftad rationem BF ad 
B E j auc eciam vc rario E F ad A C ad rationem B F ad A C , vc aflTc- 
ricur Prop.5.& ^.opcris Geom. nupcr Prop.^. cxplicaca: &, fi ea- 
dcm ratio fubducatur a rationc A C ad B E , reliqua fit ratio A D ad 
B Ej qux a:qualis cll rationi A C ad BF genicac pcr addicionem quan- 
tacis EF ( qua: maccriaiicer tantum cft confcquens racionis AC ad 
ad EF , vcipfemec Auchor fupponit ) ad B Econlequciitcm rationis 
A C ad B E. Ex iis patec quam longe abfit a nacurali , vfurpariquc 
folico fcnfu Airertionis huius fepcimacLibri lo.Oper.Geom.qua di- 
cicur ralfo A C ad totAtn B F ejfc ratio AC ad BE ^(jr A Cad E P , vel^ 
exhis amhahHScorhjlitui , veL eas continere j Scnlus Authoris : dum hic 
fcnfusfubtraclioncm,8c diminutionem ianuici illc vcro Additionem, 
& augmcncum propric 5c aperce fignificac. Clara crgo cftprior Pro- 
pofitionishuius pars. 

Nccminus aperca eO: pars ciuf- 
dem portcrior , qua allcrui Propo- 
fitioncni illam lcptimam Lib. 10. 
Opcr. Geom.iuxca lcn(um Aucho- 
ris proxime expoficum accepcam, 
idencicacis viiium , acque adco in- 
vtilitatis notam cfFugercvix poiTc. 
Cum cninicitatoloco aficritur ab Authore , rationem AC ad cocam 
BF , cfle racionem A C ad B E , & A C ad E F j altcrum e duobus i 
admictat neccflccft. Aucenim vulcharumduarumracionum ACad 
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B £ , A C ad E F confequentcs BE & EF , vt diftinaos , nullaquc 
qiiancicacis vnionc coniunclos confiderarijaut cene coniunclos fimul 
concipi dcbcre. Non primum 3 {icenim,quod ipfc rcijcic , alTercrct, 
ncrnpcracioncm A C ad BF , xquiualere duabus racionibus partiali- 
bus A C ad B E , 6c A C ad E F , rationem cocalcm A C aci B F per ad- 
dicioncm integrantibus , & vcroid falfum oftcnfum cO:. Aucccrcc 
vulc (quod idcm aflcric , & non femcl inculcac , fxpiufque repetunc 
cjus alias citati intcrprctcs ) duos illos confcquenccs B E & EF vt vni- 
tos fumidcbere, 8c quancit^cm E F canquam abfolutam apponi ad 
conlequcncem B E racionis AC ad B E , pcr quam appoiitionem fiac 
racio AC ad BF. Ac quarro , quid difcriminis imer fubicdum, & 
prredicatumliuius cnunciacionis obfeiaiari poteft ? Ratio AC ad to- 
camBFcftratio AC ad BE audamquantitate £F ?Nunquid toca 
B F cadcm plane cft: cum quancicate B E &c limul E F?Quam concc- 
ptioncm animo ingerit prxdicatum hoc, ratio A C ad BE chm E F, i ^ 
(ubiccti huius , ratto A Cad totaru B F, conccptionc diucrfam ? Ergo 
idcm per idem cnunciatur in dida propofitionc j quod aflcrui. 

Confirmacur idcnticusillc propofitionis eiuldcm fenluscuidcntif- 
fimccx probatione ipsa Authoris , qux plane idcnticacft j fic enim 
habct. 

Hatio A Cad BT dqualis e(l ratiom A C ad B E mitlftat^ ratime E F 
ad A Cper C.bnius, hoc cft, provt ipfc Author intelligit , vtProp.y. Cx 
ipfomet dcclaraui , muldatx rationc EF ad AC rclata ^d rationem 
£ F ad A C i Ncque enim raiio E F ad A C fubtrahitur a rationc A C 
ad B E , vt ratio A C ad B F , auc ci aequalis A D ad B E rclinquacurj 
fcd fubtrahicur racio D C ad BE , vc clcato loco oftendi , qux ita /c 
habetad rationcm A C ad B E ; vc ratioE F ad AC (c habct ad ratio- 
nem B F ad A C. Hxccft maior fyllogifmi Propofitio , ha:c cius cxpo- . 
litio. Minor autem fic habct. ' • r 

. Sed ratio A C adB E , & A C ad E F y etiam ^qualis efl rationi A C ad 
B E dimiautx per rationem £ Fad A Ctnxta iam dtBa in fcholto prAceden- 
te. At fcholium illud aliud nihil cft quam ipfamct Prop.<J. quJC in eo. 
fufius ab ipfo Authorc cxplicatur , vtex cius mente retuli Prop.7. fu- 
periorc. Vult icilicct rationcm AC adBE, cuius confcqucnsBE 
augcatur pcr appofitionem quantitatis E F , quac cft materialitcrcon- • 
fequens rationis A C ad E F ( nequc enim formalitcr habetur vlla ra- 
tio rationis Hlius AC ad EF , cum cius confequcns £ F additur ad 
confcqueutcm B E ) vult , inquam , rationem A C ad B £ per additio- 
ncm quanticatis E F ad confcquenccm B E , vt fiat noua ratio A C ad 
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^fi^fl^afemilflbracioni AC ad R E , muldant racioncEFad AC> 
^ ; itfiiirfad raxidQfm BF. ad A C : vel muIAatac iuxca rationem £ F ad* 
SFl^tliue eft proportio ^ vt fupra expofui , rationis £ F ad A C ad ra- 
Mi^^jdkti^ F ad A C. Nihil ergo aliod hxc AfliimpttaooacifietV^u^m 
ciifl^e^Ty^ogirmi Propoilcio Maior : ead^mque{prxcerea c(l vcriui^l 
qtfefiums Propofitionis probacio, ipfa fcilicci Propoficio^. Lib.ios 
Opcr.Geom. ad Maioris probacioncm citata i & ciurdcm Propofitio- 
T\\i fi.fcholium Allumpcioncm probans;quod aliud non cflcjuam ipfa 
.jProporitio 6. clarius cxplicata. Cum igitur 2c Proporitionis ipfius fijb- 
ie^um idem eflecum prxdicato oftcnium fit, &: eadcm Propofitio 
<j/*£ibri lo.Oper. Gcoitietrici tam ad maiorcm fyllogirmi propofitio- 
"'•fletn^probandam airumatur, quam ad Aflumptioncm i quodnam pro- 
'^fitionis illius (eptimx Libri i o. Oper. Geom. identitatis Argumen- 
ciiin apertius haberi poteil ? Certum icaquc, ac Hxum efVojpropofitioo 
. «li^Siiiltam veram quidem nonefle > fi , qmbuscxpriiiucur verDis,coa- 
: ^jilllifc^^^ciiffiinam aucem, fi fenTus atcendatur Audhoris : fiid iu 
^^leidH^bam <fid debere ) Tt cominu6 idenctctf'} ade^UjC inucitis dtd 
r^l^K^, Qttodli^ propoim 

Im6 tam graue , qu4m qood in > ' 
hacmateriagrauiffimum reperire 
eft. CoiligiQir enim cx Hac meA 
propoficione o^ua , qua Pro^ 
Htioneiny. Lib. lo.Opcr. Geom. - 
Identitatis vitio laborare mihi vl- 
deor cuidcntcr oftcndilTc i ab ca 
. iabc immuncm minime futuram Propofitioncm o(flauam eiuldem 
••Libri lo.Opcr.Gcom.vtpotcqux ex illa probctur,aut etiam ( quod 
■ampliuseft ) adcandemreducacur, vt mox apcriam. Cum autem ca 
^ropofitio odaua , fit vclut primum , cui tota harum Quadraturarum 
tnolcs incumbit, fiindamcncum \ nx illx omncs in periculo iam indc 
vcrfantur non Icui. Quod ne tcmcre aflcri vidcacur , cn iUam Pro- 
poficionem , eiufquc probationem Authoris ipfius vcrbis meo ichc- 
' f^aci accopimodatis expre0am. • c 

'Gmr^^imsAf^idBPtmMimm^tt^ tmfiiifmsiiuifi, 
J (i fi^§t}0 tbM» Bito mionem A C^B F ttmMtm ^ «mp ri^tm AP 
CiAni ir A»&im F, ^ fiidBt. Quo4 Qcigffi Propo- 
\lilam^.deiA0«Aftt: «i^ A1>^ BBMitM rMiim P 

^ Q ^ AD 
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Liber I. Conprmatum , 

' iid£T,&I>CiidEF prenndem Prop. dqualu efl raticm A C sd 
E f. Itaaue , cum ratto jiCad BE vnk citm ratione ACadEF dqaalis 
fitraticr>t totius AC ad totam BEfer Prop. 7. p^f^f rattonem AC ad 

5 f.quari quatuorratioffihus ADadBE, D C ad BE ,& A D ad Ety 

^ Admittcndum fane eft duas ratloncs A D ad BE , D C ad B E 
xqiialescflc pcrcitatamProp.i i^.deProport. vcl per Prop.v.Exami- 
fiis mci Quadrat. rationi AC ad B E : ficut 5d duas A D ad E F , &: 
D C ad E F , arquales rationi A C ad E F. Fit cnim vtrobique duarum 
rationum cuiiuem confequcntcm habentium vcra additio additis 
Anteccdcntibus.At ver6,cum iuxta7.Pr0p.Lib. i cOpcr.Gcom^affe- 
ritur hafce duas rationcs ACadBE,&ACadEF xqualcs eflfc ra- 
tioni AC ad BFi catenus id verum cflc admitti debcc, quatenus 
idcntica cft iUa Propofitio , fi cx fenfu Authoris incelligatur , vt inrcll»- 
ei pareft : hicenim meruseftcafusiilius citatx Propolitioms fcptimx 
Authoris,quamhacPropofitione 8. cxpolui. Vnumtamenhic ad- 
huc moncndum duco , poffe fcilicct quempiara , nifi aduertat , hallu- 
cinari-coquod eodcm modo,iifdcmque verbis vtatur Author,dum 
ait rationespartialcs ADadBE^CDadBEj aut A D ad E F , C D 
ad E F, candcm cffe rationem cum ratione totali A C ad b B,auttoiaIi 
A C id E F, fiuccx iUisconftitui,quod iuxta propriam,& vfurpari foli- 
tam vocum fic;nificatioDcm cft vcriflimum:ac, cum ait parcialcs ratio- 
ncs A C ad B E,&. A C ad E F candem cfle rationcm cum totali ratione 
A C ad B Fiquod veru cflc ncquit iuxta vcrba fcd tantum iuxta mcn- 
tcm fcnfumquc ciufdcm Authoris , ciufquclntcrprctumiuxraquos, 

6 quidcm vcr^, per accctfum rationis A C ad E F , ad r.iuoncm A C 
ad B E , additis confequcmibus B E , 8c EF , vt fiat ratio emfdcm 
Amcccdentis ACadconflatum confequcntcm BF, minuitur ratio 
A C ad B E 5 &,quemadmodum cxpofui , &. cuidcnter demonftraui, 
identica ftacuitur Propofitio , dum aflcritur totius Anteccdcmis AC 
ad rocum confcqucntcm B F efli: rationcs A C ad B £ , & A C ad E F. 

Cum crgoca fit Propofitionis odaux Libri 1 o.Oper. Gcom. caula, 
vteam idcntitatis vitio , non fccusqujim fcptimam condenrinari 
ceftc fit-quid de Prop.i z.ciuldcm Lib.ic.cuius robur ex ilia S.totum 
hauricur, cenfendum fit, facile poteft quilibet arftimare. Q^ianta 
vcr 6 fit huius toiius Quadraturarum methodi ab hac PropoCtionc 1 2 . 
dcpeiidemia ncminemlacere poceft prxcercum,quine pr.moquidcm 
intuitu hanc Geometrx doc1ifl*imi tradationem delibant. Hujus 
fiquidem Propofitionis memio paflim ita occurritj^xix vt vUa Propo- 
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fjtio ca carcat , aut carcre polfit: vc illa hic omltti nondcbeat, tum 
vt labcs , quamineam ex Prop.7.6c S.dcriuariafTcrui, agno(catur: 
tum vt faciliiis ,cum opusfucrit ( opus autcm crit fxpius ) confulatur. 
i^En itaque camcx Authorc afTumptam , & inTcricm Propoficionum 
icarum acHbitam. 

PROPOSITIO IX. Theorema, 

Slnc quatuor ordincsquinquccontinuc proportionalium 
quanucatum ABCDE. FGHIK. LMNOP, 
Q R S T V i quarum vltimnc E K , P V , fint xqualcs. 

Dico rationem duarum primarum quanticatum A,F, 
iduorum priorum ordinum , ad duas duorum pofteriorum 
ordinum quantiratcs L,Q,totics contincrc rationcm dua- 
rum tcrtiarum C, H, ad duas tcrtias N, S i quotics b^c ipfa 
-atio duarum tcrtiarum C, H, ad duas ccrtias N, S,continct 
•Tationem duarum quartarum D, I, ad duas quartas O, T. 

Demonflrano. 

Ratio A cum F ad 
L, Q, Kquatur rationi 
Aad L, AadQ^&F 
ad L, F ad Q^per Prop. 
8. Similitcr. Ratio 
quantitatumC, Had 
N,S xquatur rationi 
Cad N,CadSi&:H 
ad N, H ad S. Simili- 
ter rurfus,ratio Dcum 



B8. 
Gi-j. 

M 64. 
R1Z5. 



C4- 
H<?. 

N 16. 
S 15. 



A j6. 
F Si. 

L 1^6. 

QiM - 
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D I. 
I 3. 

O4. 
T5. 



Ei. 
Ki. 

P i. 
V I. 



l,adO cumTacquatur rationi DadO,DadT, &I ad 0,lad T. 
Ei-go, quocies rationcs A L, A Q» F L, F Q^continent rationcs C N, 
C Si H N, H S : fic quotics hac contincnt rationes D O, D Tj I O, I T: 
Toties concinct ctiam ratio totalis AF ad LQ^ rationcm C H ad 
N S : & hxc ipCa rationem D I, ad O T. Sed pcr Piop.17. ProgrcflT. 
ratio AL continet per multiplicationem bis rationcmC Ni hoceft, 
ilbcft huius duplicata: SCratioCN continet bis pcr multiplicacio- 
nem rationcm COrratio quoquc AQ continetbis per rruktplica, 
Moucm racioncm C S : 5c hxc his rauoucmD T, atquciude rcliquis 



C 3 



Ergo, 




Ergo quotles ratioquanticacum A F ad LQl^cqiidai^^^^tatibfiem quan- 
(itacum. CH a4 N j nfjriCijf' h^iTllf^ r^^^o quantlcatuni C H M^J» 
contlncc ratttnuan^ ^ua^imtjiiA^ 0^ s|j^ O ^^ijbod/ ' ^ 

SchoUujfi. 

Cum Propofitio Kxc eiu^ue denionftracio ca fit, vc nuper mouui, 
cjc qna prx cxteris haium omnium Quadraturarum conftrudio acfti^ 
mari dcbet i quxdam circa cam obfcrLiarc necelIecll,quacnon part|C^' 
luciscoti huic tra(ftaii()niruncallatura. v ' 

Primo quidcm occurric attendcndum. Cum totum cius roburac 
momcntumcx Prop.8. hauriatur, vc cx cius dcmonflracionc pat<^c, 

inqua odauaillaPtopolitioadducicur» caquenondubio, vtoftcQ^cim 
eftyidencicacis vmolalx>rct:patetquanti ^icndum iilud lic. Idenci^ 
tas cert^ PropofitfoQis aiicbius , vt nemo noniiouit » iAutilicacis atg^ ^ 
mentumeftmanifeftiflimum. . 

Sectmdo.Non mediocriter iuuerit hk obiterob(erualIel, qu^^^" 
oe dodiiSimus Geometfa quadrpplicem illamTetragonirml cMWjt 
dqm^dequ^Libro lo. di^it» huius.ope Propofitibnis fux i^» htfi 
Prop. ^ me recitatx inftituerit , promouerit, perfccifl&}ue fc (enfer^ 
Haccrgoyi^ inftitic. Propo{lcioncmhanc,vniuer(alem vclut thefiiiii , 
adhypothefimrationuiD} quas folida quauiam partiaHa vnum quod- 
dam (oiidum fimul vnicaconflanc , reUocauit. Obieiuauitfciliccc , & 
quidem acuciHimc , parcialia folida quinque continue proportionalia 
omni multitudlnc numerofiora , (, qux exhauftionibus infcruirent) 
conimque primam quantitatcm in omnibus ordinibus cfTc jequalcm: 
tumexipfisfimul additisfolidatotalia conflari ,qux ad alia iccra tota- 
h*a fblidacx alii^; partialibus lolidisgcnica rcFcrri polfcnc. Airumaraus 
quatuor illosordinesquinqucquanticatum proportionalium fchema- ' 
tis fupcrioris, quatuor efle oidines folidorum partialium > quorum 
duo priorcs fimul»hmul itcmduo pofteriores addantur additis fblidis 
homologis, fibique corTefpohdencibus iuxta Propofitionis hypott^e- 
fim. Ad ha:c inueftigauitac decerminauit Author i^Icrciffimus, quaa-'^ 
titatem dtuorum pridrum folidorum tocatium vtri^fque. ordiiiils.: 
nempe iblidi totalis A F, dctotalis L Qj Quorum iUod ez paitialibgs 
A £c F > iftud ex partialibusL» & Q^vntcisooaflaturrquanjEicacem 
ItemduorumtotaliumrolidoromCH» NS< Hacaatem.lMlidonBiQi . 
quatititatecogniti^^ nota condnu^.eusdk eorumdea.M(k^cuQi'i^ 
rioAFadLQj&CH&NS. 

Hiseo&fque eximio Cydomdxi accoraciffiirt pfomotb» ft> 

" ' pcitrae 
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pcrcrat tertia ratio {blidi D I ad O T inucftiganda : qux fi obtlncretur, 
ipfe primus Quadraturx abfolutx modus ( ad rcliquas cnim quid- 
piam|prxterca haud admodum difficilc dcfideratur ) conftarercui- 
dcntcr. Hancporro rationcm tertiam DI adOT alTccutus fibivi- 
fuscft Autlior ( atquc vtinam , vt prxfcfercbnt argumcntam , ita 
comprobairct rci vcritas ) vbi dcmonftrauit primas omnes rationcs 
artialcs A ad L, A ad Lj F ad L, F ad Q^toiies pcr multiplicationem 
ontincrc fccundas partialcs C ad N, C ad S, & H ad N, H ad Si 
quotics h.Ytplx fccundx continent tcrtias D ad O, D adT, & I ad O, 
i ad T: fiuc, vtin {pccicloquar , vbi dcmonftrauit primas fecunda- 
lum, lccundasautemtcrtiarum efte duplicatas jacdcindc notas cfle 
totalcs quantitatcs, qox tum cx primarum , tum cx fccundarum 
partialium terminis additis gcncrantur , atque adco rationcs tum 
' rimarum ad primas , tum (ccundarum ad fccundas totalium ad 
otalcs ; ac demum harum duarum rationum habitudinem , fiuc 
proportioncm. Harc , inquam , omnia poftquam dcmonftraiiit 
circaprima^ &c fecundas rationes, tum partiales, tum totalcs : nilif 
vcrofimilius vidcbatur , quam fccundas totales ad totalcs tcrtias 
ira (e habcre , vt primx le habent ad fccundas : cum partialcs 
lccunJas ad tertias partialcs codem modo lc habcrc ccrtum fit,vt 
primx fc habcnt ad fccundas j fint nimirum fccunda: tertiarum 
duplicat.r , vt duplicarjc lunt primx fecundarum. Atquc hac vfum 
ratiocinationc Cyclomctram fubtilifilmum ad dcfinicndam tcr- 
tiam illam raiionem totalem D I ad O T , qusc dcfidcrabatur ad pri- 
mam fuam Qiuidraturam ablolucndam , conftat ex demonftratione 
Propofitioni-- 44.Libri i o.Oper.Gcom. quam concludit in ha:c verba 
um not£ ftnt prima cr jecunda ratio , totalcs fcilicct fchcmatis mci 
F ad L & C H ad N S. Nottm quoque ejt quoties primafecundam^ 
ontineat j ac propterea notum quoque cjl quoties fecunda contineat tertiam. 
taque, cum fecunda ratio CHad NS, nota fit i etiarn nota erit ratio tertia 
I ad 0 T. ^lmdcrat , \n(]u\z^demonftrandum. Dcmonftrandum fiqui- 
cm crar, quod citara Prop. illa 44. afterebatur > nimlrum , notam ejfe 
ationem tertiam DI adOT. Quodcuidcntcr probatum cfTe Icnfit cx 
o,qu6dnotum forct rationem primam totics continere fecundam, 
uotics fccunda contincrct tcrtiam j notarque pr.xterca forcnt prima 
fccunda ratio. His cnim pofitis tcrtiam rationcm ignorari non 
pofic ratuseft j vtpotequx forettcrtia duabus primx &(ecundxno- 
is proportionalls , cuius dctcrminandx modo nihil notius clle fcirct; 
uc volueric (fuam cnim mentem fupcr hac re non apcruit , quod 

optandum 



&4 I^CmtfimiMm^ 

optandhmi ei^at ) priniafii neionem cocies cotttinere lecmidaar 
fnulcipUckatetn > quodes (ecittida |^ ntfktplScicacei» concinct 
tiam , quo mfai&disabcK prioeMC K fecnndaB nocis cereia racio pr^ 
portionalis efl|^adkingenii^: fibe toteficknc primam Gontinci;f« ' 
cundam cocies per muIciplicacioqcQ[i>, qnoties fccuiKia comiofl^ 
ciam s hoc enim in £nifu non deeft eriittn ars ex duabos notis racto,: 
bus certiam ignoiam inuemeodi I vc 4me in Examine Quaii|S9»:i 
oentaeft. VcmirariiacisnoopoffimF.Ajrn&omairerui(re>non 

non iacdi Quadracu|g 
ram primam A 
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ns 5 red nc pcti 
dcm,dum quxncalcSJ* 
finitaque eft ratio tecy^ 
cia , cuius (ccunda fo- 
rcc fiue xquemultir 
plex, fiue xqucraulti- 
plicata, ac prima fe- 
^cunda: , vt a me prae- 

llifciimeftLib.2. £xam. Quadrat. Aflcrui^icem ,certiam illam ratio- 
nem ignocam , nocam euaderenon po£fe nifi per ipacia byperbolic^ 
boc eft , per eoctos Gcomecria^ ooculcilltma myfteria : ade6que afl&f 
uifle , quod magis mir&re % Auchorem (uum, qucm ioterpretacur , 
iili Prop«44. Libri i o. pronuncia^e quidpiam,fu£que argumencw^ 
nedemonriratumaffirmafie,quod minime demonftracunidlecoil» 
ftaret > cum nufquam fpatioram hyperbolicorum mcntio vlta inei 
demonAratione ab eo fada fit,fine quibos idpracftari non pofTcc: 
qood vitionon leuifummo Geomctrx non immeritb vcrcerccur. Sed- 
hgtc obicer ex data occafionc hic vclitandi lantiun gratii dida (inc»- 
quibusplura in hanc remfuo ioco acccflura funt. £x hiscamen uoh 
leuicer quod hic agitur, confirmatur 5 Propofitioncm firiHcet 1 1. Libri 
1 o. Opcr. Gcom. hac mca Prop.5?. rcpcticam haud quaquam vcilcm 
eflc ad Quadraturas cum omncb , tum niaxime ad primnm 3 cum per 
eam finc Ipaciorum hypcrbolicoium ope innotcfccrc non poflitiuxca 
doclinimi interprccis (enicnciam , ccrciaracio adcam omninoncccf. 
faria. Scd prac cacccris grauem Propofitionis illtus defcclum arguic, ' 
quod inueftigata icrcia ilia ratio, cuius fecunda fic autxqucmultiplex, 
anc a-qucmuitiplicataj vc lccundx mulciplcx eft, auc muliiplicaca racio 
prima j Quadi acui am cxhibcat a vcra longiflimc alienam , vt Libro 1, . 
£xafn.Q^adi.uiicniiunefi:,ruiiui(^uedcinccp:>confirmandum venicc. 

Mmtum, 
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^^^lfnipau/o ante i necAum fortajfe tibt exciderit .ffatiorum quorum- 
d>m hyperboUcorum ; qiiorim ope .^fferit do^ij^mus intcrpres, ae propugn»' 

• harum ^adraturarum P. Franc. Aynfcom reperiri tertiam ratio- 

i ^hiadraturnm primam , (jr neceffariam , (jr fuffcientcm. ^uod^ 
Afi, cr quomodo verum ,falfumve ft , cum hoc opufculo expendendum , 
' Vtf/w fufceperim i non poffum , nec debeo , »0« altquid de fpatiis hu' 

; ^rius dcltbare j vt abjoluttor , tibique ( mi Leiicr beneuole , cui 
;/ Y ' ..^ejludco ) ^ vttltor , gratior , facilt§rqite tota hdc tra^atio ex- 
hibeatur. ^uanquam enim omnia , qux ad Hyperholam fertincnt , edque 
i-' f rrm^ fpatta accurate profecutm ftt Apollonins aUer R. P. Gre^or/us a 

cntio : ^uia tamen breuior ob tarttAm materid fyluam obfcuriorque 
,.ro coa^it^ ejl effe j aitt quia cius operis tibi non fuppetetfacultas , aut 
. tdconfulendi voluntas:ea huc adducam omniay ex tpfo tame» hattffa, qux 
ddtotam hanc dtffertationemnon leuis apud Geometrat momenti plane 
perjficue exponendam & intelltgendam conferre vtdebutttur. Age itaque, 

PROPOSITIO X. Dejimtw. 

SPatia hypcrbolica dicuntur mixta: quxdam fuperficics 
plana? quadrilatcra: : qusc Hypcrbola, ciufquc altcra A 
fymptoto,<5c duabus lincis altcri Alymptoto parallcliiscom- 
rchcnduncur. 

Expojiiio. 

SicHypcrbola E F G, cuius Afymptoti fintdiix rc£iac linex A B, 
H. Vni veio Afympcoto, vt AfymptotoAH, parailclacducaotur 
ccbx duac quseuis lincar E C, FD. Figurajmixta quadrilntcra EC 
F, duabus liifcc lincis parallciis lincaquc hyperbolica EF^ & 
cda C D ( qux pars cft altcrius Afympcoti ) incercepta } dicitur 
atiiim Hypcrbolicum. Etfi cnim alia: innumerac fupcrficieb ciati:- 
pollinc , qux eodem iurc fpatia dici qucant liyperbolica , qusc hyper- . 
bola , aliifque redis lineis circumfcribuntur > iistamen folis fupcrfi- 
icbus quas defignaui , hoc nomcn ab corum primo inuentore faga-v^ 
iffimo attributum eft , & ab eius incerprctibus duobus P. Alphonfo 
3e Sara2a> 6c P. Ay nfcom obfcruatum , obferuariquc a nobis par cft. . 
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Liber 1, Confirmatum , 



PROPOSITIO XI. Theorema. 

Slnt Hypcrbolx cuiufuis Afymptoti dux A B , A H ; qua- 
rum altcrii vt A H, ponantur parallcla: CE, DF : & NO> 
B G : (\ux fpaiia hypcrDoIica intcrcipiant CEFD,NOGB. 

Dico,quam multiplex cft fpatium C E F D, fpatij N O G B-, 
tam elTc multiplicatam rationcm linea: CE ad lineam DF, 
rati onis lincaE N O ad lincam B G. 

Expofitio. 

Hxc cft propofic-oomnium forta(Ie,quac hactenus vcl abantiquij., 
vel A rccentioribus Geometris de hyperboladcmonftratae funt, celc- 
bcrrima : quam Author opcris Geomcirici mira fagacitatc , vc plera- 
hquealia, obrcruauit,dcmonftrauicque Lib.y.Prop. i i^.eiiirque varia 
Jaccidentia fcquentibus aliquot Propofitionibus profecutus eft, iifdem- 
"quc exponcndis cgregia nauaca eft opera cum a R. P. Alphonfo cJc 
Sarafa in Confirmatiooibus Quadrat. tum A R. P. Aynfcom in fua 
Quadraturarum Geometrica dcdudionc : quos maioris fiiriorirque 
docTirina: gratia confulerc iuucrir. Hic cgo canon omittamqux ad 
iinftitutum necciraria videbuntur. Icaquc iuxta allatam Propofitio- 
. ncm y Si rpacium C F ( ita fpatium C EF D dcfiguo , iia rcliqua dcfi- 
'^gnatlirus rum)dup]cx fuerit fpatij altcrlus NG : pro ccrto habcto 
VxationemlincxC E adlincam altcram parallclam DF ,cum quafpa- 
lium CF intcrcludit, elTc duplicacam rationis , quam habec linca 
^NOadlineamoppoficamBG parallelam :quibus lineis altcrum fpa- 
cium N G clauditur. Quod adco vniucrfaliter aflcritur , &: probatur 
loco citato ab eximio Gcomctra, vc nulla fit rationis NO ad BG 
quoad fpeciem { quod mirum cft ) determinatio. Potcrit fcilicet hxc 
racioNOad BGefte dupla,tripla, quadrupla, &c. Ratio autcm 
C E ad D F cuiufcunque rationis N O ad B G erit duplicaca, vc dDplx» 
triplx ,quadrupla:, &c. Quodcamen ica verum eftc intelligc, vc alia 
&aliaduofpatia,quorum vnum fitalteriusduplum , alioque & alio 
loco, fituve fumi debeant jdum rationisdupl2,tripLT,quadrupIx,&c, 
duplicata ratio ftatuitur in lincis parallelis fpatia abfcindcntibus. 
Quodautcmde duplicata ratione , quam fpatium fpatij duplum cx- 
hibcc jdeclaratum eft : idem de criplicaca , quadruplicata , quintupli- 
cata , &c. afleri debct j quam fpatium fpatij alteriuscriplum, quadru- 
plum, quimuplum>&c. deccrmiDare iiacumcft. 
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Porro obrcruacionc hicmaxim^ digiium cft fpatiailla cluo,quorum 
vaum alccriusefl duplum,criplum, &c. r.icionemouc altcrius dupli- 
cacam , triplicacam", &c. contincnt : ita afliimi poflc , vt & non co^n- 
municantia fint ( cuiufmodi aflumpta funt fpatia duo C O , & NG) 
6c communicanria ,qualia forcnt fpatia duo D G &c NG ) quorutn 
illud fi huius duplum fupponaturi ratio DF ad BG , dupiicata cric 
iMcionis NO adeandem BGi ficriplum ,ericcriplicaca,&.c. Vniucr-, 
iaiiscnimcft apudAuchoremcicacolocodcmonftracio:quam , quia 
cx variis conclufionibus colligicur , quas practcr infticucum forec cxt, 
plicarc, prxtcrmitto. Satis enim cftad ca qusE inferiiisdifpucatuifus 
lum, fi ipfa cancum Propoficio allaca concipiacur, ciufquc veriras 
fupponatur. 

PROPOSITIO XII. Theorema. < 

SI fpatia aliquot Hyperbolica fuerinc dcinccps arqualia:- 
lincx parallelajca intcrcipicntcs, dcioceps ctiam hitura: 
fiint continucproportionales. 

Expofitio DmonJIratio. 

Sint fpacia CF, 
DO,NG,deinceps 
asqualiaraflericur li- 
ncas parallelas ea 
fpacia incercluden-- 
tcs , cflc concinue 
proporcionales , li- 
neas nimirum C E, 
DF , NO, BG. 
Quod ex prqceden- 
cis Propoiicionisve- 
ricatc fuppofica fc- 

A G D S N B quicur euidcnter,. 

Nam fi fpacia duo-. 

DO, N G funcacqualia: eric fpaciumDG duplum fpatij NG. Ergo- 
ratio rcclx DF ad redam B G,duplicata eft rationis N O ad candem 
B G. Quo fit, vt tres lincai D. F , N O, B G , fmt continue proporcio- 
nales. Racio fcilicet D F ad B G, duas racioncs acqualcs D F ad N O, 
& N O ad BG concinec. Eodcm modo quia fpacium C F fupponicur 
a:qualc duobus flg^j^gf^Jtjis D O, N G : crit fpacium C G cripluni^ 

D 1 fpati^ 
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fpatij N G. Ergo racio lincx C E ad lincam B G criplicata eft rationis ^ 
N O ad B G : Scd racionis eiufdem N O ad B G , oftenfa iam eft racio 
D F ad B G , duplicata. Ergo per Elcm. lincac C E, D F> N O, B G, 
func concinu^ proportionales. Quod idem dc pluribus rationibus • 
oflcndi facil^ potcft, quotquot fucrincadiunc^adcinccps ,6c continuc . 
fpacia xqualia. 

Scholium* 

Q^od fi duo fpatia,quorum vnum dupluni forct aliei ius» minimc 
forcnt communicaniia, ncc eadem linca, qux confcquens communis 
forccambarum rationum, claudcrcntur jcuiufmodi cftinhocParadi- 
gmate lineaB G : Tunc ratio quidem vnaforct akcriusduplicata, (cd 
linexcontinuc proportionalcs nequaquam eflc polTent r nulla cnim 
lincacommuni connc<flcrentur,quae priorisrationis confcquenscilct, 
eademque poftcrioris rationis antccedcns, vt ad rationum concinui- 
tatcm requiricur. Idem efto de pluribus fpatiis non communicanti- 
bus, linearumquccaiocercipieutium racionibus iudicium 

PROPOSITIO XIII. Theorema, 

SI fpariorum asqualium continuc fibi adha?re(ccnrium aii- 
quod in fpatia duo pcr lineam parallelam reliquis ca con- 
ditioncfccctur, vc fpatia fadta fint commenfurabiiia : noua 
potcrit ferics continue proporrionalium lincarum fpatia hy- 
perbolica incercipientium conrtitui , cuius nouac fericipartcs 
qu«dam finc priores linea: continuc proportionales. Hoccft, 
iioua fcrics continucproportionalium gtncrabitur, in qua 
omncs linca: priorcm fcricm conftitucntcs locum qucndam 
obtincbunt. 

Expofitio Demonjlratio. 
In codcm /chcmatc, eiuique hy pothefi acqualium crlum fpaciorum 
CF,DO, NG, fecctur, velfeftum fupponaiur fpacium DOpcrli- 
neam S R rcliquis , fiuc Afymptoto A H parallelam, ita vc commen- 
Airabiles iint fadae parces D S O. Sit verbi gracia fciflum in duas 
parccs xqualcs. Quo pofiro, reliqua duo fpatia CF, NG poccrunt 
in duo xqualia fpaciaperinde fecari s ita vt habcantur fex fpacia xqua- 
Jia. Acproinde lincx cafpatiaintcrcipiemcs,erunt continue propor- 
lionaics ; in carumque fcric rcpcrientur priorcs linex C E, D F) N Or 
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BG conftitutac. Eadcm fucura cft ratio quomodocumque fecctur 
rpatfDm D O , vcl aliud cx illis aliquod, modo fint fadac partcs tum 
, tum toti fpatio, cjuod diuiditur , commcnfurabilcs. Hoc cnim 
<■ ^fito fpatiaomnia dc fingulain partesjequalcsfecare licebitpcr. 

;npcoto pnraliclas ope menfurae communis > fcriemque con-" 
c proportionalium linearum conftituere , inqna omncs iincx 
, quibus fpatia prima diuifa continebancur , locum fibi vindica- 
c : illariimque ferics parscric ferici dc nouo confticuta; , vtaifLric 
Propofiiio. 

ichcliuTTr. 

Hic duoobfcrua* 
tione maximc di- 
gna funt , vnum ad - 
rnftitucum apprim^^ 
facic : aitcrum* *iu-: 
cundum magisLe-:; 
^ori , quam mihi 
ncceirarium cx oc- 
cafione attingam, 
Primum cft. Duas 
hic cocurrere Pro- 
greflioncsquancita- 
tum , gcncrc qui- 
dcm diuerfas , offi- 
cium tamcninfigne fibi mutu6 pra:ftare folitas. Altcra eft Progrcf- 
fioGeomctrica, Arichmctica altera. Gcomctrica, vt declaracum cft, 
conftituicurpcrlincas illas Afymptoco altcri parallelas ,qua! fpaciahy- 
perbolica xqualia inccrciudunc, vt funt lincx CE, DF, NO, BG 
continue proportionales. Arichmeiica vcro progrcflio fit pcr fpatia 
ipfa hy perbolica , dum fc acquali fempcr cxcelfu fupcrant. Spaiium 
enira D G,duplum eft fpatij N Gj ciufdem vcr6 rripium cft fpatium 
GG: atquc ita deinceps alia fpatia fcqucntia forenc illius quadru- 
pIum,quintupUim , &c. provt lincit fpaiiacum linca BG claudentcs, 
ad ipfam B G rationcm habercnt quadruplicatam,quintuplicatamj&c^ 
raiionis linCT N O ad B G, vt explicatum cft. 

Sccundum,cuiusmcmini,caput eft. Si aliquod fpatium , vcD O, 
pcr lincam S R reliquis parallciam diuidatur in partcs commcnfurabi- 
Ic5, vt D K, S Q^progrgOriopQtcrit infticui aliqua , in cuius fcric rcp^- 
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riccurlinea SR. Inuenta cnim duorum partialium fpatiorum cora- 
mcnfurabilium D R> S O, menfura communi maxima, vel etiam non 
maxima iuxta mcthodum a R P. Alphonfo de Sarafa traditam in 
ConfirmationibusQuadrat.diuidi potcrit pcr mcnfuram illam com- 
munem tam fpatinm DR, quam fpatium SO in partcs tum incer 
fc , tum partibus alterius fpatij a^qualcs ; atquc adco fpatium cocum 
D O ita ledumcricin partes xquales, vc rcda SR, Gc vna aliqua li- 
nca carum per quas diuidicur. Scd fafla huiufmodi diuifione fpacij 
D 0> reclx omncs lincje diuidcnccs,quarum extrcma: func D F, N O, 
quacdamautcm intcrmcdia cft: ipfa linca S R j func omncs condnuc 
proporcionalcs : acque adco Gcomctricam Progrefrioncm confti- 
cuunc pcr Prop.i i. huius. Ac vcro, fi recia S R, diuidac fpatium D O 
in duo fpatia D R, S O, incomraenfurabilia \ nulla vnquam diuifionc 
diuidi poceric fpacium D O in parces acquales , ica vc aliqua diuifio 
praecis^ cadac in re<5kam illam S R. Ncc mirum j cum alioqui fequcrc- 
tur concra fuppoficionem , fpatia D R, S O cfTe commcnfurabilia. 
Vnde prxcerea fequicur eandemlincam S Ri vel quamcunque aliam, 
quafpatiumDO in parcesincommcnfurabilesdiuidatur , excludiab 
omni prorfus ProgreflTionc Gcomctrica : cuius termini primus & vlci- 
mus fmt duae linex D F, N O fpacium D O intercludcnces. 




Monitim. 



' Hjt fnnt Jpattorum Hypnhlicorum pr£ cdteris infignes facultates accura- 
teomninoa Summo Geometrd ewum primo obfcruatore expojitx Libro -j. 
Prop. I z 5 . altquot aliii. Etfi cnim alia quxdam ad ea fpatia pertinentia ,] 
tum ab ipfo Authore , citato loco , tum a P. Alphonfo m Confirmationibus 

* ^adrat. tum a P.Aynfcom in deduBione ^uadraturarum afferri vtdcan- 
tur : eAtamen omnia ex ea folaconuenientia fane mirabili deducunturi^ux 

^ inter fpatia Hyperbolica , (jr Hneai quibus ipfa abfcinduntur , intercedit: 
'vt fcilicet tam multiplex fit fpatimn fpatij alteriu^ i quam multiplicata efi 
ratio linearum fpatium illud claudentium , rationis linearum qutbus hoc 
abfcinditur. Vnde prdterea fequatur duarum fefc comitantium Progrejfio- 
nurn origo , Ceometricx (jr Arithmetica. cum numerorum terminis 

aptijfime foleant expltcari : non parum lucis ad obfcuriora illa Hyperbols 
arcana ex his fpero accejfurum ,fi apta fiat horum ad illa appltcatio. SlHo^ 
in fe^uentibus prsjlare conabor. 
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Et Promotum Examen QmdraturA, 

PROPOSITIO XIV. Trohlema. 



PRogrcirionem Geomecricam vna cum Arithmctica Pro- 
grcfTlone illius exponentc componcre. 

ConfiruEiio. 



A. 


B. 


C. 


D. 


E. 


F. 


\ 




4- 


8. 


\C. 








1. 


3- 


4- 


5- 1 


Lj. 


H. 


K. 


L. 


M. 


N. 



Inftituatur ferlcs numero- 
rumdeinceps continu^ fecun- 
dum quamcunquc racioncm, 
vc hic duplam , proportiona- 
lium AjB^C&c. huicfubfcri- 
batur ferics numerorura com- 
munis 1,2, 3,8cc. itacamen,vc. 
tcrmino primo A ProgrefHonis Geomecricx refpoudeac uihili noca o, . 
Cuc 7ero j fccundo vero termino B refpondeat vnitas H i tercio bina- , 
rius K, &:c. Hxc fcries G, H,K, &c. eft Arithmetica ProgrefTio vul- - 
garis fiue commimis :cuius tcrmini eodem cxcefTujqui cftvnicas,. 
fcfefupcranc. Qux prx cxtcris Progreflionibus Arithmecicis ( alix* 
enimper alias diffcrentiasvnitatemaiores, autetiam minores, fiue 
fradas inftitui poiTenc ) Exponens Gcometricx Progrcflionis dicl 
mericoconfucuit obmultiplex , quodcrga illam munus exercet , vt 
mox cxpono. ^lc ambas illas ProgrclTioncs compofuilfc , earumque 
terminos fibi rcfpondcntes fuo quemquc loco afl^gnafTe fufliciat. 
-Quod faciendum proponcbatur. 

PROPOSITIO XV. TrohUmA. 

MVliipicx AricbmeticsE ProgrcfHonis vulgaris Progrcf- 
fioni Geomctrica:, appofita: niunusexponcndum fit. 

Conjiru^fio (jr Demonflratio. 

Primum, quonumerorum vulgaris Progreflio erga Geometricam 
Progrcffioncra fungitur, munuscft. Vc quilibetillius terminuscuili- 
berhuius termino rcfpondcns dcfiniat quot rationcs .a primo ad hunc 
vfquc terminum conftitutx fint. Vt , tcrminus K 3. demonftrat apri- 
mo termino A vfque ad terminum D 8 , rcfpondentcm tcrmino K, 
rcperiri tres rationesxquales: nempe AadB, BadC,6cC ad D. Vcl 
inucftcndo , tres , D ad C, C ad B, & B ad A. Eodem modo terminus 

terinitto 
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HjCcrmino B,appofitus oftcijdic vnicamcirc racioncm , fciliccc B ad 
A, incer pnmiim cerminum A, 6c cerrainum ipfum A B. Primus vcro 
terminus G ( qui cft o ) rcfpondens ccrmino A, indicac nullam confti- 
tucamadhuc tile racioncm. 

Sccundiim munus ex prar- 
cedencc nafcicur , cft autcm 
huiufmodi. Tcrminus quih*bet 
Arichmecicx ProgrelTionisdc- 
clarat quotics ratio termini 
refpondcncis ad primum ter- 
minum , multiplicaca fitratio- 
nisillius,quam obfcruat Progrcflfio Gcomctrica. Yc ccrminis K 3 ad- 
hxTcna tcrmino D,demonfl:rac racionem eiufdem ccrmini D, ad 
primum tcrminum A,( S ad 1 ) criplicacamcfTc racionis B ad A , vel« 
C ad B, &c. perquam cxcenditur ProgrclTio Geomecrica , qux in hoc* 
Paradigmatc cft racio dupla. Eodcm modo tcrminus H cermino \S \ 
affixus indicacracionem B ad A fimpiiccm cfle , nulloquemodomul- 
tiplicatam i eo quod nullus iiiccrcipiacur terminus incer B, 6c A,iii 
Progreffionc Gcometrica. Ncc vero tcrmini Pcogreflionis Arichme- 
XKx in co cancum cafu, ciim ccrminiProgrcfllonis Gcomecric2e ad 
primum cius ccrminum A rcFcruncur , oftcodunc quotics ratio ccrml- 
ni cuiufcunquc afllimpci ad primum cerminum A , mulciplicaca cft 
racionis progrcfTiujE , pcr quam fciliccc Progrcflio propagacur : fcd 
ctiam , cum icrminusaflumpcus ad alium qucmlibcc a primodiuer- 
fum comparacur. Eccc cnim , racio cermini F ad cerminum C, tripii- 
cacaeft racionis Dad C progrelTiux , per quam ProgrefTio concinua- 
tur: quod cx co innotefcic,quod cerminus N 5 Progreffionis Arich- 
mecica: , termino F 3 1 rcfpondens , exccdic ccrminum K 2, cermino 
C 4refpondenccm tribus vnicacibus , fiuctribus difFerenciis , pcr qiias 
Progrcflio cxtenditur ; quibus diffcrcntiis tribus declaratur cres ra- 
tioncs progrefliuas inccrcedere inccr ccrminos racionis F ad C. Acque , 
adco racioncm F ad C, componi ex cribus racionibus incerpoficis:quac 
ciim finc jcqualcs intcr fc j ratio cx illis compofica F ad C, crit vnius 
alicuius illarum cripiicata,vc in Examine Quadracurx Lib. i .Prop. 14. 
iL in Infticucionibus Arichmccicis Lib.^.Prop.i^. vbi racionumcom- 
poficio cxplicacur , oftcndi. Ncc huius cft obfcura racio : quot cnim 
'liffcrencixcoaccruancuradProgreflioncm Arithmcticaraconftruen- 
dam^ toc tcrmini ftatuuncur in Progrcflione Gcomctrica illis rcfpon- 
dcnccs quorum £DguU ad proxime poficos referumur ; cgcidcmque 

radopcs 






iac^ones 9rqi|d[e5 oiiiimiu^^ Vnde obiter obferaes quamcunque 
^^metic4m ^iom , qu^m vnita. 

25^m,propaga4mje(3em maocre ergacerminos Geomecricx VxogxcC- 
^im^i p^fie : quot enim differentix coaceruabuncur ad termi* 
' L^sbinetica: ^rogreffionis conftituendbs s tbc eciam coacerua- 
rliuones aef]ua]c& in Progrenionc Geomctricayfque ad cermi- 
■reT^ndentenitermlnoProgrefrioois ArithmeticaB ex diffcren» 
im:^)|Iledione geuico. Quodetii Tcrum fit.,nec ad dicenda In- 
jfuturum j nulla tamen ad hoc munas-apripr efl Arithmetica 
^vcffio, quam vulgatis j quz pcr vnicatem extendicur. Ipfne enim 
fcs , quibusconftant ciustermini , produntftatim perlequotus 
tayii Progrcflione quilibettcrminus : atquc adco in Gcomctrica, 
q^ies ntcio termini rcfpondcntis ad primum terminum, mulcipli- 
opl ific rationis progreffiux. Idcmque compcndium iiabetur,quando 
^Onprimus terminus, fcd alius ( vt obkruatum efl: ) ftatuitur rationis 
^mj^fclplicatx confcqiicns in Progrefllonc Gcomctrica. Vt in allato 
•^pcrius excmplo > x2i.i\o termini F 3 1, ad terminum C 4, oftcnfa eft 
^iplicata rationls progrcfliux : qux triplicatio ftatim innotelcic ope 
jl^umeri 3,quiliabccurrubdudotcrmino K i,icerminoN 5 Progref- 
^"^oois A ritbmecicx. OAienditeaim cres ladpnes ^quales ipcer cermi- 
.i£Sc|rc6dGre , iicut tres di£Eerentiae ( quaefunttres ynitates) 
Lc in.vttlgari Arithmetici Progreflloae inter K i & N 5» 
>nda|t tjBrnuAis C^Freon&mque func exponentes. . 

Tertium munusArithmeti- 
cx Progrcflioniserga eam fi>- 
lam Pri^reflionem Geometri- 
cam exercecur, qux ab vnicate 
inicium ducic Qualisedfupe- 
rius allaca , & hic repetita. Eft 
autcm huiufmodi. Siduo ter- 
mini Progrefllonisdidx Geomctric^c in fc ducantur , producent tct- 
> minum quendam eiufdcm Progreflionis , vc colligicur cx Prop. 11, 
;S( Lib.p.EucI. cuius quotus fic in ea Progrcflionc locus, innotcrccc , fi 
duo tCimiDi Progreflionis Arichmccicx ccrminls illisin fe dudis ref- 
pondCncfis, fimul addancur : fadus enim numerus indicabit locu n;i 
gfnjci ex multiplicacionc termini , adcoquc ipfius eric cxponcns in 
An^mctica Progrcfljonc. Eccc. D\icis terminum C 4, in D 8i gene- 
rasj 3 1 : qui pcc cic^ttadcti^^^fop^^c^. eftquifpiamtcsrn^ 
ll^l^l^^^ Q^com^c^ Adde fimtltlceaniiios 
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K 1 & L3 Progrcflionis Arithmctic2c,qui rcrpondenttermihisCBfc 
D multiplicatis j fictnumcnis N ji qui oftcndit Faclium cx multiplica- 
tionc cerminum F 3 1, quintum locum a primo A Tibi vcndicare it^ 
Geometrica Progveffione j & ( fl^uod obfcruatione dignum cft ) can- 
tumdiftabic ab altcrutrorefeniultiplicantium tcrminorum } quantura 
alccr diftac a primo ccrmino A ProgrcnTionis. Diftat cnim terminus 
F 3 1 a ccrmino D 8 multiplicato, vno gradu E intcrmedio : ficut vnp 
interxnedio gradu '^ terminus multiplicansCdiflacslrprimo cenuijip 
A. VelF 3 2 diftsS daobus gradibus i cerntinp C, ficutalcer i^ermiiltti 
D diftac duobu s gradibus a primo cerinino A. Nec aliu4 oonciogec 
ii cerminus quifpiam in fetlucatuf'. Ducacur enim termlnus C 4 
fe: fiet terminus £ i ineadem feriie s cuius locum demoifftrabir0^ 
ininus M^progrelBonis Arithmectcx , qui generacurper additione<rt 
tenniniK i,terminoC4in redui^orefpoiiaentis, ad fcipfum.Huius' 
porro conucnicncix incerccrminos Geometricz Progreffionis.tfuibs». 
..plicacos, bc additos ProgteffiouisAcichmecicxtermihos, aperta eft 
caufa. Cum in allato exemplo cerininus C4 mulciplicauit D 8,6c 
produxit F 3 2 : Mulciplicans C candcm habcc rationcmad vnitatem 
( quarcxfuppontionccO ipfe primus cerminus A progreflTionis^quam - 
terminus produdus F habet ad tcrminum D8 mulciplicacum per/ 
Prop. 18. Lib.i. Infticuc. Arichm. Scd ratio Cad A componitur cx 
duabus rationibus sequalibus C ad B,& B ad A. Ergo ctiam ratio^F ad 
D componctur ex iifdcm rationibus : atque adeo , ciim tcrminus F 
pcr cicacam Prop.i i. Lib.5;. Elcm. rcpcriatur iaferie Progrcflloni.s 
dua^ eruntrationes acquales, dcinter fe, &duabus rationibus C Bj B A 
ncertierminosF ficD. Qiiodcilun ica (ic j cjkm cerminus K i ProereR 
/ionts ATichmecicse numeret racK>nes,qu2eincer C 6c A inMccfcdunc» 
vc ex di^is paul^ anc^ conftac i idem eciam cerminus K humerabhii^ 
tiones incerF Zx. DiBcercedences. £r^ fi K t addacnr ad^ra^ii^MSi. 
L 3,<)mnameratratkmes incerD, cutapponituf ^jScpnomniitiM 
num A, ficc N f > qui numecabic ractones , quae^ intercedunc inccftrttii^ 
minnm F 3 2, & primum ceroiinum A :a»|ues(ca-«tl»i|>intts N 5» 
additione K 2 £c L 3 conflactis,oftendetqooni&'(irttrminusF yi-'m. 
ferie termioorumProgreflionemGeomeaicam ab vnicacb ibdiolNttii 
conftitucntium. * ' 

Cxccrum> vc proxim^ oftenfum eft additionem ccrminorum Pto» 
grcflionis Arichmeticxcomitari mulciplicationcm ccrminorum Geo- 
mctrica: Progreflionis : codem modo oftcndi'poccft fubcradionena 
iliorumcomica£ihorui^diuiikon«m. Diuide cefinmuin F ixperDi^i 
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[||i^ ierie Pix)gicfliopis repericar:eid(que locusdefigna'- 
Hm^li^ ilemauir L3, vcrcUquus fiat K isqui debetnr 
;4ex.dlui(ioaegenito. (^odpatecperdefintcioQe^diui* 
_ juam Lib. I . Prop. 40. iDftituc. Arichi^. expofui. Ita cniin cft 

W^^ft^i^ ytiMa^ A (qujeexruppofitioneeftprimusPrggreflionis 
tcnQ%tt«.) Ratioergo C ad A tot rationii>uscon;iponituriquotcom« 
fiPl^tyf raciof ad D- Ciim crgotcrminus N f numerct raciones intcr 
F &: A interceptas j numeret autem L intcrceptas intcr D, & eandem 
vnitaccm A : Si L3 dcmatura cermino N y, nccefTario rcHnquccLir 
nuoierusi-ationum intcr F &. D intcrceptarum j qui idcmcft , vtprc- 
ximc diclum cft, cum numcro rationum , qux intcr C cx diuificne 
gcnitiMii, & candcm vnitatcm A rcpcriuntur. Reclcigitur tcrminus 
K„quilubdud.o L a tcrmino N rciiquu.s fit,dctcrminatIocum queni 
io-Ptt^rcffioncGcomctrica occuparc dcbcc tcrminus C, qui cx diui^ 
rtormiJii F per ccrmiDumD producicur. 

"~[ £xhis»quzproximc dccla- 
fI ratafunt ad mutuumillud o$- 
31. ciuin- lertium Progreffionum 
GeodoetricaB & - ArithmeticaB 
pertinentia.tiequituc' eoidenter 
cermtmua quemlibet Progref- 
fionis Arithmcticx,altcriustcr- 
iol^e^,Progreffionis cam tSc mulciplicem (Ji maior ad minp- 
pan^tiiff ) qu4m eft mulciplicataratio incer cermlnos ProgreiP 





» ■ 



l|p«|^Geoniccricae,termInis Arichmccicae progreflldnis rerpondenccs 
imwepta , ad rationcm progrcfliuam , per quam progrcfliocxtcndi- 
tur, vt terminus Mduplcx eft termini K. Ratio ergo cermini E ad C, 
duplicata efl rationis progrcfliuac , &. itade cxteris. Qiiod ipfuni 
pkmii» fortafTc proponctur , fi dicatur difFcrentia , qua duo quilibct 
termtni Progrcflionis Arithmcticx incerfcdilcrepancj eflc tam multi- 
plex.numeri progrefliui ; quam rationis progrcfliua: multiplicata cft 
racid terminorum Progrcflionis Geomecricx tcrminis Arithmctica: 
rcfpondencium. Sic vides rationcm termini F 3 z ad ccrminum C 4, 
^l^iC^KUn ciTc rationis progrcfliux 5 Ticuc difiFercnciaj^quac inter 
lP^ii||iS N 5 6c K ^ refpondentes terminis F & C intercedit , cnplex 
^jft^^iMfif^tr^^ progreflioeiwsditur , qui Mc, eft 

:fl^Kmi^i^i§gf&^ immediatum 

iilt||^ii&cB^^ prog^U» i quW mofeiplq^ tfHdi/Buxtid^ 

E 2 inwr 
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^6 LiherL ConJlrmatHm y 

intcr refponclcncc3 terminos N 6c M, numeri progrefliul : illa cnim 
differentia eft vnicas, ficut 8c vnitas cfl numcrusprogrcffiuus : quofit 
vt ratio F ad E fit fimplcx, 6c non nifi impropri^ multiplicata dicatur 
rationis progrefriux 3 ciim racioF ad E ci fit xqualis. 

Eft & aliud quoddam ofticium, quod Arithmccica Progrcffio prac- 
ftacGeomctricx, cum huiustcrmini finguli dcnominacionequadam 
afficiuntur, aloco,qucm in progreffionc occupant, petita : vtcum eius 
quifpiam terminus dicitur radix j alius, Quadratusj Cubus , aliusi 
Quadrato-quadratus , SuperfoIidus,&c.quosexponuntccrminiPro- 
grcffionis Arithroctica: communium numerorum. Vcrumhacnoftra 
in re locum non habct munus huiufmodi i vt de co nulla amplior 
facicnda fit mcntio. Dcclarandura vcro nunc dcmum cft qiiAm aptc 
fpatiis hypcrbolicis conucniant tria illa Progrcffionis Arithmcticx 
muncra , quibus crga rationcs Progrcffionis Gcomecricx funguncur 
illius tcrmini i vt tandem duplicis huius opc progrcffionis planior fiat, 
acfamillarior rcconditaillahyperbolicorumtra<fkatioadCyclometri2e 
huius difcuffioncm ncccffaria. Sit itaque. 

PROPOSITIO XVI. Theorma. 

OMnimodacfl fpatiorum hypcrbolicorumcumProgrcf- 
fione Geomttrrca , & eius Exponcntc Arithmetica 
Symbolizatio. 

Expojttio ^ Demonliratie. 

Non alia meliiis probationc conflarc potcft propofitionis huius 
veritas,quamcorum,quj: fpatiis hypcrbolicis , &vcriquc didx pro- 
grcffioni conucnirc fuperius dcclaracum eft , collacionc. Ob oculos 
igicurrcponeSchcmaPropofitione lo.dclineatum ad fpaciahypcrbo- 
lica pcrtincns. Scd practcr ca , quac dida Prop. & fequcntibus decb- 
rata funt 5 qualia funt in primis , lineas C E, D F, N O, B G cfie con- 
tinuc proporcionales, dum fpacia C F, D O, N G fupponuntur jequa- 
lia : monco ctiam llncas AB,AN,AD,AC cllc proportionalcs 
continuc ,quod cximius Gcomctra noftcr citatisfupr^propoficioni- 
bus dcmonftrac. Ncc canciim hafce lincas concinue e fFe propoi-clona- 
lcs oftcndicurjvcrum cciam in cadt m ratione proporcionales eire cum 
lincis C E, D F, N O, B G parallclis alccri A fymptoto A H> Afympto- 
tum autcm A B fccantibus. Eft enim rc<fl.:nguli;m A B G, vc acucif^ 
ilm^ ab codcm dcmonftracur , jcqualc rcdangulo A N 0> auc ctiam 

fingulis 
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fmgulis ADF, ACE, cxtcrifquc quMcumquc huiiifinodi. Eig^ 
pcr Prop.i«.Lib.6;Ekin.ica«ft A B pritnaad ANiecundam j vt NO 
«eiria ad B G quafnm* Hts Uc aonocacts t qu« fuperius , cum locus 
non exigcrct, oou^fiiefant i Coi^cniaa itta & affinicas Spatiorum 
hypcrlHiBcWiniCOmlJuplicI progreffioa^fiualidcdarabitur.Nam 
^ \^fiO,^h:^^- . • Pnmdoftcnsucft 

iS^W-^.i .... . - . . Prop.ii.poritisfpa- 
' ' tiis CF,DO,NG 

jequalibus , lineas • 
CE,DF,NO,BG, 
cffc proportionales . 
continu^ i ficut etiS 
proxime oftcnfum 
eft continue Pro- 
portiooalcs efle H- 
neasAB, AN,AD 
AC>in;^jn.|»- 
tione. Simuicetin 
; ProgrcifioneAritii- 
mecidL ez tx^ifML 
difFcretia tcraaihO' 
raN.M,L,K,H,G, 
( qux eft ' vnicas ^ 
zqualisfemper cft; 
fequitur rationcs F 

incer tcrminos Gcometrica: Progrcffionis , efle xquales » acjttC ade6 
terminos illos, F, E, D Scc.efle concinuc proportionales. 

Sccundo.Q^iam multiplex cft Ipatium CG, (patij N Gj tam multi- 
plicataeft ratio linex C E adli G, racionis NO ad candcm B G , vt 

- Prop. 1 1. declaracum eft : ficuc cnim criplex ponitur fpatiura CG 
fpatij N Gi ita etijjm ratio lineje C E ad iincam B G,triplicatacft ratio-" " 
nis iincac N O ad candem B G. Vcl , ex paulo ante annotatis , ratioli- 
ncsc A B ad A C criplicaca eft rationis linex A N ad candcm A C ; 
funt cnim ambx ilix lincarum progrciliones Geomecrics % Ciqnft* 
lis , vc dixi , racionis progre(fiu«. Ac fmitiiter in ^rogrcffione 
Aridimctica i quia veibi gn^ ». ceitnimis L 3 tiea coorinec difeea» 
rias cerminocum» fiue tres. anmeros progre£Suos( qot ,in hoc Panwft- 
ttftie &m fccs Ynicates) demonftraciacioficmDB ad»A 1 efle csiffi- 

^ - . . . cacaxa 
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i Lsber L CanfmMm., 

:Cac«Mnrattonis progreniux , per quam excenditur progrcfliOtqjiaCs 
latioB 1 ad A velCadB»autalia qufftibecicj^iint omnes«<| 
les. Atque hoceft mnnus illud Ariihnxiicat Progreffi0niserg;^*| 
greflionem Qeomctricam, qjood PropDfi^iooe 1.5. fecundo, ioco/e; 
pJicatumcft. Vnde cciam conftat rationcmFji adC^ciTe eodei 
inodo criplicatam rationis D adC,c6 quod terminus N 5 tribus di4 
fercntiis ( quas hic funt vnitatcs ) exccdat terminum K 2 refpoodeii;^ 
tcm tetmiuo C Progrcflionis Gcomecricac. Idem deduplicataratici^ 
nc,quaclruplicaca,&c. dicendumcft. -iV^ 
Tertio deciaracum cft Prop.i 5. tcrtium, illi;dqi?c fingularcnSifn^^ 
quod Arichmctica progrefiio erga Gcomctricam ab vnitate inchbai* 
tamexercct, in eo fitum elTc : vt mukiplicatis duobus quibuflibct 
Geomccrica: Progreflionis tcrminis ( cx c]ua multiplicationc tcrmi- 
nus gignitur in eadcm fcric reponendus pcr Prop. i !. Lib.p.Elcm.) 
locus dcfLgnetur genitr termlni in cadcm Progrcflione Gcometrica: 
4um duo tcrmini Arithmctica: ProgrcHionis duobus terminis Geo- 
jn^iCMiuItiph'catis rcfpondcntes , fimul adduntur. Vclconcra. Si 
tcrminusGcpmeiriCacProgreflionisperaliumdiuidatur ( quadiuiflo*^. 
ne naiciEur ferminus quifpiam eiufclem progrefiionis^loais innote^ 
cat^ei debitiif« & terminiu Piogreflionis Arithmettcse terminqr^t^ 
denci Progreffioms Oeometricje re(pondens , ful^ducatur A tciroiin^ 
%{mfa\Mtfysi3^ scrpondet. Ita vt vcrum (emper llt, quojd vo^^ ^ITe-:' 
ricuri Aaditio Progrelfionis Arlthmeticc refpoodet mulcipihratiom^ 
Progrcflionis Gcomctricae, & fubtradio diuifidhi.. Vt fi C *.mul^^ 
pHcetD S ficFjzjcuiuslocusN^ habeturadditisterminis K 2 ScLj^ 
Similiccr, diuifettermino F 3 1 per D 8 nafcicur C ^jcuius locus in c^M 
dcm {cnc tletcrmihatur lubdu^ko L 3 a ccnnino N J, vt fi^ x« Acio^ 
hoc ipfo mira eft harum duarum progrefliofium concinua; quancitauVS 
cumiifdem addifcrctam pertinentibus confcnfio} fi modo rcd^coa^j^ 
cipiacurmethodus, quahacc multiplicatio &diuifiofieridebet. 
vc fiatcuidcniior, prxter ha^flcnusobrcmafahaec infuper attcodc. ^4. 

Cum terminus quifpiam Geomecricx Progreflionis alcerum mult!--i' 
plicat i vt cum B 2 multiplicat C4,& producitur D 8 : cenfenda cft*^, 
ratio B ad A vnitatcm , multiplicare rationcm C ad A,gignereque 
rationem D ad A, vt ex Prop.i^. Lib. r. Exam. conftat : atque ita ter- 
laiJllwL jprogrcfGonis Arichmcticac , qui coalcfcit ex additionc ter- ' 
IWOnimH&Kdemonftratnon tantum qucm locum in fcric occu- . 
pet termimu D> (edetkm quoties riltio D ad A multiphcec racioncra 
progccpiiiam B a4w&»id C vthice^|i|M|care d^arat^v 
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^ariomniao modQj dto in Progreflione Geometrica quam con Ai- 
tdoiit Itnex C E> D F, N 0> B G ' termioos N O auldplicat alterum 
' teimimim, veibi gratia D F$ cenfenda eft ratio N O ad B G m uki'plt« 
carc rarioncm D F ad B G. Qux mulciplicacio , ftarim ap criam, 

ablbluituri (tfiatTt 

rattonis NO ad 
BG mulciplicantis 
con(equ6nsBG,ad 
Antccedgccm N Op 
Icarationis DF, ad 
B G mddplicatae 

AnccccdensDFad 
alium terminum, 
vt C E : qui ftacua- 
tur Ancecedens ra- 
tionis per muici- 
plicacionem prodii- 
clx i cuius confc- 
qUcns (ic rationum 
mulriplicataru con« 
iequeosBG.Qood 
fi ita (e habet ( vc 
ie ver^faabet)lui>- 
nim diiarum ratio-' 
numNO ad BG,' 
& D F ad B G muiciplicatio nunquid manifcftifsimum eft , ad- 
dito fpacio NG ( quod ccrmini NO,6c BG rationis multipiicah-" 
tisinccrcipiunc) ad fpatium DG ta-minis DF, BG rationis multi- 
plicacse incerceptum , confticui Ipatium C G ad rationem C E ad 
BG permulciplicacionem produ<f):am pcrclnens i coquefpatio CG, 
quod triplcx dl: fpatij N G , determinari locum , quem occupac in 
fcrie progrcffionis ccrminus CE , nempe tercium a tcrmino NO; ■ 
&i hmul dcfiniri quocies ratio C G mulciplicaca fic racionis progre(- 
fiux N O ad B G, cfle nimirum criplicatam. Qu6d fi racio D F ad 
BG fupponcretureflre muItipHcans,raciover6NOadBG multipli^ 
cata ; cadem racio E C ad B G iuxca cradicam mulciplicacionis metho- < 
duffi (nttducerecur ) id^mque fpatiumiC Gex fpatiis ad rationes fefe 
mufdplicances pertinentibos fimul aiHiti^confiactcpr. Fiercc cnim vc ' 
JBG coofequensratianis I^F ad B G moltiplicaifttsad Ipfiu^ Aficeoe» 1 
. .' > ' ddttciift' 




4^ LiberL Confimaiam^ 

dem DF 5 iuN O Ancecedeos ranonis NO ad B G inuldplicm ad 
C E , qui' ftatoatuc ADceoedens lacionis C £ ad B G pec muldpiica^ 
tionem produdx : addito autcm fpatio OG ad fpatiutilN G» conflih 
tur fpactum C G ( duo fiquidem fpatia D G , & C O aon polTunc noti 
eflc arqualia per Prop.ii. cilm, ica ntexconftni&ioqeC £ ad N O, 
vt DFedad BG)quo,vcprius>definitur cam locusurmini C£ in 
ieric ProgrcflTionis , quiim quoties ratio C £ ad B G multiplicec ratio- 
nem N O ad B G progrcfsiuam, aut D F ad N O, aut aliam quamlibcc 
tcrrainis immcdiacis conftitucam. Qux omnia,vt pcrfpicisjapprim^ 
conueniunt cum omnibus , c\ux progreisioni numcrorum duplici» 
Gcometricx vidclicet,&: Aritiimcticac conucniredcclaratafunc. 

Rcftac , vc demonftretur racioncm CEad BG eo, quo tradicum 
cft,modo deccrminacam , cam e{re,quacpcr mulciplicationem dua- 
rum rationum DF ad B G, &: N O ad B G produciturrvt paulo ant^, 
nie dcmonftraturum fpopondi. Itaquc, cumcx conftrudionc , vt cft 
confequcns B G rationis multiplicantis N O ad B G, ad fuum Antc- 
cedentcm N O 3 ica Itt ntionis D F ad B G multipilcacx Antecedcns 
D F ad cerminum C £ : eric acio C £ ad D F > xquatis racioni N O 
ad B G. Ergo racio C £ ad B G componicur ex duabus racionibus iefc 
multiplicantibus C£adDF(fiueNOadBG}&DFadBG: qu2 
efl veta racionum multiplicacio , vc conftat ex iis quae Lib.i. Exaji^ 
Quadrac. Prop.i 3. & Lib.4. Prop. 17. Inftitut. Arichm. docui. Ncc 
aliaforctdemonftratio, fi ratio DF ad B G, ftatucrctur multiplicaS^ 
ratio vero N O ad B G, multiplicata,& fieret , vc B G confcquens ra^i 
tionis D F ad BG multiplicantis ad fuum Antecedentcm D F i ita 
NO Anceccdcns rationis NO ad BG multiplicat«adCE. RurfuS 
enim forct ratio CE ad BG compofita cx racionibus CE ad NO. 
( /luc D F ad B G j & N O ad B G i qux crant mutuo multiplicandasf . 

Atquc cademhiecdcmonftratio rationummultiplicacioni difcrctjc 
quantitatis pcrbell^ conucnit : vt vidcasnec hanc fymbolizationcm 
dciidcrari inter fpacia hyperbolica , & Progrefsiones numcrorum 
Gcomecricas cum fuis Exponentibus Progrefsionibus Arichmeticis 
coniuncHias. Si cnim in fchcmatc fuperiori dux rationes B ad A & C 
ad A multiplicandx fint i fi fiat, vtmultiplicantis Bad A, confcqucns^ 
A ad Antcccdcntcm B i ita multiplicatac C ad A Ameccdens C, ad 
terminum D : ficc ratio D ad A, quz producicurpermulciplicacid* 
nem datanim rationum. Racio enim D ad A componitor ex racioi^ 
bus D ad C ( (iue B ad A ) 8c C ad A : qux oompofitio racionom dua#- 
nunB ad A, a^C ad A, veraeftmiilcipUcacio^ v€fxc»tiKispaid4^u|^ 
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Jbcisconftat. Iclcmvcr& ccrminusD obtineretur ctiam, Ci ficrct vt 
lacioDis C A confcqucns A ad fuum Antcccdcntcm C 5 ita alterius 
rationis B A, Antccedcns B ad tcrminum D. Rurfus cnim ratio D ad 
A componcrctur cx rationlbus multiplicatis D ad B ( fiuc C ad A ) 5c 
B ad A. Qucm autcm locum infcrie progrclsionis Gcomccritx ob- 
tincattcrminus Djdemonftrat additio duorum teiminorum H Sc K, 
rcfpondentium tcrminisB& C Progrefsionis Geomctricx. Fitcnim 
ex illa addicione terminus L 35 cjuo fignificatur 6c tcrminum D tcr- 
tcrtiumeflciprimo Aj&rationanD ad AciTe triplicatani rationis 
progrcHiuxBad A.. • 

Porr^iuoeritob- 

H : . feniafledoaiffimfi 

Cydomccriae Ain 
thoremPix>p. 115. 
&aliIsaliqaoC) ra- 
lion^ CEad BG 
afTercrc multiplicap 
ta cfTe rattonisD F 
ad B Gjquod mol- 
tiplicationi propri^ 
didl^minim^cSuc* 
nit:li^ccnimrequi- 
rit,vt racio, quae al- 
terius diciiur mul- 
liplicata , altcra ali- 
quotiesprccisc per 
multiplicationem 
contineat, vt dici 
pOiTicilliusduplica- 
ta,triplicata,to.At 
ratto C £ a4 B G 
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rarioqis Df ad BG noti poteftelledaplicata, ma1t6qoemin{is tripli- 
cat3i:feretemmfpadum.CG duplex fpacij D G,quodeftc5cra(uppo. ^ 
ficionemstum ficetas ftmtum (elqai-aiceram. Vult ergo cicatns Aucnor 
rationemCE adBG,rationis DF adBG tantum eflc compofitam. 
£odemmod6,cum ait fpatiumC G multiplex eiTc fpatij D G5 haud 
quaquam de muItipUcitate proprie dic^a , quaz fpatium in altero aii* 
qooties praecise contineridefiderac» inceUigi^^^oced : fed de alia mul- 
tiplicate improprisl» qaaB imprbpriaB nuionum mulciplicationi ref- 
pcmdet. F pccia 
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4-1 Liher I. Conjirmatum] 

Dcclaratumcft ha(flcnus,quomocio in fpaciis hypcrbolicis addlclo 
rpatiorum hvperbolicorum rclpondcat multiplicationi racionum,quas 
obfcruant lincx parallclx Ipacia illa ablcindcntes : quemadmodum in 
quantitatis difcrctx Progrefrionc Geomctrica mulciplicationi cius 
tcrminorum, vcl rationum refpondet Additio tcrminorum Progref- 
fionis Arithmcticx Gcomctricam cxponentis. Nunc vc omnimoda 
illarymbolizatiorpatiorumhypcrbolicorum cum didis Progrcffioni- 
bus 0 Acndatur : declarandum rcftat quomodo in fpaciis hyperbolicis, 
radoouin diuifioiii tefponcleat fubtra^io rpaciorum i non fedis qu^jn 
in ProgreiGonibus contingit. Quod paucis abfolui poteft ex dt^is de 
multiplicatione 6c additione j ciim dinifio &rul>tra^o, operationes 
tanttuniint earuminuerfie. Ineodemitaqueichemate diuidenda Gt 
ratio lineae C £ ad B G pcr rationem Ijneac N O ad eandem B G fiac 
vt antecedens N O rationis diuidcncis ad eiufdem rationis conrequcn- 
tem B G : icaamecedcns C £ rationis diuidcndx C E ad B G ad li- 
neamDF*£ric ratioDFadBG «eaqusex diuiflone nafcicur .- illiiif- 

- que tam mulcipllcata eric ratio diuidenda C E ad B G j quslm e(l mul- 
tiplex rpatiumC G fpatij D G : acquc adeo dempto fpatio C F ex co- 
cofpatio C G , reliquum fit fpatium D Glineis D F , B G ,quarum 
ratio pcr diuifionemgcnita eft , interceptum : coque dcccrminatur 

• iocus lincx DF in fcrie linearum concinuc proporcionalium C E| 
D F , N O , B G. Similitcr , fi cadem ratio C E ad B G diuidcretur 
per rationcm D F ad B G : fieret vt D F ad B G i ita C E ad N O > ra- 
tioque N O ad B G pcr diuifionem produccrctur i & IpatioDG 
dempto cx fpatio toto C G , remanerct fpatium N G ( funt enim fpa- 
tia D G , & C O , ficuc eciam N G, £c C F aequalia ex fuppoficacon- 
ftruAiouc ]. Quod autem ratio D F ad B G nafcaturex diuifionenh 
tionisC £adBGperrationem NO adBG$velratioNOadBG> 
' ex diuiiione eiulHem rationis C £ ad B G per rationemD F ad B G: 
vclexep patet, qu6d oppofitaSc inueriaoperatio multiplicationis 
adhibeacur : (biuit enim diuifio > quod multipiicatio oomponit : idem* 
quc probari poteft ex prop. i^.Hb. i . Exam.quadrat. vcl Prop. ip.lib.^. 
Infl. Ariclmi.Quam vero liaeccpnfbna finc diuinoni &. fubtradltom 
terminorum progrcflionis geometricae^ ei^ue Exponent is Ariihme- 
tica;,con(lat:(i eniminfxpius rcpetico paradigmate diuidatur ter- 
minusD perrcrminum C,vcIpotiii' ratioD Aper rationem CAj 
gignetur racioB A -. Quod fiatcrmino L progrcflionis Arichmcticac, 
qui rcfpondcc ccrmino D progrefllonis gcomccricx diuifo , dcmatur 
(crminus K reipondcns cerinjiQoC diuidenti > rcliaquecur ccrminus 

H, 
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H > qui refpondet icrmlno B per diuifioncm genico. An non igitiir 
appareceuidencifTim^ quoad Aocetiamcapuconmiinoda fymboliza* 
tio incer progreffionem nuaierorum geomecricam , eliyqae expo* 
nentem progreffionem Arithmedcam}6c ranones linearam Afym- 
pcocoparallelarum» fpaciiquehyperbolica ab eiiiciem Bneis interce- 
pca?;Sedde hac(yrolH)Iizatione utis > qux eo nomine faciendaeft 
plurimi , qu^ eiusope ad numeros per ie apertos Se euidentes tran»* 
Krnpo^inc quaecunque dehyperbolicisrpatii$abftrufiflimis,inqui- 
busktec. Quadracurx hnius ftindamcntum > craduncur cum ab ipfo 
cydometriaeAuthore,tumab cius incerptccibus&fautoribus. 

PROPOSITIO Xy II. Thiouma. 

SI duarum , vcl plurium progrcffionum Arithmcticarum 
homologi ccrmini addancur , dico cx ea Addicionc aaTci 
Arichmeticam progrcffioncm. 

Ex^ofttio & IXmonfirAth, 
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Sint progrelliones daae Arithmetlcx A3f 
C, D : fi^FyGyH I fioeidem fitexcelIus:qno 
vtriufqueterminidifier0t$fiuediuerrus Ho- 
mologique termini fimul addacurjvc Bac fe- 
rics numerorumK,L,M,Njofl:endedumeft 
hanc fericm eflc Arithmeticam progreflio- 
ncm.Id dcmonftrauit R.P.Greg.Iib.de Pro- 
greff.Prop.i 9.in Quantitate continua,quod 
eodem ferc raodoin difcreta declarabitnr. 



Ditr i,aiircicn«awr""""»""* r - r- - b - 

•tiatcrminorumprogrcflioni.srecundii:E,F,&c. Qux aml-:t dittcren- 

ti«fimuladdicx producantS 3. oftcndo hanc cflc dUrcrcnciam vni- 

Cam ,qua numcri K,L, &c. intcr (e difcrcpanc > adc6q'X hofcc nume- 

rosconftitucre Arithmcticam progrcirioneiTi.Quod p:.tct:Nam par- 

ccs B,F, fimul fumptjc codcmcxcellu difteiunc a partibus A,E, h- 

mul fumptis , hoc eft L a K 3 quo figillatim fumptx : partes enimom- 

ncsfimul rumptxtotifum oequales. ErgoLfupcratKexceflu P-i, & 

cxccflii Ri,hoc eftcxcclTu S 3.Similiter,oftedetur Mix cxccdereter- 

minumL 9.eodem cxce{fu S 3.& ficdc cactcris terminis.Quarc ferics 

numctoruK,L&c.eft progrcffio Arichmccica.Qiiodctato(lcndc^g 
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PROPOSITIO XVIII. Troblma. 

Iguram de^nemas omnU primae Quadraturat ab eku 
Aucbore cxpo/iue fundamenta concincnccm. 



Exjfcjitk. 
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Qucmadmodum ccnlcrcs alicnum , mi Le£lor > fi omnla , qusc ad 
Huiui» Quadracura: dcclarationcm , vcl abcius Authore pcrerudito, 
veletiam amc inciufdem QnadraturxExamine allacafunc ^hk rcpc- 
tcrcm : ita,opinor, molcfteterres j fi ca omiccercm, qua: ad percipicn- 
qux agicancur , neceifaria rimc.Quid eoim vciliucis , quidfo- 
luptacisexilliuscUrpatationls coDcemplacione haoriaturtcuius fun- 
^amenca,capicaque przcipuamjnime pncft^ fiotialii^ue ex ope* 
nbusTd caieas*! vel qnx xgth confii]as« (int repetenda i Quod ne 
^curraturincommodums me^que hacc exercttatio ab ommbos 
paraca , quibus ipia iibioonftet : lequemibus altquot propofitionibus, 
vel ex tibro i o. Oper. Geom. vel ex Examine meo Quadraturaede* 
fiimpcis^viam parabo ad cotius concrouerfis tum flanimcumcom» 
pofitioncm percrpiendum : breuicacis camen memor i. proHxioribus 
<Icmonftracionibus, quz locts proxime cicacis habemur,abftinebo. 
Hic igitur primum fcnemadeligno» ▼nicum ifer^deinoepsTfurpan- 
dum.Quod ita habct. 

Duobusdcfcripcis Quadratis jcqualibus AF, A Dlarerc commu- 
^ A fi cQmmiifis » quatuor femi-parabok intra ipia dcfcribancur: 

quarum 
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quarum binac fibi obucrfe vcrticcm habcant ad Aifereqiic InD inter- 
feceot : binx itcm fibiobucrfx vcrticcm ad B conftituanc , rurfurquc 
ad pundunxC pundoB c diamctro oppofitum concurranc. Dua; 
priorcsfuncA PD,AID : dux poftcriorcs funt BLC,B H C. Para- 
Dcls A PD axiseft ipfum Quadratorum communc iatus A Bj idem- 
qae azis e(V akerius Paraboix B L C priori A P D fubcomrari^ po- 
iitae. Axbver^ Parabolac AIDeft A E : at aiis Paraboli? BHC, 
<)u«Parabohe AID ruboontraric poniciir» cft BF. Ezeo demum 
qo^ binae Parabolx \n kUDt bins icem in B 8e C coocurranc ; U 
flaarum robooDCrari^ pofitaram azis lic A Bj aliarum aucem axes finc 
daoQoadraaotum kitera A E|B F : (equicur eas omnes Parabd^ 
aEquales cflc , ean&mquc lacerareda , cflc xqualia inter ie } aequalia 
vero QuadraCQrum laceci A B» vel atii cuilibec lacerum. Qood 
oftcndo- 

Du<5lis Quadratorum diameccis A O D, B K C 3 cum Angulos 
BAD ad Axem A B, vcrticcmque A, Parabolac APDconftitucus, 
iit fcmi-re<flus: rc^ba A D Parabolam A P D fccans in D, vndcdu- 
citur ad Axcm ordinatim applicata D Bjlatus rc<5lum defignat acqua- 
lc tam applicatx B D, quam abfciffac axis parti B A, vt Lib. 3. 
Prop.^.Exam. Quadratjdocui.Eodcm modo oftcndam Latus rcclum 
Paraboix BLC clTc xqualc Axi BAtcodem etiam Latusrectum 
ParaboL-c A I D cius Axi A E abfeiCro ab Applicata D E j 6c Parabolx 
B H C, abfciiro Axi BI- ab Applicata C Ficire xquale. Eftcnim 
Angului E A D, ficutfic AngulusF B C,{cmi-re<3:us adverticcm, & 
, ad Axcm A F, B E cooftitucus : & ad Axem ^ pun^is D C, inqui- 
bus fccantur Parabdsei Hneis A D, B Ci dui^ac appUcacae D E, C F. 
Pofico demum teBto Lacere Parabolarum A Bseardmque Axibus 
confticacis : Parabolx ip&eo ficu ,qui aflignatuseft ,incraQuadraca 
iHadoo&cil^deicribipocerunc aliquoeorum modoqui plurimi ha* 
bemtir Libfo de Parabol^ in OpereGeom. vefquos cradidi in Ifago- 
g6 adCoflicaProp. ^i. Atqne barc eft pattium Schemaris fatptus 
deinceps memorandi praecipuarum defignacio rcliqux, quae in eo cer< 
f nmq ir y linex » (uo quaeque loco & cemporeadhibebuncur. 
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PROPOSITIO XIX. rhtmmu 

IN Schemace proxime confiicuto ducacar rcdla qua^Iibec 
M G N Axcm A B perpendicularis in G : qusr Parabo- 
las quarum vercex eft (ecet in L & H ; Parabolas vero^ 

quarum vercex eft A, fecec in I & P : Latera demum Quadra- 
torum in M & coiumque diamccros in K & O. 

Dico tam cres lincas G M, G K, G Hjquam trcs G M, G L^ 
G Kcflccontinuc proportionalcs. Icem m alccroQuadrato 
tam cres G N, G O, G I ^ quam ues G N, G P, G O concinue 
cciam proporcionates efle. 
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Quod cies G M, G K,G H i &ties GN,GO,G I } (quando fc^ 
camur ParaboU A 1 D, B H C, quarum Axesiunc A E & BF j (Inc 
continueproportionatcs,ajO[eritCycloffletra Prop. i6. Lib. lo.Opcr. 
Gcom. Propofitionc vcro fcquenti 17. idcm aderitde lincis GM, 
G L, G K i & G N, G P, G O^dum fccantur Parabolx A P D, B L 
C ) quarum Axis cft A B. Vtriufque porro Aflcnionis probationem 
ex Libro dc Parabola rcpctcndam ait,illius qoidcm Prop. 67. huius 
autcm Prop. ^i.quam tu confule ibidcm i nc hinc , fi cam adduxero, 
longius abirc cogar. Ad Inftitutum fatis eft hanc intcr tctnas &C tcrnas 
ilias lineas continuam AnaIogi;vnic^c conccpiilcf- 

OroUnmm. 
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Corottfirlum. 

la eodem Schemate. Siinter G K, G H media proportionalisfla- 
tuatur G Ti & intcr G O, G 1 mcdia G A. 

Dico tam quinque lincas G M, G L, G K, G r, G H 5 quim quin-' 
queGN>GP,-GO>GA»G I cfTc concinue proportionales. 

Demonjlratio. 

LincaGKpcr Proporicionem Antcccdcntcm eft mcdia propor- 
lionalis intcr G M 8c G H ; Efl: autem per eandcm Prop. G L mcdia 
proportionalisinter G M & G K. Ergo ratloG Mad G K in duas ra- 
tioncs acqualcs diuiditur pcr lineam G L, Scd racio G K ad G H 
qua: scqualis cft rationi GM ad G K,diuidicur eciaminduas arqua- 
lc$ rationes pcr lineam G r mcdiam proportionalem incer G K, G H 
conftieucam. Ergo xqaaies func rationes GKad&Gr&Grad 
GH,ratiombas G Ma(lGL,&GL adGK. Ergocontinu^ pro- 
poicionales (ant diax linex , GM, G L, G K, G r, G H. Eodcm 
modo probabuncor qainque lineae G N, G P, G O, G A, G 1 in con- 
tinua eile Analog^ Si igicur incer G K, G H &c. Quod erac demon- 
ibandum. 

PROPOSITIO XX. The^rma. 

Slnt du^fcries quoccunque lincamm continucproporlio- 
nalium i liccc vcriufque ferici ratio fit fpccic diuerfa. 
Dico rcaangula homologis duabus lineis comprchenfa, 
elle etiam continue proportionalia. 



A 


B 


C 


D 


E 


F 


Q 


H 


I 


K 



Sinc duxferies quinque H- 
ncarum,verbigratia,concinue 
proporcionalium A,B,C, D,Ei 
&F, G,H,I, K, licecharra- 
tionem obferuenc ab illarum 
ratione diucrfam. Probanda 



funtredangulalineis homologis A & F,B& G, &c.comprphcnra, 
efleetiani concinu^ proportionalia. Hanc proponit & dcmoftrac Gco- 
metra Libro deprc^e£ Prop. 58.de dupliciferie trium linearum 
proportionalium : (ed eius demonftratioad quotcunquc lineas exccn- 
di poteft.£ft autem eiufiiiodi.&atiQfeftanguliA,Fadreaangulum 

B,G 



1 
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B, G per Prop. x 3 . Lib. 6. Elem. componitur ex radonc A ad B, 5cra- 
tione F ad G : ratio autem rcdanguli B G ad redaDguIum C H 
componitur ex ratione B ad C, £c G ad H jquac arqualcs lunt rationi- 
bus A adB, & Fad G.Ergoratio rcdanguli B,G ad redanguIumC,. 

H, a!qualis eft rationi rcJanguii A, F, ad rcctangulum-B, G, rationcs 
fiquidcm cx ciidem rationibus compofitx , funt acqualcs. Eodem 
modoodcndctur ratiorcdanguli C, H, adrcAangulum D)I> com^ 
ponl ex sirdem racionibus , ex quibus componitur ratio ncdanguli 
B, G ad rcftangulum C,H > atque xqualiseflerationt ipfius rsftaia* 
guUB Gr ad r^AangulumCHrdc ita deinceps quocquot exdtcrinc: 
tcripim^oftcndetur tatioreftangulorumterminisliomologiscoiiteii- 
torum , eflefcmperaequalis, hoc eft > redangula hoiufmodi crunc 
contiDU^ proportionalia. Quodcnit ptobandum. 

Cum ergo in fchcmatc fupcriori tam quiiiquc lincsc G M, G 
K, G r 9 G H » quamquinque G N} G P, G 0,Xx A,'G i- finc cond- 
nuc proportionalcs , yt didum cft : crunt ctiam quinquc redangula: 
lincis homolog^s comprchcnfa continuc proportionalia pcr hanc 
Propofitionem;rcdangula fcilicct M G N, L G P,K G O, r G H G 

I. Quod cumica fit,qu«ccunqucducaiurHnca MGN, & quouisiui 
pundo G, Axcm fccct : hinc vlccriiis fkabilicur fequcn$ Propoilcio.. 

PRODOSITIO XXL r&r^flw.. 

IN codem fchcmatc, alrcra quacunque linea M G N a prio- 
rediucrsaad axcm perpcndicularitcr du^ai qua: vc prior» 
* diuidatur tamadlaeuam axis verlus M;.<]uamad dexcram 
verfus in quinquclineas ptoporcionales continue ab ci(^ . 
dem tamcuruisquam re^slincis:fieAt ctiam.in ca ^vc in* 
priorc, re(5langula quinquc proportionalta continucMG. 
N, L GP,&c. Id ftabilium cft. Vcrum hoc pofiro. 

Dico redianguiura k G Oad altcrum rcdangulum K G- 
0,racioncm habcrc duplicacam rationis \ quam habcc re* 
Aangulum L G P ad altcram rcdangalum L G P : cittfdeai- 
vero rationisL G P ad L G P, triplicata crit fatioredangdi' 
xG Aadaltcrum rcdlanguiumr.GA, Acdcniqueyciafdcm 

racionis 
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Et FromotHm Exnmen Qu^ idratura. 4 j 
Tationis L G P ad L G P, Quadruplicata eh( ratio reAanguli 
H G 1 adalcerum re^angulum HGL 

DemnJirMUo. , 

C^ffl quin(]ue fimcootinuc proporuooalta reAaiiguIauinprio* 
ra M G N» L G P9K G O) r G H G Li qu^m pofteriora quinque 
eidHem nomini^ & ordinis s fiot ver^ etiam duo prima redangula 
M G N> vnderomitinitium vtraque (eries redaogulorum , xqualia: 
hinciequitur per Prop. 17. Libri de Progre(£ veram eilchaacPro» 
pontionem. Duo fcilicec re^angub K G O, tcrciai duobus primis 
Al G N j habcnt rationcm duplicatam rationis duorum redangulo-^ 
rumLGP fccundorum ab iiMcm primis M GN tum proxime fe- 
qiicntia duo r G a, triplicatam. Ac dcnique duo H G 1, eiufdem 
L G P adL G P>quadruplicatam.Con(lat ergo yeritasPropoiiuonis. 

CorolUrtum. 

Exeodcm fundamento, cuiThcorcmaproximiun nititur , quod. 
eft citata Propofitio 17. dc Progrenionibus j fcquicur etiam retian- 
gulum HG I ad alterum redangulum HG I>habere rationcm du- 
plicatam rationi»; , quam habet recVan^ulum K G O ad alterum rc- 
ikangulum KGO. Suntenim in vtraquclineaMG N, tamtrcsli- 
nex M G, K G> H G i quam tres N G, O G, 1 G, proportionalcs con- 
cinu^. £rgo etlam per Propof. 10. proportionalia funt continue 
tria reftangola M G N, K G 0> H G L Com erg6 duo prima reaan* 
gula vtrio^ue lineae M G N ( nempe cedangula M G N ) (int atqua- 
liaiduo te^anguia HGI habeboocpercitaram Propbfitionem 27. 
Progrefllratiooemduplicacam ratioois , quam habeotdoo reAdogo« • 
la KGOfecooda , fiue primis proxima. Qaodetlam ex eo maoife* ' 
flumeft, qu6d ratib le&angulorum duorum H Gloficniafitqua* 
druplicata rationi duorum rcAangubrum L G P : quonimfattoois 
dufiicau eft ratio redangulorom (uiorom K G O. 

PROPOSITIO XXIL TUmmA. 

SI lincsc omncs M G N, pcr omnia Axeos A B punda G 
duciconcipiancur : rc(5tangula iliaquinquccontinuc pro- 
portiooalia pcr Prop. lo*. quaz in (iogulis lineisM G con- 
fijnioacor \ folida qutoque effonoaDt^quas ex quirique fii- 

G perficiebos 
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perficicbiis ad Axem A B ccrminads in alias quinque fu' 

perficies ad eaadem Axem cerminatas du^is gencrancur. 

• 

HxcPropofitio fola eget cxpofitione , vt eiusveritas pateaceui- 
denter fuppofica igitui duclus planiinplanum natura & definitioncj 
quamc^rcgie fuo more expofuic , & ad varias Geomctricas fpecula- 
tioncs fubtiliffimas adhibuit Quadraturx Author : & ipfe , quantum 
fatis erac , declaraui in Examinc Quadrat. Lib. i. Piiop. i x, Suppofi- 
'.id,inquam , quodplanamuialccrum planum eidem communiiac- 
fflino adhaerens duci dicatur : ccim omnes illius lineae per omniaifer- 
mini commonis punda dud« per cotidem lineas akerius plani 
Hucre concipiuncuc quoquo modb (ublimcs eodcm per motum 
iemper ieruaco ficu : Theofema hoc oculu ipfis Intuendum pro» 
pono. 

Primoitaque , concipiatur Hnca vnaaliqua G M erigi pcrpca- 
■ dicularitcr in G, eoqueieruacoficu perlincam.GN inplano Qua- 
dcaco AD iaccntcm ftucre donec aa vltimumciuspun<5ium Npcr- 
ucncric, haud dubie re<flangulum MGN > & quidcm quadraium 
dcfcripferic. Quod fi eodcm modo linex omnes G M pcr omnia pun- 
<n:a Axis AB du<E):a: ( quibusduac lineseextrcmac , A C,B F percxcre- 
mapunda A & B tranfeuntesdebentannumcrari ) per omnes lineas 
G N fluant: omnia Qiiadrata planadcfcribentj quibus ^blidum cx 
dudu plani Quadrati A F in planum quadracum A D genicum 
conftat } folidumque ipfum( quodCubuseft ) conftituere concipicn- 
cur:non quod quadratis illis planisindiuinbilibus r6Us (blidum con- 
fbri poffic, vc auQutCGntrafanioiem Philofophiam fibiperfiiadeDt: 
led itadidcur ex iuisconfici , qncmadmodum did (blcc planuih , ver- 
bi gracii» A Foonftare lineis red:isparandisGMperomntapon^. 
le^tae Ufiex A B duftisj 6creAa ]p(a A B conftare pundis omnibiis 
fuisj non qnod fola Indiuidbilia unepartibus quaiuicacis inccrpola- 
tis illam componanc j fed auia nihilnifi pun&tnn Ihdiuifibiie inel 
poiTic figillacim afllgnari aeterminaci» non aucem parsaliquaoerca» 
qua: alias plures infinicas non concineat , 6cex quibus non compona*. 
cur. Ica igicur Solidum ex Quadrato A F in Quadracum A D du£fco 
gcnitum , dicicur conftare Quadracis Infinicis, qua fingulac lincac 
GM inG N dudlac efformanc , vc partcs ctiam quantitatis licetin- 
deccrminacc medxas intcr Quadcaca fingula inccrcipiaocur. Sed dc 

lus • 
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Iiisfiiiiibdiflerendinoneftlocustiim liicfufficiatSolidorum ,dequl- 
bus agitur,gcDeradonem per dudumlinearum, omiffis partibus,rcde 
concipere. Atque hoc SoUdum eft primnm iliorum quinque, quac 
▼eniunt attendenda. 

Secundum Solidumeft , qood conftat le&angulis L GP> du&is 
enimlineis omnibusGLinlineas omnes G P iingulisin (ingulas, 
iiunt rcdanguh : quibns conftaredici debct Solidum cxfuperficie 
Parabolid A B L C in Parabolicam alteramruperficiem B A P D Tub- 
alcem^ pofitam dudaconditutum. Quodnon ali^ egct expofitione, 
quam ea , qoae proxim^allataeft ad Solidi primigenerationem con- 
cipiendam. 

Tcrtium Solidum fic cx rccflangulis KGO: quac , fi omniafu- 
mantur , cfFormanc Solidum , quod ex TrianguloB A C in Triangu- 
lum A B D fub-altcrnu.mdudo couHituitui. Patctcx didis ,Corporis 
illius procrcatio. 

Quartum Solidum contlaturcx redangulis r G a : quorum latus 
vnuni r G eft mcdiaproportionalis inter duas G K & GH : altcrum 
G A eftmediaitem proporcionalisinterduasG O, G I. Cxterum So» 
lidumliuiu(modi, irregulari quadam fiiperficie circunfcriptl Uneis 
- ledis A B, A C j reliqux, quae ducuntur > 6c curua, quac per puncli r 
in iineuiisUneis G M inuenta agitur dudlajin akerS item irrcgularem ' 
iiipernciem fub-alteroamsquam cnm lineis redb B A, B Diairua per 
Acranfienscominet , generatur. Quod quidem Solidum ad Quadra- 
toramhanc»de qo^agicur, nihil ^r^ conferc : confertcamen aliquid 
adordfnem quinquc iuorum Solidorum itGth ftatuendum:qub ftaru- 
tonuBavitcrius etusmentio faciendavenit. 

Quintum & vltimum Solidum conftar rcf^angulis H G I i & oricur 
cx du(flu irrcgularis fuperficici ( quam dux rc^a: lineic A B, A C, & 
curua Parabolica C H B circumfcribunt ( in fub-alternam itcm irrc- 
cularcm fuperficiem rcclis B A, B Di & Parabola A I D comprehen- 
lam.CuiusSolidigeneratiocxomnibusrc^languHsH G Icodcmmo- 
do fchabct, quoprodudiovel Solidi primiex Quadraco AF inQiia- 
dracum A D dudo genitiivel reliquorum cx aiTignacis fupcrficiebus in 
fub-alternas dudlis procreatorum. 

£x quibusicadedaratis, condatquomodo ex quiuque re^angulis 
illis MGN,LGP,KGO,rGA,HGI continu^ proporttonaBbus 
efifbrmentur quioque folida > & ex quibus foperfidebusinfubaker- 
nas dudis enaiUncdr. Quod crat propofitum. 

G 1 CmUMmm. 
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CorolUrium. 

Condac , hxc qulnaue folida , quorum fingula proxime determi- 
naui , cotidem ledanguuscoaftari^Nam lineas omnesM G N, quz ad 
omnla Axts AB pun£ba ducuntur, concinenc biera leftanguloram 
quinque i quorumvnumqoodque percinec ad vnamquodque Solido- 
rum quinque. Quoc crgo rcdaDguus cxmftabit vnam aliquod eorom 
Soltdorum ) toc reftangalisreliqua conftate necefleefl:. Quod (lea 
Solidaplano fcceucur aliquo, ad quod axisA B fic perpendicularis; 
quale^rec planum fuperlinea M G perpendicularicer creftum ad 
planum fubicAum AF, (iue baTim : commvinemSoiidorum:partes 
omnium Solidorum ab eo plano abfcKTa:, parl numero reftangulo* 
rumpropcer eandcm ratlonem conftabuncNamlinese omnes,quac ad 
axis pariis A G, vel G B abfciflac punda ducipofllint , redangula 
quinque fingulac concincnt:quoium vnumquodquc fibi vcndicant fin- 
giila illaquinque Solida.Adh.tc conftac Solidum prlmum quantitatcs 
contincrc, re<n:angula fciiicct , vel quantitatibus conftarc : quarura 
fingulx eandcni racionem habeant ad fmgulasquantitates , quas con- 
tinet , velquibus conftat Solidumfecundum i quam habent has quan- 
ticacesSolidum fecundum condicucnces ad quancicates , quibus con« 
ftittutur Solidum tertium > 6c (ic detnceps de quarto , &quinco Sob*- 
dodiceodUtmeft. Ciimcnim ledanguiorum quinquelateracomineac 
lineaqaxtibec M G N ad axem perpendicolaris ^ei^ae reftapgula 
fincconctnu^ proporcionalia:reft^dio6car Solidum primam continere 
redangata^quae ad teftanguta quibas oonftac SoIidtun/6cundam,e^n- 
dem lacionemhabenc} qnam hxc re^langula obreruant,ad redangtila 
Solidumcerclum con(licuentia.Ecn aiioqttivninsrcdanguiorumquinp' 
queieriei ratio , fpccic difFcrac ^ racione , qoam alia quazlibec urtes. 
quinqoeredlangulorumobferuac. Qaodnontancum Solidisintegrls 
conuenitj (edeciam eorum partibus , quae planls ab(cInduncor ad 
axem A B redis» vc propcer eandem racionem manife(hiin eft.^ 

PROPOSITIO XXIII. ProbUma. / 

PAraboIam defcribere per pun£b AdeB eiufclcm fche- 
matis rranfcuntcm : cuius latus rc(5lum Sic A B i Axis vc- 
10 ilc cc<^a K. V bifccaos ia R. perpcadicuUdceripram A B. 
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Coufifiifh* 

In recla R V, quse Axis Parabolx defcrtbjcndx fupponitur j fuma' 
cur R Z xqualis femtffi rete R A, iiue quarcx parti tocius kfteris redt. \ 
A B. Tum pontopando Z ▼erdce Paral>oIc»dclcri(>aturipfaPaca- 
bola per tria pundb A) Z> B : quod aBibluecur aUqoo ex tradidt niodif 
Telab Authore CyjdoiDetrixLibrode ParaK vel ^ Mydorgio», irel 
ab aliispaflim. Dico Paralsolx lic defcriptac Lacos reftomefle' AB« 

Demonflrstio. 

Cum in defcripta Parabola , pofita fic fagitraR Zxqualiiemiffi 
ordinacim Applicatac A R : crunt tres Iinc« AB, A R, R Z concinoi * 
proportionaies.Eft (Iquldem A B dupla Applicacae A^R > liatc ver6 ex 
condru^bione cfl: dupla fagittac R Z. Ergo Quadratum ApplicataB ■ 
. A R eft aDquale redlangulo , fagitta R Z & linea A B comprchenfo 
Scd idem Quadratum appltcatac A R eft xquale rcdangulo , quod 
fagitta RZ & Latus rcdum Parabolx A ZB comprehendunc, per 
Prop. ii.Lib. i.ApolIonijergociufdem Parabolac Latus rc^Ttum cft 
A B.Parabolam igiturdefcripfimus per AdcB tranieuncem , cuiuf 
JLacus re^um fic A B. Quod erat^ienduiii. 

PROPOSITIO XXIV^ rimma. 

SOlidum, qdodcistieracur ex duda crkngalimiiEti t^Stx 
A B^A^C ae linca Pambolica C H B cbmpr^fi^ ia 
triangulum mixcum pciori fiib alcernum redis B A, B Ds 
. &liaeaPaiaboIicaAID comprchcnfum : xquale cft Soli- 

. Q S . do» 
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. *dO|quod gcncracur cx fcgmcnto Parabolico A Z, B com* 
prehenib liaea Parabolica AZB,& re^ AB,in reipfuni 
dttfto. ' 

Huius Thcorcmatis rubiililTimi vcritas dcmonflratur ab eiiispri- 
mo inucmore Cyclomctranoftro Lib.i o.Oper. Geom. Prop.^z. Ad 
culus probationcm , ciun plura rcquirantur , quam hoc noftrum in- 
ilitucum.ferac : Ip(i]m ooofale » cumlibueric ! luc iatis eft» yc PfoDoii- 
tum conceperis > memoriaBque commeiidcs:hec omictas qux inlcho» 
lioPropofitionisiequemisif.ob&nio» 0 

CmB/imm, 

Ex eS , quam nunqnam fatis laudatus Author , afFert Propofitio» 
nishuiuj demoufbatione colligitur, dudas duas quaflibeclineasad . 
Axem A B perpendicularcs ( cuiufmodi funt MG N>V&Z) ab- 
rcindcre ex regmento ParabolicoAZBj porcionem quandamG C^ 
ZR:quae in fe duda Solidum generat xqualc SoIido,quod portio 
mixti triangiili A C H H B, ab cifdcm lineis parallelisM GN, V 
R Z intcrccpta , fi ducatur in portioncm altcrius mixti irianguli 
A D I I A, ab eifdem paraliclis intcrccptam ( qua: cft G I Z R ) 
gencrat. Eadcm enim demonftratio partibus quibuflibct a qui- 
buflibet duabus paraUeli , incerccpcis, seque ac toci fcgmcoco A Z fi 
coDUcnic. 

I 

PROPOSITIO XXV. Tfavrvm. 

SI in eodcm fchemace cencro R pcr A B remi-circiilus 
detcribarar A V B: femi^ylindrus (uper hac (end-circu- 

lari bafc A V B crcAus ad alcicudincm Larcris rc6ii A B 
Parabolarum , xqualis crit Solido : quod cx fuperficic Para- 
holica lineis rcdlisAC» A B, & linea Parabolica CL Lfi 
comprehcns^ in fubaltcrnam Parabolicam fuperficiem lineis 
re2Hs B A,BD, dclines^Parabolic^APPD compcehenfam 
4u£Ugeneracur« 

Demtifirn 



Et Promotum Examen QuadralurA. 
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Demonfiratio. 

Hxc mira Propoficio , vc potc qiia aliquid clrcularc in aliam non 
circularcm figuram transformacum cft, quod hadenus Gcomecria 
non pra:fticerat : Demonftraturabeodcm pcr-infigni Gcometra Lib. 
1 c. Oper. Gcora. Prop. 45 . & 51 .quam prolixa ratiocinltionum (cric 
ab co collcdam hicomicccrc cogimurilola contcnci,quod fufficiCjPro- 
pofitionc allaca : vide camcD fcholiucn. 

I^llcaliquid ei nonabfimiletquod praecedentis Propoficionis corolr 
larioobieniaoa ,nocanckitn venic. Nimirum fi in Diagrammacedbx 
quzcunqiie lineaE parallelx ad Azem A B ducancurperpendicula- 
tes( cuiufiBodi fiinc MGN>LVRP) quibus incercipiacur quiedam 
iuperficies tam circularis , vt G S V R i quam Parabolica G LL R, 
& G P PRfubalcerne pofica. Eric Cylindraceumfolidumfiipcrbafe 
mixtd C S V Rad altitudinem Lateris re<Eli A B eredum, xquale So- 
tidojquod iit , fi ducaturmixca fupcrBcies G LLR inmixcamfiib 
altcrnam fupcrficiem G P P R.Eadem enim eft parcium quarumcun-^ 
que hoc modo inccrceprarum probatio ; qux cfttotius fcmi-cylindri, 
cotiufque Solidi c^ fcmi-parabolis fubaicecnis in ie dudisgeoeraci. 

Scholium. 

Oftendi Lib.3 .Prop.^.Exam.Quadrat. poficis quibufcunquc acqua- 
libus Parabolis fitu (ubaltcrno adiaccncibus axi, ctfi Axis pars AB 
inccr Parabolarum verriccsA6cB incerccpta, non ficlacus recTiumj 
vthic latusrcdum cfie fupponicur : Si circa Axis parccm illamintcr 
vcrcices iotercepum fcmi-circulus A V B defcribatur i & ad cius 

diamecruia 
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diametrum A B pcrpendicularis quxuis linca vt G M, ducatur fcmi- 
circulumfccans in S j Parabolas vero in L 8c P. His inquam ,pofitis 
offendi ica clTe G S ad G L, vt cft G P ad iatus rcclum , quodcfthic 
A B. Ergo rciftangulum , quod rcJla G S, & Laicre rcdo A B con- 
tinctur , cft xquale rcclangulo duabus lineis ordinatim applicaiis 
GL, GP contcnto. Cumcrgo, vtlupcriub cxpolui , omnia redan- 
tula L G P conAicuam Solidum 3 quod cx Parabola A C L B in Para* 
bdam B DP A fQbakernam duda gcneratur : ctiam rcdaogula om- 
nta Itneis redis G S lc Laccre redo A B concchca, 5olidumcon« 
flabunc priori (blido aequale.: confia^cK aacem.femi cylindrum, caius 
bafis eft lemi^iroilas A V B, 8c alticuda Latus rc^uqs A B. 

Inhanc omnino modum,fi oftenfiifiient reda<{uaelibetG Qi 
Parabola A Z B abfcifla »efle media Droportionalis inter lineasG H, 
G H ParaboHs B HC, A I D obuerus abfcifias , vc mediam efie de*. 
mondrat Cyclomctra loco citato Prop. 14. conftac fegmentum Pa- 
rabojicum in fe dudum , SoHdum gcnerare ?cquale Solidoj qood 
ficexParabolis illis in fe miitu6 duAis>e6qu6d Quadrataomnmm 
linearum GQjconflcnt Solidiim ex fegmemo Parabolico AZ Bin 
ibdudo gcnicum : rc(flangula vcroomnia H GI fingula fingulis illis' 
Quadratis a^qualia conAituant Solidum cxdidis obucriis Cacabolis 
in ic mutu h dudis procrcacum. 

PROPOSITIO XXVL Thmma^ . 

IN eodcm Diagrammttc > dioifo Aze A B in qaatuor partes 
orqaales in pundis G, R, G:pcr qux linex ducancurad 
Axcm perpcndiculares G M, R V, G M, Parabolam cjuidcm 
AZ B lccantcs in Q^jXjrcdas vcro A D,B C, inO,& K, K. 

Dico Solidum cx porcione Parabolica A K Z in fc dudbi . 
genicamsiiota: cfle quantitatis tam continuiB^ quam dilcrctae. 
Solidum icem , quod fit cxmixta figiira Itncis rcftis G Q, G 
X> & G G, lincaque ParabolicaQ Z X comprehcnfa, in feip- 
fam du6la, in iifdcm norumcft quantitacibus : nccnon So- 
lidum natum ex trapezio A C V R dud:o in triangulum A R 
O. Ac dcniqae Solidum cx crapczio G K il G ia crapcziun^ 
<9 O O G dttfto pcocrcatum* 
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« t^CEFpcram bletepetatar mcthodus , quam in Examme Quadcacu- 
£li^{ti.i.adhibuiad horum quatuorcorporum quaDtitatem camcon- 
"mqu^m difbrecam inueftigandam , cumprzfio habeatur opu(^ 
a illud. Quare htc ibliim £piipgirmos referam , quibus eoram 
qoaacitas defioita eft $ Rt paratioc habeatur > cvun in icquencibus e^ 
fueritbpus. 

Primum erao SoUdum ex pottione Paraboiici A R Z in in ie ud- 
da genitum , u circuii radius ponatur i> eric iuxta Propoittionem 3 6, 

.Lib,i.ExaminIs 17 

Sccundum Solidum cx figura mixta quadrilatcra G X G 
inipducUgccucufn iuxca Sclxoiium Propoiicionis 50. Examinis eft 

Tcrtium autem Solidum , quod ex trapezio A C VR intrian- 
gulum A R O dudogeneratur, eft t vc habctur codem Lib. i.Exa- 

minis Prop. 46. 

Quarcura dcniquc folidum ex trapezio GK KGin trapezlum 
i^QOG pereandem Prop.4^. efi ^f. Atque fais numensitade- 
opacts , noi^ camiun homm, corporum ad inuicem coUacoruai 
^y&deciam racionum proporcio fadl^ inncycefcecad eunciism con^ 
jttHiem feucKracls racienibns. 

U Wb 9' Solidi primi t» ad Solidum fecundam ^ ratio tz^ 
ftopaefi in Imegris , qusc ^fl: numeri i z8 ad 103 j fi frafti reducancur 
iitaai ad.!candem denominatiBnem , cum redu£lO)rumtermini ad 
ItHOS Tcuoccncur : (biique Numeratores 1 18 8c 103 ,expuni5bis 
iwjiiacoribus tanquam inucilibus ( cum ipfi Numeracores foli rsh-. . 
mchi expnmant faeiorum ciufdem dcnominationis ) rctineantur. 
Qua c^i^m methodo Tenii Solidiad Quarcumraciohifcecerminis^ 
fx4& 3 3<4ecerminacun . . 

PJR.OPOSITIO XXVIL FtohUma. 

'lam apcriamus , qua cximius Geomctra ad (uamcircult 
X^uadfaturamprimaaipecucnUccoQatuiiig^ . ' 

•■• V"'. ■ • • •• 
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A. ^xC ARH in AIZR. i/f/, ^-a: ARZ w ARZ 

B. HGGH IGGl. x^f/jfArQGGX/wOGGX 

C. TAT A C V R ;>» A R O 

D. r;^ GKKG in GOOG 

E. «-.vACLR in APPR. veL Cylin. fuper kV^N 

F. fA; GLLG GPPG. vcl Cylin. Jupcr G S^T G 

HfC Propofitio omnuio neceflaria cft : vt planiusdcinde paccat 
quid in ea Quadracura probandum,quid rcijciendum videatur.Qaod 
porro prajftandum hk eftjopcra ac hand adco magnacx didis hade- 
uusabfoluetur. Acinprimis fupponatur, quod proxima Propofitio- 
ncinrolito Diagrammacc noftro imperacum eft.Nimirum, cenfca- 
lur Axis ABinquatuor parccs a:qualcs diuidi in pundis G, R, Gi 
per qux punda agancur lincx G M, R V, G L ad axem pcrpendicu- 
lares, & lecantes in hoc lchcmatc fparfas lincas , tamrec^as, quAm 
curuas Parabolicas, in punclis fuocharadcrc inuftis , vt ichcma rc- 
fcrt. Scdpriiisad vicandamcotcharacteum moleftam repctitioncni; 
cxpcdit SoUdorum,dequibus agcndumcft vnumquodquc vnicocha- 
raacrc infigniri : quo deindc appcllctur.Uaquc. 

Primum Solidum cx portionc Parabolica A R Z in fe duda eeni- 
S^^'^"»^ fccundum cx mixt^ quadrilatcr^ Hguri 
U QX G m ic item duda procreatum ,dicacur B. At ccrtium, quod 
cx Trapczio A C VR ducloinTriangulum A R O nafcitur,defig. 

nabicur 
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nabitiir chara<flcre C.Quartum autem ex Trapczio GK K G in Tra- 
pczium G O O G, characlcre D.Solidum quintum fit exmixtafi- 
^ ^ur^ quadriiaecra ACLR in adiaccntem Parabolicam porcioncm 
' AP Rjdiccti&rqucE. Scxtum deniquc, quod cx mixto pianoqua- 
«kilatcro G L L G in mixcLimquadrilaterum G P P G dudo nafcitur, 
cbaradere F infignictur.Quia vero per Corollarium & fcholium Pro- 
pofitionis 15. condat Soiidum quincum cx planomixto A C L K in 
planuB) parabolicum A P R du&o nauim icquale cde Cylrndraceo: 
' - eims bafis eft^ circuli Quadfa&s A R V> alcicudo ver6 Lacus redum 
.'APk tl^ctlam pocerk , £, vockari : ikuc dtci pMric , F, C^ffMiiar 
^ 4iMij^nm^ akjcudb eft eadem A B 1 bafis terb eft mixta %ura qua- 
Sfi^if^^ : eftenim CylmdFaoeQinlK>c per ciMCimi 

.^jfiiil aequald SoKdo. iexco proxime defignato. Vcautem lix deligna-. 
' 'lll^ .horum iex Solidorum , de quibus crebrior fucura cftmen- 
(k^oculis iaciliiis , cum opus fueric , occqrrant : en tibi cum fchc- 
f]0Foopfim i in qua , quae (ufivisdcterminaurunc, Ynicointuitu 
- J|)9i|p^Eb pofiist 

l^isita paratisccce ratioclnationcm dodiffimi Gcometrs. Si nofcL 
i'|po«unt duo corpora quintnm E &rextum F, qucmadmodum nota 
,*.^3Pif (^toftcndi prjECcdentcProp. 26 ) quatuor reliquacorpora A, B, 
'•'CiJD. Latcre non pocerit ratio , quam Solidum E habct ad Solidum F. 
. GfimautemSoHdum E acquale fit Cylindracco 5 cuiusbafiseftcirculi 
Quadrans A R V alcicudo vero A B Latu^rcdum Pnrabolarum : & 
Solidum F xqualc Cylindracco, cuiuseadcm eftaltitudo AB,bafis 
. auccmfigura quadriiaccia G S V T( quod expofui fnfcholio Propofi- 
liQms .25. ) nota pcrindc erit raiio Cyliftdracei fupcr Quadrance 
: M%S- crcdi ad Cylindraccumdalilefh alcitudinjs diperpSaihoinfX- 
V mi^ y C eiediim. Sed , qux rattoeft Cyiindracei illidsad Mhii^. 
Hygai|<^iHrft ratiebafeos A K Vad bafim G S T G per Prop. i iXib.t 2. 

Sii^^^rgo etiam noia eriiratiocitcuii Quadrantis ARVadmiX'- 
'<4^li^lt^OlXk quadrikktcnilli^ 5 T G. Qik> pofiCO leqDlHir-^cuIi 
.<;t^a£iluNi^ Nam diiiHs leai^R. S, $it*. Staor IIS T ae^ate crlt 
/^^i^toii R S A j vtcrque enim fexcans eftelrtttiis^o qi|iM ttdt^ R G 
**^^^*w.fit fenEiiffis* fcmidiamecri R A : ac proptCfCa fit fi^rtus arcAs 
Graduom 50 } cuiufiduptus cft^rcus S T. DemftO igitur fedoro 
Jrf ^x ligiifi.Quadrilatera mixt^ G S T G^yvt -tX ca relmquanftir 
jequalia triangula R C S, R G T : dempco auccm cx Quadrance 
•^r s'l8ii Y >fe^rc R A S j vt reliquus fiat feftor R S V.Tunccompara- 

Fjbi^ & & V oom4fttftos«ii^ 

H a ' ' curuiiincuiB 
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curullincum quidpiamcum rcdilinco } notaque crit ratio corum; 
practcrquod ad Quadraturam nihil dcfideratur. Atquc hxc cft feries 
totius ratiocinatiouis , qua Cyclometra intcntum colligitjfi quo- 
roodo poffit rationcm exhibcrc Solidi E adSolidum F,Pcrpcnden- 
dum igitur reO-at An , & quomodo ab co id abfoluatur : quod fequcnti 
Prop. exequor. 

PROPOSITIO XXVIIL Prohlema. 

EAdcm rcpetica hypothcfi cxpcndamus An nota fit ra- 
tio Solidi E ad Solidum F: fiuc ratio circuh Quadrantis 
A R V ad mixtum Quadrilatcrum G ST G ad Quadratii- 
mm ncccfTaria. 




A. 




C ARH 


tn 


AIZR. 


vel, ex ARZ /« A RZ 


B. 


ex 


HGGH 


in 


IGGI. 


vel , ex QG G X in QG G X 


C. 


ex 


AC VR 


in 


ARO 


D. 
» E 


ex 


GKKG 


in 


GOOG 




cx 


ACLR 


in 


APPR. 


vcl Cylin. fufcr A R V 




ex 


GLLG 


in 


GPPG. 


vel Cylin. Jitper G S T G 



Antcquamfundaaicma , cx quibus rationis illius E ad F cognitio 

coliigitur 




tM^Um > i^xamcn voccowr » vt quoad fasflieric» res nbaparum 
Qb.£curaciatpime expltoecurspropoEHBodaeft, &aneiMleiidaAu(ha* 
ijSfi^/^^f^^A- Ubro io.Oper. Geom. in.cifiauidein cotum latec 
ILecragoDirfoi iiutus myfterioin. Sicigicur ad vetbum fbuac (imod6 
c||{|(fll^eresfa)c|ic6s ,<)^ibu$f X tabella iupenore (defumpcis , vtor j eat- 
dffeiis^ citata Ptopoiicio appofic^ad hypochetim mei rcheiQatts. . 
. inquic ) Solidm £ Sotidm.FtmfMm kakerersiioitem, Id ica 

fMifLpftm^^ ^y^orisGeom^ mtam ejfe rMioiumSoiuUjiM^ 

SSf^SjImiliterDemoi^rMitimefi Prof,eJUemm$mnefferMsoBem SoU^ 
t^mtSoHdmmD. 

Hanc vcramque racionem nocamexhibui in Dumeris Lib. i. Exa- 
fl|ip^Quadrac. vnde eos ad Proppfidonein i^. fuperioremtrecoli com 
pisrgrc Cydomecra. 

j.^fetffOHjiratitm autemiefi Prop. 4.o.rationem Solidi A ad Soltdum B toties 
eiHinMererstionemSclidiC ad Sol/dum Diquoties hae rAtio SoUdi Cdd SO' 
IFdum D continet rationem Soitdi E ad Solidum F. 

..Grauior acqueac obfcurior , quamprima fronce apparcat , in hac 
oracionc lacec difficulcas, accuratius in rcqucntibusdi(cuticnda.Ince- 
rim oblcruaflrc nunc facis efto , eo cantiim nomine dici pofTc rationem 
Soiidf A ad Solidum B toties contincre rationem Soltdi C ad Solidum Djquo- 
tieshdc ratio continet rationem Solidi E ad Soliditm F{ qua: eft illa , quac 
inquiricur ignoca ratio ) quod racioncs parciales ccrminorum , quibus 
SoDdum A conflatur ; ad terminos , quibus Solldum B conflacur : finc 
totks muliiplicatx rationum partialium , quas habenc cermini Soli- 
Wini. C confticucntes , adcerniinos, quibusconfticuitur Solidum D, 
yfin^pli ad fingulos : quocies hx rationespartiales terminorum fingu- 
l£f.um ad nngulos s muhiplicacae (untracionum partialium , quas cer:« 
jmm^lidum £ confBcuences habenrad cermitios ,quibus Solidtim F 
^^^^pliflirlfocenimiblumexProp. 34&40. Opcr. Geom.quatci- 
l^pyoUigi poceft ; non aucemractonem cocalem AadB cocies con^ 
o^B^e p<lkoinlcipIicatt6nem ractonem cocaiem CadDjquoties hacc 
iBbf^tj^ rationem £ adF. hocenim falfum eft ipfo eciamiudtce,huius 
Qi|aKlracuracfiHitore R.P. Ayn(con,oftcndiqj fupcrius ProD.^ifed hare 
njcua^co&iter cx occafione verborum^uibus Author vfus cft,vcad'pIu-% 
iilnliaiic rem mferi^dicenda viam pflrem redeo ad Cyclomecram . 
\ Ighur,chmmuJmM$iimStfmM Soiide Asd SoUdmisB, {kfeeimds 
SM CiuiMidmmPsif^tm qitf^fte eji quotiesprimMcdniinesitjecuHdsm. 
^^fi^ittm notum quoqueefquoties fecundaC odDcontineat tertiamE- 
" " - ^ ofetimdiinim€idl>^tfifi$}eism nota erit riuio ierti.t 

■ .-H " .3 ■ £ad^ 
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EadF. Sjt^^ ^^^^ TXmonfirmdum. Hacc ctiam nunc lcuiter pcrftringo. 
IJotdfunt ffitiones prima A AdS,(^ fecunda Cad D. Nihil vcrius : eas 
cnim numcris exprcflas cx Libro i. Examinis nuper rctuli ad Propo- 
fitioncm i6. Notum c[uoque ejl quoties prima tonttneat Jecundam. Hoc 
ctiam vcriflimum eft : poteftenim Proportio carum facile rcpcriri , (1 
de fimplicicontinentia haec vcrba intelligi vclit Auihor : vcl fidecoii- 
linentia per multiplicationcm quxftio fit j haud ita latct eam conti- 
nentiam inueftigandi methodus , vt obtineri non poflit. Nequc vcro 
hic nullacontinentix illiusratio,aut mcntio habcnda cft : dc qua in- 
telligitur Propofitio 8. Lib. i o. Oper. Geom. quam expofui Prop. 
cum ratiofecunda Solidi C ad Solidum D terminis fuis totalibuscon- 
ftituatur j qui nullo modo partcs funt, vcluc Propofitio illa cxigit, 
tcrminorum rationis primje Solidi A ad Solidum B. Qja.x dcmum fe- 
xjuuntur vcrba , in quibus totius ratiocinationis huius conclufio, imo 
Qu.ulrat u ra: totius vel veritas vel fal fitas condita latct jhaud ira obuiam 
& planam admiitunc expofitionem. Sicenim habenc. Acproptereano- 
tum quoque ejl quoties jecunda ratio Cad D cotitineat tcrtiam E ad F.Qum 
crgoprima ratio A ad B fecundam C ad D contineat vel fimpliciter, 
vel pcrmultiplicationcm,necalio vllo modo,vtattigi, illa pofiithanc 
contincrc : cciam cum lecunda ratio C ad D toties contincrc tcrtiam 
E adF dicitur,quotics primacontinet fecundam j intclligi dcbctfc- 
cundamtotiescontincrc tcrtiam vcl fimpliciter, vel pcr multiplica- 
lionem- At ncutro modo fccunda conrinet ccrtiam : non fimplicitcrj 
quia fic ratio E ad F fbrec duabus A ad B, & C ad E tertia proportio- 
jialis : non per multiplicationem j quia fcqueretur fecundam tam cflc 
multiplicatam tcrtix , quam multiplicata eft prima fecundx. Quod 
vrnimque , ipfis etiam non confcnticntibus modo, (cdctiamconfir- 
mantibusQliadraturxfoutoribuSjfalfumeft. Scd hacc obitcr ad Au- 
ihoris vcrborum Paraphrafim tantum , etfi momcnto non carcanr, 
«dduda funto fufior cnim dc cadem Propofitionc , ciufque (cnfu 
habendacft Difputatio : quac ex dicflis hadenus ( huc cnim collimam 
omnia ) planiflima , vt fpcro, nec iniucunda futura cft quam hinc 
erdior. . . - 

. , : . PROPOSITIO -XXIX. Theorewa. 

RAtio illa tcrcia > dc qua a£lum eft Prop.proxima,SoIidi 
E, ad Solidum F : quic cadcm oftenfa cft Prop. 17. cum 
ffacionccirculi Quadrancis AKV admixtusn Quadrilate- 

terum 

«" - 
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^lfem G S T G : ab Auchore Cyclomccnx non cft definita, ncc 
.e^iWfitbg^o^ acqucadco ncc circuliQua- 

■^^lftfHt <i4 Wi^m pcrduda. . 

• Momtum. • 

^*'*^^ Pr(0/^i0 vmeitfer^fit 0d£xMmmre0§fMtds : vt ex ekufer' 
^j^^MveriUte y.vei fiUfitMe tis tMitietit tettt iehiie eeleierimd eireitii 
'^dirAturA ex dquo mitimr^fiie eeitfiiU eetnfeikttitr eiim siifno {- qmd 
' ^fiiiMs tnm Afferteribm fmhn Aggrefferiim m Itae eetome^A fr^» 
i^V^ffi) G.eemetrie£Eimlmiieme:(!iuAcufM[iie nd eMmfiaiitijmimii/^ 
^bi^p^rmandam occurrerint Argnmeitea , fiue ea iitm mUms Sxmmte 
mi&kxerim, eimt folutione haitemts carere mihi videmtturi fineex eo mfnH 
M/jfd faierim % eun^a mimre fortMffe mtmero qttim fondere fropomtmlt 
'^Mf^^h^Hteeiitemfliwda oeults fuhijciam, ^Memm heeefio frimmet^ 

^ Hemonfiratto Prima 

' -^[|^ cft apud Geomctrasconftituta &hadenusobreruaca !cx ,nec 
i3^j&;ib infigni Cyclomctranoftro violaca i nihil vccanquamGcomc- 
' "^^Umagnofcacur : t^aod auc pcr fc vclut Principiuni notum non {\t\ 
S^ceuidenci Demonftrationc nonfucric ftabilitum. Alffurdumenimefi^ 
Scfenus inqviic , ^i^swr/r^ i^^" Prohlematc Geometrico, qualc iftud cft> 
fine Demonjhatione quid:ju/im affirmare. Hoc crgo cilm ita fit , iam 
quxro , quando , quovc loco opcris ampllflimi Gcomctrici ab cius 
Auchorc mentio facla lic methodi ; qua ruio cercia E ad F cxdacis A 
ad B , & C ad D colligi poflTic j quam co maior erac cxponendi ncccf- 
fitas , quod ca ratio li ad F nec tercia ciTc poflitduabus datis A ad B, 
&CaaPproportionali$ jnccciusconcedacur toncs multiplicata ic- 
J^^jM C s^ D i quocies prima A ad ^ Cecandx C a4 D mulcipiicaca 

E^|igandi, altus apud Geomecras-eft in^udicus:1He igttur.fi^. 
|3fc^debec exponi priufqu^i;) circuli i ab^bkicam Quadra* ' 
I pronoQciec. Quod Argumencum ^[nkum Ci m p! iciflimum ,tc 

etct j fi^^maxiin^ ^i^ium abundc fuiBcic , vc conftec euidencer quaci» ' 
ftmdaoxenco aQcftKria^ racion^m ittam cei^am E ad F > Ciot 
4iijf^exicum petdud Quadracura hacmechodoqulllacenus poccft, . 
iipi^^dcfinitam , ac piK3«n<k iwc fa^iieman Quiblraniram. Qpcii 
||^;lpicmopiftrandum« ■ " : . • 

Q^ka^guam ver6 hac fimpKci obu^ione proximedeclavad i qii6A 
ftti^ liil te al ft rcpcriatur exTO mcckodus ccrciam racionen» ic* • 
-^m^Jt.. ^ . ccmiiaaodii 




^ ^64 LiherJ. Conjirmatum, 

f ' terminandi j lis tota plane confc^a fic : ca camen , quae tanto Geome- 

tra: mcriro debccLir jobfcruantia facfbum cft , vc cius verbis ( quod 
j Archimcdi vix concctlatur ) non omnis fic fides abrogata: fed varix 

fint icntatx viac i quibus , fi quo modo poircc , corum clucefcerec ve- 
I , rita.s i patcrccquc ,qiiO (cnfu tantus Author r.itioncm illam tcrciam 

nocam cx fccundx connitionceftici aircrueric verum incalsum haclc- 
I • . nus , vt hoc ctiam cx capiic confirmctur concepca de ea AflcrtioiKC 

■. vcldubiutio, vellatacondcmnacionisfentcntia. 

DemonHratto feamdM, 
. Secundum hoc Argumentum priori furarameft perfimlle/fc^ 
rodemloco pctitum.Dumenim cgregius huius QuadraturafrjSl^ijll^ 
K<P. Aynfcom meric6 quxri cerneret a pereruditoeius Aothof^J^tjl^ 
ceptore fuo , qusl tandem mcthodo terdam illam racionem E a^f^ 
duabus rationibus nods A ad B Sc C ad colligerec : non pocuif^j^ 
eius partes, quas fufceperac huncrecragonifmum exponendi,ct|^- 
dique,idprx cxteris exigcrenc s huic qttx(lioni non refpoiMii^ 
Qiiamrefponnoncm vc facilius , & accuratius deinccpspcrpbf^lipk 
• mus, prxftat hanc eius verbis prius rcfcrrc. Hxc igicur babec ( t&j^ 
camen feruacis chara^eribus indicibus ) dum Propoficionem 44.>£jtt« 
1 6. Opcr.Geomctrici pag.i 04.quamexpendimus , interpretatur«j|?^" 
Per Scholium prtcedens , inquit , rsttto 0cunda Cad D, tam mHltifUcm-r 
tei efi ratioms tertiA E adv quam r/itio pUni hyperbolui X. { planaha:c hy- 
* .. pcrbblica fuis characleribus appcllac iuxtaluum Diagramma ,quohic 

non cgco J /id planiim T miUtipLex ejl rationis plani hypcrholict Tadpla^ 
" num Z. Sed notumejl ( horum pr.x cxtcris vcrborum mcmor efto)f«ffli- 
• facile dedtui pcjfxt cx proprietattinsfpatiorttm hyperbolicorttm ^ quas AU" 
thor Lib. 6. accurate Demonfrauit y quam multtplex ftt ratto plani hyper* 
bolict Xad platium hyperboiicum 7", rationts plant hyperbo/tci Tad planum 
hyperboiuttm Z. Igitur (jr notum eji quam multipltcata ftt ratto Solidi Ca^, \ 
^ SolidumDi rationts SoltdiEad Solidum Noiaefi autem ratio SolidiC^ | 
: Soiidum D : tgit/tr dr neta ejl rstio Soiidt E ad Solidum F, ^^d ermP' \ 

! I>mMjhtmiimviterih^ conc\\id\iiinhMC ^adraturA primAnonffr0^ j 
tedo,quod fiabtlitM.bMc propofttitme > omiutiio fibi iUs conftet. . f 

Verinsdici nihil poceft qu^m ftabilicahac Propoficione 44. Lib.ic%i 
Cper.Geom.Quadracuram primam ,de qdl ibll nunclermo bdbt^ii^ 
£bi conftare , afcSblurilmque exhiberi , vc Prop. 17. deciarauL jj^tfi^^ 
minite verum , vc cx eadem Propofictone coiUlbt ^ cooftnb^^ 
candem quadraturam labefa^bri 5 fiquo modocitiKam,]Propf^^ 
iiem ifiam 44in difcrimh Tocari Go^ 
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ipottiiiibtiss qii9B io oracioiie Pacris Aynieom proxim^reladl 
_ MBiDior : quibus omiubus in aliiim locum reje^ vnicum interim • 
^f^^Nl^ei verbbillis, quap iam tum, dim aliii&featarettcuri prae cx- 
•Idbi^^BiAnja^ 

^^'^ mt dmtj^i (km fMtilh dedmi f§0^ ex frofrittntihm fiatiornm , 
ftHiiiB^urmn . qthK Aitthor Lih.6, MmMi immfirmi$)tpiMmmittt^lex 
'J^^l^t Non egeo plu ribus. 

Accoraciffim^ > fateor, te(1:6rque, dc fpatiis liyperbolicis nunquam 
fycis laodacus huius Quadraturz Author in maximum GeomctriaB 
ii^oiomencum quam plurima , eique inaudica dcmondrauic. Nihito* 
fflin^s an facilius dedudlum iri a quopiam ccnlcrc debuit Quadratu- 
raclntcrprcs illud,fine quo ftarc Quadratura non potcfl: , quam i 
fcipfo dcduftum foiflet, aut faltcm locus & propofitio , cum tam muU 
cis de hyperbolicishuiulmodi fpatiis agatur in Opere Gcom. fui{Icc 
defignaca ? Dcindc , Quid in Conicis tam planum ac facile rcperiri, 
cuipiam fuit aliquando perfuafum i vtcxpofitionc non egerc ccnfcrc- 
cur?eafane fcmper fiiit Gcomctrarum fentcntia ratione crcbraquc 
cxpericntia comprobaca inConicis nihil vulgarc , nihil nifi maximc 
l^rufum , nihU t/w$ facile , quod cxpofitionc non cgeat , contineri. 
'^^od cimi in hac maccria fcmpcr verum (it } tum maxime in his 
^'i^^t«0Eum .hyperbolicorum propriecatibos vetiffimom licecexpcririi 
fk^^iiaxtim nencio nuila apo^ quemquam atium qoim apud exi* 
ariMb!%bimc GBomecram repcriatur (blica (tii breoicate , nec fineob- 
' bBedncem oomicancehaec vc cxcera proponencem. Ad lixc* 
QuadrflKorx Aucbore non leoicerquelU foiilencGeomecrc 
leftum me &n^ io Esamine non polTum difficeri', nec pocuic. 
ocsriiebuiuslncerprecemlaccre ) qu^ Prop.44.recicac^pe< 
£^fi>lute Bc abfque omni ali^ citacionc, confecutionis nociti^ 
KSrtercfam illam rationcm £ ad F nocam alTeruiflc^ mirum iure 
f ipc<srprecem hac in eadem ipsa causit parium» auc etiam gra- 
tprioriim fciliccc aduer&us Auchorem querelarum non igna^' 
LDoftuIacionu difcrimcn minimc dcclina{lc:dum generali qusht 
\^am ali ipatia illa hypcrbolica appcllatione vfus , rcm de qua agcba- 
'^'^^quacqucdiflScuItatis caputerac ; pronunciauit//?»» factlem , vt a 
uif } proprietatihw Jpattorum tllorum nuUo negotio deducipojfet. De- 
jiecipfe, vt intcrprctis muncre cumulate fungerctur , conclufio^ 
Tpemad minimum vJquc apicCm dcducere, & cxplicarc. Quod pra:- 
'^^Hciirfi cum non fit : Quadratura non ab Authorc , non ab intcrpi-etc 




abfoiuta, fcd ^ Lcdorc Gcomccra dici dcbec. ^uodcrac 

.^.a.;^.. .„ Tv- I * Confir 
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'66 " "' Liber l.Confirmdtumi 

Confirmatur cuidcnicr proxima ratiocinatio mca. Vixquifqtfam 
fibi pcrfuadebit aliquando cximiumCycIomctrix Authorem, cum 
inilla fxpius memorata Piopofitione 44. Lib.io.Oper.Gcom.con- 
cludit. Ergo mtA ej} tertt;t ratto ( qux eft ratio folidi E ad folidum F) 
voluifle leniam ilia.m rationem per fpatiahyperbolica notam fieri. Sj 
cnim cius ca mcns fuilTet : quid, quxfo, obftabat quo miniis eara dua- 
bus tantum additis voculis in hunc modum cxprcflifrct. Ergomtaejl 
Urtia ratio pcr jpatin hyperbolica ? Ncc tantum obftabat nihil vcrum, 
ne alioqui Lcdorcm ludere viderctur ( quod de viro docliflimo iuxti 
ac opiimo alienum cft fufpicari ) vt animi fui fcnfura ita aperirctj 
fuadcbat,im6 cogcbat rci grauitas. Quid cnim tototamamplo in 
operc Geomctrico grauius quam ea conclufio,cx qua proxime & 
immediatc colligi dcbcat,qux vna propofita eft, circuli Q^^adratura? 
Atque hanc fcncentiam meam confirmat non leuiter j quod cximius 
Cyclometra fpatiorum hyperbolicorum mentionem nullam ficiat aut 
Libro 1 o. Operis fui Gcometrici , vbi Quadraturas expouit cx Infti- 
luto i aut Libro 6. vbi fpatiailla , coruraquc mirabiles facultates accu- 
ratifllmcprofcquituri non vtiquc prxcipuam 6c ad fcopum fibi pro- 
pofitum apprimc vtilcm ac maxime neccftariam prxtcrmilfurus , 
iiqux fuifletabco obferuata huiufmodi. Scd ncquc deinceps akcr 
tanti Auditor Prxccptoris R.P. Alphonfusde Sarafa corum fpatioJum 
Viquam mcminit in folidiflima illarefponfionc , quam aducrfus Mcr- 
fenni cenfijram confcripfit : in qua dc fpatiis hyperbolicis egit tam 
copiosc j vt nihil prxterea defiderari pofle vidcatur- Qui crgo facul- 
lashxc prx cxteris infignis , & ad tucndam , quod agcbat , Circuli 
Quadraiuram tanti ponderis ac momenti ipfum efFugerit ? Atque cjc 
his cuidcntcr conftare cenfco prxtcr AuthorisQuadraturxmentcm 
fpatiorum hypcrbolicorum mcntionem hic ficri i nouamquc potius 
TctMgfMiifinbabfiiluendi mcthodum fabricarc , quamab co fabrica- 
tam lucri vcllc yAuvnex illisfacHe dedtui afferitur cognitio tcrtix illius 
rationis ad Quadraturam omnino necclfaria. Ac proindc, nifi dedu- 
catur,aut deduci po{re faltem demonftretur cadem illa ratio y ii!hinc- 
rito dicatur adcxitum perduclam efle Quadraiuram. 

Demenjlratio tertia. 

Etfiduplici proxima argumcntationc conftct cuidentiflim^ ( quid 
cuimconftct euidcntius,quam, cumdc fiifto agitur , nonfadumiurc 
ccnfisri & pronunciari : finufi^uam fodumcomperiaturj nccfadum, 
fed fiert faci/e poffe oroxxo fa<fkum Aflcrcntium affirmct ? ) abfolutam 
Quadraturam nequc ab Authorc ipfius cxhibitam j nequc ab Autho- 
ia incerprctc promotamnifi accedatceriis illius tamfxpe memoratac 
- • rauoots 

• - (jOO 



jl^lKilV^Ea^F firtkfii» ttiif(|QC cerfninis expiei& esiifticiicb. Quia 
f»l«c||:^UQcl/Kf/r fitrifoJfezStdBat , ttnooainfiLdoinadmittifeftal^ 
[^f40^^lfkm cxpendere quim hd\h cx tpaciis hy perbolicis tert|aai 
^ Ibpem ^ucere potuerit R.P.,Ayoicom : quod equideai 
ade6 difficile mihi vifum e(k i Tt iliter impoflibilia rcponi 
. ^ oftendcro( vt me (pcro euidenter o{lenrurum| 

n lcui probacionepaicbitiamterci6 veritasallacx propoficionis. 
?rTm6 igitur ia memoriam reaocanda eft mira ilia fymbolifacio 
li|ip-^trap. 1 6. cxplicata i qux incer fpatia hyperbolica» ^ raciones 
StUm jfpatia iila abfcindcQcium i U incer Progrcffiones Arichme- 
isProgreffionefquc Geomctricas apte dcbitoque ordinc compofi- 
, tas inccfccdit : 6c fi quiddefit huic loco ncccCfarium , de nouo fupcr- 
addendum. Cum crgo tanta fic , vc cicata Prop. oftcnfum cft inter 
,.j^iia hypcrbolica & duplicem numeroruro didam Progrcflioncm 
^^Enitas -. omi/fistancifpcr fpatiisillis miniis tritis numeros alTtimamus 
lifebis magis familiarcs ac notos. Sinc icaque quatuor Progrcffioncs 

• pcr rationcs fpecie diuerfas extenfe : quarum primi tcrmini fint 
?cqualcs,quinquc autcmfintearumdemtcrmini , vthocin (chcmate 

'^j^nicur i ac fingulis carum tcrminis apponancur dcbiti tcrmini 
jWrithmcticaicommunisProgrcffioDis. lam , liconferamus tcrminos 

• prirax Progreffionis Geomecvicac A>B,C Scc.cum tcrminisProgref- 
^$c»)ts^rtkBL, M,N &c. homologos cum honioiogis : conftat per 
^PsoiftiioJ^b.^. Elem. rationemC ad N efle dopticatam rationis D 
^itllQ : ^ii^dem raKionis D ad O rauonem B ad M efle triplicatam ^ 
^|^|(^}lltpCKam alatem eiofciemeile rationem A ad L hibcautem ra- 

, jq^ tcrinini ProgrcflSoiiis A , B ,C &c. habent aci^cermioos 
sProgcefRonis L«M*l4 €ec. muhtpiici^ip^ iie(ignanc 
liiHM Atithnieckx Pro^tcffioois iiil^ Ecce 
llll^lC adN cftduplicatafarionisDad O > quo charadere idtle- 
jilft^l^l^e f)o^ vtrique termino cam C quam N adhxrcnce 
n^«%i|ffa^ Idem in c^plicatl ,;^quadrupU- 

^lbc^ obferuare , le^ueri liccc. Adeo vt ideOftercpinus Aj^j^ 
ticat ProgreiTiQii^fecliMnoC Progreffioni»/£i^^ appoitus, 
9 &t4m fic £ X poncQS moltij^icationis , qu^ r acio C ad £ m ulcipii. 
^cat rattonem D ad E cermini^ ciufdem Pit^rcffionis conftitutam , vt 
|PK>p.f.5.docui: ^cd etiam multiplicationi^ ; qna ratioC adNmdti- 
^ilieslt radoncm Dad O eMpEcfftinterminis homologisProgrcffionum 
.*f. o^oetrarum. Idcm dicitodc racionrbus, quas habent tcrminf homolo- , 
giduarum quarnmcunque Prqgirfjjoftiim Qcpiai^Cljjjllpl sjj qodem 




6i 



Liberl, Confimatsim , 
















B8i 


C4. 




E I. 








I. 


0. 




G 17. 






' Ki. 


4- 


3. ... 


2.- 


I. 


0. 


L 156. 








P 


4- 


3- 


2. 




0. 




R 115. 


S 25. 


T J. 


V I. 


'4. 




2. 


. I. 


0. 




BG 5J. 


CHij. 


DI5. 


£K 2. 


8. 




4- 


z. 


or 


L£ 8$i. 


Mfl i8^.NS4.i* 


OTi^. 


.PV 2. 


. 8. 




4- 


2. 


\ 0. 



Qiiibusicadc- 
claracis. Si plu- 
rium Progrcffio- 
num ab eodem 
o. 'priina mc^v^ 



mdogt ternikfl'* 
fimiil addm^fi^ 
fic()ue adfiE^>'i|| 
lermiiMis kofft^. 
logos vMA^ 
alinrum Progtw^ 

fioDuittabeodjBa^i 
priorum gfi^nii^ 
cerminD 

Irumconfera^i 

Vc in fchcmatc tcrmini duarum Progreflionum A, B, C &c. & F, G-^ 
JH &c, homologi additi conferri poflum cum ccrminis homologis duait 
rum Progrcffionum L M N &c. Q^R , S &c. fimul addicis. Tunc , ft 

. fimi l ctiam addaniur Exponcntcs icrmmi Progreffionis ArithmcticXr 
iingulistcrminisGeometricarum Progrcffionum affixi , vt additos in 

. fchcmatelicetintucri : haud quaquamindicabunt huiufmodi tcrmini 
xnultiplicationem rationum terminis Progreffionum Gcometricaruro 
additis conftitutarum i velut indicabant cum fimpliccs rationcs ccr- 
minis Progrcfiionis vnius fimplicis ad tcrminos aUcrms fimplicisPro» 
grcfsionis rclatis conftitucbantur. Quod quidcra in hoc Paradigmacc 
per fe patct. Racio auccm aperu eft. Termini fiquidem Progre(sio- 
nam diueHarumperrationesfpeciedlueiias propagataruBrfiiSaiilji ^ 
fUKi , priores ^pas o^niabaat , raciones CQolqiidiiiK 
i|ifien&s commacam s At cermini Exponences» fiuefemAnl \ 
^ tjytfleProgrcfsiooishomologi addiuer(lUl^ogre(sldots O 
perctiientesyfi fimul addancunicnipeirl^o^^ 
Cttiustei;piini ccjiiali femper 

i7.'demonftraut poft IpuimQuadratUf^AudbcnmPio^ 
' Pn^efil (^fl^ ArichmecicAProgfei^j^radditionemdeW 
; nicaVnon minus apcacft ad exposieodam multiplicatiooemratloi 
i^ast^rmini Gcomccricx Progrefsionis obferuanc f qil^m iplsi^ 
plex vulgaris Progfcisio Aritlimecica. Etenim in fchetnate , Prp£ 
fiooisAritbmecicflc 8, 4, i, o,ex Addicione duarum Progrc{sloilisj;il«^ 

vi4gyH»PgWMtg<tciniim^^ 4 nonmlniis cofiflliHrdttabHiBiillft^^^ 







£f PromotumExamenQjiadratHrA, 6^ 

fi^iHpixviVCi altcram, qux eft x , Progrcfsio extcnditur j quam tcrmi- 
aus z vuIgawsProgrefsjonisnumcrorum 4,3,1,1,0 : ncc miniis aptus 
iHcfucricadinciicandam rationem duplicatam interterminos Progrcf- 
fionis Geomctricx , quam ifte-i cfto exprefsius duplicacioncm iliam 
vacioQumindiccchicterminus i,quiim ilic^. VtfuperiusProp. ij.dc* 
dAistui ) quam ad maiorcm horum cuidentiam coniulc 
.: Hicdemum obfcruari debct,ratioDcs,quasimerfchabenttermi- 
Di h^iiMpgi duarum Progrefsionum Geometrtcarum , quaics func 
Pl|^iteiooes A,B,C dcc.& L,M>N, 8cc. quxconcinux Don func j 
c^^iiuari po{Ie Progrcrsionem vnicam Geometiican) confticue»* 
^jj^qQtdemietmiius, tamen xquiuaiendbus expreflam. Vt , in 
apptliatis duabiis Progrefiionibus , ratio termini C ad N du« 
«ft» vieicElementis oftendi (uperijb , rationis D ad O > Sc ratio 
[^efi^eiufilem D adO cripITcata : & ficdeincops difparatis , nec 
Qfi^ ttvmino coDnexis radonibus. VeriUn > fi nat Vt O ^ad D %f. 
jfad I j & rurfus , vc D 1 ad i , ica i ad vt i ad ita-f ad 
*5?^|fe.habcbitur Progfcfsio Geometrica -J- > , 1 » 2 j 4 > critque ra- 
' |k^f duplicatarationisD ladO^tcuius racionis duplicata eft 
- • C^adN 1 6, R.atio.ver6 -f ad 4 eft triplicaca eiufdcm rationis D s ad 
j(J^iif^iuldem tnplicata eftB 8 ad M ^4. & ica de cxteris (equen- 
l^afl^^Minohim rationibus, earumque multiplicatione diccndum. 
eiir £x iTrmiccr , & quantum fcrc rationum nacura ».aperte confti- 
' Q|^.9haDc coliigo raciocinactonem. 

ticfumaturfchema fupcriiis allatumj in quo quatuor Progrefsia- 
ncsquinquc numerorum proportionalium habentur , primique fin- 
. gularum termini funt acqualcs: fingulis autem Progrcfsionibus illis 
Gcometricis totidem appofit.x funt Progrcfsioncs Arithmeticac , eo 
qui Prop. I4.explicacuseft ,ordine : quarum terminicxponunt multi- 
. ^cationem rationumjqux intcr terminoi tam ciufdem Progrcfsio- 
. nis , quam diucrfx ,rcperiuntur : vt in fupcrioribus declaratum cft j 
qua: hicprac mencisoculis a ftudiofo Le^ore haberi peruelim tunc 
neccrcioriUuBQhis,quacfubiungo ailenfum vtcro prxbicurum. 
ur terminiliomoi<^tam;duarumPcogrefsiontom A,B,C^c» 
„G,H9&c,qu^mduan]mL,M,N Addancuretiam 
jt^E^jiniiilft^ Arithmedcatum icrminis 

; '. ?^iigff^l^t^t!db^^ appofiti \yi a4 taksm itte-, 

'r.MlitcSfrriii hiWiih^M 97ia<l6: 
Ij^ce^j^duabusiS fid fcl ^^ i &f 81 ad K. 

eft dupli^fta[facicMiftX4 ad E n hxb ver^ duplicntA 
M.im^mfii^wum eft rasioiiem.coifllcmCH* 
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70 Ltler L Conjlrmatumi 

I 3 adE K i conftare duabus partialibus rationibus C 4 ad £ i 6c I 3 
adK 1 iuxta Prop. 8. Lib. 10. opcrisGcom. quam Prop. 8. cxpoliu 
quarum itla rurlus dupHcata cft rationis D 2 ad E 1 > ha:c ver6 
duplicata rationis I 3 ad K 1 . Idcm diclum puta de poftcrloribus 
Gcomctricis duabus Progred. L , M , N Scc. CV^ll , S Scc. ccr- 
tum vcro eft ncque rationem totalcm A F ad • E K , duplicatara 
cflc rationis totalis G H ad E K : neque rationcm totalcm C H 
ad EK, duplicatam totalis rationis D i ad E K. Vndc porro ha- 
bctur ha:c ccrtitudo ? attigl fupcrius : lcd hoc ipfum ex P. Franc. 
Aynrcom nnnc prxflat zu6\vceoquud , inquit in fcholio Propofitionis 
40. Lib. I o. Opcr. Gcom. quam interpretatur, amnes rationes partiales 
diuerfjt ftnt fme dtjfimtles. Ncque alia ratio affcrri debct, cur in lccundo 
cafu ( iji quotcrmini rationum ad diucrias Ipedlant Progrcfsioncs j ra- 
tioiotahs AF 97. ad LQ^8 1 duplicatanon fitrationistotaiisCH 13 
ad NS41 : velratiototalisC H 1 3 adN S 41 nonfit duplicata totaUs 
rationis D I 5 ad O T 9 : quamuis rationes partialcs A ad L 6c F ad 
duplicatx fint rationum partialium C ad N & H ad S , fingulsc fingu- 
larum : &: panialcs hac C ad N &.H ad S fingulx fingularum D ad O 
& ladT fintetiam duplicatx. Imodc hoc folocafia loquitur citatus 
Author. Sunt fciiicct rationcs partlales difsimiles :quarum proindc 
termini fimuladditipriorem,quamhabcbanthabitudincm, mutuant 
contra quam contingeret, fi ratioues fimilcs intcr fc forcnt, vtdcduci- 
turexProp. 1 5. Lib. 5. Elcm. 

At vcro , fidc 
Progrefsionibus 
Arith. Gcome- 
tricas Exponcn- 
tibus fcrmo fic^ 
habcndus , longfe 
alitcr & fenticn- 
dum , &Ioquen- 
dumcft.Nam,vc 
paulo ante iam 
oftendi : ctfi icr- 
mini homologi 
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I Et Promotum Examen Qjsadratura, 7 1 

Tcilicct quoad quancicaccm niimcri , quoad habicudincm cxcersus 
DODmucancur. Ica vidcs ccrminum 8 conflacum cx Addicioncduo- 
rumcerminorum4&4Ccrminis A & F adhaercncium > fi ad tcrmi- 
num 4 rcfcracur ,qui cx Addicisduobus ccrminis 2 & z ad cerminos 
C & H Progrcffionum Gcomecricarum pcrtincncibus genitus eft i 
nonminus apce indicarc duplicationcm racionum , quam indicarenc 
duo fimplices tcrmini 4& i fimplicibus ccrminis A & C , auc F & H 
adhxrcDtcs : tam cnim 8 excedic ^duabus difFerenciis fuac Progrcf- 
fionis 8,4,0 quam ^excedit 1 ,difFercntiis duabus Progrcflionis fujc 
4, 1, o Illa fiquidem progrcflio crcfcic difFercncia fiuccxccfFu perpe- 
tuo 4 j harc auccm exccfFu 1. Quocodem iurcccrminus^excerminis 
duobus 2 & 2 , qui adhxrencicrminis C & H Gcomctricaruih Pro- 
grcrfionum, gcnicus rclatus ad 2 cx i & i genitum non minusbene de- 
clarat racioncm, verbi gratia, C ad E dupTicatam elFe rationis D ad E i 
quam tcrminus 1 tcrmino Geometrico C affixus , fi ad i termino 
Gcomctrico D affixum rcfcratur ; fic cnim ctiam hic duplcx Progrcf- 
fio Arithmetica ncmpe 4, 1, o : & 1 , i , o. llla crefcic pcr numcrum 
progrcffiuum 1 i hacc vero pcr i : terminus aucem 4 , non fecus quam 
i,duobus conftac numeris progreffiuis 5 ac proLnde acque apte ac i , 
duplicationem rationum declarat co modo , quo didum eft. 

Qux ciim ita fint. Si tam multiplicata eft totalis prima ratio AF ad 
LQ^rationisfecundx CHad NS: quammultiplex eft terminusS 
terminis rationis AF ad LQ affixus , termini 4 ad racionem CH ad 
NS pertincntis: &deinceps , fi tammultiplicata eft totalis ratio fccun- 
daCH adNS,rationistertiie D ladOT : quam multiplex cft termi- 
nus 4 Exponcns fecundx rationis , rationis tertix cxponentis termini 
i. Cum ccrminus 8 di>plex fi.t tcrmini ^.hic vcro duplcxtermini 1 : 
aflerendum forct rationero primam A F ad L Q^uplicatam efFc ratio- 
nis fecundsc C H ad N S ; hanc autem C H ad N S duplicatam rationis 
tcrtiae D I ad O T. Vel etiam ( vt candem ratiocinationcm ad altc- 
rum callim, in quo rationes eiufdem Progreffionis comparantur ) ratio 
toialis prima AF adEK, dupticata foret racionis fccundx C H ad 
E K : hatc vero C H ad E K , duplicata tcrtia: racionis D I ad E K. 
Quodin primis canquam a vcritatc alieniffimum , & Quadraturac 
.uthorisfententix contrarium , cum paffim in fua Quadraturarum 
deduftionc j tum prrcfenim ciim admcum primx huius Quadraturx 
xamen ,&adHugeniEretafim refpondec 5 long^ longius reiicitP 
ynfcom : idcmquc antc ipfum rcicccrai P. Alphonkis de Sarafa. 
ec mirum fi a iam pcrfpicacibus Geomctris rciiciatur : ciim non 
tamum id pcr fc falfum cfFc 5 vcrum cciara hanc Quadraturam,quam 

tuebamur. 
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y L Liher L Confirmatum^ 

tucbantur , pcnicus labcfadari , fi id admittercciJr jlpfos non latueric. 
At flilfum lioc,&: abfurdumcxquoalioPrincipio profcdum cfl nifi 
ex eo,qu6d ad-fpacia hypcrbolica prouocarit Qiiadraturx Intcrprcs 
P Aynfcom ? Quarcunquc cnim dc duplici numcrorum Progrefsionc, 
Gcoraecrica fcilicec ,& cius Exponcnce Arichmccica hic declaraca , 
probataquefunc: cad m, vcProp. i6.oftendi,dcduplici Progrefsio- 
ne , quam fpacia hypcrboiica oblcruant , dici dcbenc. 
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A. fxC ARH in AIZR. 'vd.cx ARZ ARZ 

B. rvHGGH in IGGI. ^'f/,rArQGG X /wQGGX 

C. fAT A C V R A R O 

D. ex GKKG m GOOG 

E- ex kQhK in A P P R. vel Cylin. fuper A R V 
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EnlgkuTVtfaci/eperproprietatesfpatiorum hjperl;olicorf/m qnas Au- 
thor ^iuadratur^ accurate Ltb. 6. demonfirauit notum mbis fiat j quam 
multiplex fit fpatium hyperloltcum fecundum fpattj tertij , atque adeo 
(quodhincdeducitcicacusQuadracurx Incerprcs) ^«^w fit ratio fe, 
cundaCadDnota{ cabcllam Propofitionis 27. confule ) multtphcata 
tertia , quainquiritur yrationis E ad f f' talc fcilicec pcr haspropriccates 
fpaciorum hypcrbolicorum nobis innotcfcicfpatium cercium hyperbo- 
licum , vt eius duplex neccflario fic fpacium fccundum i qucmadmo- 
dumcuidcntcrdcmonftraui opc ProgrefMonis Arichmccicx , quam 
oblcruancfpacia ipfahypcrbolica: quo fitex mcntc eiufdcm lutcrprc 

cis 



Fromotum Examen Quadrafurx. 7 3 

cis in (cholio Propoficionis 40. Libri 10. Opcr. Geom. apercfe dcclara- 
ci, vt contra eiuldcm racmcm cicatis nuper locis non minus apcrtc 
declaracam, Sc contra apercam vericatem, racio fccunda C ad D nota , 
duplicaca fit racionis ccrtiac E ad F : vndc 6c lixc ipfa tam facil^ , quam 
faUo innoccfcat , 8c falfam , quac ex ca racionc tcrtia fcquitur , Qua- 
dracuram prxbcac. Perperam igicur, ncc fine quadam , vc fupra atcigi, 
exccllcnciirimi Auchoris fui nota ad fpacia illa hyperbolica , ad mul- 
tiplicitaccm qua: mulciplicacionis racionura vcruscft charadlcr, nos 
ablcgauit Qu^adracurx Incerprcs j vtexponerct quo fcnfu Author af- 
feruerit Proip.^^notam ejferatjotiem tertiam £ ad fex eo quod notajit 
[ecundd Cad D. Quarc conftat Propoficionis allacsc vcritas hac ctiam 
cerciii dcmonftracionc . 

Confirmatto tertU huius demonjlrationis. 
Tocumhuius tcrcia: dcmonftrationis momcntum cx eo pendct : 
quodomncs tcrmini homologi omnium Progrcffionum parciaUum 
Arithmccicarum Progrcflionds Geomctricas parcialcs Exponcncium 
fimuladdici , Progreflioncm cocalcm Arichmecicam confticuant, vc 
Prop. i7.cfl:endi,ciufdem rationiscum parcialiqualibec Progrefllone, 
6c arque apcam, ac ipfam , ad Exponendum Progrcflioncm quamli- 
becGeomecricam. Ac vcr6,cermini homologi parcialium Progrefllo- 
num Gcomccricarum , fi fimuladdancur ,ncquaquam Progrcflionem 
totalcm Geomecricamconft:icuanc,c6qu6domnes parciales Progrcf- 
fioncs illxGeomecricx diflimili racione progrcfljua conftenc. Vndc 
fcquitur , quod conclufi abfurdum concra Quadratura: Intcrprctem 
aficrentem racioncm fecundam C ad D nocam,tam cllc mulciplicacam 
rationis tcrcla: E ad F ignotx 5 quam mulciplcx cft ccrminus Arichmc- 
cicx Progrcflionis cotalis exponens racionem fccundam C ad D , ccr- 
mini ciuTdcm ProgrcflTionis 5 qui cxponit racioncm tocalcm certiam E 
adF. hinc cnim collegi ( quod ablurdum cH; ) racionem fecundam C 
adD duplicacam cfTe rationistertix E adF ,c6 qu6d tcrminus Pro- 
greflionis Arithmcticae totalis Exponcns fecundam rationem C ad D, 
fic duplcxccrmini Exponcncis racionem tcrtiam E adF. haec cft tota 
fupcrior ratiocinatio mca: concra quam non-ncmo fortaflc obiiciat 
R. P. Aynfcom AuthorisQuacfraturx exeiusmentc&orclnterprc- 
tcminfcholio Propoficionis 40. Libri lo.Oper. Gcom. difcrtiflimi 
affcrerc tcrminos parcialcs homologos Arichmecica:. Progrcfsionis 
( quam fpatia hyperbolicaobfcruant ) fimul addicos non candem, aut 
aliameiuldcm nacurx Progrcfsioncm Arichmcticam continuare (de 
haccnim folacius verba poirunt intelligi , cum dc fpatiis hypcrboli- 
cis ioquacui; > qu£ cam cop(Ucuuac> pon auccm de G^ooiecrica > qux 

' • • K imec 





incer linca^ fpacia intercipienccs rcperkur ) quia , inquit ,"<w«^rM/^&' 
nespArttalcsjHHtdiuerJx. Quod iiitaefti vcaliccr cfTc, fentirc » 
lancorum Gcomccrarum Autlioricas : dici non potcftccrminusff 
dus Proc^rclVionibus Arithmetic.x cllc duplcx cermini tertij Pro^i 
lioniseiufdcm j atque adco nequc ratiofccundaC ad Ddiciduplicaa 
rationis cercixEndF > acproindccx Aircrtione InterprctisablurdunBi 
illud, c^uod cx ca dcduccbanc , non coiligi. Obiiciat etiam txjrtailc 
v^uifpiam non laiiiapcrcam circ conuenientiam illam , cjuac iocer n^. 
inerob progrcfsionls Aricbmcticx , £c Geomctrica: j 8c Ipatia bypcij- 
bolica linearc]ue proportionales , quibus ciauduncur , iuceirccdic •>*y^ 
propcci^eaomni dubitacioQe non vacecea,qaaxii pet numein^ tn ' 
demoriib^tio. .* /: j - 

Huicdupltci obieAiooi paucii poteft fatisfien : Piriort 
quod veFiisimum e(l>a(ferucro, lacere me quo fundamenRV^^ 
' R Aynlcom pronunciarit non camefle multiplicem tenhinuiii 'ft^o^ 
dumtocalecntocalisterroinicertijiquameft mulciplicata racio tbcaP'' 
fecunda C ad D>rationis tertix £ ad F.: illud enim neque apud I 
ncque apud Autkorem vfpiam reperias explicacum.. Acquo 
acuscpntrarium pronynciarim $ nec me latuic , nec Le<Florem 
tratn lacere palTus fum : euidenter iiquidcm demondraui 
4rithmeci^l^iim quoccunque Progreflliontim terminis li 
djtis nondmcreari ProgrefTiooem Arichmeticam ad eadem miinl 
nia cxercenda arqueaptam , quibusfinguI^Progrefliones fungurituit 
Poflcriori aucem obicclioni cumulate fati^fadum cenfebic quifq«is'*' 
pcrpcndcrit fymboli racioncsquas inrcr fpacia Iiyperbolica , •& Pro- 
grclTiones Geomecricam Arithmcticam obfcruaui. Sed , vc hacc it^ 
linc : nihilominus ad rcm pcr fe non niliiloblcuram. illuflrandam j fu*' 
pct ioremque dcmondrationcm corroborandam prima ipfa raciocina- 
tionis mex Principia proponere paulo fufius non fucric inutilc. ■ '^'Iv*^ 
*^ Refumacur itaque Diagramma lupcrius Prop. 18. delincacumj^^ 
Oftenfumefl , vc cx Cyclomccra docui Prop. 20. duclam quamlibc^ 
Itneam M G N ^d axem AB perpendicularcm ita fecari a Paraboli^ 
:|ii|(qudrefiiinnois, vcibidem cxponicurjvt quinque {cmper habiea^ 
tui^ tt^n^ufa cbncinu^ proportionjl»; I^tnirum H GT) rG/^ 
K<iO,LGP,MGN > ita vt Prc^gfcffiontelGeometricam, qu3eqari|r 
que ducaturlinea MG N>reAangulainaQuinquc femperodnwMttiij^. 
vatialanieniemp^oe diffimUi tatkmo Progrefliua propagatam -^ 
eodem re^bnguloomnibus progreiTionibusccMniilfinb 
gul<^^$^f His Eorr&>.Bi' agig»ia ms otfo&iV 
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Et Promotum Examen Quadratttrji. 7 j 

codcm tcrmino inchoacx refpondcre concipi poiTunt : quarum hoc eil 
munus, vc Geomccricascxponant , vc Prop. 1 5. declaraui. lam vcro 
liomnium iliarum Progrcflionum Gcomctricarum rcfmini homologi, 
liuc rcc^langula ciufdem in (ua ProgrcflTione ordinis loci, fimulcoa- 
lcrcereconcipiancur : naicentur 8c formabunturlolidaquinquecx du- 
* <n:u quinque diucrfarum fuperficicrnm , quas citato loco diftinxi , in 
aliiti quiiu-juc ibidcmctiam dcfinicas ( hic patere mc Indiuifibilibus 
, breuitacis causa vci, loco cxhauftionum, qux longiorcm & implicatio- 
rcm exiguntratiocinationcm ,pra:feriim cum hxc Indiuifibilia adeas 
hoc in calii Faciie rcduci poflinc ) ha:c autcm folida quinquc nequa- 
quam pofTunc efle concinuc proportionalia , vcl Gcomccricam Pro- 
greffionem conftituercicoquod lingula: Progrcflioncsdiirimili omncs 
rationc progrcfhua cxtcndantur;quarationum continuaiioncm tur~ 
bari ncceflc cfl. At vcro , fi Progrcflionum Arithmeticarum termini 
hoirologicoalcrcantpcr Additioncm > procrcabitur Progrcflio Arich- 
mccica ciufdcm nacura: , iifdcmquc muncribusfungcndi arqui; capax, 
ac finguuu isquxlibcc AriihmcticaProgrefsio , vc fijpradcclaracumcft 
apcrcilsime pcrnumeros, vbi bina^ & binas Progrcfi>iones tam Gco- 
mctricasquam Arithmccicasaddicisterminis homologis in vnamcon- 
Bauimus. 

Hxcicacum finc : rciflangulum quodlibcc H G I (fiuc Quadracum 
GQrc^lrangulo HGl xqualc declaratu Prop.15.jad rcdangulumpri- 
mum MGN.dupIicaia habccracione racioni!> cius, quam habec rc<f>an- 
' giilum KGO ad idcmct rcclaguluin prinulMGN f^: rcclangulii KGO 
ad rcelangulumMGN,dupIicatam racionis rcdanguli LGPad t-edan- 
gul i m M G N. Eigo in Progrcfiionc Arichmetica cerminusadha:rcns 
rcclangulo H G 1 duplcx cll ccrmini adha^cntis rcdangt^Io K G O : 
hic vcro rurlus duplcx eft tcrmini rcdangulo LG P adha:rcnti.. Si- 
militer. Si quinque illa re<J>anguIa proporcionalia coniinuc, ad alia 
quinque rcclangula continuc itcm proportionalia confcrantur , qux 
ex altcriuslinex M G N legmentis cfFormantur ( quicftcafus fircun- 
duiilupcriiis cxpofitus) ratio rcclanguli HGI ad alterum rc<flangu- 
kimH G I ,cftdupIicataratiouisrc<flanguli KGOad alterum redan- 
guIumKGO: SchxcratioKGOad KGO cli duphcata rationis rc- 
cl:anguli LG P, ad altcrum redangulum L G P. In ProgrcfM^onibus 
autcm Arithmctici^ termlnus vterque rc^Vangulis duobus H G I ap- 
pofitusjduplcx erit terraini vcriufquc duobus rc£langulis KG O ap- 
pofiti : 6c hic rurfiis vccrquctcrminus jduplcx tcrmini vcriufque vtri- 
qpc ie<flangulo L G P dcbiti , vc fupcriusdcclaraui. In vtroqucporr6 
cafu ex rC(f^angul;shomologiifiiriUl fumptis^quacautlonc IndiuifibU 

K 1 libus 



7 6 Lther I. ConjirmatHmi 

libus vcor , nuqcr expofui ) fiunt varia folidarquac candcm non oh^r- 
uant rationuro , quas habcnt intcr fc, multiplicationem i quam rcc 
gula fmgula , cx quibus coaluerunt, obleruant. Actamcn tcrmini 
mologi Arithmcticac Progrefsionis rcclangulis fingulis contintv* 
portionalibusadhxrentcs, fi fimul addantur, Progrcisioncm Ai... 
licameiufdcmcumfingulis partialibus ProgrcAionibus naturx ^ 
cultatis conftituunt. Hinc fit vt tcrminus totalis , Ai ithmccicx to 
Progrcfsionis ita multiplcx non fic altcrius tcrmini totalis ad ean^ 
Progrcfsioncm totalcm pcrtincntis: vc ratio Jolidi ad aliud folidi, . 
mulciplicacaeftrationis alcerius folidiad alccrum folidum. Vt, racio 
folidi A ad {blidum B , non cftduplicata rationis folidi C ad folidum D 
( confulc horum folidorum tabcllam ad Propofirioncm ly.cxpofitam) 
Sc tamcn tcrminus Arithmeticac Progrefsionis totalis priorem racioncm 
A ad B cxponcns , fiue potius adhicrcns,duplcx eft tcrmini poftcrio« 
ris , rationem poftcriorcm C ad D Exponcntis. 









• ' X 


« 1 X. ♦ 


/ \o\p 




y X • 



N 



4 



A. rxC ARH in AIZR. vel.ex ARZ /w A R Z 
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D. ex GKKG GOOG 

E. ex kCLK in APPR. ve/ Cylin. fuper A KV 

F. ex GLLG in GPPG. ve/ Cyltn. Juper G ST G 



I 



His ( quxcertifsima funt , &,quoad fas cft , plana & euidcncia ) 
poritis:cum Qnadraturx Intcrprcs in fcholio illo Propofitionis 40. 

' Opcr. 



Et Promotum examen Quadratur^t. 7 7 

Opcr.Gcom.concipipoflc aflcratfpatia hypcrbolica , ita compofita 
cx partialibus fpatiis , fiue in partialiafpatia ita diuifa j vt compofita 
funt folida ex re^angulis , vcl in re<ftangula , refoluta afTcratque in- 
fupcr rationcm interduas reebasfpatiumhyperbolicum abfcindcntes, 
tamcflcmulciplicatamrationisahcriusintcr aliasduas rcdas exiften- 
tis i quam muUiplex cft fpatium abillis abfciflum, fparij ab iAis ablcif- 
} hoc cft , vt vno fere concludam vcrbo, aflcrat in /patiis hyperbo- 
licis eafdcm rationcs totalcs cflTe intcrlincas redas fpacia intercipicn- 
tcs j qu3c reperiuntur inter folida illa fuperiora cx rcclangulis genera- 
taj fpatia vcroipfaalincis rcclis intcrccpta qux cx fpatiis panialibus 
P rogrcfsioncs partiales Arithmcticas oblcruantibus componuniur, 
rationum illarum multiplicationcm pcream, (^uaminterfc obfcruant, 
muliipliciiatcmderignarc : concludendumcflcncceflari6 fcquiiurcx 
co qu6d fpatium primum fit fpatij fccundi duplcx , & hoc duplcx 
tcrtij j rationcm primam folidi A adfolidum B , cflcduplieatam ratio- 
nis lccund^E folidi C adlolidum D > & hanc , duplicatam tcrtia: E adF. 
Scd haecrationum intcr rolidailladuplicatioab ipfo Intcrprctc rciici- 
tur, mcritoque rciici debct. Ergo & idcm reiicere dcbuit fpatia hy^ 
pcrbolica ; nonautem aflerere per earum proprietates ftncile dcduci 
qu^m ftt multifUx f^ntpim fecHndum ffattj terltf j 4ttc[ue Adco , quam fit 
ratto jecunda multtplicata tertixy adeoque ipfam tertiam , vnde tetragonif- 
mu4 abfoluitur , notameffe. Patet ergo cx hoc ctiam capitc Propofuio- 
nis mcar vcricas. 

Confirmatur fccundo tcrtia hxcallatademonftratio. Si , vt a Qua- 
draturx huius Interprctc aflTeritur fcholio non fcmcl iam citato non 
tam multiplcx eft fpatium hyperbolicum Tecundum fpacij tertijjquam 
multipkx eft primum fccundij vnde confequatur, vtratio fecunda C 
ad D non fittcrtiae rationis E adFtam multiplicata j quam prima A ad 
B multiplicatacft fccundx C ad D : Quid ad tertiam ratloncm E ad F 
cognofccndam ncceflarium abeodcm fupponitnr rationem primam 
A ad B priuscognolci ? fublata cnim illaprimac rationisfic fccundxj 
fccundx iicm & tcrtije tum acquc-multiplicitate tum arque-multiplica- 
tione j quid reftatconnexionis intcr primam& rertiamjvt percam 
conncxioncm , fiuc dcpendentiam cx primjc cognitionc crui pofllc 
cognitio tertiac ? Nequc cnim miniis verum futurum eft , quod ab co 
aflcritur , ctfi nuHa primae rationis mcntio fiat , rationcm fecundam 
tam cfle multiplicatam tertixjquam fpatium hyperbolicum fecun- 
d um fpatij tertij multiplcx crt. Adco vt fcntiam tertiam illam ratio- 
n cm folidi E ad folidum F, non alitcr reperiri poflc , quaro prima Soli- 
d i A ad foIidumB , & fecunda foIidiC adfoIidumD rcpertas funt j re- 

' ■ K 3 pcrtis 
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pertis fciHcet nngulorumcorum Solidorum quuntitatibus , quibus dc- 
finitis corum corporum habitudo mutua definiatur. Sicut crgo , erfi 
notum fuppDnaturlpatiuni bypcrbolicum primum tam ciremulti[ 
{patij (ccundiquam mulriplicata eft ratio Solidi primi A ad Solidum 
fccundum B, rationisSoIidi tertij Cad folldum quartum D ioportuic 
tamcn ipfa So!idatcrtiuni C ad quartum D inucftigarc cx Principiis 
quaquc luis propriisnulla habita rationc cognicionis Solidi priml A 6c 
(ccundi B, vcl corum rrtionis , ita ctirar.codcm iurc vc habcarurcog- 
nitiofoiidi quinci t. 6c folidi fcxti F, vcl corum rationis j ctfi notum 
ftrparinm hypcrbolicum fecundum tam eflc muhiplcx tertij jquam 
ratio (ccunda C ad D multiplicata cft rationis tcrtix E ad F j rcpc- 
ricndum. crittam foiidum quincum qurm fextum cx propriis Priuvi- 
jrf^iisj vndc norafiat ratiocorum , qux cft ratio tcrtia Ead F. Q 
^^uanto maj^isfpatiorum hypcrbolicorum facultatcs in rcliquis (uipi 
ciendcT viJcntur i ita in lioc calu , tantomagislufpcdnc dcbcnt habc- 
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ri , ncc tam ficilc ex cis dcduci pollc , qunm multiplcx Ht fpjtiimi hy . 
peibolicum (ecundum Ipatij tcrtij ; vt ipfam dcduaioncm abfolucrc 
nondcbuerit Cyclomctri.r huiuifautor R. P. Aynfcom, G faluam vcl- 
lct Prcccptoris fui hanc Q,uadraturam. 



Et Promotum Examen QftadratHrx, 7 ^ 

Demonfiratio qnArta. 
Rcciili fiipcriiis ratiocinationem jc^uaeximius Cyclomctra vfiis eft 
ad probationem. Propofitionis fiix 44. Llb. lO. Opcr. Gcom. in qi!a 
alFcritnotam eflcillam,ciequacontroiicrtitur, tertiam rationem Ead 
F : obiteiquequxtiam annotaui : qux difficultatem paiiuntui nonmc- 
diocrcm , dubiamquc produnt primx huius Q^iadraturx mctliodum. 
Sed earurmshkex Inftituto, vtlocus cxigir, pondcranda lunc accu- 
ratiiis i vc omnia, qux huic Quadratura- aducrfari mihi vifa funtv 
vnum in locum congcram i quoeorum momcntum clariiib clucercat» 
dum plura fimul ad eandcm probationcin concurrunt Argumcnta. 
Prima quidem huius Propofitionis mex , cuius probationcm pro- 
fcquor , demonftratione dcclaraui quomodo in co dcficerct Authoris 
Quadraturx Argumcniatio,qua ci^aram Propofiiioncm 44probat i 
quod conclufio Propoficioni minimc fati^fiiccrcc , ncc noiam cxhibe- 
rectcrtiam rationcm , quam notam clFc Propofitio aHcrcrct, quam 
fcntentiam mcam apertccomprobat Qu.draiurxlnterpre.s,dum non 
alicer uotam fieri polFc aitdiclam rationcui tcrciam E ad F , quam ope 
fpatiorum hyperbolicorum i quorum nulla ad hanc rationcm cogno- 
fccndam non tantiim applicatio j fcd nc mcntio quidcm vipiam ab 
Authore facVa fuiflct, vt dcmonftrationc fccunda expofui. Nunc vci 6 
omifsa Argumcntationis conclufionc , Argumentationis ipfius con- 
tcxtum clarc, vc Egoquidemopinor , oftcndoconftare fibi non poirc, 
foluique totum j fi admitiatur Propofitionum, quibusconilruitur , In 
tcrpretatio a duobuscarum commentatoribus P. Alphoufoa Sarafa , 
& P. Francilco Aynkom adducla. Quod non lcue fucrit alicuius in 
hac Quadratura commiiTi dcfudus Argumcntum. Sic igitur habcnt 
( fcruatis IndicibusCharaclcribus mcis in tabelladefignatis ) Autho- 
ris Propofitioncs j fic Intcrpretum e regione pofica paraphrafis j fic 
ad calcem notac in vtrumque mcx. Icaquc ob oculos pofito diagram,- 
matc, fimulque tabclla cx co pciita 5 ea accipc. 

Authoris textus. lnttrpretkm Paraphrajis. 

Oftenfurn efl notam ejfe rationem Solidi A Eadcm c(l,quoad hoc, 
Solidum B.fimiliterdemonflratum efinotiim Inccrprctum tum fcntcn- 
ejfe rAtionem Solidi Ctid SoUdum D tia , tum oratio 

Notac. 

Vtrumquc illamrationcm notamcfle accuratifllme probauit Au- 
thorProp,43.quameandcmnumerisexprcfiiProp. z6. cx Q^adra- 
turnc Exaininc rcpctitis. 

Tcxtus. PAraphrdJis, 
DcmonjlrMim fiU' Demonflracum cft rationem primam A ad B 

-^- ■ raiio 
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tem efl rAtionem pri- racionibus partialibus confticui iuxta Prop. 
mAM AadB totiescon- Lvb. lo. Opcr. Geom. ( hanc fusc cxpo(i 
tinere fecundiim C ttd Prop. 8 ) totics multiplicatis rationum r ■ ' 
D: quoties fecmda C liumrationerafccunciamCadDiuxtaca.i..^. 
adDcontittet tertiam Prop. 8. confticucntiuni : quotics hx rr.^'^n 's 
E ad F ^c^ Propofi- partiales rationem fccundam conftlcuv..._,, 
tionem 40. Lib. 10. nuiltiplicaca: func racionum pai-cialium ratio- 
Oper Geom. nem tcrciam E ad F luxca Prop. 8. conlHrucrr^ 

tiam. 

Not£. 

^ L^^noe quidem abip>a Authoris fcnccncia Incerprctum expofirio 
alicna vidcrur. Verum ,cum eam Authoris mcntcni fuilfe tcftcs 
eius ore cdodi , «quumquc fit Infignium Gcomccrarum vcrb. 
xquiorcm fcmpcr partem alTumi j Ita poflunt Auditorum vciba v 
Prxcepcoris orationcconciliari i vtab hac non tam difparata , quaai 
prima Ipecic vidctur, illa finc. Volunt fcilicct Inccrprcccs , racioncs 
omncs parcialcs , quibus ratio totalis A ad 3 conftituitur iuxca Piop.8. 
tocicscontinerc per multiplicacionem rationcs partialcs i quas couci. 
net , fiuequibus conftituitur ratiocotalis fccunda C adD : quotieshx 
parciales racioncm fccundam C ad D confticucnccs, muUiplicata: funt 
racionum parciailum racionem ccrciam E ad F conftlcucncium. A uthor 
vcro cum cicacaProp. 8. afTerucrit racioncs parcialcs omnes ,quibu$ 
confticuuncurracionescocalcs, AB, CD,EF , cftc ipfafmcc cotalcs ra- 
tioncs} ideo nulla parcialium racionum facla mcntionc pronunciauic 
non fineobfcuricacc , racionemprimam AB coties coricincrc (ecmi- 
damC D,quocieshxccontinecccrciamEF. Atque hxcquidcm vcr- 
borum dilfonamium conciliacio , vc vcra 8c abfoluca, admicti dcbcrc 
viderccur: fi , quam appofuerc Inccrprcces, vocem illam ( permnltipli' 
CAtionem ) cnunciacioni fux addidiftcc , dixiifecquc racioncm primam 
A B toticsconcincrc per multtplicationem [ccund^mCD : quotie"! hxc 
permnlttpitcationcm continet tertiam EF. Atquc hac cautionc adhibi- 
ta, nulla vidctur aptior fentcnciarum vcrbis cam diflonaniium concor- 
diaftabiliri. Verum , non fugic Gcomccras cximios cx co fcnfu rcli- 
qua , qux fequuncur pcndi dcberc : pcrperam fiquidcm , nec finc Le- 
dlorum fraude ,difpendi6quc cidcm cnunciacioni iifdcmquc vcrbis 
cxprcffx vnus acquc alccr a priori diucrfus fcnfui pro arbitrio tribuc- 
retur j quod a tancis viris alieniffimum eft. 

Hic porro quxfierim ( ncquc enim mihi ipfemec hoc in dubio fatis- 
faccrc pocui ) nunquid cciam racio AB prima cotalis in rationcs partia- 
icsnonpotcftdiftribui per yariascioi tcrminorusn fecliones ( ficcnim 
1pip» iuxta 
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iuxta Propoficionem 8. Lib. lo.Opcr.Gcom. & Expofitionema mc 
allacam Prop. S.rationcs partinlcs gcncrantur ex totali , cui fimul 
fumptac fint iqualcs ) vt hx , vel omncs , vcl faltcm allqua; non fint ita 
multiplicatx rationum pariialium fingulae fingularum , qux rationeni 
rccundam C D conftituunt } vc multiplicatas crunt hx partiales racio- 
ncni rccundam conftitucntcs rationum partialium rationcm tcrtiam 
E F conflitucntium ? Id cnim fi qi;0 modo ficri potcft , autprima: auc 
fccunda: ,'fiuetcrtix rationis tcrminis alitcr & alicer diuifis: haud 
quaquamdici potcrit prlma vat'\o totics per wuUipIic/ttioncTn contincre 
fccimdam } quotics lccunda tertiam per multtp/icaticnem continet: 
imo tunc non minori iurc dicctur prima ratio noncontinerc fccun- 
dam , 6c fijcundanon contincrc tertiam. Qjiare vtomnisdubitatio 
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^cuius nc minimumquidcm Gcomctria paticur ) praecindacur :hic %'■ 
^ximiis Gcomeiris primum probandum incumbcrec ratlonc: partia- 
lcs racionemcocalcm primam con(bcucnccs non polFc non concincrc 
tocics pcrmultipHcationcm rationcs partialcs , quibus ratio fecunda •|j 
totalis conflituitur : quotics h.v raclonem fccundam conflicucuces , 
multiplicatx funt rationumpariialium terciam rationcm conAitucn-rfl • 

L ttum. 
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lium. Sed pergendum 4eiil(cqps iuxta ailacm antt^ eb^l^r 
, tiacexpofitioneoi. :^ 

Tcxtus. Fiir4fhrAfis, "^'"■'^^ 

, /^////r f>rima Igitur cum prima& fccunda ratio ^ A flSjf? 

& Jecunda ratto A B, C D notas fint : notum quoquc eft , quqtlcs^ 
& C D notjt jmt[fer raiioncs parcialcs racioncm primam A B coo-Ji^ 
Vrop.Af. 3 . Lth. I o. Ofer, ftitucnccs ( inhxreo flatutA , vocis huitts , conti-^j|? 
Ceom. ) notuM qttoque j\cmix , expojtttoni ) mulciplicata: fint ratio^i 
ejl quQties prim^ A B num partialium rationem fccundam CD ^oti^ii 
sorttineat Jecundam C ftituentium : ac proindc notum quoquc qup#& 
2>. Ac ideo notum quo' ties rationes partiales rationcm rccundamCijlp 
. t^ue , quoties fecunda condituentcs, multiplicata: Hnc rationuni pai;^ 
imtinerst $ertiamE f. tialium rationcm tertjam £ F conftituentiuo|3 

Non aitam poted admittere vox hxc ( cootinere ) ngnlfio^Q^^^ 
<|oamquaB fai proxime prxcedentilms Docis ftabtlita eft , 6c^in&K: pa-f^ 
rapfira^ ex Interpretum mente (ooncinnata^ exptiffliniir i ne , j[^uiodf# 
ineptum/^gatorii&inque fiwec ) in e^em&r^ temenci^, eM&ik^^^a^^, 
in plures iennis ad arbicrium abuti liceret. . Ad4e ( quod hSc 
, ris mdnicnciii^ticA^^ Argumencadonem cocam 5 '^etfl , 
mii|i ^t^^Kpi^iR^^ diuer& ibrec : ny ue enim titiip 
thm teaxSapSt' vc forma fyllogiftica exigit , concinerer.Oiii 
cer ) Argumentatio, fcd plures. At,{i hocinhunc modum 
perifulum , aliud oon lcuius incurrendum eft. Quid enim i^^. 
< * pcfmiim bL iepUO$km rationcm priusoocam haberi \ vc ex e£ Qopi^^- 
necoiligacuri vtvulc Authoriscextus,quocies prima rat^ 
fecundam , 6c (ecunda cerciam : H ita intelligenda (it contibentia^^^ 
* . vt vclit Cyclomctra primam rationcm contincrc fecundatn tt^es,^ 
quotiesfccunda continet tcrtiam, co tantum fenfu , vt aflTcrac rationcs 
partiales rationcm primam conftitucntes , totics contincrc pcr multi|^ 
plicationem rationes partiales , quibus ratio fccunda conftituitur 1^^^ 
, quoties per multiplicationcm partialcs rationes conftiiucntcs fccun*^ 
dam , concineut raiiones partialcs rationcm tertiam conftitucntcs." r 
Vel , vt clarius in fpccie loquamur j Quid opus cft primx & fccundac 
rationis A B, &. C D cognitionc j vt colligatur racioncs pactialcs , qui- 
busconftac racio prima totalis AB,dupIicacasciIc rationum partialium 
fmgulas fmgularum , quibus conftat ratio fccunda C D : nas aotcn)^^ 
partialcsratiQoemfccundamcouftituentes, eftc duplicacas racionutr^ 
partialiuro iingulas iingularum rattonetn certiam £ F conftituentl um ^ 
. ^i^pspUieftiioocuai 
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*^nd« cognirionem ? Probauit fane Quadrac«rK Author Prop. 4*. 
Lib. I o. Opcr. Gcom. raiioncm primam totics concinerc fccundam , 
quoticsfccundacontinct tcrriamantc qui^m Propoficione 4}. oftefi- 
dcrctduasrationcsprimam8c fccundam infuafpccicnotasofTc , nc- 
quc cx hac cognicionc illam collegic. Aliud crgo aliquid volurt Authot 
fignificarc quam notum ficri , rationespartiatcs prlmas , eae duplica- 
tas rationum partiaiium fecundarum j & fecundas , diiplicatas tcriia- 
rum : vei in genere, rationcs partiales primas , toties cflfc multrpHcatas 
rationum fecundarum i quoties fccundac terciafum fnukiplicttac funt- 
Aliud , inquam , voluic Author j ciim , vt habet addudus tcxtus , ait. 
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Cmnfrimi^ ^fecunda ratio A B & CD not/tjint y notum quoque eft quo' 
tksfrimAContineAtfecundamyOcproinde notum quoque , quoties fecunda 
oonPineM tcKtMm. Qtti^vcr^iandemhis vcibis indicare voluit Exi- 
mius Geoniecra phuicquxflionttnintme.mihiincumbitad remmeam 
fctvt facisfaciam : cum mihia<i Inftitutumfatisfic , vtoftenderim fenfus 
<^cUuerib» vfiiusdui^cmque F^Q^&iofii^ia aafntextu Argumencatio- 
5^ . ^ ' - L 1 nis, 




84 lihef l, Confirmatum^ '" 

nis , quaPropofitioncm44. probat AiuliorjaCrumitumablpfo, tum 
ab eiiii Intcrprctibus : ncque etiamcidcmcumillis planc conueniFe'. 
Vnde Argumcntum nonlcuc dcclucicur,t]uotota Iixc Quadraturain 
dubium rcuocetur j mcaquc Propofitio hac quarta dcmonftrationc 
■couiirmctur. Quaevceuidentioradhuc fiati rcliquam probaciooena 
Propoficiomsillius44. profcquor. ^ ; ^ ^ ' 

Tcxtus. ' .^a?. 

//^«^ , cum /(Tctmda rsiic CD mt0 fit : jetum tmU B F mi^ 
, ^odefMiiemo/tfirAtuUtm.' 

Numhtc opus cft ad hanc concIilGonem -Autfaorls' expoi 
Ihcerpretutn paraphrafi.; nequecnim aliam ab hac diuerfam 
funt conduiipniem» dlmipra (It , vt par eft , probanda Propoficb 
Vcrunitamcn, ciim aflcrat P. Aynlcom ad hoc 1 vt tcrtia illa ratid> 
ad F nbcafic , neccifariacnc fpatia hypcrboHca j dequibusin hacjrei^r ' 
Argumentacione •vel alio vipiamlocQapud Auchorem^ytrupri^nbr' 
nui, nulta habccurmentto : vix cuipiam (tiadeacur hanc racioci^iaat^r 
nem vqu4Proporitio cicaca probaridebec, omni defedus furpici^i^^ 
carere. QuodfufHcic adProporitionis , quam iUbilio, manifcft^c^ 
^demonibrationcm^&quidemiamquarram. . V:^ ^-'^^"a^^* 

SchoTittm. ' 
Adduci vix vnquam potui , vt crcdcrcm fummum Gcomccraiii\* 
Qjiiidraturjc huius Auchorcm illa fua ratiocinarionc , qua Propofi- -\ 
tioncm 44. qua rario tcrtia EF nota aOTeritur , demonftrat 5 non om- 
niacomplcxum circ , qua: necefiariaarbitrabatur ad ipfam fuamde- 
monftrationcm fuis omnibus numcris abfolutam cxhibendum j prx>^' 
fcrtimcumcx ea vna immcdiateipricolligcnda foret tanco molimine' 
quarfita Quadiatura : adeovtnon nifi xgre Interprcti acquiclcam >' 
afieicnti prxtcr ca , qu« ab Authoje«hic ftatuta funt , adfpatia hypefj^ 
bolica recurrcndum eflei yc Vjsnu^s citatatProponcionis 44. paceicat| 
V^juicemdiifbndamentdstitani^w^ , plandm^ 

qne fiot ( quod touhuic diflcrtanoni non paottn lucis impcrr' ''^' 
vnde labendi occaflo nata.fit > breniter eanoeaa' reii^etb lati 
dbnemr 

^oties pritM rMh AB iOHtimt feciMiim CD :t9tfts fetm^ 
net' tierti4m E K Sedmftmm efi fKefjes frkms A B eMtimet fectmditm 
Brge mtmmefiqmtiesfeemsdsemtUit tertsmisE F, Mtvio^i^fft^t ^ 
thorper Prc>pu|.o. L,ib. 19. Oper. Geom^minbcttiBumb^p^ 
qu4conftac iationes primam & leeuiidain nbta|jilj||^if^tvDS notiii'^ 
«ri» fM poteft j quodes ptimaq^^ 
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<i6 maior vcracft) nocum euaditquotics lecunda concincat ccrtijjn. 

Uaque , tum f rcunda nota Jit i ctiam tertia £ F nota erit. ^j^oJi erat dc- 
monjirarsdum. 

EuidentiflimaefthxccoUedio, ipfaqucadco Propoficio 44.pro- 
banda: fiadmictacur maior illa, quam cxPropof. 40. dcmonftrat Au- 
chor. Sicnim lecunda CD noca cft , noiumquc prcrccrca quoties fc- 
cunda hxc concincac ccrciam EF j fiuc continciuia illa intcliij^.uur 
fimplicitcr permulciplicicacem, fiuc per mulLiplicationcm : noca ficri 
poccft ipfa tertia ratio E F. fi enim lecunda ratioconcincre dicatur tcr- 
ciam, ficut& prima fecundam pcr mulciplicitatcm : crittertia rario E 
F , tcrtiaproportionalisduabusprimx Scfi.xundx : cuius inucftigin- 
dac methodus habeturin Examinc Quadrat. Lib. i. Prop. 16. At fi 
continentia Inttlligatur pcr multiplicationcm : ctiam tcriia raiio cx 
notis prima & fi;cunda iuxta contincntiani illam nota ficti potert, 
iuxta mechodum a me traditam Lib. z.Prop. 47- citati Examinis ictii 
minus caprobatafucrit P. Francifco Aynfcom ob vfinpatam A mc 
rationis Aoco Proportionis voccm : quod ipfi non adeo nouum , ncc in- 
folitum vidcridcbuerat : ciim alias apud omncs,apud non paucoscti.un 
num,nec non interdum in Opcrc Gcomccrico hafce duas voccs idcm 
fignificare , ac proeodcm acclpi ablpfo potcrac obferuari. Quia vcro 
f vcrouis fenfu , fiuc pcr muliiplicationcm > fiue pcr mulciplicitatcm 
rcperiatur tertia illa ratio E F ) ex ca dcducla Qnadracura vitiofa cfi: , 
6c a vero aberrat, vcin Exaroinc oftendi 5 ncccfiario concludi dcbcc 
vcram noneirc primam illam totius Argumcntationis maiorem Pro- 
pcxfitionem ( reliquxcnim vcriorcs cflc ncqucunt ) nimirum > Q^io- 
tics prima ratio AB contincc fccundam C D : cotics fccunda L D 
continet tcrtiam E F. Quareaccurate perpendi dcbcc Propofiiio illa ; 
40. vnde maiorem, dc qua agitur, dcducic Author. 

Aflcroitaquc veramnon vidcriPropofitioncm ^c.Quid i:a ?quia, 
cum in ea concludatur rationem primam toties concincrc (ccunJauTi 
quocici fccunda concinec ccrciam , exeo quod Propofitione prxce* 
dente 39. ciufquc Coroll.oftcndiirct Author rationcs omncs partia- 
Ics rationcm primam folidi A ad folidum Bconftituentcs iuxta Pro- 
pofiiioncmS Lib. 1 0. Opcr. Gcom.quam expofui Prop. 8. toties con- 
rincrc per multiplicationem rationcs omnes partialcs , & quidcm fin- 
gulas fmgulas , quibus confl:ituitur ratio fccunda Solidi C ad Soildum 
D : quoties hx partiales rationem C ad D conflitucntcs , ccnirncnt 
pcr multiplicationcm rationcs partialcs j quibusconflituitur tertia ra- 
tio Solidi E adSolidum F : Verum autem cflc nequeac , Ipfis etiam il- 
lud ipfum aflrercntibus Qiiadraiurx huiusPropugnatoribus > vcratio- 
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nes cocalcs ita fehabeanc i vc fe habcnc inccr Te ratksiies parckles ^ 
bustotales fingula; iuxtaillam Ptopoiicioncm S. conftituuntur> 
prA dcclaracumed : hinc candem (equicur , vc omni fundameotOyppt^ 
bationeque defticuacur maior illa Argumentationis Propoficio. j^iAk 
ties frms rMh A B imtHmtffunlUm CB : $9tki fcamds QD -ctrttmtP 

ttrfMmBF' ^ ' "^''y^^ 

Yer&m. £c{lfidia reuera (kJMCC Prapoficto : TcdtttartlBMD 
jN^ae^:^Fc cam fplendidam $ vt memiaadem i^iiarocimiaer 
.pefftriog^Ddi capax Gu C4ai caiin tiSioaos fii^lx piim«aBr 
nem AB confticuenies «tcalfeiiaibeanciid racioctfsfingulairi' 
confticuicui? re£undaiac!oCadD:bac vero iloguhe parci 
nem &Cuiidam conftituences , ic^ rurfus fe habeant ad fili|_ 
. nes , quibasconfticuicur cercia racb £ ad F > funt enim cam ^ 
cundarumv.quamfecundartertiarum Hnguix (ingularum xqiie 
ciplicacaB rQuisprimo inciiitu non (acile fibi perfuadeac } (i 6li! 
ciones parciales tam primx , quamfecundae, ficterciz coalcrcat 
Propoficioncm S.Oper. Gcom. vcl vchic nuperexpofui jCoHe^iil 
liccccarumterminis, rationem totalem cx primis partialibus rad<^m^ 
biisconflacam , ad cotalemrationcm cx fccnndisparcialibus genrtao^. 
candem habcrc habltudinem i quam habcc cotaiis hacc racio ad ratio*^ 
nem tocalcm tertiam quam partialcs tcrtix conftituunt iuxta citat^OI*', 
illam Prop. 8. Atquc bac vcrifimilitudine capcum Geomccrani cxi*^ 
mium malim dicerc , dum rationcm iilaQiteitiam EF notamcflefic* 
pronuncianic , &probare conatus cft i cundemque ratiocinacionc lua 
perfcckc 5cab{olLite ablque omni ad fpacia iila hyperbolica pcrfugio^; 
illam notam cflc arbitratum fuiftcjqiiam fuiftc ratum cafpatiaad fuaii^? 
adhuc ncccdariaeiledemonftratioiicm. Siccnimdum fcntio , er^i' 
virumdQ^iflimumxquior ▼ideci debeam, cuiynius cam&iif 
ciitc^l^ttone D<A;Omxufie^^ vt paul6 ahteeblciiMDai , lal 
t quam (i ailecereil^^ mi JProp. 44. pr 
quim probasam veQc^^kijeMcM e6 amiiriMiin» ) ^oi|| 
paietec,iiecji9|^^gi9%^ ne<|de^iDicnjC(^^ mi$ii4ii.^^ 

• ■ ^ . ■ " • .- - ^ • ■ ^AiffrMsk 'm % 

*r Quam hicalUturus rui33 PropoOcionis oiez prd|minem , h$x0^ 
quaquam aliisdemonihsiltiifiiliisnomine appcBandiim ccBjfcfijfeff . S 
-€ci;(xrtii'£xaminc Quadratunedldem fic i me propo|Ra quasftio ~ 
a^ Prop. 50.ciurquc folucionm abeo^^iuidmie^^i^^ 
radoneoEi^Ead F ad Quadraturamomjnino neceiSffi^im stffti^m 
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pcAarlqiieprofefTus fim : Quis iam •.qiiandoftrcnuus huius Quadra- 
i urac fautor, & Authoris Inccrprcs R. P. Aynfcom pro fufccpto mii- 
ncrccamexhibcrc dcbucracjciusncquidcm mcmincrit , mc.mincric 
rcliquorum a me obicif^orum. Quis , inquam, iam filcntium illud, 
vclquxftioncm folucndi impoflibilicaci vcl fummcc fic nccdiim fub- 
adsE difficulcati mcriio non adlcribat ? concludatquc tradicam did^ il- 
lius rationis ccrtiac inueftigandsc mcihodum , fuic ca incatur opc fpa- 
tiorum hyperbolicorum , fiuealioquouis modo , mulco minus ad id 
( cum longc fit propofita quacftionc difficilius ) aptam eifc ? acrandcm 
huius mcacPropofitionisvericatcm fatiscuidentcr cx co demonllra- 
tam non agnofcat ? Veriim , vc apcrtius conftci quodnam fit huius 
probationis momentum : obferuandum cfl: , cum in omncm pai tcm 
animum citato Examine conuertilTcm i vt qua tandcm arte notam 
vellec Author Quadraturx , tcrciam illam rationcm , alfcqucrcr 5 ncc 
quidquam occurrilTct, cui tuto fcntircm acquicfcendum : id tandcm 
cft a me initum conniium.Qiiicftionc propolui j inquaomncscondi- 
tioucs, quas in tcrtias illiusrationis inucftigatione fupponic Cyclomc- 
tra, accurateoblcruarcntur j iifquc feruatis abeodem popofci , vt in 
cafu propofito fua illa arte , qux haclenus mc lacuiftec , ccrciam ratio- 
ncm ignotamapcrirct ? Sunto , (inquicbam ad calccm Propofitionis 
50. Libri i. Exam. ) duac rationes A ad B , 6c C ad D. vtriufque tcrmi- 

niexduobus partialibus tcrminis 
fimul additis nati funt : quoruin 
finguli terminum A conflantcs,ad 
fingulos quibus conftac ccrminus 
B,rationcm habenc totics multi- 
plicatamj rationumduarum fingul^ fingularum i quas habcnc duo 
tcrmini tcrminum C conftituentcs , ad duos tcrminos , quibus conftnc 
confcquensterminusD :quotics multiplicatx funt rationes pariialcs, 
rationem C ad Dconftitucntcs , rationum partialium , quibus tcriia 
ignota ratio E ad F conftituituriuxta fcnfum Propofitionis S.Lib. jc. 
Oper. Geom. qnamProp. S.pluribusexpofui. Addebametiam(quod 
laborcm non mediocriter leuarc vidctur ) rationcs duas partialci. , 
quibus conftatprimaratiototalis A ad B , ita cfie multiplicacas rario- 
numduaruro partialium rationcra {ccundam C ad D iuxta Prop. 8. 
conftitucntium , vt illx fint harum duplicatar : ac proindc hac ctiam 
fecund.T , duplicatx finc rationum duarum rationcm tcrtiam E adF 
conftitucntium. Qu.xrcbam igitur, vtmihicxhiberetur tertia ratioE 
totalis qu:K illa ipsa artc ( ne dicam faciliore ) qua tcrtia ratio ad Qiia- 
draturam ncceifaria rcperiri polTe , notiiquc cffc diccbatur \ poficc 

dcfiniri, 
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dcfinin,CLim vtrobiquc condicioncs parcs forcnt. A quo porro in 
Exiiiiinc cicaci Prop. 50. tcrciam illam rationcm cxigebam? A quo 
cxpcclabam ? ab Authorc nimirum , li difficulcates in Examine pro- 
politabrciponfionc dignascenfuifrcc : autcercc aquocunqucqui cius 
loco Quadrnturam cius rucndam rurclpercc : vc {ufcepic tanto Prrccc- 
ptorc digniilimusAudicorR. P. Aynfcom.Quidcrgols noncxhibuit, 
cum cam Facile , vt alTerit , per fpatia hyperbolica poflfct exhibcri ? 
Qnod Egoqiiidcm Argumcncum canciapudomncspondcrisfucurumi 
rcor : vc Tctragoniimus non antc focliccm cxicum alfecutus cenfcri^ 
poflit, ctficxtcrxomncsditficulcaccs folucx forenc, quam huicfueric^ 
iatiNfaclum : Qiiarcex hocetiam manifcftaellPropoficionis mcx vc-'j 

^ licua. Vc ciac quinto dcmonflrjndum. 

^ Anaccphnlccjis. 

Vc qu.r paulo fufius ad pra-cedcntis Propofitionis probacioncnvj 
profecutus ium : p.uicioribus coljecla vno (ub afpcclu confiicuami; 
quo , cuius fint n^.omcnci fimul vnita paccateuidencius : quo cciam dif 
ficulcatcs, quas hoc Qjiadratura: gcnus pacitur , 6c faciliiis occurrant 
qul cius pacrocinium dc nouo (latucric luliripcrc icn vc lc habcam. 

Pnnvi , oflcr.di Tertiam raiioncm ad Tccr.agonifmum ncc 
rijm minimc ab Authore fuifll' cxhibiiam , vci cxhlbcri in teni.:<:i>. 
dcbucrat , vc :id cxituni pcrdufba iure dici polfcc Qnadratura. Cur ta« 
mcn cxhibicam cenfucric Auihor pcrfolam , quaminlic ratiocinatio-j 
ncm ad 'pr('bati'mcm Propofitionis {UX44. non inanis a me a'!.Tn 

, conic clur.i in lcholiodcmonftrationisquartx. 

SccunJo , Dcmonllratumaflcruicandemrationemtcrciam ccnferij 
y non cxhibitam .ib lnccrprctc,codcmquc fautorc huius Qt^iadratnrx 4 
- qur eius rationiscognlticncm cx (patiis hypcrbolicis facilc dcdut 

V {c , pronunciarccontcntus j in tcrminisipfam non dcduxit , vtcx iuf 

' ccpro patrocinij muncrc poft impcritam a variishanc Quadraturani^ 

^ dcduccrclpfc maximc tcncbatur i fi ablolutam concedi vcllct Q;m- 

i dracur.im. 

N Tcrcio, EuiJcntcroftcndi non modo non facilc tcrtiam ilK. 
lionem cx Ipaciis hypcrbolici') innotclccrc poflc : Scd nc polTtbii 
dcm efic , vc co modo cognoicacur. Idcmquc duplici confirmaiiunc 
apcrtifilma (labiliui. 

Qnarco , Ex raciocinailonis , qua Auchor Prop. 44. dcm< 
noiam clfc ccrciam rationcm ,conccxcu iuxca Intcrprciis cxp 
nem accepco , collcgi raciocinaiioncm cocam nucare , nec fibi e< 
rcpofscicum concincntix illlus rationum , dcqua tot litcs cxortx,u^i 
nificacio in ipfoalirer 5c aliccr fumacur : Vudc tollifur omnisconfc 

qucn 




^uenttanim ad dircurfum neceflaria connexio, 6c depen^eona. 
''^^ iiint6 dcoique , teniam eaudem lacioQcm si Quadracurx Incer- 
mimm^ nfxam fadam efle > nec etiam nocam hert jpocuifleme- 
rcinunciaui : coquj6d Qux(Hom. nmiIi;;omnibiiU|aefWtfai^ 
s ^ me innuroeris propoficx non canci^m non iactsfeoe- 
dus Inemlneric quidem \ etfi 4 quoms , qui eam radoncm 
efle oontenderec , ettam acque cciam exegtilom in £xa- 
pofttioiie 50. vc eamadducerec} neque eaai Geometras > fi 
|^(bs faluum vellec luinc Tecragonifmum , lac^e patelictor. Ac- 
^cafcr^ lunt capita ( alia Aliis foriufTe occiirrcnt ) qujc'h!attc pri- 
^fBvmi Geometrar R. P. Grcgorij a S. Vinccncio Quadratolam 
um vocaremihivifa func : cum fatis cuidenccr Propofitioncm 
l&p<:ri4rcfn y^de con pcndcc » 4emp{)(kjrare vi- 

■^^' ^ -^' * ' Schol:um primum. 

i^^X^oA fi nihilo niinus qucmpiam in pofterum inccflat voluntas 
Qiiadiaturnni hanc ex iilcicm Principiis veltucndi , velexponcndi » 
. fuadeo vcquani fupcrius obiccr iudic^ui fcmicam jcquatur longetum 

fmpltciorcm , rum coaipcndioilurem : i^uam h2c prxilac pauio plu- 
bus cx Inftituto dcclnrarc. • - - ? 

;>^: Oftcnfum itaque ed: Prop. ic. quinqne rcclangula , qua: cx fc- 
;§liDencis cuinfuis linex M G N Diagrammatis conllituuntur eflc 
xomftKic proportionalia. Eafunt, vtmembriam coruiti rcfriccm » 
3^Gi(fiueQ\iadracumIineaGQ^)rGA, KGO.LGP MGN. 
^^tMte. re^ngulis ( omiflb re^anguto r G A adhxcinutllf ) (0^ 
' oQirscx diuerfisfupctfietebus in alias dudis^ .vc cicacai J^p. 
m eft. Ad hacccomparaca func tria IbHdai qox eirfli^^ 
fii fegnieaRmi AR. adiacencibus duftis generantur s aaa&cria' 
uiic gencruitur ex planisaH ciufdcm axis AB ^gmcncum 
CAio All. ieqtialc cermioatis : facla comparacione folido- 
m s qux vnico charaftcre fiinc finguta defignaca j vc 
tpop. 17. conftru^ba & hic rcpetita , rcprancncaC Dcniquc, 
l^':eft racionem folidi A ad (bltdum B racionibus parcialibus' 
in^tiftitui duplicatisraciondm parcialium racioncmC adDconfticuen* 
^i|m : ficuc& h« partiales rationcm C ad D confticucnccs ,diiplicacae 
vPntra^onum parcialium rationem ccrtiam EadF conftitnencium. 
%»Qii2e omniacx citatb loco , vbt fufius cxponuncur , repciica funt. lara 
Vet^, cum rationes illac partiales,rationes fint rccfVangulorum (ibi cor- 
Ipondcmium duplicationem intcr (c onfcruantes ; cadimqnc ri?- 
''''Bfcfair^l'^''^ iinexM G 1^1 imcr ic edllara, 

'"^ ^ M " candcm 
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candcm multlpllcationem fiuc duplicationcmobfcfucnt: rationcsba- 
bcbuntur totales folidorum cxillis proportionalibus rcAangulis gcni- 
torum, quac totlcs pcr multiplicationcm alias totales continebont iuxti 
fcnfum Authoris Quadraturac i quotics hx contincbunc tcrtias. Rcm 
ob oculos in diagrammatc conftituo. 
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A. ^atC ARH /« AIZR. vel.exkKZ t»ARZ 

B. f,v HGGH //» IGGI. vel.ex QGQXinQ^GX 

C. A C V R m A R O 

D. fjc GKKG /» GOOG 

E. ^xACLR irt APPR. vel Cyiirt. frper AKV 
f. ex GLLG in GPPG. vel Cylin. /itperGST G 
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RcaangulaquinqucHGI,rG^,KGO,LGP, MGN funt 
continue proportionalia. Ergore<^langiilumKGO ad rcftangulum 
MGN , rationcm habctduplicatam rationis rcdanguli L G P ad idcm 
rcdangulum MGN. Ratio vcro rcilanguli tGa ad rcftangulum 
idcm MGN,crit triplicata rationisre<fbanguli LGP ad idcm M G N. 
Dcniquc , re^angulum H G I rationcm habcbit ad rcrtangulum 
M G N , quadruplicatam rationis , quamhabct rcdlangulum L G Pad 
idem M G N i fiue duplicatam rationis , quam habct rcdangulura 
KGO ad Rcd. MGN. Qua: omnia conftant cx proprictatc Progrcf- 
fionis Geomctricac , quam obfcruant hxcqumqucTc£langulapropor- 
lionalia. Cum crgo 5 ^uaccunquc ducaiur linca JMGN, «amTatio- 
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num , ^^uas rc^angiila oblcruant , muUiplicacioncm fieri contingaci 
fiantautcmcxrcftangulisomnibus ad eadcm fcgmcnta lincarum M 
' GN pertincncibus iolidaiquxcx lupcriicicbus ad totum axcm AB *. 

tcrminatisinaliasfibi rcfpondcntcs dudis,gcucrantur: patec ratio- 
\ nes (blidorum illorum totalcs contincrc alias aiioFum Solidorum iuxca 
^ di<^as multiplicationcs. Vt racio Solidi quod fitex fupcrficie mixca -* 
BAGHduAainmixtam rupcrficicm ABDl (ubakcrnc pofirami fioc 
' Solidi,quod fit cx fcgmcto Parabolico AQZXB i« fc dud:o(hoc cnim 
illieflexqualcdcclaratum cft Prop.i4.)adSolidficx Q,uadratoAF iti 
Quadratum A D dudo gcnitum , rationibus conftituitur parciaiibus * *^ 
totics duplicatis rationum partialiu} quibus conftituicurcacio Solidici 
triangulo rcdangulo ABC iu fubaUernum B AD dudo gcniti, ad Sa- \ 
licum cx Qu.adrato A F in Quadrattim A D dud:o gcnitum. Ratio 
vcro hjcc fecundaSolidi cx triangulis fubalternis nati , ad Solidum ck • 
Quadracisortum conftituitur cx rationibus partialibus * quac duplica- 
tx funtrationum parcialium : quibus confticuitur ratio tocalis Solidi *"* 
; cx Parabolica ruperficlc ACLB in Parabolicani fuperficiem fubalccr- 
nam BAPDdudageniciadfoIidumcx Quadratis AF, ADinfcdudi* ' 
. T gcnitum. ' '. ' • 

^ Hicc cum ita fint. Cum prlma ratlo totalis Solidi cx fcgmento Pa- 

* rabolico A Z B in fc duAo gcniti , ad Solidum cx Quadrato A F in * 
Quadratum AD du£to gcnitum \ & ratio fccunda Solidi cx triangu- 

• • * lo A BC intriangulum fubalternum dudo procrcati ad Solidum ex 

• Quadraiis A F , A D ortum notac fint : hauddubie, fi vcrafuilFcnc 
Principia abcximioCyclometraconftituta, nora habereturtertia ra- ^ • 

'.^ tioSolidi cx parabola ACLB in Parabolam fubaltcrnam BAPDdudii 
gcniii , ad Solidum cx Q^iadrato AFin Quadratum A D du(5lo pro- 
crcatum. Quod fi horum folidormnracio nota fieri poflct } nota con- • 
y tinuoforecraciofcmicirculi A VBadQuadracum AF. Nam Soli- 

dumex Parabola ACLB in Pat abolam fubaltcrnam B A P D , arqualc • ' 
cft (cmi-cilyndro,cuius bafiseft fcmicirculus A VBi altitudo vcr6 
cft AB, vtProp. i^.declaratumeft , Solidumvcriex Quadratis or- • • 
inm,cftcubus linex A B : crgo eiufdem altitudinis cum femi-cilyn- • '* 
dro. Ergo itafc habet feroi cilyndrus ad cubum , vt bafis fcmi-cilyndri , 
ncnipe fcmi circulus AVB ad bafimcubi , fiue Quadratum A F. pcr 
^.Prop. II. Lib. 1 2. Elcm. 



r. 



r 



E^f quibus colligitur , fi Ars habci i poflct , qua cx datis duabus ra- * 
cionibustotalibusprima & fccunda, pofitaquciila rationum partia-* 
*^ lium rationcstotalcsconflanrium a*quc-muUiplicatione, ratio tertift " 
tocalis nQt;|;.j^cj:cCvi.cuoc artem viuiiiiuijiam nouMDCumcum 
"^^ ^ - ' " M i intcgra: 
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intcgrx fnpcrficics ad totHm axcm A B adiaccntcs , re^tifquc duabus 
CE , FD intcrcepix in fc mutuo ducuntur i tcrtiaquc ratio , qusc in- 
quiritur, cft ratiototius fcmicirculi A V B ad totum Quadraium A Fi 
vcrumctiam,riducanturfuperficicsduabusquiburuislincis ad axem 
perpcndicularibus intcrccptse : eadcm cnim in vtroquecafu ficrct dc- 
mouftratio. Vtdudisduabusparallelis MGN,MGNi habcreturra- , 
tio tertia mixtx quadrilaterjc lupcrficici G S V T G ad rcdanguluni^* 
G M cx duabus notis rationibus priraa &: fecunda. llla eft ratio Solidi-- . 
ex fupcrficic G QJC G in fc du^a gcniti ad Solidum cx rcAanguIoy. 
• G M in fedudogcnitumihcxc vcrocft ratiofolidicx trapczioGKKG / 
in trapczium dudoprocrcati, ad folidum rurfus cx redrangulo G M 
in fe dudo genitum. Et ita de cactcris rationibus , quas inter fe habcntU 
folida, qux cx fupcrficiebus , quas dujc quxlibct rcdx lincx ad axcm 
pcrpendicularcs intcrcipiunr, in fc mutuo duftis gcncrantur. 

Aiquecxhis, quod initioafTcrui , manifcftum cft. Quambrcuior 
ncmpcforct, fimpliciorquc racthodus tcrtiam illam raiioncm igno- 
laminueftigandi hoc modo inita , mcihodoa Quadraturac Authorc ^ 
tradita : quam miror a tanto Gcomctra non obferuatam fuiflTc : fc, 
Lccflorcmqucfuum non mediocrifane laborc , qucm tam multiplcx 
pIanoruradu<fluscreat,liberairet i nec non planiiis fonalTc compcrif- 
^fec , quod in hac fua prima Quadratura fubc(rctcrrandi periculum. 

Scolium feturtAum. 
^ Haclcnus fatis multa a me huc adducla funt,qua: laix in Quadra- 
. luram primam Libro 1. Examinis fentcnriae acquitatcm probarc vi- 
deajKLir. Aliquid tamcn adhuc non-ncmo fortalfc dcfidcret,vt lis hxc 
totacompofita ccnfcri poflit. Quid illud ? vt fcilicctiis, quac a R. P. 
Aynfcom in rcfponfione ad Examen ciufdcm primx Quadraturacal- j 
Jata funt ,quidpiam rcponam. It^quc quamquam cx didis cgrcgio 
Quadratuia: huius fautori cumulate fatisfieri queat i paucis tamcn . 
plcniiis adhucfaciani fatis. ••' " *" 

ObfcruauitR. P. Aynfcom , nccegoquidemdiflentiojquxconttti 
„ • primam Authoris Quadraturam a mcailatafum, ad triapotiflimumw 
■ ^ capita rcuocari poflc. Ac primo quidcm afFcrotripliccm fenfum 5 quo y 
vna ratio alteram coniincrc (quando Author hoc loqucndi modo vfusj 
* . ♦€ft)dici poteft :qux rcdc intcUcftacontincntiafundamcntum cftjcui 
\ niciturtcrtiac illiusad Quadraturamtamncccflirio rationisinuediga- 
, * . tio. Cum igitur ^lfcruit Author rationcm primam Solidi Aad Soli- 
\ • « * dum B jtoticscontinerc fccundam Solidi C ad SoHdum D > quocies 
'#\ » continct tertiam Solidi E ad Solidum F ( fiuc Quadraiuis circuii 

, AR. V ad mixtum Quadrilatcrura G S 1" G J trif licitcr intclligi poife^ 
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pfonunciaui. Senfus cnimilliusPropoficionis^vel eft vtdicantnrtrcs 
illx rationcs continue proportionalcs rimpliciter & abfolutc , vcl vc 
finc proportionalcs fccundiim mukiplicationcm : ita rcilicct , vt prima 
ratio ABtotics fit multipiicatalecundx C D, quotics hxc multiplica- 
tacft tcrtix EF. qui rcnfus a priorc diuerfifrimus eft , \t ex dupllci 
continentiz gcncrc conftat , quodLib. i. Examinis Prop. 14. expo- 
fui. Vcl deniquc ita dicatur prima ratio toties continerc fccnndam , 
quoties haiccontinct tcrtiam ; c6 quod prima rationibus partialibus 
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9 4 Liher 1. Confrmatum , ^ ^i;. \ 

veaarer j ctln} Prop. 44. Lib. i o. a0cric rationem fccuii^KiMMlk 
contincrc ccrciam, quocics prima ipfatn fccundam concincc : ex lb 
coim fcnlibus cribus vno aliquo incelligi neceilc cftidiim nuliuai alium 
agnofcac Ipfc , ncc Ipfi agnouerinc duo eius InccrprcccsR.. P.Alphon- 
iusdc Sarai^ , 6£ R..P. Aynfcom , ncc alius przcer Kos cxcogicaci poile 
videacur. Acquehoc cft primum ex cnbusillis Capitibos , quibiis|fii» 
ma: Quadracurx EicamcainframcoiiBntiiiflaenuic R. P. AyafenK^^ 

^econdum aucem Capm iii^ ocmfttnik. Um<iiMAtmmm^ii^ 
prcs, quM reiecerim caoquisunr abfurdum ( vi abfuiSiiffi ver^^ . 
vt abfu rdum Ipfemct reiicit ]r racioiDem illaBicerdam E ad 
bus raci6(ribm A ad 0, 0cC94i>%Biito^ propoidoMdem : 
per am^exus Omvrecun^Gun duiotuB ratiDnom centinencbe 
paUH» ani^deciaratum , quo aiTeritur prima ratio A ad B , cocIm 
mukiplicara raiionis iecuudas C ad D j quoties hoec C ad D mtn 
cata eil cerci<e racioni$£ adf . kunc^feafumquoooado ample^afi, 
apparcbic. ^ . "-^^ [ 

Terdom Capuc nlhil<fllijid concinec > qnldiqubd adercierii 
tionli?usparcialibustequiH»oiciplicacis, quibus radones tres. 
AB, CD, EFcbnftituuncnr nihil colligi , vndcterdarad^EF.lg^^'' 
cxduabus nocis AB , & C D iniioccfocrcpoffit. ' 

Adduohxc Capicapaucis facio facis & itaquidem ad poftcrins* 
Nihil vcrius, quam meafleruifTe racioncs partiales ,quibus crcs racio* 
ncs A B, C D, EF conftituuncur feruaca fingularum iila a:quc-multi* 
plicacionefupcriuscxplicaca ad ccrciamracionem E F ignocam inuc- 
ftigandam inucilcsplana: ciTe. Cum cnim numero fint infinicac j c^m 
fincomnes diflimilcs, ilias cradandi arccm quisnonc?quis nofrcpot 
fic ? Ncc vcio quidquam ex illis collegicIpfeQuadracurjc Propugna- 
torR.P. Aynfcom.quocertiahaecratio EFinnotefcatzqisidpramta- 
mcn ex his colligi poflc tnnucrc videcur inrcfponnonc ad huiusQoar 
draturas &xf[men i tne laftitttcom 1 jfmodd app(fceBCOr«i hype$9. 
lica (pacia. At , ciim fpada hoiufmodi ad dids radootsrognU' ^ ^ 
affcqucndam plan^ineptademoofttarimibperi^) neckkiioc 
i^dudiboft6nderlmiioni«BiscDiiibre«n Ipfe QuadittMm 
dc haic eorom.fiNoltace inl^epoifidonis 44. .pftalMNiate ' 
co^^tarlt ) oecdemum ab elufdcm Qaach^tarfB fautoft ( 
rationiscx iis deduda (it , fcdfMcilkdtibkf fifi CM|te > 
^^u impoflibile euidcnter dcinde demon{hacii;Qmd 
ad tefticucum ex huiufmodi parciailaiii imiooncn «^00**1 
tione pioficiicipoile fperaixm 
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CD toticscontiucrctcrtiam EF quoties prima A B cominet ipiam 
(ccundamCDi idnequcat itaintclligi , vttertiaratioE F (itduabus 
AB, &CD proportionalis i nequc etiam ex rationum partialium 
acquc multiplicationc tertia iUa ratioEF deduci poflit : non mirum , 
£continu6 aiferui contineutiam illam rationum ita ab Authorc nc- 
ccfTario intclligi , vt velit rationem fecundam totics cflc tcrti.x ignot» 
inultiplicatam,quoties prima lccundac multiplicata cft-Quod crat alic- 
ru caput , fi cnim triplici tantiun fcnfujVt cxporui,contincntiam illam 
rationumintelligi neccffcefti duobus cuidcntcr cxclufis ,quid rcftat, 
ni fi vt tcrtius ncccfTario admittatur , 6c iuxta cum Authoris Propofi- 
tio cxpcndatur ? Quod fi cx co ctiam fisnfii abfijrdi aliquid contigerit 
{ vtrcucracontingercmihividcor oftcndiflc, ciim partenitoti acqua* 
lcmcflccollegi Prop.48.Lib. i. Examinisi)quidtunccuidcntiuscllc 
potcd , quam huiufinodi Quadratura: mcthodum vitio non carere f 
ciim quocunque modo intclligatur Author ( quando fijam Ipfe mcn- 
icm non cxpofijit ) aliquid fcmpcr abfijrdi incurratur ? 

Neque vcro dcbuit cx eo quod fufiiis cxpendiflem an rcucra cx 
tertia rationc ita definita , vtcius totics multiplicata forct fccunda, 
ijuotics fccundam prima multipHcafrct i cxco , inquam , non dcbuic 
R. P. Aynfcom pronunciarc Qiiadraturam hanc a mc non modo non 

• Ixfam ( quodcquidcm Egocx animo cupcrcm ) fcd nc pctitam qui- 
dcm,fiucncquidem pondcratam i ciim Authoris lcnfus longc aliiis 
fucrit. Fufiiisomnino, &piusquAmdici potcft ,operofiiis cxpcndi i 
antcrtiaratioiilapcr acque mulciplicationem rationum totalium rc- 
perta,foret huiufmodijvt cx cadeduci tuto pofsct Qjjadratura.Qiiid 
cnim fi breuiiis tradationcm cxpediri non paterctur tot planorum 

* <Ujdlus ? tot cx dudibus ortorum folidorum comparatio , vt tandcm 
prsecifx corum rationes habcrcmur ? Quid fi is fcnfus vnicus , rciiquis 

i-cluobusob abfurda confequcntia rcie^is , ccnferi potcrat Authoris: 
nunquid accuratiiis pluribufquc cxpcndcndus mihicrat ? Ncc me 
'.latcrcdlcipotuitillc mutuae rationuro contincntix fcnfusiquo ratio- 
:>4DCs partiales fingulx rationcm primamconflitucntcs, dicuntut toties 
< «aultiplicatx fingularum rationum rationcm fccundam conftitucn- 
tium:quotics hx rationcs multiplicant raiioncsrationcm tcrtiam con- 
iVitucntcs fccundum Prop."?. Lib. 10. Oper. Gcom. qucm Authoris 
•fcnfumfuifTc a(rcrit cius Intcrprcs : ciun cas panialcsomncs rationcs, 
vcarumquc zquc-multiplicationem apcrte rcieccrim Ipforoet Imcr- 
' prctetcftc i & adcalccmProp- ^o.Lib. i.Examinis fubqucftusfimin 
31. P. Alphonfum dc Sarafai qu6d poft admiflas rationcs iHas pariiar 
Us flcquc-multiplicatas , nonoftcndilTct i quomodo carum opc colligi 



A, B, C, D> E 
G , G, G ,G, G 
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poffec tcrtiatotalis ratio ignota. Mc tamcn lacuiCfe fatcor , idquc non 
(cmel hadenuscontciruslljm , continenciam illam rationum , liuc 
totalium : qux pr.rtcr xquc multiplicacioncm carum cxigit acquc- 
multiplicicaccm , qux ope fpatiorum hypcrbolicorura definitur i Cccx 
ca facile deduci aic Quadraturar huius fautor tertiam rationcm act^ 
Quadraturx ncccflariam. Scd h<ccrpatiahypcrboly:a iam fupra plus 
quam Hicis a mc func agitata, & longiiis , vcad hoc inucilia, amandacac 
i' Ad id porro, quod R.P.Aynfcom obiicicconcra Afscrcionem , <)ali^ 
dixi Piop. 47. Lib. 1. Exam. propofitis quancitacibus quinque A , B|ji 
C, D, E concinueProporcionalibus icifquc vcluc Ancccedcntibusco- 
dem confcquence G accribuco , ficri racionem A G duplicatam ratio- 
nis C G j hanc v«?r6 C G , duplicatam ctiam cfsc rationis D G : non ■ 
nihil reponcndum vidctur. Obiicic ergo falfum id cfsc > 8c vcro d< 
monllrac. Vndc colligic fenccnciam a me lacamconcrahancprimai 

Quadracuram a:quam efsc non pofse. Rcl 
pondeo primo.Cum eximius Geomecra iao^ 
afscruifsec mc a fenfu Quadracux Authdris 
ab crrafsc j non pocuifse cum (Iquid yitij in 
ratiocinationc fecundum falfum fcnfum inftituta commiflum fit i ex 
co nonum. Argunicnium haurire , quo oftendac malc impeticam cffe 
Quadraturam : nequc cnim illam viciura huiufmodi aliquo modo 
atcini;ic , cum in alicno fcnfu raciocinacio cota verfjtur. Refpondco fc- 
cuncfo cautiiis quidem locuturum fuifle mc i fi non rationcm A G i 
rationis C G i & rationcm C G, rationis D G duplicacam afleruifscm 
fed proportioncm rationum A G & E G duplicacam cfsc pro* 
portionis rationum CG&EG : ficut rurfus proportionem ratio- 
numCG & EG, duplicatam proportionis racionum D G 6c E G : 
& adcam fuppofitioncm tcrminos rationum, quas Epilogifmis mcisi 
dctcrminaui , rcduxifscm fcopum a mc intcntum afsccuturos , vt 
promptum foret dcclaraic : (ed quam promptum , tam forct inutilc, 
ciim Quxftionis ftatus longc alius ab huius Quadraturx inteipretc 
fiacrit conftitutus. Qui quam multas, quam graues,&quam inau*- 
diiasdifticultates patiatur , ex iislicct colligerc : quas foiius vcritatis 
afscqucndnc ftudio , & ncbiliflimac difciplinx cxcolcndjc cupidiiatc 
dudus ha^lcnus cxpofui : coque animo in luccm edi patior i tum vt 
Gcometris aliquod nominis non oblcuri id cxpofcentibus morcm gc^ 
ram i tum vt f.icilius qucmpiam aliquando fortafse uancifcar primat 
huius ab Authore propofita: Quadraturac Afscrtorem(fi minus Au- 
ihor ipfc R. P. Grcgorius , quem cximium fui cultorcm fcmpcr 
agnofct Gcoraccria,fidcm pracftctcius nominc datam a RP.AIphonfo 
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jfetftra&in confirmationibus Quadracurse ) quicantarum difHcuIca- 
cumccnebras difcutiendi negotium rufcipiat. Mcminerit aucem quiC- 
qdts illud rufceperit , (e eciam acque etiam rogatum i vc omnes, ne mt* 
nima quidem cxcepta , hafce difEculcaces cxpreflis vetbis ita , ft fas 
fucrit , dilToluac > oihil vc ( ecfi faciliimum fit ) ver deducendum , vei 
^Hgendum > fi muneri fuofeciilc («b cenlcri ▼dk , Ledori com- 
li^tcac. 

* Quodmonitum nonad eacanciun , qux pcimam QuadnKUtam 
ftBftanc , quam hadenus prolccutus fiim t ncceflarlumxft licd iniis 
cmeif quaEdeiooeps dcleauidi» icliquifquc dcnbos huic affinibut 
«lepoiicnda funt } cft obleruandum » yc czig^ huius maicris» qui iii 
ClconEi^idsgrauiornuIla^momencum. CaBcerjlmt ea pracceacnKi- 
bev^breuiora , vci {pero , pUnioriquc cs cxpertums; 



! 
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PARS S.ECVNDA 

LIBRl PRIML 

i» «iM ad latam a mt Ith. j. Examims in fecmh 
dam , tmiam , ae ^am 5^ P- Cregortj 
draturas fenttntiam RtJj>onfto k R. T. tranc. 
jiynfcom fropofita , clari diluitur ; eoque mofft 
examen iffnm con^rmMMr^ ac fromouttitr. 

PROPOSITIO XXX. TrMtma. 

SCHEMA prxpnrcmus ad fcaiodxiQuadraiur» difoif- 
fioncm accomodacum. 

inipfoExamine eiufdem Qu^dratura: fccimdx L.b. i -^f^'^^ 
eft. In co fiquidem obfentori poterit f;.c,l.us , fi quid m ea d.fcua.or« 
forte pecea^m fit . & ex eo fe^liis ad obicftam i^ P' Aynlcom*fc 
iicallitem refponderi. Sic igitur ferK-wco L.b 3- ^""'•P/^f* 
nibas a!iquot,&pra:fertim Vro^. 9- Schemadef.gnatum b?l>«»^ 

In rcfta quapiam linea A B , particulxdefin.antur hanc mwrl^»- 
tionemobfcrua„tescenfeatur( nequc adexeraplum vtreipsaitaW. 
opuseft)AI di..lf>in partes 9 : quarum AE yi^l*! 
V B iterum . 6. Tum circa A B tanquam Axem Parabete 
P A O i cuius Latus reaum m Ct particuUvMCTprtibMJ, iiiotb 
diuifa in.cllii-itur A I : cius '«««.fi* llUU! donde ^ 

Parabola ob.ierfa deCgnetur xqualis .e.ujatoqueLawfWtefti *^ 
vcrtex in P.mao B ftatuatur. Teida deiAiue defcrAawr Pars*^ 
Y I X ca:terisxQuali$. cuiosidemfit Latus reftum,» <\«^f^ f' 
Jignatum eft. Adh«. Perpnnaal.E, V «'«■«diBat.mjd axem 
Applieat» ^ur NID , , P VO, TomftmpulM, «qw^ 
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li rcAxIAjCmitcaturcx vcrticc A tcdla A M i qux Angulum fcmi- 
re^um in A cum axe A B conftituct, vt patct. Dcniquc , diuisl totil 
AB bifariamin C j ccncroCpcr A & Brcmicirculus A KRBdcfcri- 
batur : diuisa ctiam A I bifariam in H , ccntro H dcferibatur fcmicir- 
cuius A QI. Atquc hxc toca fcr^ e(l icheaucts delmeado » quo ia^ 
pofterum vceadum erir. 




EXponamus in fchcmatc proximc dcfignaro mcthodum^' 
quamexinuus Cyclomeciaad (^cbaciuamruoiBicciui* 

■ Bxtofiik. 
. •e'JNcftatusqu2itionis,quaue dcrcagatar, tetuocum fi(Bdiofii- 

W a*. • * fi*" 



ri iiecefieft»qom ^ viiiaqrftliier iiai^ AathorProp.77* 
Lib^io^ OperXjeDmea WM» ip de%imf$tiaii9ceeft Gonteiiipliii^ 
aarciimexeo&iMtiimiincE^^ttiep, ttExan^ Quadracmv 
fiiutoseaffiiRip^aiinpu^DaciQ. . 

Icaque ptmKr aUataai praBOcdenci P|op, delineaciooemjdttcinrupec 
IIneasduasST,F Lcoaneaeotes punAain qoibosParabokQobocm^ 
lecancur 4 duabus Applicacis S E F » P V O : Eric aucembaec Tcraque' 
linea, xqualis, & parallcla lincx E V. Nam duac Applicacx E S, V T j 
ilia in Parabol^ S A F , ba:c in Parabola T B L j fum «quaies : e6 qu6d 
exconftrudionerchemacisaBqualicerdiftent idioquzque vetticetft 
Parabolis xqualibusf (uncenim Axis fcgmenta A E, B V polica aBC|ua- 
lia. Ergo pcr Prop. 3 3 . Lib. i . Elcm. duaelinez S T , E V coRnedcD- 
tcs duas rcdas E S , V T parallclas & xquales , acqualcs & ipfxfunt & 

?arallclie. Eodcm modojEqnales & parallclje erunt incer le dua: EV, 
L. Vtraque porro S T , F L xquaUserit reds A I j cui ex confttilp 
^ione xqualis eft E V. his pofitis. 

AflbricQuadraturac AuthorProp.(>i. Lib. 10. Opcr. Geom. C\ du* 
catur in fe Parabola A I D , vt fiatSolidum ( quod A dcinccps appcl-- 
laturusfum)ducacui autcm & Parabolac portio F LO in (cj vc fiac 
Solidum ( quod voco B ) tertio ducatur Parabolx portio F S P L in fc }. 
vndc nafcatur Solidum ( illud dicito C ) ac denique ducatur in fe Pa- 
rabola A I N > vnde fixmetur Solidum D. RurTus. Si exdem fuper^ 
ciesinfe ducancur fubaltem^ » vt atia fiant Solida quatnor : SoDdttoi. 
ntmirum E ex Paraboli A I D in (bbaltemam 1 A Y, fiue ( quod ideqi 
eft ) in obueiiam A I X- & Solidum F ex pordonc F L O in oboer* 
£uEn portiooemF L G: Solidumauccm G ex porticmeFSP L in pBV*. 
tionem obucr(am F X T L : denique Solidum H ex Panbold A fN 
in (ubalccrnam I A X veloboerfam I A Y. AiTerlt , inqoam» Author 
citato loco , Solida odo ex quatuor ducflibus dire^ , €c qoacoor fub- 
alcernis gcnitaeam habere inccrfchabitudincms vt proporcio racio-; 
IMS prlml Solidi A ad fc^HhdumB» ad rationem terti j Solidi C ad quar- 
tum D,eadem (ie cum proportlonc ratlonis Solidi quinti £ ad Solidum 
lcxcumF , adracionem Solidi feptimiG adodauumH. HaccSoIida 
mcmoriac , &:confufionis vitandxgratia inhacSynopfi dcinccps in- 
tcrdum confjlcnda intu^e. Scd infupcr addc pcoportioncm duarum 
priorum rationum A B , C D vocandam irapoftcrum K Li duarum 
▼cro pofteriorum , E F , G H elfe nuncupandam M N & harui» 
proportionum proportionalitatcm P Ad huius porro Afrertionis 
fuje probationcrn Auchor non alio vcicur Principio ; quam quod cx 
PropoficioQc Aia 3. Lib. to. collig^tur , vt cocaeittsiatiiocinatio aperc^ 
declarat. ' Sccuada 
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A. €x A ID\ 
1. FLO/M 



FSPL^ 



D- AlNj 



>L 



duitm fuhMhemus 

E. AID\ 



G. ^AT FSPL 

H. €x AIN 



^ ^ SeOillA^ A^dM); Pcop.^3« ^ ^4*]^'io. ipodumatdngic , qocr. 

- " {oM^ ilji^ qvutmqr.A* B, C* D ex dudu orta dttc^o in alla «qaalia re* 
,4f[fSi^ |K^^ iliK,ade6qi9e mm ipfarum quanclcai^ 

||Kir^Io , noca4eiip<3«iBc. Quod vcrumque cumulac^pKeftici Piep^. 
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Terti6. Idem Author reliqua quatuor Solida E ,F ,G > H i qu« 
oriuncur cx dudu rubalcernoearumdcm fuperficierum , quac in fedlh 
rc^e du Ase Solida quatuor priora genueranc i in alia commucari q^l^ 
dem pofle ipdicac Piop. ^8. Sed obicet; hc d^rcDriffini^ Ea es elim 
ineafieAcadlcliemafMNhamappofic^ commataui Prop. 14. Ltb*f. 
Examinis : fiogDlortoque quanutacemexliibui>8c fimul lacioiies BM^ 
CH« ratioimmqaeProporaonemMN. • 

Quarc6.concludit Idem Audior Quadrataram hanc (ecuodam dsE^ 
ri ex eo, qa6d odendericeandem cile proporriooem K L duarum li^ 
ciotnum A C D, cum propordoneM N rationumduarum EF, GH: 

prxccrea , quddodenderic quatuor priora Solida reduci polTc ad ^ 
Soiida ledtiineaipofteriora ver6 quatuor E ,F » G > H ad alia Soiidi * 
curuiltnea quidem , fed curuitace circulari. Hinc enim fic ( velut Ar- 
gumencatur ) vt habeacur nota ratio cuiufpiam curuilinei ad tc&M' 
ncum ; quam Lcdori inquirendam rclinquit non fine opcrationc tam 
prolixa, difficilique 5 vt miruni , nifi ftudiofiflimus quifque Gcometra 
lanto labori fuperfisdeat, eoque ipfoin fufpicionem iatn inducatur 
Tetragonifmumhunctantisobrucumcencbris , necab Auihore ipfo 
difcuflis , occulcocuipiamdefccluiobnoxium efle. Non parum Ego . ^ 
quidem mihl videor tantis difficulcacibus acculiOc lucis; cura Solidf * 
quatuor poftcriora E,F, G, H, in Solida Cylindraccacomtnutari po^fc 
demoudrauiProp. 5. Lib. 3. exam. quorumaltitudoLacus redum fo- 
rcc j)t oon fecus quam Idem Lacus rcdum efl akicudo Solidoniiia fi^ 
dilineorum > in qu« Solida ^atuor prioia A , B, C, O conuettunistti 
Hincenim Btvtrariones, rattontoque proponioncs , ^qoc ^Sknpiik 
SoKdisillisodoconiiderari deberent i io ipfis eorum baiCbiis , 
quam (inc ip£i Solida» aperrioribus 1 & adTetfmnilinum hunc'» npk 
in planis foperficiebcis totos verfatur , accommpdarioribns- pei|iefjl 
queanc : citm perProp. 3 1. Lib* i i.Elem. & 11 . Lib. i&. eademfitiHir 
tio pi-ifmatum, &Cylindrorum , Cylindraceorumque,'quorumear 
dem cft alcicudo ; qune bafium eft , quibus infidunt. Qux cum.-ici. 
fint : eadem eft iuxta Cy clometram ratio Solidi A ad SoliduDiB,itt 
tioSoIidiCad ^oIidumD >quxe{lbafisSolidi,in quod A cdnuerfiiA 
cfti ad bafim Solidi ex Solido B profedi. Idem dicito dc bafibus foli- j 
dorum» in qux conuerruntus folida C & D : Idem etiam dc folido- 
rum bafibus , qux in lolidorum E, F . G , H , locum fubftituuntur. Ica 
vt omifsa omni folidorum, 6c ad ca fpcctantis rationis , rationumQUC 
proportionis meutione ; rationum , proportionumque ad baies illas 
pertinentium habitudo debeat obfcruari. luxtaqusc alTerec Author 
Cyclom^ciis caadem proporcionctn cftc duarum racionum barmm 

folidoruoii 

.... 
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folidorumjquzfolidis A,B&C,Dcx dudu fimpliciortis fubftituta 
/jantjcumproportioneduarurarationum , quas intcr/c habentbafes 
filfdi>rum j in quae conuer(a funt iblida E,F,G, H cx dudu fubaltcrno 
gdnica:lioceft , zqualesenint proportionesK L , &: M N i iuxca Au- 
lifsxtm^ oiii ex ea propbrtionam iilamm aniMalitate Quadratbram 
coUigi pofe oeniet. Habes ha^ouspaucis Cyclometrx' mentem» 
.qoam in Examiae panl^ fufiiis pmfecutusium : ted liaec ad Inftitutum 
OoArumcumulat^ fufSciunt, qui tudemcantikm aliquam iexpofitio- 
oem (latibquaclHonisiiiequa dere a^atur, quempiam fugiac, qui 
flliiuide eitts cognitionem minim^ hauferit s l»ic afiecendam ceo()i. 

PROPOSiTIO XXXIL JheoHma.'^ 

Dmitti nullo modo poten: c^uadratura c Piincipiis - 
pi^^cedcnti Pcopodcionc cxplicatis colIc(^a. 

■ i . / - Demo7iJlratio. 

. H«c Propofitio ipfamct eft Propoficio \ 6. & i8. Lib. 3. Exami- 
nis QuadratursE : uccalias ad hanc ftabilicndam probationes affcro 
; ab iisdiuerfasjcum firmifllma: fint ,quas ibidem adduci. Vnum illud 
hic tantum vidcndumcft. An fcilicct aliquid dcearum robore detra- 
i., ftumfueritconatu illo non cquidcm lcui ,quemftrcnuushuius Qua- 
draturx fautor R. P. Franc. Aynfcom cxcruit. Verum , quo perfcru- 
%$tt. accuracius , maturiufque perpendo,qux abeo contra Propoiuio- 
j^.Lib. 3.Exam.citacam ( PfDPoficionisenimtS.ponderislic^c 
mi > oe mcuKionem quidem fecit ) allata fiint » eo firmiiis fta- 
ilicet intueri hancnramqtie Propofitionem meamttancdm- 
abeft > vt i iententiidecedam n oihil mihi magis totam hanc . 
raturam tn dubium vocate vifiim fic Quod ne grads di^um > 
Genfisatur , remip(am mecum fauliTper^contemplari ne 

. .H^ Quadraturam fuam (ecuodam» dc quanuncagicur,ez eo abfolui 
'^ij^lt^l^uthor j qu od Propoficiooe ^i.oftendertc pro^rtionem KL 
'.;^gil&i&mi A B 5c C D (quaram'cermininunc,yc paulo anteexpofui, 
"•^ix&n debenc baiesfolidorum xqualium {blidis ex du^u Hmplici pla> 
TOfum in fchcmatc fupcriusdefignatorum procreatis ) aequalcm cfle . 

■ prbpbrtioni M N duarum rationum E F , & G H ( quarum etiam tcr- 
.fl^ini bafcs funt folidorum folid.is cx duftu fubalterno genkis fubftitu- 
torum. ) Atduas illas proportioncs KL&MN inxquales elTc cui- 
Scntcr produnt multg^liccs Epilogifmi in Examlne non fmc cura , ' 

;^pQC^UG grauiiBffla coUc^.Ex quibus quidaliud a w ilaiui pocuic 
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ftim ia ExainiiiePiop. t^. Ub. 5. tmnfcae ^ t. qniintmiii QgivM* 

poflc. ' ^ 

DeindePropoitttone i8.Lib.|. Exam. alii ealdentiffifflil fitiocl- 
nattoiieoftendi». etii Cydometr» tonoederetor dupliceneiillaBi|f(i^ 
portionem KL» rationum A B, 6c C D 1 6c proportioiiem M N» <fttl6«. - 

num EF, 8c G H , aequalem eflfe } n6n hinctamen fecuturum , vt ra-» 
tioncsipfxrpeciiic^ iunotercerent : cum radones infinitae diuerfjs 
fpeciei poflint cxhiberiiquibustamen eadem competat propofitio». 
Attamcti ad Qu^i^s^turam ncceflariam omninoeft» vt iplas rationel 
E F, G proportionem^flindantes cognofcantur : vt ex ipfarum ter* 
minis int^r fe comparatis quidpiam comperiatur rc^lilincum jquod 
adcuruilinf um rationemhabeat notam, &: corum altcrum in altcriiis 
formam poflit conucrti. 

Poflum hic ctiam Argumentum ad hanc confirmandam Propofl- 
tionem grauiffimumcx co dcducerc quodCyclomctrijc Author hanc - 
sequalitatem proportionum K L M N coIHgat cx Prop.fua B. Lib.^ 
1 o. pcr quam rationum fpccic diucrfanim tcrmini varij adduntur 
connatam^^ue raiioncm , vtoftenfumeft fupcriiis, confufam, igno: 
t^mquc cXhibcnt , viamque ad eius cognicioncm aflcquendam pne- 
cludunt omnem. Qu^ fi ex Additione terminorum ad raciones fini- ^ 
plices ^rtinenritim perturbado hoiu(modi , confufloque rattonuni^ 
eonfequatur % quidin earumdem ttaconfiiianim lationum proport||ir/ 
nibusenentarnmcenieridebet} ' ""^! 

Haec £1 vera fnm : fidfii etfe non potell; nec mea hsec PiropofitiDml' 
ProDofitio I €, Lib. 3. Examtnis > fiue etiam Prop. 1 8. eiuidem LibfiV 
adcoque fecnnda Authoris Qpaidratura in difcrimtne verfatur ftpech 
tiffimo. Veriun , illam ab eo liberafle fibi vifos eft eios Propu^aM^ 
R.P. Aynfcom in ei , quam ad cttatam Propofitionem Lib. -5; 
Examinis , refponfionem exhibuit : qua: hic primo referendat <ll|ft; 
perpendenda cfl; ; vt fuus veritati, qusefob ab vtroque nodrum JN^. 
ueftigatur , faluus fit locos. In honcigttormodumdi^m Propoiidd^f 
ncm 1 6. Lib.3 . Exam. quae cum hac cacem eft, aggreditur in Refpdfefir- 
Honibos quas ad Propofttionem 5. Quadratura: fecundxP^t^; 
aticxuit. ' } ' 

Re^mfto &. P. Aynfcom Ad Pfopofttionem 1 6. Lihri yExMimms 
£luadrat. eiujquedemonjimtionem. 

RatiocinMtio P. Leota^dt ( ca cfl,qux cx iuxqualitatc proportionum 
Concludit ) legtttmh contra Authorem Oferis Geom. ccncludit :Ji i» fr/tmif-' 
fsfeccatHmnonJf$, Porro vbi-i ^ imiHOpKMm fit » sdf<^»€ vnde ind- 
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t^n^litMS illapfoporthnum KL&M Kjiue proportionalitatis P dr ^ortif 
ftt.tft melim intelligatur. 



TT A 'yz 




Aduertendum efl , in <^uo iitSlus fUni in flanum , €X quo Autbor fus 
prmMt Sotidai differat a multipltcatione numert per numerum , quo loco pla- 
nerum fupponuntur^ vtproduiius exillA numeru^foiidum exhibeat. NimU 
ptm in hoc dtffert : ^uod Authoris duiifts ita dependeat afgura (jr fitu pla* 
y O norum^ 




iq4 LiUrLConjirmatum'^ 

mnm , ^Minmtm duatntur j vt tUtenttro muita* « /Umi * & htk-M^ 
fmn MpriortoriaturfoUdHm : Atverh , ^dm mtmeri qumodocunqUe imii^ 
^ du{fi , idem femfer frodueunt , quod exemplis fic efiendo (jr primo pd^ 
dem in eo du[lu, in quo eddem feruutdfigurd folm mutAturfitus.Efto trim^ 
gulum A IM. { Illud Ego in fchcraace noftro aflTigno ) hoc duifum in fe 
ordinat},producit pyramtdcm duplameim fyrAmidis , qud oriturex du&u 
eiufdem trianguli in fe fuhMtcrne duEii. Sit ergo idem trtangulum AI M 
numero i oo expreffum: tunc ftuein fe crdinafe , fiue fuhalterne ducutur , 
eumjitus eius quuntitutemnumero loo exfrejfumnon mutet , euttdemjtih 
merum femper producet. ' ! 

Alia ibidem Excmpia fubiicic ad mucacionem cum ficCis , cum figu- 
tx pcrcinemia: quibns hanc Solidorum qujeex dudu planorum & 
numerorumgencrancur j diucrficatem , & inaequalicatem oflendact 
icd pluribus in rcclariffima > 6c qux inemincdudus planorum , nu- 
mcrorumquc mulciplicationis non omnlno rudiindubium reuocari 
poceft > opus non e(l : hanc admicco , ampledorque veritatem. 
porr6ex ea \tk admifs^ £c fuppofitlt contrahanc ffleam Propofii 
neoi \6. IJb. 5. Examifiuitem meam cottigi poceft ? Enqaid goH 
cenfeat. R.P. Aynlcom » duminiiaccverbakiamadmeumlHticfj 
gumentnm esc InzqualkaKe Propprtionum K L & MN pecitum, r 
ponfionem cbncludit. ' - «»;V 

Setmtd^ii^mmeiimtt emtfs in^uulitufis primam eiuscaniaml 
pro co ac meretUT,attigic j quam inanem euldenter in Examinec^t 
d\)fr^oftioimmK L& MN ifaieterinmitnim f Sjpf^^io>^^^di^ - 
immm , eff ^ §f^,Fl Leotmidm qumttitMtes mewnim , quibm eonftmit fijur 
nit i-ex quorum duffn fuu formut corpora , tantum coufiiermrit i mmiri^ 
que , quihm illas expre]ferat,in feipfos^ vel in ulios iuxta eemfuetas Arith- 
metiedleges duxerit , nuild habitd rationein plerifquefigurdMUtfitus fl^ 
norum : ^ quihm tamen ita dependet i^nthorisduiites, vt ulteruoro tUiU^^ 
ioulsudfimk &moleditierfumoriutttrSolidum , vt ursti demonfiraui. ytie 
de mirum non efi , quod tuntn in/tquulitas inter perfortiones KL & MHi 
fiue terminos proportionulitatis P e^ ^j^eperiatur : cum in duMm f^p^ 
ftngulis , exquihm oBo Hlafolidanuta futtt ,fe€tistumfit, Nihiligitureiltu^' 
trA^luadraturaf euicit P. Leotaudi Examen. * ' ^ * 

Harc cicaco loco R. P. Aynfcom noncam Quadraturx quAm vcrU" 
tatis cucndac (ludio propofuic : quo etiam vno duftum me, ctiam at- 
quceciam veiiminanimum inducant Gcomccrx, & Examen Qua- 
draturarum ali^ infticuifTc) & nuncdenuo eiufdcm Examinis coa- 
firmationcs aduersus obicdas difficultatcs rufcepiile : vt (ciliccc h taia 
cot di£culjs|fjum cencbris» quibushocoe Qrculo^Quadrando 

Probfe^ 
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j fttt btem a omnium tocius Geomccrix cclcbcrrimum obruicur, clarius 
tiuidemcmiccc, 6cicandidis vericacis culcortbus & agnofcatur & pro- 
pugaccur i fiuc ea a partibus (lct Quadraturz (quod vocis omnibus 
cxoptarem ) fiue ab ea ( quod pertimcfco j (Icaiicna : Id porro vidcn- 
dum ounc eil. 

, " Ac in primis quemadmodam holas QuadracnnB ftcuodx Examen 
labrp 3 . a SDC imtooit d R. P. Aynicom non leAQm tOc a&rerc non 
jiofliun i ica • mioim^ » aot vakielcuiter dTe pcroenfam > adduGor vt 
C^dam iciedam etiam hancconcra Epilogifmos a me aduershv Qgih 
^raniramcoUetes reTponiionemi haod quaquam Quadratorat Au- 
dbori R^P.Giegotio ftiiflepriiisquim ederetar ,communicatam ade^ 
c^lis & expedica* amc , aquouis aIio>qui£zaminis meiLibrumj. 
_^M^i^c > refpbnrio danda videii poterat , vno qoipipeier^ verbo 
^l^ijB^rehcnfa. £n ipfam. Nullacd i mc numerorum mitamulcipli. 
'-jiS^ in coc4Propofitionis 1 6. Libri 3. probatbne t quxSolidisex va« 
lill^^riUBil^^ apprim^ non conueniac, eori&mque 

vct^quantitatem non exprimat. Quo proinde fiat % vt inzqualicas 
prOportionumK L 8c M N non numerorum multipticationi 9 ied 
s Solidis , qaorum raciones eandem non fcruant proporttonem, 
cepca referenda fir. Quod c6 maiori cum libcrcaceaflcrcrc mihi li- 
' cet i quo magis cuilibec prxfto funt cabulac , quibus probari poffic k(* 
(ertio mea '. ncqnccnim nifi iiis prolacis fidcm mihi adhibcri volo. 
Confulac quifcjuis hac de re ccrcior ficri cxpctieric , Epilogifmos cita- 
co libro 3. Examinis amccoUcdos, quibus Solidailla odoexprimun- 
-curj Ipfe fibi non fincvoluptate , vt fpcro ,fatisfadurus cft. Atquc 
hjcc, breuislicet , Ref^onfioobiedis a R. P. Aynfcom plus*quam fatis 
dcbccfatisFaccrc. Veruna,vt Gcomctram vcritatis ftudiofum, inhac 
pracfcrtim tam celebri , lamqucagicaca matcria, omni laboreleucm; 
qucni iucxpendendis ratiocinationibus mcis fufcipcreipfi iucumbc. 
-'Tcc : & vc quacdionem hanc ica dirimam > vt nulla , fi fas fucrit , in po- 
iUrum dc cadubitandi occafioreliqua fiat : vcftigia poftmodum rur- 
is^ceram 5 quibus Libro 3. Examiuis inftici , numcr6(quemeoscum 
^ }i»ex duAu plaoorum gcnicis conftram* Ad qus , ante quam vc- 
iflbetpaucisvelicarl ' 

itm6. Mliari(atisnequeberadito GeometraclL^ 
,poftqu4m afieruiflet Ai ditMm fetkftngtilk. ix^dhm 9&§ 
m/Um fii0% Sk me fec9Mtmtfft^v[k memem muiim^ veniile 
^Qu^liMinpi SfiKutneetebie » quod lp& aUb »MnA^ 
(ji^^N^iDenfbram leftlleiis, ad rem aptiffim^ proporukf 
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tione quidquAm a_^m;are. Ego quippe , cuiiis iiuercft , Alius quiuis 
Gcometra verltacis ftudiorusexigerc ab co mcrico polTe vidcbamur : 
Vt illiusrcntcntiae lacis grauiscaufam apcrirec : ne alioqui quam faci- 
\h pronunciaca eft , tam facilc reiicerccur. Vnicum fatis crac Excm- 
plum > in quoviciumaliquodobfcruarcturin Solidiconftitutioncm ir- 
rcpfiftcj vt reliquorum omnium conftitucio daranaretur : & ex co 
inxqualitaiem illamProportionum K L , M N, proficifci crcderctun 
atque adco Qnadratura cx eo capitc omni pcriculo vacare ccrv- 
ferctur. 

Sccundo. An non debuic vt Qu^dfiitu''''^ huius propugnatorrs 
munus egrcgie pracftarcc R.. P. Aynlcom , vbi in Solidi alicuiuscorum 
odoquanticatc pcr numeros cxprimenda errorcm compcrilFet j me- 
thodum cxhibere qua vcri numcri obtineri poflcnc , quibus illud ex- 
primi dcbcret. Imo- Nonne ipfarum proportionum K L & M N i auc 
lerminorum proportionalitatis P, Qjcqualicatcm , vndc Qjjadr acurx 
folidicas conftarct euidentcr, numerus iuxtamethodum ame iniram, 
dcbuicexplicaic. NihllcertcadhanctucndamQuadraturam afferri 
oteratcfficacius,ponderi(quc maioris :autquod Geomctrix ciiltori- 
us fatisfaccrct cumulatiiisj vt ad cam conuellendam nihil cfficacius 
repcriri qucar,quam numcrorum illa In.\:qualitasi quibus cxprimi 
dcclaraui proportioncs K L &:M N, aut ctiam proportionalitatcm 

Tcriio. Ciim Libro i. Examinis , dum Quadraturam primam cx- 
pcndcrem, toc Solidorum , qua: cx variorum planorum dudu gcne- 
rantur, quantitatcm numcris cxhibucrim j quos non aliter, quam 
quosinhuius QuadracurxfccundxExamincprotuli, a medefinitos 
eircmanifeftum cft r quid cau(ac tandcmfuic, cur Qaadraturx vtriuf- 
que Interprcs 6c patronus R. P. Aynfcom non codem Argumcntoex 
numerorum Solida per dudum gcnita cxprimentium falfitate dcdu- 
^o vfus cft ad primam illam Quadracuram ftabilicndam : quo ad 
haBC fccundam vti libuit? pracfertim cum iciunafatis, frigidaquc fo- 
fcc , quam afFcrt, rcfpon/io ad ca } qux a mc obiiciebantur contra pri- 
mam Quadraturam illam Argumcnta : quod nimirum Authoris lcn- 
fum minimefuiiTcm aflccutus i aflecutus camcn omncs fuiflcm , vt 
if (e rcfcrci ex quibus pcndi potcft ilta prima Quadrandi mcthodus ? 
obferuaucricfortaflc me in primx Quadraiurx Examine Solida fingu- 
Ia,qux ex pLanorum dudtibus fanc mulcis & drfficilibus oriuntur , 
Gcomecri ce primiim, tum Arithmetice exhibuifie , veramquc eorum 
quantitatcm numeris debitisdetcrminafre. Ac hacccius oblcruatio ad 
Solida debucrac txcendi , qux ad hulus Quadiaturs fccundx difcuf- 

iioocm 
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a meprbpofita funt : cum eadem plane raechodo^ vctaqueiiDc 
ris defiDica. Scd hxc ad velicatiooem fatis , qaam pondere doiI 
•cSittfe xquus quilibec rerum xdimacor iudicabic. 

Acccdo nunc ad Propofitionis mea: hic allata: probationcra , fiup 
Propofitionis \ 6. Lib. 3. ExaminismeiQuadrat.dcfenfionem , c]unm 
hoc locome (ufccpturum nuper fidcm dcdi. Hanc antcm , fic habe- 
to,non nifi inuitusaggredior. Q^iienlmcam hibcns agvj;rediar 5 cjuaf 
inco fita fic vniuerfa j vt oftcndam Gcomccram cximium, cuiu^in- 
matbematicis toia fua Quadracurarum Gcomctrica dediictionc tam 
rara facultas clucct, perpcram aflbruille numeros , quibLis foiidicx * 
-dudu planorum genita exprcfli, cum vera corum folidorum quantiita- 
tc oon conuenire ? Ieuiu(quc> quAm rcs fcrrct , tam Solidorum> quam- 
ea exprimemium numerorum gcncrationem perpendiiTc ? ac de- 
iiiuro,;quod alTeruit, prolatis cabulis falfum cflccompertum ? Verum ' 
.jtt hoc £go veoia prs Ipfo dlgnus videar : cum mibi ca , qua: protuli 
.(4i^iii,AiBtveritas ) conrra aggredieDtemqaemlibettueodt iuscom* 
fSl^f ilBC aiiud exigam (quod aemoAon ceniebit scquiffimum ) qu^m 
^t WySolidanamdris etpHmcDdi meihodus denuo in^edium ad* • 
ii|fiMI|'^iD aAtmiitenaoreciociita » Paul6 itte^iiiis perpeDdatursn 
4N|^!Bmergat taDdiu quxfitabac io coatrouerii& vericas. 

''Wifpmvi eigo (chenu Prop. 30. detiaeatum cocius caufae f&tum 
ctm^Ie^ens rerufflendum eft : quod tdem eft rchema iuxta qood 
lAttiftcunde Qnadratorae Examen Libro 3. Exam, inftirucum efl ^ 
mi'-Vndefi}fiorfingulorum , qux hic afiferam» declaratio,^ ibrt^ 
4pii1piam hxciatis^iam» hauriri pocerit. 

Prim6 ergo notxlRipponi dcbcnt lincac aliquot : qmc vcl cx con* - 
ihu^ione definitac (unt , vel ex iis in condrudione defioicis facile dc» ' 
docr poflunc. Has omnes in appoika iynopfi intucre. 
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V O pcrProp. ii.Lib.i. ApoU.incdiafit propovciooalUiDltrsM^ 
«cLatusredums' i.SimaitcrEFmeiiiilfit ioDcr AE acictaiiM 
tus ^ I . Idcmdc AppHcatal D ccafcia OWcniapnrteicaicAasi^ 

IH 6cc.fraaionibu$cxprimidccadic»»ficut a6waMCA,ati^=^ 




A»^m direSfus 

A. rx A I D\ 

B. tx FLO/^ 

C. ex FSPL^, 

D. tx AIN 




fubMlternm 
E. AIDV 

F- ex FLO/^1 



> .-t 



G. FSPL\^ 

H. ex AINj" 



ctiam fcmifTcs arcuum A Q I, A K RB , fiuc pa» qoarta totaram 
diculipchmeciacumiqux Y(caqucqMao(ica»dcfim^ io. Lip* 
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j. Exam.pofit^ cnim circuli diametro i i perimctcr cft 3 /41 maior 
. verijvcraautcmminor^ 1*41 59. Ergopofita diamctro AIp , pcri- 
nieter cric 18 i744o,& z 8 2 743 1 : huius autcm pcrimetri tam maioris 
vcra, quam vcri minoris quarta pars , ea ipfa cft quam tabcUa rcfiirc. 
Ncc alitcrdeterminata cft quarta pars perimctri circuli totius A KRBi 
cuiosdiamctcr eft A B 41. Atquc haefiint hnex feie omncs : qua- 
rum aliquam mentionem in fcquentibus ficri neccfle critjquas ia 
ckarfProp. 10. Lib. 3. Examinis paulo fufius detcrminatas rcperics. 
:SiB6aDd6» Planorum ahquoc dcfinito hic non potcft practcriri cx 
Ptepvt'*Lib.5.£xam. dcfumpuprouthxctabeliarefcrt. 
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Triang. AIM 
Trapcz. EZYV 
BiBiiflaii g . EL 
ttnflk FLO 
limoiBEFOV 

m^U^ 



40^ 

184^' 

402. 



31 8'o8 10 

Semic. AQ,I 

3 I 8'o8 I I 
1830' 1924 
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Paucis horum planorum gcncrationem expono ,nc grauc fortc 
ducas citacum Examinis locum confulcre. 

Triangulum AI M 40 j['giguitur du^o latcre A Ip in latcris I M 

Trapc2iumEZYVi845'fitduaolatcrcEZi^inUtusEVp, 6c 
at^^piciinii44addtn>criangulo A I M40 5'. 

:^igy>o^caponio FLOhabecur$iiex toa ParaboIa P AO i^C 
^'']}iimim S A F 8 5 -f ( hx arex inueftigaDtar in Eza- 

II^JttMUqaiimfiatfilaDiimffiixtum SFOP 8 1 coius (emiA 
($40 Y cric plaauffl E F O V ( qnod aiam hSc erat inueniendum ) ^ 
qup^fi^jl^ttasarlUdan^ L 3^ » leliqoafiet portio Paiabouca. 

^^iMcnlof A QJ • ac Quadolaterom E KR. V cum ptolixam 
;qu^ diflMcmcxigjiat inueftigfttioaem : praeftat cx cxamine 




'#«ni^ Ex defiDiti proxim^ tum Linearam» tum Planorum I n oii» 
meris quantlm ad Solidorom qoandtates in nomerb icem definien* 
4il||ial|o $'ekqiitbos Hotis nccracionesnecracionom proportiones, 
ilip<ij<i|iiijhiHii^prnpoi»io^^ foienimigDOfatL Aiqoehoceft . 
-'.*• caputf 
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|fiSic<^uraRcd. E Lconcipi dcbcc'} motiiquc fecuQdutn lacera EF, 
V L pergcnte, doncc ad latus F L perucneriti Atquc hoc parallcle- 
pipedum , primum eft: Solidum: quodcx duclu gencrari contingic 
numeriiquc inter fcductis a mccxprelTumcft ; dcquo,antcqua(na4 
reliqua pcrgo , a Q^iadracura: Propugnacorc pauca quxro. 

Quxro itaquc primo a P. Aynlcom num ccnfeat 8c admittat cx il- 
loordinatoduclu Rcclanguli E L in fc iuxca ficum paul6 antc decla- 
racun\ parallelepipcdum produci : cuius bafis fic Rcdangulum EL,fic 
altitudo E F } Admictct omnino , cum ipfa prima a Prxceptore fuo R. 

'4^<Gregorio allataProporuio Librodedu6libus id cuidencerodendat: 
iiccros.ficatioqui camabftrufa i quin eam concipiac crium dierum 

^^6i(oi|iecriae Tyro. QttmrurfltSDiimceiifeat & 9dciiiccatPtf 
pipedi illiusQuajiciiatemrede numetis exprimi ; eius bafis £ L do-. 

0 3^ teSth txfttWx > ducatur io alticu$(ioeffl £ F buoiero^ tc&k 

1 fBi)cpreflam \ ac proiDde eam quantitatem,fvi^||$i|Q||||j|^ez multi* 
iik>ne numerorum 3<^ 8c 4 procreaco ? Qu» , ioquiet^Qpi^ tam 

daram, cimquetritam indubiumreuocec^icaceiiieo* ica admitto. 
j^penra igitor ficadmiccicin hoc raltemcaTu jlq[ietedlee(re definicac^ 
j|»9riiucnerorum mulciplicacionemquancttatecn Parallelcpipedi{ quo4 
j^x duflu Plant redanguli EL in feipfum ordinatc ducicur : atque 
adc6iacccur Kunc ipfom cafum minime complcdi UQluifle fuailla 
(cncentia , qua pronunciauic in di/^tlus fire ftngulis , ex quibtu oiio illi^ 
folida K/tta funf, a me peccutum cffe s nec vllam a me hAbitamrationem fi-r 
t^Sy vel figurd planoram qux in J'e ducuntur. Scd prxterea Ipfum faceri 
ncceHc cft ( contra quam longa ilin, multiplicique induftione fuadcrc 
vidcuir) haudqiiaquam in hoc codcm cafua mc mulciplicatum cflc 
numcrorum j quoquancicas alccrius planorum , qua: in fc ducuntur, 
exprimitur , per numcrorum alterius plani aream dcfignantcm. Nc- 
queenim Rcc^anguli E L arcam 36 per altcriusRciSbanguli EL areaui 
eandcm 3 6 mulciplicaui j quo modo loiidicas fadi pcr dudum Paralle- 
lcpipcdi cxprimcrctur hoc numcro fi9^. Scd multiplicandam dixi 
aream 5^ Kcc^anguli £ L, quod eflbafls Parallelepipedi per eiu(ci.enL 
J^iirallelepipedialcicudinemEFquBeil^. Vnde na£citur Paralle]ep.i& 
' foliditas 1 44longe minor numero illo 1 19 ^ > cutoshicjwH: 
l^ptiini pars eft. Huius ergQlblidi area , quod primum esc duftu plaoi 
JpipIaDtun*narci cwncigic > redle per muItiplicacipDeni numeri in aoffle- 
iRimsatteftig^eft. Vji(Uiafflcuilibetfofitai|gqiari»quidiD (blidif 
|pf3k)uis»4|ua6perduAusgenerancur, numero exprimendisitnepi^ 
^finfiiCit'. neque enimtamcic6mei immeinor a mecliodo rc^^j^ 

HfitiQQaperg^os. ' F' |ii 
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III. Liber L Confrmatum , 

In co vcrfamor , fi meminifti , vt inquiratur foliditas corporis ij^ 
candiB : quod producitur cx portione Parabolica FLO inic dud^ 
Quam folidirdtcm confequi mc pofle Ipcro opc folidii quod fircx du- 
Quadrilaceri mixii E F O V in fc dudi. Hoc cnim cum (ic icqua» 
Je IblidojCuiusbafiscfttrapcziumEZY V 1845 &altitudoLatusRc-r 
^lumijadc^queipfumnotum fitjfitnimirum 1845 >Dotum ctiamcft 
folidum ex Qiiadrilatero mixto £FO V in fc dudo genitum. Hoc 
vcro folidum zqualc cfV per Prop. dc dudibus vtfupcrius ratiocl- 
nari cceperam , foiido cx Rcdangulo £ L in fc dudo > & folidoex por* 
tioiie F L O in fe 3 tum foHdoex Re^aoguloE L in portiooeni F L Q 
bisdudogeuitts. Solkhim aotem ex lld^guk) ELiniednAogQ}^. 
ntcnm feft^ • vrdenioiiftraai > in Examine defignawm etat numerir 
144. Atquee^lodnmenerat initaratiodnatioi quam abmmpeM 
JiMI^ iuk Itd iclHuii^ Reaangnli E L in fe attfto genitum diieal 
ciendum. NonccsittfcBinieitimo ex eodem citato looo Examiai^ , 
italiabctor. ^^- Jk 

Solidum cx Rc^ttegnlb £ Lbisda^b in ParabolamF LO habeciqP 
ii altitudo £F ^ducatur in duplum Patabolx FLO, quod dLipIuzi|^r 
eft 9 - : vcJ ( quod idem eft ) ducatur altitudo £ F 4 in Parabolar"' 
FLO 4 f , prodndilfi|t!NB nomerus 18 > duplicetur : vtrouis cnii 
modo habcbttur nuBSerus 37 ,'cxprimeos (blidum cx du&u Rl 
Hai^ali £ L tn ParabolamFLO bisfumptum. Quod (i numcrusht^ 
37 addatur ad priorem i44,quoSo!idumcxRcdangu]o E Linfe^ 
dudo genitum cxprimitur 3 fict numerus 181-7': qui fi dematur cX,, 
numero 184 5' » finc 1 84 ( acqualescnim funt huic luimcro iS^ad^ 
hacrentcs fraftiones , decadica 5',&communis , ) quo exprimitur 
quantitas Solidi cx Qii. drilatcro E FO V in fc du<5lo ♦geniti} reliquus 
fictnumcrus 3 , qiio dcfignatur Solidum fecondum Bcx Parabo- 
fica portione F L O in fc dii^a genitLim. 

Cernis hic rurfus indiiiau Re^kanguli E L in Parabolam F L O ac- 
^orat^ a me habitam rationcm tam fit^ , quam figurx aoiborum , 
«yoasin/e mutuo ducuntur , planorum. Cernis ctiam , vt quancita^ 
'temdeftytem Solidi , quod ex Rc^angulo E L in Parabolam F L O 
^oifto generamr > baud qoaquam aream 3^ re^anguli £ L, & areao» 
?aiabofat FLO^rnMmi&mettQttipliaiflc ( qu«d foft isMNbM 
fiiadcbar P. Aynicom i me in tod ratiodnatione mei ano&ifiiiq »^ 
qtfodvef periomtnnnsi tne commiflum puderet^fedmokiplicaft m ■ 
aceam 4^ Parabolx F L O tanquam baun Solidi loiniiper JLaoHi. J|JR ' ■ 
Rcaani^fi \. L quod tn Paraboiam dudtttr. Nafiaioff enkn ( fiMft. . 
doauotti&echodumcsaiDcipio }czicaaoguIo£JLiaFanlM|flBin<K 




Et Prom&tum Exdmen Quadraturjt. 1 1 3 

MftoSolidum j cuiusbftfiseftipfaParabolaF L O > alcicudo vero 
JLatus £ F R.edaDguli £ L. Mulcipiicaca autem bafi per alcicudinem , 
fah di rac c ai pxoduci corppriAiUtitsquis jgiwafti Qjj^^q^iaucUtamf 




' ' 4itBm iireBm 
. A. A I 

I « * . I 



p. jtx AIN/^ 



^Avy fidtsifenm 
E. iMP ArD\,, 

^.«rfSPL^ 
H. «f AIN/^^ 
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QS|adrac«r« huius Pawoaus ailcruit J&» iumbus fere ftngulis , ^-at ^tfZ^T 
(mi^^UU SpliiU JMTi» yi»/ , ^ wf feccntum ejfe nec i x/^/ww a me hAUtam 
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114 LiherL Conjirmatum y ^ 

norum sreas ipfasa memultiplicatas , vt SoUdi ex eorum mutuo duSituge* 
niti quuntitas numero exprejfn ohtineatur.hsLXid dubic cafum eciam buoC 
ab huiulmodi ccnfura auc cxccpit « auc exciperc debuic. Scd nec (e* 
qucntem , qui iD deccrminaDdo folidum tercium C occurric , eadcm 
ientenciilpacoicooodemaate. SicentpiinEzaiQiiie Prop. i%, lilx 3.. 
Pag.z4j. Sdidi tlUusC^iumutatem ad oomeros reoocare conacus 
fum. 

Corpos denidtie C , inquio» tx dodii planiF SPLinfedodi gc- 
iiitom » eiUlem ter^ mechodo notum eoadec. Cilm enim planom hoc 
in doas partesdiuidacur a linea £ V : eric per Prop. 1 99. du«£luum, So» 
lidumCquxfitum aequale Sulido cx duAu Redanguii £ L in fe , ge^ 
nito : quod iam inoencum e(l ( ^ quidem , vt fMulh anteojlendi » dekitA: 
methodo.) numcro i^^dcngnacum : £c Solido ex dudu in fc fcgmeim 
ESP V> quodeft 1845': & dcnique SoHdo>quod Btbiscxlicdaii- 
gulo E L in fcgnncncum E S P V duclo , hoc cft , quod nafcctur cx li* 
nca EF ^bisfumpta , (luc ex numeroS in fegmcncum E S P V , (lue 
EFOV 40-7 muiciplicato : qua muUiplicacicne producicur numc- 
rus 3157-- Trcscrgohi numeri 144, i845'( fiuc 1 84 ' )3z5T,fifi- 
mul addantur } colligecur numcrus (^53 cxprimcns folidum C , cx 
fegmcnto Quadrilatero mixco S F LP in fe dudo gcnicum.Hxcha- 
beo citato loco Examinis. 

In huiusSolidiccrcij C procrcationc pcr numcros abrolucndii oc- 
currit Solidum numcris cxprimendum .• quod fit cx dudu Rc<Elan- 
guli E L in Quadrilatcrum E S P V. Atccndacur igitur quo numero i 
quoiie modo , gentto ,illius Solidi quantitatcm cxprcdcrim. Nume- 
ro 3 z5 T expreifi eiosdupluin : ergb (emiflis i6i] ipfum (oret Soli- 
dom ex Re^gulo £L in Quadrilaceram ESPV dudo nacum. 
Ac > vc hic numcrus 1 ^2 r quanticatem didi Solidi exprimens babece^ 
ton nuciquid prscepi ,^c Keftanguli ELarea ^^inaieam^o-rQia^ 
drilateri £ SP V duceretor .^tfuppoluic QnadratcuraB £uicor i neqie 
pcr fomnium adcrui icadefinifiSoiidiexeodofto geiitciqoaoijtaaGBi.> 
AfleruiducidebcreilliosSoiidi altitudinemEF^ tn baiunrq^ajdi^*^ 
teram £ S P V^o-r- Ex qoimolcipliGacionenemo non nooic niii^ 
nim nafct > qui foUdicaiem eorporis cx talidp&i» pnicieaii ittfim^ 
kntct, 

£x hisergo habemus hackenusqoacuor tllapriora ibUdaA3iCiE)i 

u£ ex ordinaco , fiue fimplici du^u plani in planum generamin^ 
ebicis numcris vcramque corum quanticacem cxhibcntibus si- InC 
fuiflc dcfignaca i nec vllo modo pofle in numcros^ mcdefinitoscadc- 
re > quod monuicR. P. Anfcom caios TCti>a i^cri^ iciuJii ^brffitffe 
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Et PromQtum Examen Qmdy^aturA. j i.p 

fi^t Juffnm ptani mplamm, quo fna Solfda ^adrMtura AuthQrforniat 
-i^ mtUiiplieatione nMmertpernumerum , qni lcco planorum fupponuntwr. itm 
^^Kidm dtUim , iaquic ifigurd &fitu fif.mrMm » fujt dtumttttr^ 

ir A X 




d»Bm iinBtm 

C ex FSPL\, ! 



jduHm futmUemm 

E. €x AID\ 

F. rjr FLO/M] 



G. FSPL\.J 

H. rjr AIN/N-' 
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Mtdm^le diHerfnmkprtort ertatur Solidum» o// f^r^ 
yjem fwmeriquomodocunque inuieem duiH , idem femper producunt.Qupd, 

I^f0a^.6smoo&ssx : tum.his .canlbimcm fubdic ccikidufionem. 
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I t 6 Libtr L ConfinMtmm , ^•^ - 

MAKtma cAufA injtqnMstAtu termnorum fr/tfortunMistMtii P SLj^ • fi>^^ 
P, Leotaudm qMntttMci arearum,ciMlms coMjlarUpIaits » ex qaariam 4mP|I 
Jua format corpcjra , tantitm coHftdar/mt, tutmerdfiiiie , qttibas HLas tKffTfff^ 
rat^ in je ipfos , vd in altos iuxta confuetas ArithmettcA leges duxertt rmitd 
hahtta ratione fitus aut figura flanorum c^c. Quiaa longe aiieoa (iDC 
hxc&ipraximulciplicacioms, qiiavrus fum , 6c 4 verbis > quibus 
eafnexporui i poeesi mi Le6bar,ex(upcrioribiis , amez ipfo BxubS^ 
nc , vel leaiter infpoito ludicase. In cocniai Sdida per dtidat Gee^ 
mecric^ coafticatftcoafidcraaltiiec Toqaai^ nameros, quibus pl 
ram, qaaBducBntqridefigaaatur aieaB^» alterom pcr wenim 
plicaui : fed Solidi caiafais tjeometrii:^ per doftwn plaoi in pl 
e£Foraiati ktfim pe^ eius jclctcudineai temper dqxi* Qttaic fi cafljh| 
obferuattir in;e(|aalica» l^roporcionaicacis P Qj cokts^ U veca ^ec 
hsc QuaAracanHiiimma^e deberec zqualitas > nc eantvquddb, ^p^l^ 
quamceafeac profici fd ex eo , qiiodmdiiMas firrhfinf ulif ek qutitm 
i&oi&s Soiii/t ttdta funt ykme, dm MMV multiftidationet m$^anti^ 
infittui^fmattm^t^ Cian^cemqaacuor priorumSolidorumolidiDa^ 
co dudB jpnltoiUBi qwansiras numerls (Icl mered^ dcfignata. %d: 
nsc vllius ^uidcm poftcriorum Solidorum quatuor E, F, G, H cx^B^ 
ftu planorum fubaltci no gcnitorum quantitas numeris pcrmultipli* 
cationcs rcpflrciseft amcFalso conftituta: vc cuilibst gcneratiottcni 
numcrorum ^quibus priora quacuorSolidadefignari aflcrui , perpcn- 
denci manifcftum eft : cum ex iifHcm , & corumdem numeroruni 
mulciplicacionibuscorum quanricasdecermlnccur. Quod tumiueo- 
rum gratiam , in quorum nunus meum non pcrucnit Examen > tum'; 
nequid aliunde repetendum fit) quod ad abfoiucam banc tradacio<« 
ncmdefideretur j iuuat hicexplicarc. ' ? 

Icaque. Solidum primumE,& quartum H : quorum vtrumque 
nafibitur cx du^u fubalccrno Parabolx A I D i nullacgent muIcipHei^ j 
tione noaterorum , qui ex ptanis in le duftis v|]omodopcodaMX.|^ 
cnlm hoc vcramqae iolidom aBqoale femi-cyUad/o , cuius ba(is 
mieircaltts A QI , & altlcado Latus leAam » vc^top. 5. L!b. 3 .'^ 
miais dtfdaraul. Qpare dkm Latas Reftom Gci ».CB||^iciili 
A QJ arealbKQuibfii|ieriij8 3 1 8^0870 maiorwA.iffc.5 1 ttM^ 
li «fioor s Erh vtfonqaehocfbiidam oameris dcbitfs exDreifam, 
3 1 , vcl 3 1 SToS^ I. Laitas enknlteftaoidBoft;!^ ' ^ 
qj^iammulciplicat, nonimmntat. ' [-i^:^-^ 

Sblidum (ecundam^ » quod oritur cx fc|mento F L O in ie fub<i^ 
tcrncdu^lo , in quanticatc difcreta innotcicet j eySofidOii ' 
bafis efi mixcum QBiidrilarfelrtft E KR V iSj^/i^ 
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Et Promotum Examen Qj^adrdtur^. 

dC i85q'i89^ vcraminori&alcitudoLatlusRc^um i. qiTod bafim 
mulciplicando , folidumque generando non immutat , ( hoc porro 
Q^adrilaterum nof cr dcHnitum eA)dcmatur (blidu, quod fit ex eodc 
^RcJaangulo E L in fe duclo , & quod fit ex codem RciiangulG EL bis 
planumparabolicum F L O. Qui vterque dudus horum planorum 

fEDfi]pr4abfolutuseft,dum Solidum B quxrebaoir > mucncaque 
nt dwo .fcti da 144 , & 37-r: qux fimul addicft conftam numerum 
^ll T : qiudwid«bcscxqfIiiidracCD«Wfi Quadnhter» nwts £ K 
;|t|rjHifimndi adaltitiidiac«a Laicris RcAi 1. boc eft » cx bafi proxi- 
' iui^gDadl. Eftenim Cylindraceom kuiufmodi aequalciblido :quod 
ECX PaiaboliC& portione £F O V in lib fubakcm^ dual , vt oftcndi 
ibm .Examinis Prop. 5 .Solidnm autem cz ea ponbnc natum , asqna^ 
(jfApcr Pcoporicionem i ^ du&uum,foUdo ex Re^angulo E ^ in ic 
u^o i Ciuc parallclcpipedoicuiusbafis eft RcdanguIumE L > 
||[mfe^£F : ic Solido bis , quod ex eodem Redangulo dudo in por- 
pionem Parabolicam F L O nafcicur ; Hue folido , cuius bafis eft por* 
cio F L O , & alticudo £ F ( nec rcferc , vc in Examine dcciaraut »qo6d 
ha:c portio in le fubalcerneducacur) 8c denique fblido ex poRioaa 
parabolica F L O du(5la in fe rubalccrnc. Qjiarc , fi ex nota quantica- 
tcpprcionis parabolica: E F O V iri fc fi.ibaltcrne du6tx dematur du* 
plex illa quancitas, ( qux fimul e(l 181 ! , reduciquc debcc ad fra(5lio- 
ncmdecadicam 181 3*3 33 3 pcr Prop. ^S.Lib. 2. Inftitucionummea- 
rumArithm. vc a fractione decadica 183 015)24 vel 1830 28^6 dcmi 
poffic ) relinquetur nuracrus i ^5^591 vel 1 69563. Reclc itaque hic 
numcrus habecur , quoexprimatur Soliditas corporis cx dudu por- 
tiomsF L O fubalterno gtniti 3 Rcd:e , inquam , eo quod rcdh dcfi- 
siancur numeri ex duplici , qui hic occurrit dudus , procrcaci, 
"* Rcftat Solidum cercium G accendendum ; quod oricur cx porcionc 
^arabolica F S P O in fe fubalcerne du^a. lUud aucem ciim acqualc 
Prc^. 1 99 dtiduum » hifise Solidis , nempe . PataUelcpipedo ex 
ifi^ii EL inicgenico ( quod notimcft.) lcSoUdob», 
^(ecjdcm Rcdangnlo ELiB pbnum pacaMicum ESP V 
krcft,vtbabccurfi]feriihs4o ; )Solido denique quod fir 
»ai!abolidlESPV m fis fiibaiccnMlduftil(macftii^ 
^KR. V duda inlraisRcdam s , ous nomcft) finnme* 
^iblida«spriaicmes addanturt kakcbinir numerussquo* 
s Solidi tertai^Qjdnrfignctur. Incuins inucftigacionc ooa» 
«^pjTducenda c0e plana qaaedam » qu^ iam anticMaiiinci oftcn- 
^^qiie Solidorum ex kuiii%«Mii4v4tibos orcoromqnancitaccs re£ki> 

nua 
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1*8 ' Liber IXmfim^i^w^^ 

rum in fedudarucn fuifTe inter fe multiplicatosinon (ecus quim tn 
touedigatione priof um cjuatuor SoUdorumezfiinplictdudQ gcDifio^ 
fom contingere demonftratum eft : Im6 eadem iplaSolida hk xfiiu^'^ 
acimeris expteilarunt $ qutbuseadem ,dam pnomiblidaquxiereiniA . 
exprimi icontigerat. Patetergo inhac quxftione, in ^ii^h&jo^* 
cur , prolatts tabultsex ipib Examine, quodomnibos prQ(bt , pettia^. 
quo iute k R. P. Ayn(com dici potuerit mnim tm ^ » ^ifid tMtfs fHw 
^MMiitMi frofortimMtitMt isP& ^e^eriMt»r:tfm i» dM£hkm.f^ fi^a 
iis » ex qmbMS oStoilla foUdMnMtMjumfteoMtMmfit: cum ne vnus quidcm 
in illorum odo (blidorum procreatione dudusin Examine a me ad- 
hibitusrepcriacur i vcex praccedente Hngulorum dircuflTione eiiidigll^ 
ti(Emumeft)inquo^me peccaricontigerit. Quod hoc miror magls 
abcocffc pronunciatum , quod Ipfemet Part. 2. Secunda: QMadrac. 
Prop. 4. 5. 6c 6. cadem methodo jiifdemque fcre verbis , illa ipla odo 
Soiidacxdu(5libus mlxtnrum earundcm lupcrficicrum orta Gcomc-^ 
trice confticuar , qua a nie condituta funt. Quo fic vt credam cotam 
hanc mcam ratiocinationem leuiiis quam par iit , cum coai iaipugna^ 
retjabeociTeexpcnfam. ' ■ • ■^'5 ' 

Ccrcum igitur cum fit ina:qualitatcm illam , qux incer terminos 
proportionalicacis P & Qjjbfcruatur ,nullo motiodcriuari a Solidka-i 
te illorum o(^lo corporum in numcris perperam dcfinita : con InJcn-i 
dum necelTario vcnic , eam ex Principio aliquo fallo luppolico profi- ' 
ct(ci> ncque eandemefle proporcioncm K Lracionls Solidt A ad SpUs 
diimB,aa|laf|Knem Solidi CadSoltdumD scum proportldDc MN 
rationts foGdi £ ad (blidumF, ad rationem fojidi G ad folidodif^i 
Qu^ fublata proportionum K L &^ MN xqualicate , tollt cibntkita^ 
necefife eft hanc lecttndam circulum Quadrandi methodnm. Vt afl^ 
ricur hac Propofidone 3 1. qnam probate , Tel in Examine i m6 fdlb^ 
Hcoi^um, cll^nofiilrareru(ceperaa(K ^ >' .>•% r 

CoroBMnam* - : * 

£x omnibus ad huiusQuadracurx: fecundx dl(cu(Gonem ha^lihMiii 
allatisj non tantum harc vna (ecunda , (ed reliqux etiam dux ^^taallk' 
&quarta , chsxi iticlem fundamentis nitantur,non omni vicio cMfele' 
demonflrantur, vteas vlteriu*: proiequi necefle non (it. Im6 nec ea 
ipfa Quadratura ,quam quafi de nouoaflfert R. P. Aynif:om,6cdeqciii 
iuferiiis fermo habcndus eft, pluribus cgcrCt : vt in latcncis alicuius vi- 
tij lulpicioncm, auc apcrtam cognitioncm vcniret i cum ex i^idi^XXk 
planc,quibu$proxtmemeniorat.c crcs,PrinciptiscdUigatur. ' 

Scholium. ' ' ' 

£cil Libio 3, Exam. Qua^ratujrx numecos , qi|ibus^ illocym o<flo- 
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^Vfjitiftwm^X!^^ ooBftituerim e^l^e BliMioa^U 

Min: difperfbs t^^ itliDC. proiK eotuiB trsdftciO' tofic 9 cx>* 

: qaos 11 lobeaft finiulkx^ie >eor&nqoe ratiohcs raciontdfiiqae 
''pil^rdones , ac proportionum piopoctiooalkacct coBigerc » Inoeat 
qitifEicm, fcd opcr^ paulo grauiorc : cui vc parcatur, ctr ipfosliDCviiO 
•^M^ArpC^ktipoiitosctiamdtftindi^qa^m infxamineLib. 3. prarfli- 
• Mina. Qtiataorefgo prtora.SQiidacx ordinatodu&u onundaic^bar 
'ibtsoi > vctMsc fiiie&ia referc ex fiiperiorib us coIlcdluoL Fradli s autcm 




40/ 
5r 



C 
D 



^J3T 
40r 
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A 



C — 
D 
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^|»«aiadcm deOominationem rcaocacis> ad quam ipdettaninc^. 
'rjjjpj^^mur $ ftabunt humcri > vc hoc fiscandum (cltffi^ refcrr. Doi^ 

10!^^^^^^^'^'^'^^^'^^^"^^ (bliiiunieracores corporaiila qoa* 
. -assi. '^eor^biqae ratiooes exhii>ency tc iniioc alio fclieoiace. ezJiibciur. 




A 243 
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3P»3 
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H3 





K 143000 




K 3037J 




L 30^73«^ 


mtnfmit 


L 58341 



Quod fi iias rationes ad eundem conrequentem reuocemus i qui 
^i;Cticiatur poftca canquam inutilis : duo Antccedentes ( qui func 
30375 & L 38343 ) cxhibent proportioncm , quam intcr (c ha- 
^^^m ha: dux rationcs A B , & C D vc hoc in fchcmate cxhibctur. 
\ * Non rccusrolidaquatuorE,F,G,H» cx duclu riibaltcrno genica; 

tum corum rationcs,ac rationum porportiones figillaiimoculisfubii- 
. cico^us in viiuni coilcdas. Acque itaquidem > vc hic habecur , Ipia 




/3 1 8'o87o 
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/3 1 8 0870 

"\3 180861 



Mdi. 
Mm. 

Mm. 
Mi». 



■a ■ ' ■■ ^ ■> t i 



- -1$6!ida numcris dcfignantur, vcristam maioribus , qu^m minoribus* 
"^Ati vt fcqucns (chcma rcfcrt i eorundcm folidorum rationes tamcx 
«^fero ouionbus.) quaoiex vcrominoribusterminis orta^cxhibentur: 

.^5fi' . ' Q .carum;. 
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carutn autem tcrmini , funtipfi numcri Solidacxprimentes^cxpi^ 
Ais tantum acccncibus , qui dcnominatorum viccs gerunt in hatoA 
modl fradionibus dccadicis : quicum hic fint xquales , expungi po(--. 
funtjfoliquc numeraiores retincri ad rationcs lolidorum exprimco. 
das tam vciis maiorum quam veris minorum » vt hoc iu fchcmatc 



Rationcs Solidorum vcris maiorum. 

E. 318087 0« G. 65136157 

F. 165^551. H. 3180870 



I 



Kationcs Solid.vcrii roinoru. 

E. 3180861.G 65136x19 

F. 16^563. H.5180861 

— 

prsdicum ccrnis. His ica conflicutis rationibus E ad F 8c G ad H > cM?^ 
mm Proportioinueniccur, fi adeuDdemconfcqucncem termini re*' ' 
uoccntur Veleil methodo quam Prop. sj. Lib.3.£xam.traididi-ifi^;^ 
sdterl, quam Prop. 9, Lib. i . cxpofur. ' • * w 

Tunc cnim AntcccdcntcsIVoportioncm , quam rationes fpfaofcj 
feruantinter fc,cxhibcbunt vt in hocfchemate ccrnere eft , in qilG^t^ 
Proportio illa ( quae eft M ad N ) fiue rationcs E ad F , & G ad H nu<^-' 
mcris conftent vcromaiocibustexJjibecur ad muumos ccaninp&t^C' 
uocaca.^ - " ^^4'' 



ffoforth Jtsiiomm BitdF&GsiH» 
M. 3 I 8 o 8 7 o ex tenmm 1 M. 3 1 8 o 8 ^ i tx tnm^ 
N^3 478 131 vm^mm* \ N.J 4775^5 

fihm» I riim,^ 



£xpacatislia(ftcnusproportionibus racionum AadBi, & CadO^y : 
quas obferuanc folida cx flmplici du6lu genita 3 & rationum £ ad£^' 
€c G ad H folidorumcx dudu fubaltcrno ortorum $ quarum proporry 
tionum prior eft K adL, & pofterior M ad N , colligcrc liccbit proii». 
portionalitatcm P ad Q. Si nimirum propoftioncs K ad L,& M ad N^^ 
quafi forent rationes fiinpliccs , adeundem confequentcm rcuocen-. 
tur:tunc cnim Antcccdenies proportionalitatem earum proportio- 
num cxhibebunt , quae duplcx cft j altera qux ex proportionis M ad , 
N terminis veromaioribus gignitur i altera , quam producunt termi-. 
ni vcro minores. Vtramque hocfchcma exhibet : & vcramque a pro» ' 
porcionalitatc acqualitatis valdc aiicnam i concra quam A QuadracunB'. 
primo AuthoreaCcratur>ciuf(^uedcinccpsfautoribus Ilacuatur. Ha« 
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tfrminis vero maioriifW 
P. 105^48229115 
12 1^^09175 40 



Ex terminis vero minoribtss. 
P. 105^31067150 
Iii9(i057'i4<>2 
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nalitas P Qjlcfinita efl:. Qua , fi lubeac Propofitionis huius mc« 3 1 
▼critatcm aliis 8c aliis fadis Parabolarum ruppofitionibus perpenderc, 
-yti po/fis i vt Ipfemct Prop. 17. Lib. 3. Examinis Quadrat. vfijsfiim 
■radconfirmationem Propofitionis 16. cui rcfpondcchxc 31. Ineavc- 
• r^, Proportionaiitatls PQ^inxqualitas longc maxima collcda cftj 
,ciim ccrminis cxprimatur P I 4 5 8 2 9 8 9 o. Q^ 4 7 7 6 o o 5 I . vt 
cicato locohabctur i vt& alia aliquoc Paradigmaca : in quibus omni- 
bushancProportionalicacisP Qjnacqualitaccm. Vndc rationisSoli- 
>A ad Soiidum B ad rationem Solidi C ad Solidum D Proporcio dif. 
'^iiis colligatur Proportioni , quam habec raub SoUdi £ adSolidum 

pli^unf ratioDumdifproportionem , fiuc Pioporctotujita^P Q 
Jpiaifiacem probare \ ciun , etfi fijpponatur eius fumma sequ alicas^ 

quam aflcruntQttadracurgfauius Au» . 
IKpics , raciohum E ad F , auc G ad Hcognitio $ .fine qudad Qtta- 
''dracurani al>jG>lucam ncquit perueniri > vc ci^i Prop. 17. £ib. j. 
•':^^|^p9ruine(leuidenci(fime : quampaucis fcqucnci Propottioneiuuac 
j|jlti|^ui^iBxplicare,vt 

• PROPOSiTlO XXXII L rtwrtJWii. 

TS I Rationuih A B & C D cx dud^u (implici (Seordi- 
giacb confticucarum Proporcio KL xqualis (brec Pro* 

|if>rwni M N radonum E F & G H ^quas dudus fubaltcr- 
nus gcncrat, Siuc, (Juodidcmeft, erfi proportionum K L 
& M'N ProporcionalicasPQtcrminisconftarcc a:qualibu$> 
^ ratfo. quaedacn forcc arqualitacis^ haud quaquam camcn 

'^^^^ metfaodum ab(bluatur : debcc nc; 
"^'^^^'flcetaciiaradonum^EadFacicGadH cognbich 

' ' r • ' . " - Digitized by Google 
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yifcilicctfcmicirculus A QI, quicft Aotcccdcns rationis EF piSlk 
confcrri cum confequemc fuoF j qui eftmixta quaedafn (aperfitiesy 
cuius vnum latus cft arcus KR,^ ex c£ coUacioiie drculace q^idpiaai 



» » 




A. A 1 . 

' r 



ilv^iMr fubalternm 
Ei «r AID\ 



C. ex FSPL\ 

D. rx AlNj 



G. FSPL\^!^ 

H. t* AIN/^^ 



rcpcriri rcAilinco xquale : quod ctiam rcpcriri pofret , fi Antccc-. 
dcns G rationis G H , qui quacdam ctiam efl: mixtafupcfficics, quam 
luxus K K. cumthbusaliis iiacis redis circumfcribit ^ cum fviOCovXc^p 
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qu^nteH, fiuc fcraicirculo A Q, I confcrrctur. Quam altcrutriusdi- 
darum rationumEF&GH ,aut vtriufquccognitioncmomninonc- 
cciTariam cilc fatis oftcndit Do^iflimus Quadraturx Author,dum 
Prop.77. Lib. lo.Opcr.Gcom, huiufmodi Problcmaadducit. O/or- 
ie/n rstimm exbikeri qud eftinter eorforn , qnd oritmtur ex fuksltern^ 
efitffit FsrMhU A IV mp ( fchcmaie vcorinco ) ^ ex ditffM item Juh- 
'tJI$ern9 fvrtmk f»MiuttL0, Velin*erS»Hin , qud finnt ex duffn 
fi$0Uerminfej>ldmiML F^» PnrnkeUAir. ^ux foHda iuxtade- 
iagoationem meam {unt folida E > Fi <c G > H : quorum bafcs eandem 
Caa^ Solidiis iplis rationcm (eruanc. Qttod Problema ▼tioam, vt' 
propo(uit,itaabfolui(rct fummusGcomecra» Sed candem tot^ fu4 
f aiiqicjpatyonc , quamcitata Prop. profecutus eft, aliam conciuiio- 
nem non collcglt > nec aliam coliigere potuit , vt culdcntcr oAcndi 
Lib. 3. Prop. 8. £xam. praeterlianc,qux^ Propo(itioneJonge profc<^ 
aliena c(l. Er^ Profoftionem exhiluimm 5 qux ejf intor ratienesE dd 
6^ H. Hoc cft , ftylo mco , Proportioncm M N. Ccniuitergo 
cximlus Cyclomctra , tum necclTariam cffc ad Tctragonifnuim co- 
gnitioncm cationum E ad F , & Gad H , cum adeam cxhibendam 
Problcma proponat j tum cam fecxhibuilTc eo ipfo, quod Proportio- 
ncm carum rationum , vt Ipfe putat ( nam ne ipfam quidcm Propor- 
tioncm rationum Ead F & GadH,qujt cft proportio M ad N , cxhi-' 
buit , vt proxima Propof. dcmonftraui ) cxhibucric : cum in conclu- 
(ionc , quac alia elfc non poteft quam ipfa PFopofitio , Proportionem 
rntionnm EF^ ^GH fe nfferut exhibuijfe. ^od ^rxJlAndum , inquit, 
.'tfAt. 

•' Hac crgo Propofitione adentior ipfi quldcm notas omnino ficri 
itbctC rationes E F , 6c G H , vt eius fcrt Propofitio illa 77. Scd non 
|terinde ailentior nocasefle fihftas 5 etfi i vt eiuiHem Propo(icionis Fcrt 
«^^^dofio, nocaia^^reanim facionum Proporcia Qu«>mea fprec , 
Ig^^pjpbaiidaPrQp^ m& eam Prop.i 8. Lib. 3. Exam. tum Arith- 
juA^ tm^ pauds , nec obfciiris Argumeiicisdc* 

imAsiJSm t<fim lbc»iaielim confuias: Auteerti liabilitfada rut^ 
•il^l^i^f :4qiiomodo impetitainc^ Rc^n- 

11«^ quaaUdi4va4^4iiSciilcaces « quaruQa hsBc cft ma»ma »qua9 
SMluiBrsvtfiJiijukatHraw afSncs idif|uaiYluas , %er* 

iigdi»jfe>quartatn obiercram^ Sed , quod;6<o xttnictijomnino non 
dd^d^nkt, (1 vt sequam it aliqoocum fundamentopronunciatam himc 
iwMliijiiw» Xihiliptnreemr$h0'^guidfMtnr4t enieit P. LeotAudi Exsh:- 
^iiM j^admitti veUet^neeiusqu^em-vipia^ aieiKio ab eo fadaeft.; 
j ^ lM l fitinhf htr pai i ca a d d a m U^ac', m jopinor , plaoiiMrajfic aper^i 
. 0^5 tiorat 




IL4 Liher LConfirmatum] * • * 

tiora : quibus luxtaPropofitionem hanc 3 3. in hacconu^ouerfiftjqiiU-. 
bet , etfi minim^ prefto foret Examen , fiec fatis. 
Obicrua ica que ignocas quacicaces relatiuasjioD alia metiiodo^uiia 




dMBm iift&m 

A. ex A ID\ 

B. €x F L O/^l 

>P 

C. €x FSPL\^ ] 



E. AID\ 

F. w FLO/M^ 



G. fx PSP 

H. AIN 



abfblutas innotefccrc polTe.Sicuc crgo,fi quatuor fint quancicace5,pio* 
pordonalcsid cft, cad6 fit ratio primac ad feciindam,& tertia adqua^* 
cami Yt earum vnaaiiquaigQoca cogaoicatur >a6cc^c dljijKcsieli»- 
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qux tkOXX priusfadx fucrint > ncc vlla hadcmis traditacft ars , fed nec 
tradi poteft , qua cx duabus tantum earum quibufcunquc no tis , rcli- 
quarum duarum , vclctiam vniuscogniiiocolligatur : lcactiam in rc- 
latiuisquatuorquantitatibus, in quatuor fcilicet rationibu> proportio- 
naiibus, fiucquarum binx eandem habcnt inter le proportioncm , 
quambinacrcliqux jidcm planc contingit. Nam , fi raiionuin , de 
quibushic habecur fermo , A 15 C D , proportio K L cadLni fit cum 
Porportione M N duarum rationum E F & G H lolidorum ex dudu 
fubaltcrno gcnitorum i notxque fadx fueiinc trc^ quxcunquc cx lilis 
rationibusquatuor AB, CD, EF,G H .ccrium clt quartam igno- 
tam ,notarumtrium opc notam fieri ponc. Vt , fi ratio G Ei ignoic- 
tur cactcris tribus notis A B , C D , & E F. Si illis tribus quarca rcpe- 
riaturratio G H proportionalisper Prop. i6. Lib. i. Exam. caci it,(]nx 
inquiritur. Eodcm modo , fi ignocaforet ratio E F rcliquis tribus A B, 
C D , 5cG H notis 3 etiam ratio E F innoccfccret : fi ficrct , vc C D 
ad A B , ita G H ad aliam E F ? forct cnim , Inucrtcndo , vt ratio AB 
adCD i ita EF inucntaad G H ) hoccft, hx quaiuor rationcs A B, 
C D , Cc E F , G H forcnt proportionalcs j fiuc duarum priorum A B, 
CD proportio KL , xqualis foret proportioni M N duarum pofte- 
riorum E F , G H ? & carum proportionum duarum K L , M N pro- 
portiona.litas P Qjtcrminis xqualibus P & Qjconftarct , hoc cft , fo- 
ictratio aequalitatis. 

.».Aivcr6, fi cx illis quataor raiionibus , ctfi carum cadcm Pro- 
ponio fupponcrctur , dux tantiim noix habcrentur i ncutra duarum 
reliquarum poffct innotcfccrc : non fccus quam tcrmini duo ratio- 
numduarum proportionalium , fi ignoci fuerint » cx duobus rciiquis 
ootis , notie^iaderc non poflimt. Par enim cftin hoccafu abfoluta- 
rum, & rclatiuarumquancitatum conditio. Quod Excmplo placct 
illuftrare. Quatuor rationum AB,CDi&EF,GH xquales fup- 
~~ ponantur proporiioncsK L, fic 

MNjhoc cft, fint proportio- 
nalcs i fiuc carum proporciona- 
Iicas P Q fit racio xqualitatis 
( hoc cnim ex ea fuppofitionc 
^? *^^*" R 14 ^ I ncccflario (equitur ) fi igicur 

F j. s s J *J notx fint dux tantum rationes 

T , j^' . AB, &CD:ctfi conftctpro- 

H 4. V X j ^ ' - ' portioncs K L , & M L cflc 

•J^- . xqualcs. Nihilominus, ncutra 

ouarum rationum ignocarcrin E F ,6c G H nota potcriteuaderc. Sunt 
'•*•" • • . cnim 



B }* j K 4^ 







J ' 



' ' • X .•..I*.. ■ •«1»^. 

enim inuldtt»Siiie iniioicac lationeau exqac fpecie dkvHStfp : <|^i^fl|lK 
proportloficrenperxqaHsprciportioniMNilueKL. Emraft^ 
EadF, quaBdecuplaeft , ad radouem quintlipbtm GadH prDpii^ 
ctoeftMN, fiueKLdo|ia:qi]aeeadcm prdporciodapla M N, dl 
eciam ptoporcio rationis k S tripla; , ad rattonem T Y fe^uiaiceram: 
eoque modo alix & alix rationes innumetaB-fpeete dsoerrs afTumi 
pofltinc , quarum proporcto fu fcmper M N , aequalis proponioDi KL, 
notaru cn d uarum rationum A B, C D : ac proinde (int omnei rationi^i 
. . , bus A B , C D proportionales. Quomodo igicur {i duae canc&m notn 

. racionesquatuorquancicatum fupponancur praccernotam proportio- 
neni,repcriri poteruntaliacctua: rationes ignocsc quatuor ignotarum 
quancicacum potcrunt inueniri ? has cerce nequaquam fecilius flicrit 
definire : quamfidataproportioQeduarum rationum A B & C D , vt 

' i duplaj datiTquc duobus tantiim tcr- 

A 4 C... lo E 50 I minis A B rationis AB , notisjalce- 

' B 1 D... 5 F 15 j rutrum tcrminum C vcl D , aut ■ 

__J • I vtrumque ignotum, notum volucris 

' exhibcre : neque cnim minus cCrminus £50, quam C i o poteric af. 
fumi i vc quxftioni facisfiac : cam (iquidcm £ ad F qu^m C ad D ra- 
cionem dupiam tetmtninoci A^ad cerminum notum C 1 obferoac. 

£x his (equicur . dantis conftarc nikii Geocnetfitfum poifc^ quha 
quod hac Propoiitione ailertum eft al^me ntmirum. Etficogno^^tmvr 
qoataor quantitates A , B ,.C, D ex fimpRci doBta planorotn dti^tnil- 
oatae : ac proinde notx etiam (int earum raciones ixut 
D : nociqueearum rationum proportio R L : tc praeter h:ee ^ AoMli 

. Quadraturx , dufque Interpfetibus concsedei^tor Cquod 'Vt - fiMte 

• concedi mlntm^ debere nuper dentoniVrattfm dk teandem e0c proi^ 
porcioncm M N , raciooum E F , G H i quam obferuant ge^iia folida 
V ' ''exduclurobaitcrno pLinorum corumdem,qoibus in fe dircdedu6Ht 
prbducunQirSolida A,B, C,D , Etfi , inquam » haBcitafupponanniir' 
Nifitamen prxter duas rationes A B, £c C D notas » aotanvioe pro- 
portionem K L duarum racionui^ £ P , G H ignocarom , suterucra 
narum rationum faltcm detur : nequaquam tamen notas fieri poflc 
hasrationesEF ,GH>quas obferuant Solida cx dudu fubalcerno 
gcnita. Quod cum ica fic. Cum Solida illa omnia E , F , G , H ignota 
(int ( funtcnimcylindraccabafi infiftcntiacirculari , adoqucignotx, 
quxinucftigandaproponitur ) etiamignorari ncccfie cfttameorutn 
rationcs E F , G H , quam rationes ( cum cxdem fint cnm fblidorum 
ipforumracionibusjbafium circularium, quibus infiftunr Cylindra- j 
ceaSolidisilllsxqMalia. £rgo eciam cx ea cationumignoratione fc- ! 

* quicur 

1 b- ('^ooqle' 
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<)tiitur bafcs illas circulares incer fe non po0e cocnpararii Jiecaliqi^d 
pcrhanc comparationcm circularc dctcgi , quod rccHiiHnco cuipiam 
(uaequalc > hoc eft, vt vcrbo dicam , ncc Quadracura hasc fecunda, 
nccrcliquae ci affines tcrtia 6c quarcacx codcm dedudac principio ad 
extcum foeliccm 5c optacum hac mQthodo pecduci poiruA& Qjapd 
oftendendiimrurceperam. , 

Ex di^is htc hA^enus ckidenter conjlare opinor qitkm ftnt non inaneSy 
^uas in Examme ^adraturd propofui , diffcultates j ^uibus lahorare vi- 
dentur ha celeberrtma celeherrimi Geometra R. F. Gregori) k S. Vincentio 
^Hodraturd. : cum eas vir eruditione non vulgari clarus R. p. Franc, 
Aynfom , dum cmni Jludio conatur dtjfoluere , ^jiadraturas ipfas tuerty 
vix , ac ne vix quidem , id , vt patuit , prMterit. Vnde fane grauins hos 
Tetragonifmo5<mtnesht diiHim^vofMndinajcktirMrg^ Nequeenim 
vet i^e laMdstus ^adrstMnmm iitterpres , vet eiimm esnmdem JMther 
H^^num eetmwjulto , emmrisug^stiiirteiiis AMMi» boe efm im efMS 
pmim^^diderit ) quidpiMmemiferini eerMm^ qmkMS InexftkmtfiiiikitirPi, 
nkemm ium prafentl . imm elim fortajfe fnimre timsM fericMte. tHe' 
piifejfeai, ^jjfd fkm MUMks ex fiMieMtiJi stt ipfis perfeStnm fMMdemH 
'■mm i^p^M iM emtrmnmm MddM&s iei ArgumemstmMtilMUMmsMk mOm 
fmmidem MliqMMMdefrdflMMdMmMieriieviderideUniideoqMe vieenMm 
mJttk tMj hrMiMm hMkH, StnMArtstmm tsM/ewuitsed» sd essitMm ferdsfet 
^ttii^tsseiM f^^e . 

' ' Mltfisef\ endm fententiM ftrri debeMt hs iMm , quam quMft miMm ad^ 
diieitR. T. Ajnfcem J^mdrMtMrMm^mme veMSiexpiMdendum \vt ^JifMS 
fsifiti Mthil hae in nusieriii ssmitssmtMsi^fMfpitnssmMdMfitMU^unsii 
^fsts^nssei^ &ti$Mfu. 
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PARS TERTIA- 

LIBRI PRIMI. 

%AUa quddMm ejmfi noua §luaJratur4 ratio^ CemmirA 

non 'vnlgari R . P. Franc, y^ynfcom exfofifa muhiflui 
nommcreijciendademonilratur. ' ^^^. 

PROPOSITIO XXXIV. TimtMS. - 

MEthodus.quaii noua circuluni quadrancii a Quadrata^ | 
rarum inccrprcte claiiffiqtioaddudla» rcjfcienda>ride<^ 
nir Aoii folum ob.mioaes ; ob quas (ecuada cum duabos 
queatibus tertia & quarra reie6^aeft: verametian^i-oba&tlf 

pcculiarcs , qua: in illa mcchodo occuriunc. . ' ..' 

Poftquam eximiiis Quadraturarum interpres R.P. Aynfcom ca- 
rum principia declaraflc , 6c fundameDta pro muncre fuiccpto ftacuif- 
fe fibi vifus cft , obiec^iifquc dilEculcatibus occurriirc i ad idcm iliud 
munus fuum pertincre iure ccnfuic ipfam cecragonifmi praxim cra- ' 
dere , qua fcilicec fuHus expoDcrcc condrudionem cocam j cdque ra- 
tione qucrelis faci^facerec , quas Auchoris Cyciomecrix huius maxicna ' 
breuicas cnm ob(caricace coniaiida in ipicim concicarac. IIU er«> 
praxis , quam landacus Autbor in fecund^ ctrcoti Quadracurd pto&. 
cucus eft > hadd admodum probanda mihi v^decur : cum quia iis ip ({$ 
fundamencis niticur) qaznoniacisfirma fuii!e ex iuperioribus cot» 
Jigi poceft :cnm quia alias de nouo diiSicukaces tnooluic » quibits m 
difcrimen adducicur. Duas icaque parces concinec haoc Ptopofitto 
demonftrandas. In priore declarandum eO: hanc felutionem » ^el 
eandem efle cum folucione (ccundx Quadracurx, auc cerc^ex ndiiem 
fundamencis concludi. In poftcriorc obferuari dcbenc ea, qttOtua 
meminisviciaiquibui^cadcmQOualblucio^tabefai^b^ ' 
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Et Promotum Examen Quadraturd, i 

f^^y^ Dmmfirsm fmris fsrtis. 

Vtiox parshuiusPropoficionis, quscprjccipuacftivtpotcqaictotius 
huius Quadracurx de nouo addu<5lx Fundaniencu cH:, paucis concludi 
poteft. Cum enimeadem fu hxc Qiiadratura cum fccunda Authori$ 
Quadratura, eo tantum difcriminc ab ea diucrfa , quod ha:c noua 
paulofuriiis, 6cdiftincl;ms exponacur ,quam illafccuiida ab Authorc 
fuidec dcdu^a. Quid opus nouis Argumcutis prxcer iam allata ad 
hanc impugnandam , ac concludendum dc nouo , eandem ab omnl 
labe minime clFc immuncm. Nec ver^ vJIatcnusdubitandum eft , an 
h« Quadracura: dux , cjcdcm finc eod^mquc e priocipio pctitac. lllud 
habes Prop. 3 1 . fupcriorccx Auchorc Quadraturx rccitaium : quod 
confule , 6c cum hoc cunfcr , quod cx Quadracurarum imcrprecc ad- 
docQ fal^lcainen dcfignacioneme^quaai haec tabettacominec Prop. 
ay.oonftruda & appoiitaad (chenia, quo hadenus vfus fiiro. 

J>k^9 inqiiicProp.3..SecundaB Circuli Qu^cac. rMtlmem feUii Asd 
fithkfm M^^nd rstimem fitidi C iU fitidKm DifiHit rsiio filidi B mL 
fiiHdi^ ^id rMiimum fMi CsU folidimH.€{ke&i Pcoportio KL> ra- 
itels A& ad rationem C D : squalis eft ptoportioni M N fi^cioms 
BjFa^racidncffl GH. Atqoeade^ propoccboisKL ad propoftio* 
fvmMN proportionalicasPQ^ c^uxiam racio xqualicacisi (lueteF- 
ttiliiP,Qdebente(IeaDqua]es t vcaflcrit Qadracurx intcrpres. Ac 
^vehoc^eorema fiium probarc conaturlaudatus Author. Sed fiue 
c&demiatiocioacione vcacur» qua Quadratnrx Author yfus e(l ; fiue 
diuersd } pcrindc vitio aliquocam laborarcccrtum cft : ciun oftendc- 
rim cantam intcrefic diucrficatem inter cerminos Proportionalitatis 
^J&Q^vcinvtroqueParadiginace ex Examinc pctito 8c hicapponto 

cernitur. Quam 
vero redc ex 
legibus tu Geo- 
mccria;,tum A- 
rithmctica: cal- 
culus fic a mc 



Pstrdi^mtprimmif, 
P.io5<^4Siipix5. 


' pAradigms fiumdMm.- 
P. 145S 298<jio.' 


Q.i 1 19(^05)17540. 
• . . ^ • >* 


Q.3477 ^0051. 



f^iiocinationesfioe ab AdchoreQoadraturx^ioe AQujKlracurs^fauco. 
icinfticotaspeccareoominj^t, haod fueric opcrx pceciom pluribus in- 
.ticU^rc: pcr numcros & i pofteriori iacis eil mihi eoidenterdcinoa- 
AiaAfalTum e^c candeoi efle proporcioncm K L racionts A B ad raaV 
|ie6i.C O (qoaQi Wamqucgigflic dudusordinarusjcuiri P|opo(itione 
^IN rationum £F €c GH cx duau. ftdsakjBmo .genitarum,: fioe 
iwididea^eftipfoporcioiiis KJL ad proponiooeml^l^ proporilona* 

^ a 
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1 5 ^ I^i^f^ Cor^irmatum , 

litatem P Qjeflc «qualitads > fiuc tcrminos jllius P & CLcfle acqualcis. 
Dicam tame& bic obicer ( quod in pari caTu obiter iudicaui fupeiittsl 




A. w A I Di 



^«(7Mf fubaltermiis 

E. ^jr AID\ 

F. /X FLO/^I 

G. /AT FLPS\„}^ 



Nimiriim conglobationem illam proponionum, qua vt medio ad 
illationem fuam vcunturclarifTimi hi Geomctr.T , non dTc Proportio- 
num additionera : cuai racionum ipfarumterraini tam Antcccdcntcs 
^uam conic^ucmes iimul addancur>ex ^ua additioxie iam nafcieur 

' fiafcitur 
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• £/ Promotum Exanun QuadraturA. 151 

sa(citar rationum ipfarum , cumdidimiles iim, fumma pcrturbacio^ 
quxdcinceps in ratioDum earanciem proportioncm mulco maiordc- 
riuetur. Vode non mirum tanca , quancam rctuli,proporciona]icacis 
P Q^inzqualitas confcquatur : ac dcmum ex ea inarQualicace veriras 
coliigatur prioris panis Propontionis huius. Qu6d (cilicec rcjici dc- 
beat hzc Quadratura in fpcciem noua ob cafdem raciones , ob quas 
Quadratura lecunda rcjci^afuit } quarum ratioiiiiui hxc eA prinia. 

Aiccra non minoris , quam prior pondcris , quam Propo- 
fiiionc 33. adduxi « hafc eft. Quamuis conccdcretur cximio cyc- 
lometrix hiiius fiiucori proporcionem KL rationum A B 6c C D 
cx ductu ordinaco gcnicarum arqualem clTc proporcioiii M N ratio- 
num E F, 8c G H> quas gcnuit duclus fubalternus ; fiuc carum pro* 
portionum proportionalitatcm P Qjconftare cerminis xqualibu^ P & 
Qjhaud quaquam camen noca ficrcc altcrucra rationum iguuiai um 
E auc G H , vcnocam tieri ncccffe cft ad Quadraiurae huiuNloliicio' 
nem. Oftcnfum fiquidemeft citata Propofitionc & Prop. iS.^ib.^. 
Exam. Quadrat. cx noia Proportionalitatc , aut( quod pcrinde cft) 
ex notis duabus proportionibus, vt K L, fic M Ni ctfi diia: qu;\:cumquc 
rationcs lantum cognolcantur , rcliquas cognofci non polfc = ncccila- 
rium enim eft,vt prarter quatuor rationu proportiones : duas noca!>,auc 
notam earum proportionum proportionalitatem , vt P Q, non duac 
lantiim rationcs, fcdcrcs innoccfcanc prius,vtquarta poi7;c innotefce- 
rc. Quemadmodum cnim( vc cicaco loco cxpo(ui } in abfolutis , jfl ^ 
quatuor Rierint quancicaces proportionales y cx cribus notii, 6c non cx 
duabuscanium , quarcacognolci potcfl i itacciam in rclatiuis accidit: 
neceflarium cnim eft , vc e quatuor rationibus proportionalibustrcs 
babeancur nocas , vt quarca ignoia colligatur. At in calu nortro dux 
lantum rationcs AB 6cC D jquxex duclu direclogcneranrur, notx 
funtivcraquc vero illa raiio EF G H, quam dudus lubaltcrnus 
producic , ignota eft : ficnim carum altcra noca eflet, nota vtiijuc 
elTetjqux inquiricur , Quadratura j fiquidcm carum ccrmini , pbna 
func cii-cularia diflimilia, & inxqualia : vnde quidpiam rcdVilincum 
curuilineo xqualc colligere liccrct. Quarc ,etiamficonccdatur kgici- 
mc probatum clfc a vjuadraturx Auchoribus, rationcs A B, C D, & 
E F,G H efle proporiionalcs , hoc ell, proportiones K L Sc M N cOc 
xquales i vel harum pioporcionum proportionalitaccm P Q r/J^r 
xqualicacis: nihilcamcncxciconccfrionc ad Quadr.nuram co» j 
dij fequcrctur: Atque adco ctiam cx hoc capite dici non pwrcf. 
cxitum perduda Quadratura , vt alfcrit Propofitionis huius 34. pars 
prior , qux erat dcmonflranda. 

■ f R. 3 . T)nNv:t 
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Liter 1. Confimatum , 
Y A. .'JC 




itiitmiiftSm 
B. or FLO/K 



i, 



C w FSPL\ ] 



E. ix AID\ 

F. FLO/'^! 

G. ex FLPS\.,J^ 



Pofterior Pars Propofitioms huius 34. afTeric hanc de nouo allatam 
Tecr;^goni(mimechoafiai, autpotiusrecundam eximij cyclomccrix 
Aochoris Qua4raturam'ezpIicationeiioiipaul6 fufiore ab erudico in- 
terprcie inu(bacam,hac in explicacbne quaiHaiif ppddiificulcaccs ; ob 
4fmfig(L ali&le ab omna viiio hset immuiu$i?ix i Geometti& debcrec 

adfkiitti. 
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Et Prmohm Bx4men QtMdratur^, i j j 

a^inilt]. Atquc in harum difficultatum cxpofirionc tota verfatur 

• { quam ineo ) partis poftcrioris Propofitionis dcmonftrauo. JHas igi- 
cur (iogulas hoc ordine profecuturus fum. 

' Wm hxe dlfficnltas continettir Piopoiitionc 7. (ecundxcirculi 
jQ^adraturse pag.149. quamexponoiuztameamiam fkpiusvfurpa' 
tam diagrammatis defignationem , eiiliiquc indices ciiafa&eres, ienfa 
' tBwriin, ipfifque adc6 Autlioris veibts feniatis. Sic igitur babet citaea 
lifppofitio. 

Smf Alf FL iimfnn qnstmiqge dqiutUs in pmkU ADFO: djuMfH 
$irfl9f€rl& LmmtUeiiDtVLsi AxmAB, 

■ 9f9netofienderecorporMexdu£fitp^rtium A /D, FLOinfe fubalterne, 
'^fMi^ifa ad frufift cylindrtM hnbere MuerfM edmudtnes $ fro ymfikta^ 
- figmentacircuUrift diuerforum ctrculorum:vtnme[ae mttem ofvrteMtde* 
'/^rwiMr^. Hzc ille , in quibus hxc obfcruo. 

Proponit Quadraturamm intcrpres oftendcndum hk cfle corpora 
ex duilu partium parabolicarnm A 1 D, F L O in fc fubalrcrnc , & 
rcduda ad frufta cylindrica habere dincrlas alcitudines, 5c pro baHbus 
••fcgmentacircnlariadiucrrorumcirculorum. Animaducrtoquidcm, 8c 
& admitto huiulmodi corpora ad frufta cylindrica redudla bafcs nan- 
cifci circularesdiuerforumcirculorumjCafque, vel hac Propofitionc 
• vel praccedente 6. rcde cfTc detcrminatas : corporis enim cylindiici 
•folido exdu^tu fubalterno parabola: AID genito acquali.s, bafiscfl: 
fcmicircukjs A QJ: bafis autcm cylindracci acqualis foiidocxfcgmen- 
to parabolico -F LO in fe dudo fubaltem^ , e(l mixcum quoddam 
fiaiiom ex plano mixto EiC R V abfdirum , adiacens accui K R. ve- 
•ilHnigtcurcA, knh &detenninanim duo iiuiuimodi cylindraicea lia-' 
'kere pro bafibus /^mentacircularia diueribrum drculoruin. . 

• • ^ vl» habcxur demooftratnm vel hac propofitiotte ( in quai id 
opf>netoftendere ) vel j^ii quiuis duo illa cylindracca hMheredinerfM 

• WlMMfalf f nufijoam. Attamenidpriusquam ip&altitudines decer- 
- «lilitetmur , oftendendum Rierattvt problemati pxopofiiioiatisfieret» 

^od cxpreilis verbis id exigit. 

*> Sed minim^mirum,ficyIindraccorum iHorum altitQdinesdiuerik 
*'abcximioGcometrapftcnfac non fuerintj ctfi id ab eo propoficum 
*iyclltt0et : atquaiescnim ambx funt hutufmodi cylindraceorum alti- 
'•ibilf^es, & quidem ambx aequales laccri rcdo parabolx ADFO. 
'-|PiDnqUid illud fatis cjarc & euidcntcr dcmonflraueram Lib. vProp.4. 
■ ^ji 5. Examinis Quadrat.caque fuppontione tanquam certa&:inclu 
' M^r^in EpUogilints toi c&lculorum coiiigcndis fcmper viusfueram> 

• •*•.■> - . s Yt 
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1)4 JUtttLGotf finmnm m^ 

\t vcl hoctpovfgMitwt { cu\ atiad fiiDtteiiai faprA nWhniinit j^j 
docac n credaiii»£xaaieD illudmcum Quadratu»4Qjyimii^ 
faucore lcftom» auc pcrpenTttm fuiilepauio lcuius,quam accura^ 
rcfponno, quam moliebatur , exigerec :<:ui afFcrenda: , ii dcbica hsc 
attcmioacceffiiTec, forcaire fuperrediilec, laboriqoe faD^g^ui pepcr- 
cilTet : quemabeoin hanc rerponfionem impemum oporcuic. Sed 4c 
hoc in ailaca propoficione cummifTo lapfu facis > cum ralis uon (ic , vc cl 
occurri nonpofliti nec percum, fi folnsforccjimpcdiatur Quadraq>- 
tx pcrfcda iolucio : non camcn parum ad lianc Propoficionis aip|C 
parioa recundam (kabiiiendam confcrre videcur. . - 

Secunda dtfficultMS. 
Sccunda difficultas > qux ad huius Qaadracurx hac mechodo a(te- 
quenJ.T folucionem aditum prxcludcre videcur, pendeccum ex Pro- 
pofitionc4.(ecuiuiac circuli Quadracurae pag.i^^.dcdud.Geomctrica: 
cum cx fcholio Lcmmatis 2. pag. 1 51. his enim in locis conftrudio 
duplex afFertur ad Quadracuram BCCclTaiia j quarum tamen vna alce. 
ri » vcopoixerec , minim^ poceft iDferuirci acque adeo cx hoc^ eiiam 
capice R.P. Ayoibom Qnadraiuram hac mecliodo miiiim^ cxt^Miilc 
ccoreodas fbrcc. Nam cUaco (cJiolio duas parabolx diamecras^«t 
Quadratoram ncceilarias laudaras Audiorcalesailbmic.acdeueiiS- 
iiat ac caks afliimpcas ac dctermiDacas hoc coco ia ora&acu 4 ie iotelligi 
monec, vc eacum al»ra fic Axis parabolx {^akera pdori aDquadiBf mw 
diicatur vc pcf eius eztrema punda ad axem aormales c|u^liaiA 
(lucad axem ordiuacim applicatac , abfcindaocsiK^uodam circaaxc^i 
defcripco Jemiciicoioarcum toti femicirculo commeafurabiiaiaiTales 
tn mcodiagrammate fuoc diamccri AI,8cFL:liaexaucem per ex 
crema punda F & L, diamecri F L sd axem appltcatx func F £ , O^V* 
aua: produclx abfcindunc cx fcmicirculo A K II.B arcum K R,qi|e9 
(uppono ipfi (cmicirculocommenfurabilem j ficut 6c hunc fcmictrcu- 
lum cocum coci fcmicirculo A QI circa alceram diaraecrum A I dcf- 
cripco : has enim conditioncs a3 commenfurabilicatcm pcrcioeotes 

vulcQuadraturx interpres obieruariimodumquc^^uoobiiBraeaHII^ 
crudit^ fuo modo doccc citatislocis. 
' Hanc porro conftruclionem inftituit cius Auchor : vt dcinceps 

/;Oftcndac iuxta fua, fuique potius praECcptoris principia proportioncm 
rationis E ad F ( hicctiam breuitatis causa mcum obfcruo /implicibus 
characlcribus folida ex du£lu fubaltcrno gcnita dcfignandi modum 
haAeous vfurpacum } ad rationcm G ad H, hoc cft, proporcioncm 

^'M N jiwpa eilc cx eo, qu6d oota fit proporcio KL ratioois A ad P 
^flri0bb^^ D:qux ad folid^pcrciocot geoita cx duduordiaaao 

' coniadem 
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£/ Promottm Examen ^lMJraturA. r j j 

totmidcm panorum , ex quorum dudu iubalserno gfcnira fticrutic 
folida E,Fi& GH :hcccenimproportio KL notacft,co qu6d foli- 
^ A.Bj&CDad rcailifiea r»nc rcduda. Athxrcfolid» A,B,G,E>, 
cx dudu ordinato genita, ad folida rcdilinca quomodo.aut vbf k 
Quadraturarum foutofc reduaa fucrc ? Propoficione 4. Sccundr 
Quadraturac pag. 1 46. inquiet , in cacnim praxi?, docctur , qua nora 
-fiant haec folida i notaque protndc habeacur rationum, quas obfcr- 
> proportio KL ad Quadraturam hauc omfljoo ncccilaria, vt 
BHdBrFroponeioiiis CoroHasio habecur. 

Ac ego alifniafo»dpeciuit«illius Propofitionis^. nullo modo 
ficrl pftflc proponnNieiir K L felkioram cx ductu orJinato 
^teiniruiii in caOt Miamof U^ne&nM ifi fcholio Lemmatis t. 
pa^ 153. qo«o CBpaM pMl^ ann^ Aiqoe adc6 affcro cxhibitam 
wm cflc, nec ahiberi peffle ^ Qua^iir«rPM(iiiocoM;Quadiraiii- 
«i|fthac,qaafncxpoi>ie, metbocio. A£Rmto hascaitftf dfelicK nequic 
dernonfhari, qaidm aUaii PiopoiitiDtri» cttaMc cooftrQAiof»^ oyst 
ikhfibec. 

^(idqQicPrbpo6> 
tldisSB AtithdcO^ 5; CJ^ 

MitHliif l e^uxcuc^ui £ fi^ 
ies m ParahoU AEF) 
cx^cipcrc dcbuit ajtcm 
' parabof^ canquatH in^ 
Ufilem )• Aftifqitf per B 
&D normAlibus 
EFi dueatitr AH /^ir^ 

Oportet folUti ortA-ex 
duBtt ordmato fartium 
ACB, BAHJSUCED, 
2) C^Finfapfas , red$t^ 
eere adnota cor^ora. 



queMd KMN fMretlUU G£j & fTL fitnt/lffU JHf, Ptt P^^, t^, de 

^fiifimiirpMP J^et^ Hti^.iifpf. itS^Hv^ fMitMt^a eft fitrtAoU 
irC^fill0'iWf 4fpkiifM!i/04Hjj^ilt0^S'i ifiJt kt^ d§f^iil0 iifitU^iitdiltiiiti 
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1 3 6 Liher L Confirmatum , 

S TdquaUm 0 P» dfHnU mixtilineo A G CM Ain OPi hn \ef^ FAnUfoU 
A CB duifxinfs. ' ^ 

EAdem methodo reducetHrfnri CED dn^s infe ^sd^Arsttilififedm 
notam. Hxcille,6cqui(lecn facis. 

lam auxro abecudico Geoinecr£# Ci in tptbeius fchetnacexltaniGk 
cer A B rorecauusParaboUt^ vcdeioceps (bpponic , fupponique, ac iia- 
decerminaH vqIc ckata (cfaolio paginx 1 5 5. c^que nSti fuppoficioilt 
faancfiiaiD Qu^adracuram profeqaicurtc afalbloic.) Quomodo Doctia 
fierecfolidum ex Parafaoli A.C B duddtn (e oidinac^i Si enim citac 
ducacurcangens A G per pun^um A,<|aod ftacuacur vercex Parabo^ 
la: i niinquam cum huturmodi cangenceconcurfura efl; B G nottat/ik 
ad A B : acque adeo nullum dabicur planum A CG, quod ducacur iil 
alcicitdinem altquam OP quxfic ipfa cunc peric 5 duofiquidempiai:. 
Aa O fic P in eo cafu coalcfcunc in ipib ixe Pai^abola^ 

Qua: cum ita fint. QuamHis verum forcc proporcioncm K Lracio' • 
num Jnarum A B, CD, quas oblcruant fbllda ex dudlu ordinato 
gcnita, xqualcm cfle proporiioni M N, racionum E F, GH incer 
lolida ex dudVti fubalterno procrcata : ( quod falfum oftcndi ) Ncqua- 
quam tamcn hac mcthodo , quam fe^utuseft Quadraturac promocor* 
ad cxituiji fcelicem Quadraturam pcrduxiflc cenferi poccft. • • 

Terti/i diJficMlfas. 

Eadem circuli Qiiadrandi ratioimpugnari poflc videcurargumcn- 
co ex paulbance relaca decerminacionc duarum diametrorum xqua- 
lium parabobe : qux in fchoiio Lemmacis 2 . pag. 1 5 2,vel 153. aiCgna- 
curiahaecvecba. 

5ir. inquic Qnadracuras hutus VropnatM ^fimieharlm A ^jdefiii' 
ftue fitpntfiee AB pttrtiboU ADO. Sif Mm & fitfiuwHAm tihm 
AXRp frim wimw^fte vt ferimeter ARBfit emntenfmtAHit ferintitfw 
A^> dmperLm»!» inueniaturinfemietnAt.B mstmKR m t m t e m 
fmnhiitferimetro ARB ,n cnittiextremitmHtuKi Rednffd mmttkttti 
mtm A B imereipinnt in illo fnrtem E V dqudlem Jimein A /| Jnt^^c 
que ex F fttnHo interfee^ionis fdrahoU UHedKBtreBd TL fmi^M^t 
nxi AB. Erunt Ai,?L Mdmetri dfntUet einfdm fdrnMh& fMtHif^ 
fdhelUd AlD,FL o, ilU d e quibus frtutiemes & feptetites Prtf^fitimet 
velim intelligi : 211 idcm Author. 

Qiiod ergo in hac deccrminacione diamccrorum parabolicanim 
A I & FL difficultatem pacicur, quam hicobjicio,Mn hoc verfatori. 
Vult Oaadracurac Interprcs partes Paraholicas A ID, FLO , ilUs ejfi^ 
th fmhus frdtedfntes ^ feiuemetErofofitmet fum vti^ inftiUff. Vulc 

crgo 
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Et Promotum Examen QujidratHrjt. 1 3 7 

ergo partcm parabolicam A ID in (e fubakcrnc du6lam corpus gc> 
nerare : cui xqualis (ic remi-cylindrus bad inHflens fcmicirculari 
A Qjicuius altitudincmdcterminac Prop.7. pag.i 50. vult ctiam non 
tantum partcro Parabolicam FLO in fc riibalcernc duci j fed ctiara 
parcem E F O Vi } & banc quidcm ita in fe duclam corpus gcncrarc, 
cui Hc aequalc corpusquoddam cylindraceum bafi infiflens mixtilincx 
E KRV> arcu KR, 6c rcdis EK, E V, V R, circumfcriptjc : cuius 
ctiam altitudinem detcrminat citati Prop.7.' dcquafupcrius difficul. 
i.cgi ) cuius porrocylindracei pars quacdam itcm cylindracca folitio 
/icaequalis} quod ex parte parabolica F LO in fe fubalternc ducl^ 
gcncracur. Hanccnim fuppofitionem tAtn m jfr^cedcntibus , quam in 
fiquentihm Propojitionihus juvs Idcm Author alTumit , & iuxtacandcm, 
Quadraturam fuam abfoluic. 

Ccnfcc igitur corpus cx feg- 
mcnto parabolico quadrilatcro 
E F O V in (c fubaltcrne dudo 
genitum , aequale eflc cyiindra- 
ceo, cuius baHs Ht planum mix- 
tum E K R V:cuius fcilicet vnum 
lacus {it arcus KR, pcritnecro 
A K R B commenfurabilis , iuxca 
ab eo ftacucam conftrudioncm. 
Ac ego in hoc , pace dodifllimi 
Gcomecrx dixcrim , longc aliicr 
fcntlendum puto : afleroque lon-- 
ge alitcr dctcrminandam clle 
bafim illam mixtam E K R V cy- 
lindracci folido a^qualis, quod cx 
duflu fubaltcrno portionis para- 
bolicze E F O V producitur j nc- 
que eam efle,^«i taminfrxceden' 
tibm quam in fe<^uentibus propcfi' 
tionibus vtitur. In iis enim omni- 
bus fupponic portiofncm parabo- 
' licam E F O V in feipfam fubal- 
.-.X.-' V . tcrnc duci : vt corpus generct 

V..-. aiqualc cylindraceo , cuius bafis 

/icplaoum mixtum EKRV : Atnifi pianum hocmixtum tale fit,vc 
c|ux rc^tx EK, VR arcum KR perimctro fcmicirculari AKRB 
- . ' . S X com 
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.fotDmeaiurabiiw iabenctpicoEfis* iiiK sequoles beer ie sfqnod tum 
(icQium«9caici:.<iiuii «qiiaikerdLeeiiM ctoculi A&KB diAaibiiiib 
per pjx>p.i4.Lib.3*£lciii«)Ncquaqittneilefaioft fatfii iHwitcjto* 
iiracci»lpU4o<^i(Nlcxd«ftu ^paniods £f O V ia (etiabaiieroo «c- 
Accawi elb fdEcclb bttfis aketias ciikiiilani cyttndraoBi^fghie 
cquaKs» quod preducinir cx fegnneDfio quidem panMioo EFOY 
fiibalccrne <iu^,iiQa ia^pibiii , dniia alSud quoddain eii!ifiik« 
parabolx regmcacum : Qtue , «r eisadaiic afedtfSma» ia €odeMi.<iilr 
grammatcpaucahxcdclinea. - . 

Parabolam dcicribc BPX priori paraboix AFO lequalatt^ ic 
obucrfam , cuius vetcex (k fii eaquc feoec rcdas £K, VR io puodil ' 
P 6c X. Diuisa ctiam rcda E V bifariam in C,ccmroC rcmidtciAil 
defcrlbatur A S T H fccans in S & T produftas lincas £ K, V R lac 
dcmum paraboladcfcribatur circnaxem H A prioribusxqualis, ob« 
uerfa vcro parabolsc A F 0> qua* fccabit lincas E K, VR Lu punto- 
L,G. His poHtis, cbrumcft portiones obucrfas , fiue AibaJtcrn^ po- 
/Itas EF O V, &: V L G E cflc xqualcs : jcqualcs cnim fuui tam duac 
ordinatim applicatx EF, V Li quam duarEG, VO :Taracnim illsc, 
^uam ifta: acqualiter diftant a vcrticibus A & H fuarum parabolarum 
jequalium. Vnde primo lit apcrtum portioncm parabolicam E F O V 
Jii reYubaltcrn^duftaii), vel duAam inobfierfam portioncm E G L V, * 
gCDefaPie «erfms quod cft SBquale cyliiidracco , cuins bafis eft planum 
«uxEai|i£ ST Vsaklraiile ^th cft latiisfefiaffl patabti^arum^Yt ibpra 
4eQlaffaciNncftk Coifas ccgD ex poBcidiie £FOV in fe fubjdaBniii 
. jdoA4^9iiic6nMiequaquam aequale c0e pocdkyfindraceo » coiialiM- 
Ib iit planufli mixtttm £ K^R. V, niii in eo voocaib « in quo oomingcc * 
i«das£ V R cft acquales % vel ( quod in idrtr rrrniffrj ntffqnliain 
escdem lediB li^Mcro cifcnli>coius arcum abficindiinc , apqoSer 
Jiftabum. i^v ^ 

^^^areQ^tatorjs^ftroinoicirrcbolioilbljemms^ i^-ecttatoiu- 
|ieci^AOBCMiti!uB debuic deierminafe»vccitculus AILRB dcfciibe- 
recur ma^orcirculo A Q^I ad arbicrium/c vticco vsmlL$tMmifSli^ 
^arccur pcrinnctro femicirculari commcnfuraljiliSjpcrcuiuscxtnema 
punda K, R dud« linea: normalcs K E , R V ad axem A B, abfcindc- 
fcnt -ex ipfo axc rc<fiam E V xqualan diamctro AI circuii A QI: 
Scd prarccrcaconditio adhibcnda ncccflario fuit \ vc circulus cirou)o 
A QJ maior dercriberetuT talis , vt ex co arcus KRabfcindi poflcn 
CK cnius cxtrcmis puocStis K 6c R dudx normalesKE & K Vadaxcm 
A i^,&.9ibfciudiUMCs£ V a^quakfn diamotro AX.circuii AQI^edcnc 
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fttcer fe arqualcsivcl ccrte xqualhcr i ccmro circuli ckfcriptl A K Rfl 
binc iade squalitef diAacenc » ^e quod ideca eil, ciuidem circuii ccn" 
crticn panAam modiiimliiie^ ab^cilTse £ V occuparec. Quamcondi' 
tiofiem Dcgoci j noa mediocns fi>rec obfeniare. VcHicb due letiis, fiue 
graois ncgocij coadkio ca iic > ad opofiinitf iii>tin»iiM«iuiicm , vc 




hmt i ^ _ 

cuni inMuriiHis tam prsoiidBii? 
cibusi quam^uen«ibus prop«^ 
ficionibns^s ab eodein ItyMp 
nacur i nec vlluniltaMt eius fchq- 
ma obioiHaref in^uofiuiiijia nqn 
babeacureius ratioj vchaberirc^ 
ue^4 debuit ad ettis inftitucum. 
Ctimigiturapropofito t.im alic- 
na fit hxc arctis K R , & linca: 
E V, quam Qjiadracurx Promo- 
tor adducic, dcccrminacio; ncc ad 
Quadracuram promouenda, vel 
in fr^cedentibus vel in fequenttbus 
frofofitionihus ab co (lc vnquam 
adhibita, licecab eodcm fcmpcr 
adhibcnda afieraturrvidcris^quid 
de huiufinodi Quadratura ex 
fuppofidonibus , Principiiique 
cam incercis » de^uA^ fenure 
debcasi^. 'v 
.K Hti, Iw^BBJiiiOTsnccatei^ 

( eius entm mencio-fijperiils fiida 
oft^.)€te pordo Parflbolica £ F O V in (e rubakern^ duda aon gi. 
gnac fulidtim leqnale q^indtaceo , cutus bafis fic pfauium mixcum 
£K£LV : in quam aliam portioncm paiabolicam cadem pordo 
£FOV fubakerne pofitamchici debcr jvtcorpusgtgnatcylindraceo 
cqaak» coius bafis fit planum ittud tntxcum E K R V ? {Lefpondeo 
ponionem £F O V duci debere in portionem E X P Vjquam exdem 
lincx K£, ilV imcTcipjunt cx parabola BPX obuersa parabolac 
AF Oycuius vcrtcx cA B. Quod cx fuperioribus, velcx Lib.j.Exam. 
Quadr. vcl ck iproCycloractrix AuthoreLib.io.Opcr. Geom. fatis 

P^cabola A F O Y ^iuda 4A Facai>o]aAi 

S 3 fubal 
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fubakcmcpofitaroBPXZ, coipus gencrat jequalc folido Cylittdra- 
cco i cuius bafis cft fccnicirculus A K RBj altitudo vcr6, vt oftcndi, 
eft Latu5 Rcc^lum : dux autemquxlibct portiones ex duabus obuerfis 
ParabpHs inceroe{>tx 4duabu$ quibuflibeclineis £K, R.V ad axem 
normalibus > iale du&c, (blidum geoerant flcqoale cylindraceo i cuioi 
bafiseftplanum toixtum £KRV,ei&m lineis EKfVR inierce- 
fvom\ akicodo ver6 eft Latus Redum Parabolarum. 

^itarta diffiatUsi ffd c^iimi infignis » quA fnmM bmm ^mmk^ 

tmra fundamtwnm euertitur» 

ALIatx hadenos» qnaque afterri poHcnt alix difficukaies adPm- 
pontionis huios 34. veritatem ftabilicndam non ihancs quidcip 
videri debeanc : Quam lamen nunc aflefo^Lpondcris long^ adhuc 
maioris fucura eftiytpotequae principKim , vnde Quadracura hacc 

'co!HgItur,cuidcntcrconcuciat. illudautem habctur Lem-^.Propo- 
/itionis 7. Secundai; QuadrsLturx pagit 54* vbi Quadraturs promotor 
hancafFcrt AfTcrtionem. 

" E/fo ratio BCad BA ad rationem E Fad ED,vt linea HK ad Itneam HG. 

Dico rationem^S C sd CAejfe itd rstionem EFad FD^ vt UntA H K 
MdlineamKG. 

Exfofitio. 

Hoc cft HK adHG, flt 
Pioportio rationis B C ad B A 
ad rationcm E F ad E D : crit, 
H K ad KG proportio 
rationis B C ad C A> ad rado» 
nemEFadFD. Quodvoi* 
oer(aliter aflcric , fiue ftieric 
ratio CB adFE minoris in^ 
zqualitatis » vt in priori (chc- 
mate $ (iue, vc in pofteri6ri,iii- 
xqoalitatis maioris. Ac hoc io 
vtroque cafu propofitionem 
hanc Gcomctrix lepogDare 
atqoe adco Tecragonifmum, 
<)uiei vel roaxiro^ nicitor^a*^ 
rc non poflfc , cuidenter oflcndo, idqueduplici initaratiocinationc. 
Priotcm ioikuuo a poftci ioii pcr oumcros quoium EpiiOgiTmus abfu r- 

dum 




Digitized by CopgI< 



Et Promotum Examen QuadraturA. 1 4 1 

dimoonleueex ca Propoiiuooercquiapcrc^ dcmonfbrat. Pofterior 
in<:ausahuius dcFedib* qainonniiiex talsaaliqua propoficione ad 
probaciooem A&rcionts illlns alTuinpci n.afcitttr»inuc(tigandi^ coc» 
fcrfatur- 

- Ad priorcm hac primuni vtor fuppofitionc. Sunto A B, & D E 
sequalcs: quarum vtnique partium 5. ftatuacur,quapura vnaficCBi 
dua: vero finc F E : vc nimirum racio C B ad F E fu inacqualitacis mi- 
noris, lubduplalcilicet. Sic eciam liiiea quzccunquc GH^qux bifa- 
riam diuidacur in Kj vt fit ctiam racio K H ad G H fi.ibdupla, fimilis 
nimlrum racioni CB adFE. Quibus fuppoficis. lca eft racioC B ad 
B A,ad racioncm F E ad E D : vc C B cft ad F E, fiuc,- vi K H ad H G. 
Nam,cum A B &:D E^quac funt ambarum racionum confcquentes, 
yo^taB-finc xqualesMcaeft pcrProp.7. Lib.i. Exam.Quadrat.rado, 
€BadAD,adrationemF£ adDE: vceftamecedensiUios C B,ad 
^lntiiis Amc^dememF E. Ica vc racio C B ad F £ fit proporcio racio* 
lMiinCB.adABjScF£adD£tquoeodcmlurecacio KHad GH 
( quos cerminos cerminis CB,F £ SBqoales hicefle volo ) cric canim« • 
^jkm racionom ptoportio. C^ci^ hac hdik hypdchefi ica lit racio 
C B ad A B ad rationcm F E ad D E> vt cft K H ad G H ( qujc cft ipfa 
a||k.uthoris fuppoficio) ita cric racio CB ad C A fioe i ad^^ad ratio- 
^m F£ ad F 0« a. ad 3 : vc cft KH ad KG»nempe vc i ad i iuxca 
Auihoris Adcrtionem. Quat fi vera eftj verumcricracionem 1 ad 4 
xqualem cifc racioni i ad 3. Cum earum racionum proporcio K H I 
ad K G I fic ratio aequalitatis I ad I. At rationcs i ad 4, & i ad 3 requa- 
Icscfle afTcrcre^id vcro eft abfurdiflimum ratloni fiquidcm i ad^ 
jcquali'^ eft racio i ad 8, non autcm z ad 3. Qjjod cumitafic, patec 

*ropoficionishuius ( qux Qnadrarurx quafi nouac bafis eH: / F.ilficas. 
Alccrum in maiorcm conhrmacioncm lucemque profcro Paradig- 
ma,iuxta poftcriuslcliemalupraallatumjin quo ratioCB ad F E fic 
maioris inxqualitatis. Sinc iccrum A B & D E xquales^crium vua- 
quacqueparcium : quarumCB fitduarum, vniusautem F Erponacur 
cciam KH parcium duarum GH vnius : fiuc, ponancurKG,G H»v 
^qualesdttabusCB,F£. His fuppofitts. Itaeftiuxa ptoximlb ibfti-/^ 
I catiocinationem ratioC B ad A B, ad rationcm F £ ad D £ i vc( 
H ad G H : quae cft Hypockefisab Authorc prxfcripta. Ergo tta^ 
sbec cfle iuxta cundcm tatioCBad ACad.racioncm FE ad DF|» 
G Hcft ad KGi ideit vt 1 ad 1 ( eft enim K^^mdpm duarujoi^ 
bifartamdiujdicur in G ) Vnde fit iuxta hs7itiBiiiaSii0^^^^ 
CB AC ( a ad I i ad ffacijpacm F£ ad D F( 1 »^ 
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dupla fcaictt 6e fnbdupla. Quo nihil cft a vcroalienius : Et idmiror 
iGcomctr^pci«ruditoiiifetaiid.adiii(Uu]cum fuum momcmiQon 
ciTeQbrerttatiim. Coaf^et^exdiOisliaaeousope namerorumac 
8^ pofteriori , vitio nQH careie £d& huius Propoiitionis probauoocmj 
^uodopciild%(uidinon potcft non ei&,4iiandot«niosGeomctras, 
, <p.uadracur» Autborcai ( quis cmni haK^editaaUqae diis approba» 
iipne fibi perfuadcac ( doique iiHcrpMiemtta.]aeuit,vt fi2gefit.Q«id 
vtcomperiamus , ctii minime ad inditutum id nmi(flirtiimfit)-%iii 
J^fHcic Proporicioocm hanc falfam dkoftcDdiiTe , viidcciinque&erii 
profcaa falfitas > probatioiiis ab intcrpncte aUatsc forici rel^ewiatft; 
Quat iic iiabet. • . 

^niam» inquit, ratio B C ni B A eft rMtmem EFadE b,vtBt 
eftadHG. Igitur rdtionis B Cad B A demrmntHw eft HK, refieEiu HQ 
denominatoris rationis E T ad E D. Non moror hic rurfus, vt hancdc* 
Dominatoris rationum lingularum acccptionem rejiciam, ciimijbir. 
Examinis Quadrat. Prop.z. admitti non poflc dcmonftrarim nec 
paucis necoblcnris.Quis enim non videat hac in Hypothcfi rationcm 
H K ad H G, cflb pioportioncm rationis B C ad B A , ad racioncm E P 
ad E D ? atquc adco hanc ipfam rationcm H K ad H G dici pofle , ac 
jicucra eflcdenomioatorcm Don rauonumj lcd rationum earundcra 

proportionis. Quod vtinam, 
ctfi leucin fpcciem videatur, 
obferiiafrent doaiflSmi cyclo- 
mctrae ; h multis enim iui» 
eonte m p lacion^s egrcgiia 
tcncbrasdcterfiflent, quasii» 
ofiiiias dolemus. Dtcato^ ia- 
quc HK ad HG proportao 

rntionu DCad BA* flcEFMfc 

H O. Pcrgitautem.£>e'vi>^/iir 

Proff.^^, de Proptf^vtratii^Bfi 
ad B A,adrationem E Fad BJ>f 
ita ratio BCadE FadrMhmenif 
B A ad ED. Ertt igtturrmi^ 
H K ad HG, ratio dencfmna$ih 
»^ « A , num rationum B C ad E I , ^ 

H^''^^^' H K ad H G proportio rario^ 
«um BC«I Ef B A ad E D, fiue ctiam illius proponionis dcno- 
minaior, Vcriffimaeft h;eciliatio; &vcr6 in gppoiu^ icheinatibus» 




Digitized by Googl 



Et Promotum Sxamen Q^adra^ urA. 1 4 1 

inquibus<cqualcsponuncur tcrmini A B & D E-, rationem xquaiitaus 
Conftituunt,clari{Iima. Scd pergac Author. Ergoratio antfcedenf/um 
B-CadE Fadrat/onem dtjjerenttarurn C A ad FD e/idcm erit ( 6 fcopu- 
lum ! ) cumratione antecedentis HK ad differenttam KG: Hoc cft , vno 
vcrbo, H K ad K G, cll proportio racionis BC ad E F, ad i acioncni 
C A ad FD. Atliic cft,cur mcrit^qujcram , quo cx principio ? Qu^ 
ex Propofuionc , fiuc in Elcmcntis habcatur i fiue in tam ampla Pro- 
pofitionum ad rationcs , rationiimquc proportioncs pcrtincntium lyl- 
ua Libro de Proportionalitatibus a P. Grcgoriocongefta lateati fiuc 
ab alio quopiam Authorc allacafuerit } hxc illatio deduci queac > nul* 
kmeQim htc prxcermonem,prxcerqueexigeiitiain(cikmprincipium 
per ie nocum oon ik eaconfecpenda ) dcari ob(eruare eft. Nec mi«^ 
cttin :-dtoi » qux ex e^ iequicur concluiio, vt e% paid^ am^ dedaratis 
abfurdis iam patuic > oequeacadmittt canquam vera. Haoc aucem ex 
illa colligic Quadracucse buius Auchor. Sed virsfh BCsdEFad nt-- 
fumm C Aj$d fD : itd tfiratk B Csd CA ad riumem EP sdFD per . 
19. de Ff^t, igkmrvt HKsdK G, ttMefirsth BC sd CA MdrtUiMem 
BFadFD, ^uU erat demanfirandum» 

Ac h<Tc conclufio ( qux cft ipfamec , ptovc eiTe dcbcc , propo(icio 
demonftranda ) a veritatc alicnifFma cft ,quemadmodum fupriper 
aumeros probacum eft cuidcnii(fime. Eius ver6defedum ,queme3C 
aliqcia raiiocinationis rocius propoiicione proficila nece0e efti 
non aliunde profedum a(Iero , quam cx ea vna propoficione : in qui ' 
Qiiadraturarum imcrpresfijpponit, ( nccvllo modo , vc iam monui, 
probat ) rationem BC ad EF ad rationem C A adFD, ita fe haberjvt 
fiK ad K G; fiueHK ad K G, ejfe proportionem rationum B C ad E F^ (jr 
C A adFD :\z2l vt ea ipfa fola caufa ficfalfitatis, quam pacicur ipla 
conclufio, vt numcri fijpcrius allatiapcrte demonftranc. 

Et vcro prsrtcrquam qiiod probationc caret ca Prop.eodcmque, 
quo aftcritur, iure negari poteft : cius falfitas arguitur euidenterin 
duplici fchemacis fupcrioriscafu : inquo vtroque AB, &D Efuppo- 
nuncur afquales. Qua fada Hypothcfi patuit rationcm C B ad F E 
eandem cfle cum rationc H K ad H G : & vtramque eile proportio- 
ncm rationis C B ad B A, ad raiioncm F E ad E D. Cum enim rationu 
C B ad fi A, £c F E ad E D, confequences B A & £D finc xqualesi 
ica fe habec racio C B ad B A, ad ractonem F E ad E D, vt ancccedens > 
C B (e babec ad antecedentem F E» fiue y t K H ad H G. Cum ergo hi 
duo confequences B A, 6c ED in altos maiores>8cminore8(eruac| 
xquaHcate muuri poflinc, iidemque ipfi anceccdences CB ^F£ 

T (emper 
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femper redneri : ettdem iemper ratKMuim 
fixDraeft proportioCBiul F£,fiueKHadH G. VndefequuurpraB^ 
cerea vr KH ad K G ( (i vera feiec bsc propofitio ) fen^r £c pio- 
portio ratiooisC ad F £» ad rationem C A ad F D. At certum eft, 
^manifeftaminucacls confequencibtis AB 6c D£>ia alios incer ie 
«quales, antecedentibus iifdem C B 6cF £ noh mocatis »racion6S CE 
ad F £> & C A ad F D, femper fere diucHas j neqnep^fleeandem 
proportionem K H ad K G omnes inter fe obfeniare. Quod in ntt- 
mcris euidenciflimelicet intueri , quos nonlongiusrepetattiqu^mcx 
duplici fupertori rchemace,quod ad falficacemipnusaflfertionisaddtK 
xi , Ecce in priori ichemate » (i K H i ad K G i»eft proponio ratio- 
nisCBi adFEi,ad rationem A C 4 ad D F 3 j crunt rationes i ad 2» 
& 4ad 3, xquales : carumcnim proportio K H i ad KG i eft acqoa"- 
Htacis. In poftcriori vero, in c]uo K H 1 ad K G i eft proportio ratio- 
nis C B 1 ad F E I, ad rationcm AC 3 ad DF 45 ratio 1 ad 1 dupla 
foret racionis 3 ad 4. Quod item faUumeft. Ratio fiquidem 1 ad ij, 
duplacftrationis i ad i, non autcm rationis 3 ad^. Atque hoc ipfum 
aiiis atque aliis aflTumptis numeris duobus A B, D E a:qualibus, imo & 
ina:qualibus ( arqualcs cnim uou neccilicacis s.fed £u:ilicaus gracia af- 
finnpil ) liccbic obferuarc» 

Ciim crgo in duplici hoc 
Paradigmate falfum fic KH 
ad GK cflTe proporcionem ra- 
tionisCB adFEadrationem 
AC adDEiCtfi KHadGH 
fit propocdo raticmis C B ad 
F E, ad ractonem AB, ad D £r 
iairumeciafflerit»quodex 
tofeic Antbor perProp.j^^de 
Proporc. nioairam X H 9&. 
G K,efie proportton^ rationi» 
CBadCA,adrationem FF. 
ad F D. Vt habec boc Autboris. 
Lcmma^cicatum. QuodciiBfr 
fit ad hanc Quadracoram fiim-i- 

, . ^ m^AeceHacium^Tceseiusfb-. 

Itttioneconftat, ccrnisquo ea ftct loco. 

Atquc hx funt pcxcipuac, maiorifquenlomcnti dlfficuriatcs f neqwr 
eaim.exiiauAa:iimt4tfiuws,,¥CXx.dic»^^ C^iaii- 
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imaam ftsMKaoiiK proaMi&Mhodo coB(ei|iiiificiir: «(i^biif, ecit ' 
jMHn allaoceuReralir arguamca (oecumiiK aacett e» omnia , qu« 
adoeisbrfaiMkbai > & terciam quaittoque Quadracuram propofui» 
qutf hfloc ctiaija aRieguDC ) non leuiter coofirmata videcur hxc mea 
pciden addsda Pibpoficio J4.~vc vlcima qua cam i Geomecrii vit 
dkquanda.admiiceiidiam pronttndaui in hxc » quac ne ferc^ exci« 
dbrinc I i«fero, ▼ecba. Mithodus q/t/tfi «om ikmbm St^MtimM k 
j f m i dn i n i fW im mtnfrete cUriJfimo MddnBSi nUdmiti videtmr^ nm 
f^kim§^ftttme$^fiku fetmtdam & cdtersi refeiJekere pMdetmryverhm 
etiam oinUidifitatliffts, ftMmilU mtlnd» uamm. £jud em eftti^ 

MonitutiL 

Oneri , pfod fifeeperm » tm ittMd meum gjtfdrAturarum ceieherrim^ 
nmt ExMnen tuendf \ tum esrundem promoftonem a Geometrd perer»dit§ 
i0its0^ expendendi ffttisfecijfe cumuUte , firtajfe videri dehemn: ^gtM ^ 
tsmeni» ^adraturdilltus promoudifcujpone aThef vix difcejpi dum . - 

ipfu, vnde deduceretur ,JoIa principia expendi : merito exigat non-nemoyvt 
. hypothef ea onrnis contemplatio applicetur , gratior omnino , nec paulo plo' 
nior euafttra. Sluod ego fum eo libenttus prapiturui i quo clarius ex eo el/t» 
cebtt Imdati fApius ^luadraturarum interpretis facultas in Geometricit 
non vulgatis : quo etiftm maior ex eo iis, qua haBenm agitata funt^euiden' 
tisyjimTttdfque conciliabitur. Hac porro thefeos ad hypothefim applicatio^ 
crnn totafere in eo verfeturs vt qux ad pracedentit propofitionis probatiom 
nem allata funt, vltima prdfertim difficultas ,fingularibu$ exemplts ex ali^ 
fitot Propofinonibus ^uadratura promotoris petitis illuftrentur : ideo eam * 
jchotforum ad hanc propojitionem 3 4. ^ertinenttm m>t»irte nonms^ /^fel* 
laueris : quorumheeprimumefio. ' 

Scholim Pritmtm. 

ftof ofitio Sf. (ecundaB: circuli Quadr acurx pag. 1 5 ab eiuf Au* 
CBore iir nasc ▼erixaeiiuciciacur. 

SitSPMxiefMrMdteui fit aqiisUtttltersdimetfr-GBkixtM dkttr^ 
mmmtim mf mitm im fdnUerlm.u imBifque perf& ffmd mtem mmM^ 
S^^exbiftMmttrftmmfmMMmAttCD, 

fifmntriMfolidacjfriiitfkittmittxdM&ttflAiikirmfU^ 
redmereitdeMdmMititMdi»m. 

Prim^ h3e nocandum ▼enic problema hoc adredudionem perri- 
nens cylindraceorum» iolfdis^qoa^ ex planis A, B, D In (e fubaicem^ . * 
tad&i oriuncar , sqaalhmi , ad eatidetn ahicodinem, perperam effis 
ycopofijciifti ;eiterin diiBcuiiate priinft fuperiore remHiCODdeteac 
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1 46 Li^^A' /. Confirmatum , 

Prop.4.&5.Lib.3.Exam.Qaadrat. cylindraceorum illorum 
ncmcqualcm elfe&quidcmfcmpcrLaterircaop^^^^^^^^ 

V thor dianiettiiGH 

aflTumi mmcm ieter' 

im jebolh At ' 
iuxcaiHamdccermi- 
nationem nec pla- 
num D in fe ipf» 
fubalccrn^ ducunf'' 
turs(ed inaliaqu^c- 
dam ptana vc fupra 
difficulcace fecunda 
dcmondraui locunv 
confulc. 

Tcrtio- Sit ( in- 
quit idcm ) E FAxU 
ParaboU. Ac fi EF 
fuerit Axi-s parabo- 
Iac:nequaquam pof- 
funt folida cx planis 
B & C in fc dircdi: 
& ordinatc duaisgcnita/malia folida rcailinca illis xqualia per pra^ 
xim ab eodem tradltam Prop.4. reduci, vt innotcfcat ( vcluti innoici; 
cere ncccfle cft ) corum ratio ; Quod cxpofui fupri diflicuU. prim£* 

Scholwmficundmm, 
ExponendumefthicLcmma ^.quod, naddiccnda maximfc ne- 
cefTarium Avnhor afFert pag4 5 s.QSpddantatis grauitcrmmispwK^ 
pono Arithmcticis, &forma enundo propcetcandcmcaulampauld^ 

diuersa.Eftautemhuiufinodi. , • 

jnter dua^ quantifsiesE & H, dusquMkMRM T&G tnterfmammr, 
Dico froportienem rsticmt E TiU rtttiwem FH, ejft Md-frtfmtmem 
mticnis BGad rmkBem GHi vt luantitu Cditasiftfe Md giMittttMem 
ifduffAmiteminfe^ 

FrdfMTMtfi 

' H« ladoncs ita componantur » tc inhqc (ctcmatc ccmitnr. Ra- 
«onisantem EE antcadena E c&catar inH, vc fiat K> ficcooicq. F 
inF.hoc«ftialc»Vcfiat I^Eodcm moda^EatMMus.EG aBteceden» 
. £<fiicakur 




Digitized by Goci 



' Et Tromotum Examen QijjiiraturM. 1 4 7 

E ducatur in H, vt fiat iterum K, At confca, G ducatur in G, vt fiat 

Z. Denique tam duo confcquancesF» Hi quimduo G, H tn fe mucuo 

ducancur, vtfiantM 6cN> * ' 

X^twttKfirMthk 

Dux radoiies £ F,& F H ad xqoa^ 
les vanones KM» LM reduO» 
fum ; qoaram idem eft codequens 
M. Ergo ica (e babet ratio £ M ait 
rationem L My Ancecedens K & = 
habec ad Amecedeiitem Lper Ptopu 
7. Lib. I. Exam. Quadrat. hoc e(h 
KL eft proportlo racionis K M ad 
racionem LMi fiuc rationis EF ad- 
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FH^ Eodcm modo K Z erit proportiorationis K N ad Z N, (cuera* 
tionis £ G ad rationcm G H. Sed proportio K L ad proporciooeni 
K Z,ciim vtriufquc idcm fit Antcccdcns K} ica fc habet, vt rcciproci 
huius confequens Z ad illius confequentcm L per Prop. 8. Lib.i. 

Exam. Eft autem Z> quantitas G du(fta in fcj Sc L, quaniicas F du^a 
infe. Ergoitafc habet proportio racionis EF ad racioncm FH, ad 
proportioncm racionis E G ad rationem G Hi vt quancitas G duda in 
le ad quancicatem F dudam in fcj hoc cft, G duda in fc ad F du<ftam 
infe, erit proporcionalitas proportionis KLadproportioncm KZr 
Qj^od crat dcmonft rapduin . 

Anmtatia. 

Inhoc fuo Lcmmate R.P. Aynfcom quatuor illas quantltatcs E,F> 
G, H fupponit mixta quxdam cflc plana : vnde occafio fe/c mihi 
oiFcrrct opponuna rcjiciendi , quod prima parte capitis 6. dc natarE 
rationum pag.2 1. aderuit coutra ca,qux a mc dcfinita fucrant Lib. i , 
Prop.i.partc z.circadcnominatores rationuro ad qaantitacem con* 
tinuam perciiiencium : quos dixeram (cmpcr eile in quacunque illictt 
qoamitatis (pede doas liiieas re^ radofiein. fimikm obtefoantesy 
QDam baberemimer fi; propoGtz quant!cates>fiaeplaint» finelbli^ 
dae : nec illius Al^onis meae ftindamema dttis mma tecicoeiaoi, 
quonnn primum eiar, denbminatorem rationtscDio(bis rpcdeiycte • 
is iit! meniura omniuixi etufillem fpeciei rationum quibufuts tenninis^ 
£ue planis, iiue folidis, aut Uneisetiam corobexpteflarom , debeie 
cile ra^iooem iaeirpecie tcrmims (iaapficiffimfs, & maxim^ notis - 
prenamquorumnuilos fimpliciorcs, notiorefqtic £bcund^m fc liDcis 
feAtscliobleniacesedqiie noniaeiBiidsaiioDesdeai ~ " ~ 

t y 



eiamadipfas lorg dcferri. dhbcior vfgiapfaguttt ,iofiml lM ft n w n 
dcralmG6om^9.s <p»iaiifln»teHwnifrVd pi«b>fcmifcniu 

ibuKCS noonifi re^lUieis, vcpoce notioribiu,.MfkiiiMibi» <ai|ibi- 
OUDC Nec altum huios fd telms, qv^^ipfaffliiiec >auc pneftanuffi* 
mom GeomctramR>P. GtegoriuEn ipfius praecepcoicmiqui tam mul- 
ta,tamque eximiadetaciofubus ibla lincarum mAanm opeadbibitst 
. tcadidit«adduci volo .* ceniettamen id^me perperam aifcrcum , ci!im 
Dotxnd>ismioiisnoo fint complanx, cumtolklaequaBtiiacesracio. 
nem fundanccs, ttcc minus hx , qusim linest re^x , apctffinc denomi- 
natorum fiingi moneie. Qood > quiUn vcnmi fic» Geomecracom db 
.iudicium. 

Ad alcerum vcr6 , qood dcaco loco Aficrtionis mesB atgufnencum 
adduxi, quid refpoiideri qocac ( oeque cnim iitius vel fflcminii. Idcm 
Aucbor ) non facis conijcio. Dixi racionibus conuenire , vc ioter fe 
multiplicari, diuidi alijrquc raodis verfari poflim, non fecusquam ab- 
folutac quancicates : At iioc ncutiquam praeftari potcfl: : nifi cermini 
racionum inccr planas, auc folidas quancitaccs intcrccdcntlum , ad 
lineas re^las prius rcuoccntur liuiufmodi opcrationum capaccs. Cuius 
teftimonium aliundc , quam ex hoc Lcmmatc ab ipromccQuadratu- 
rarum intcrprete concinnato , luculentius peti non poteft. Scatuic 
cnim ibidcm quatuor illos quanticatcs E,F,G, H, cfle mixcasplanas 
fuperficics : quarum duasmcdiasF & G in (educi iubct. Verum vcro 
duddsgcncrc ? Ancoquoplana fupcrficies akcri iccundum laticudi- 
nera adaptaca eandcm dccurric , c6que fluxu folidum formac? Id 
quidcm ab eo ica concipi flgniflcarec prcpoflta quanticacum illarum 
dccermjnacio i cum ad candcm omnes laticudinem ad huiusgeneris 
dudam neceflTariam ab eoreooccnrar. Sed, c^ ciraium Lemma hoc 
fiium probct AuchorperProp.84. Libri S«opemGeo0.qciatad flm- 
piicem racionum dufto»» fiue mafaiiiiHcarieoeMf Ipete % liaaddn-' 
binm quio de hoc fimpHei dudu » no»aaccm dc akcco per fltozum 
inic&imeliigi debeat;* Volcergo (ncc aliod vcUc ftmtiyyv doftifli« 
miis» vt bacomfoperficicRim radosie»mfnbiis«ipriffiaiitiir»qar in 
dod poffintt doi alijcftflCQCienm» qaimliBcsiicAflB» qwetcrmims 
ilHs planis. Aibftituanturcanacmaimipfisfiipeificiebof raciooemfinr- 
iiafwes. Hoceft»caiiim]oco ipfium dcnominacoccs afliifnaiKor. At* 
qoc h«c fatls adcteatam illam afiertiosicm mcam de dcnemiiiacofibns 
luoin tobore cucndam pcrdigreflionem hkdifta fiuifeo : coictofam 
praebuic tpfius aliccr fiMicicntis Autboris Lemma hoc i quod non oifi 
per denomiiiasoies natimiom » vt Aacciiacok)oe(bcmi fiuw» explica- 
fipoc^ft. SfMum 



^49 



£ 



V 



H 





Hoe m (cholia 
cxpoDenda venir 
Propofitiop. Qua» 
draturarum inccr» 
prctis , qu^ vclut 
gradu fcnfim pergii 
ad mcta libi propo- 
/itam,ad abfolutum 
fcilicct hac quafi 
noua femita attin- 
gendum Tctrago- 
nifmum : quam ac» 
curatius profcquar 
velut Principium 
quall praccipuum, 
▼ndedcriuetur. Sic 
itaque liabcc pag. 
, i57.leruigidltainea 
% O ti ^i"^^^ (nevfurpa* 

*4 fcholio 1. propo* 

newli Lemina. if^ 

fHis ( quaitt attuli fclidio i . ) Sint attim tris fipitettts NKB Pf Bi 
SKLMi da0m m eMmUm Mltitudinem ) quac eil Latus Redum) 
fi0» fiuUsquaUMProf. 8. trihm fcUdis ex dnBu fubaltemo fUmunm 
w€» J,D, in feiffa genitis. Adhju» Se^oriRK L aqua/e fiat fe^memtm^ 
^•XXiS^Qoodpraefbbitur, il bi&riam dkii£5ilK,R.L,perdiiib^ 
fiooosducatuFteftaP Qvt docct Elementa. 

TfialUa&gnBiita N XLO, H, IKLM cadem funt r qu« iii dia» 
j^rammate meo ruperius fatpe rcpetiio , fuuc bafescyliadraccortifli , 
^lidis E,F,G, H, ex du(9:u fubalteme' portionum fparabolicaniai 
A I D, F L O, F L P S, A I N genitis scquaKum : qu« vocart pracccpt 
£, F, G, H r& cocum loco,ciun fint eiufdem altitudlnis, quam mett- 
tur Latu5 Redum Parabolarum y ipfas eorum Bafes eaodcm com 
^fis cylindraccis vationem feruantes fubftituL DifFert autem prknr 
«>. ^«v.^A — i. £^g^ H. imc coniUsuraa ba^H, qua» 
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Quaclr..cur3clntcrpresdcfiaiuic : quodego cam femicirculum AQX 
cOe aflcram : afTerac illc cflc remi-Ellipfim iuxu opinloncm fuaro rc- 
iedam fuperius , qua llbi perfuafcrac cylindracea ilia inxqualis cfle 
alcicudinis: vndc flcbac » vc Dails illa primi & quarcicylindracei £ U 
Hiqux iemidrcuius reueri fbrec jcirca axem EFdeicripcus in eius 
fcbemace, in' meo «nteni circa axcm A l, in reml-£llipfim circa ean- 
dem diametrum E F, auc apud nie A I, muurecur. Quod quidem an- 
aotafle oportuic j ▼(videas qutbustandem fundamemis nltaair htc 
promotus Tetragonifmus. Qeterilun balis illaHt fiue femi-circultts,» 
fiue femi-Ellipris rupponatur i eademramendemonftratio ab eo alla- 
ea aequ^fubfiftic ! quae vccommodi jis proponacuc 
. 'Expedic vt vnicD CharadiBrelndice (ingula haec fegmenca defi- 
gnemur. Segmentum iglturNKLO dicatur iegmentum auceqi 
JPKLQ^zquale iedori RKL, vocccur ac fegpnennim IKLM 
appellabtcurZ denique fcmicirculus H eandcm rettneat appcllacio- 
nem. Hasautcm appcllationcs hac in Tabella,mcmoria! causa in- 
cuere. HisitadoclMatis, Quid «x i»£ti ruppofitioncconcludac Au-. 
- cfaor,audiamus* ^ 

. Dfcoy inquic, nttmnjfe propertiwm nniwk figmtwti GMdfiffimtiim 
Vy Md rMtitnim figmentt Vad fegmenlum Z. ^ 

Adbuius conciurionis colligcndam probationcm fupponit Auchor> 
et(i,vc oftcfldi , non fatis caute , ita pcrfcholium Lcm.z. determina- 
cum cflc circulum , cuius arcus fic K Li vt ei fit hic arcus commcnlu- 
rabilis t quo fic vt fc^torR KL, fiue pcr conflrudionem , (cgmcncum 
V fic femicirculo commenfiirabilc } qui fi:micirculus iuxca condicio- 
nes in citato Lemmace appofitas , cft etiam fcmicirculo H commcn- 
(iirabilis. Fndc (cquitur^ vt (ubdit idc m , notam efferationem [egmenti V 
Md femicirculum maiorem , cuius arcm eft K L \ & exindenotam etiam cjfe 
rationem eiufdemfcgmenti y,ad fcmicirculum H Igitur etiamnota eflratio 
fegmenti F dttili m fe adfemtctrculum H ducium tn fe ( cxpofiji in Icho- 
lij pracccdencis Annotationc: ncque dudus hic accipienduscft,qua(I 
forec du£lus plani in planum, vc vcrba fi^narc vidcntur ) fed vt Vdu- 
ifum in fe , adH diUium in fe } ita efi proportio rationis G H ad^ rationtm 
UZ.adfroportioncm rationis GVad rAti«nem VZ perLem. 3. quod Cx« 
pofiaifchoiio iccundo. 

Igiturnotaefi , (condudic ibidem kuthot)rMtio proporiionis { fiuc 
proportionalicas ) GH ^d fMtionemU Z. Sednofa ejl proportio mtionii 
GUMdrMiimum HZ ( nmm eMdemefiemn properiicne Jolidorum Ay B, D in 
fierdinstltper^, knius ) igitur ^ notn efi proftirtiQ rattQnif GVad ratiom 

mmrz^ Vidcs/ 
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Vides , opinor , vndc coocludacur , quod propoficum era^ iRocam 
fcilicec cife proporcionem raciotiis , auam habcc fcgmcDcum G ad 
fegmeDCum V ad racioDcm quam haocc rcgmcDCum V ad fcgmen- 
cum Z. Id cnim conciuditar ez eo , qu6d iuxca hoc lcheiiia propor- 
tio fohdotum ex fegmentis patabolids B, A, D, C in ie fubalcern^ 
genisorum , eadem fic com propocdooe (blidoram ez eiiHcm ' 
^ ie^seoiis in (c ocdioaic^ dodis procieaionim. Hoc eft , vt iiiiiefii 
.lermiiiis hk vaur» qoibos com in £zam.Ltb. 3 .cum (bpr& Wus iiim iux- 
ja ^ecna- ibidem. medeliqeanNB : Qu6d proporcio M K racionti 
Iblxdocnm EyF ad r^nooem folidorom G» Hycx dofto fubakemo or- 
torum I eadem dicacor com proportione K L radonisiblidorom A» B» 
fd ratiooem iblidprQm C, D ex oidinaco duAu earundcm porcio» 
numparabolicarumgeDicorum. Quod dici nullo modopoflecitacis 
locis»euidenci(nmis Epilogifmis demonftcaui. Cumergo hxc condu- 
£0 cam neceflari^ fic id haoc Quadracurz mechodum , vt abfque eius 
, prxfidio ftarc nullo modo poffic 1 Qnid deedfendendum iic, Geome- 
iraram eftoXodidum. 

Schslium Sllt^rtttm, ' 
£xpcopo(itione fui^. dequ&fcholioprzcedente aAom cd , de- 
.dudc idcm Quadracoraromlncerpres propoficionem 10, quz habecur 
pag. 158. Cumergo admiccinon poffic illa ; neque admicccnda eft 
narc nec fiifiori ad id concludendum opus e(l Argumcntacione. Ve- 
rum , quemadmodum in Examinc oftcndi , ecfi conccderctar propor- 
tioncs illac duae, K L, racionum A B, C Di & M N, rationum E F, 8c 
G H, rcucr^l clfe acqualcs : nihilominiis cx alio capitc Quadracuram 
non obtincri, vc hic cciam tradidi : Idcm ctiam nunc conccdamus i &, 
quod ex caconcedione fequitur,admiccamus,ncmpc propoficioncm 9 
vcramcfie, lcgitimequc probatam : Acque pcrpcndamus , An ipGi ' . 
eciam propoficio i o alio aliquo fingulari vitio laborct ; quod ipfam, 6c, 
quac cx ca fequicur, Quadraturam admicti vctcc. Ex ca porro conccf- * 
IIoDc illud nafcecur commodi , vt omnis de implicaciflimis illis argu^ 
mentationibus difputatio ccfict : quas pracdanciOTimus Geomctra 
It. P. Grcgorius Lib. i o. Opcr. Gcom. Prop. 5 6. & aliis , Archimcdcil 
fblertia, Hcrcule6quc labore iniic j ncc omific hic eius Audicor , & In- 
ccrpres Prop. j.Tradac^ fui. Sic icaque habcc di^a eius Propofi' ^ ' 
cioioV " / • 

Jifdem pojttiidico» ioquit , nvtmit effe frQfortienem nn^ie fegmemi G 
#Iiv^/m^ P^O ^( quod deinceps vocabicur X ) 4^ r4/i^ 
aiAM^irisilrr^ite^ ... . 
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jP^ frdetAentem 
Trop.^, ftofs efi , in- 
quit yfrofortio rstkm 
nii f0Mm hsict feg» 
mm$tm O sd y^. 
titatHmPiMdrsHi' 
ttmh mkmknht feg» 
mtiamr tdftffium^ 
MMi^.(Iditahabe» 
re rappoDi pennlfi.) 
Slt tgitwr rMU G sd 
F m rMtimm Fsd 
ZivfSTad SM. 
NftM ^ttnfirgH^ 
SrtidSR.^mr& 
mtmeftr0ti$ STad 
TR,Sed, vt STsd 
TXi ita eft ratiofeg» 
menti G /td reftdmm 
X^dd rMtimem fij^ 
menti VMd reftdunm 
Tfer Lem.^ ( quod 
expofui fupri dif^ 
ficult.4. ) Igitmr fr^ 

fortie iUMrim rstie^ 

UMmnotaeft. 

Vixc eft huius propofitionis a Quadraturx promotore adduda 
quam fubtilis, tam manca probatio. Cum cnim Lcmmati 4 tota ni* 
tatur,quod citata difficult.4. falfum efTe fatis muhis oftendiiQuid 
ccnfcas nifi falfam cftc tam probationcm , quam ipfam propofitio- 
nem?Itaque habcs in hac propofitionc nouum dcfedum} ex.quo 
folo , cum in hunc Tctragonifmum proxim^ influat , ci crcecurdifi- 
crimen non mcdiocrc i ctfi eum ab omni alio haftcnus demonftrato 
tam multiplici lapfu , quo eius piincipia laborant > immunem ^Sc 
coDccdcremus. 

Scholium ^mtum. 
. Videamiis tandem quomodo infignis Quadraturarum intcrpres 
cs ptiocipii^ iuis > propoiitiooe prxfertim pro^umo icbolio difcufsi 
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( n vt vera admicterettmr ) allquid reftilianim^ufiiiliiMP JMjaafe, m 

quo(ItiiscftTctragoiufi»af,coIIigac. 




tn<)uitAiidior 
Prop. 1 1. pag. 

ditum , faffrn 

{fori RKl, fiue fegmento V. Dico , pcrgit idem »M4MP ejpt rmimm ftg^ 
minti G ad refdunm reMineum X. 

Tum huius propoficionis demonftrationcm inftituic : quae > quia 
pau!6 implicatior , obfcuriorquc mihi viia eft j cius fcruato renfu & 
ordinc , candem meo ftylo cxponendam ccnfui hoc raodo. Nota cft 
proporciorationisfcgmenti G ad redilincum X (rabellamvna cum 
ichcmate Gcomecrico ,cui illa rcfpondet , habeto praj oculis) ad ra- 
lioncm fegmenti V ad reclilineum YpcrProp.io.fcholio prxccdcnti 
difcuflam. ( Ecce vt citata propeftio proxime inftuat, vt memineram , tn 
TetrAgouifmum.) Scd proportio rationisG adX ad rationem V ad Y, 
cadem cft pcr 39. dc Proport. cum proporcionc j-ationis G ad V ad 
rationcm X ad Y. Igitur haec ctiam proportio racionis G ad V ad ra- 
tionem X ad Y nota cft. Fiat iara , vt Y> confequcns rationis X Y, ad 
fuum AnccccndumX: Ita confcquens V rationis G V , (lue fcdoc 
K K L, auc fcmiculus S, ad fcmi-clliprim T ( quod quomodo fiat, Lcm. 
6. pag- ' 5 f • tradicur.j Tunccric pcrProp. i j.dc Proporc. ratiofcgmqn- 
ti G ^d fcmii^tlipfim T, proporcio rationis G,a4 V ad rationcm X 
ad Y- ' Sed ptr f^op. i o, dc qua proximo fcliolio 4. a^t}iii eiOb » ooca 
eft proporcio ntioiiis G, X» ad tadottem V> Y ( qarciademcft oftenik 
per 39- dePropoctxum ProportioneratioiHiGi Vs^iacioiiemX^Y) 
Igitur nocacftraiio fcgmenci G ad (emi-'ellip(im T. Sed rado (emi- 
ellipns T pec 1 9 r de EUipfi in Opcr. Gcomeccico ad icmicircalpm Sn 
cota cft. Igicurnoca cciam eft racto.eiuflpn ftgvnentt G ad iaal^ 
circulomSt iioeledorem R£L^aut (egmeniwn Y* Eigodenique 
noca eric rtfioibgmeoci Gad refidoum leailioetmiX' Quoderai 

V 1 ' dcmooftran 
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demondrandum , i'fx]uicidem Quadrarurxfiustor racione autem re- 
aiiinei P N O Qa<l mlxulhieum N K L O repeni & definiti^ % lumd 
diificile fbret ipfum totumcirculum in re6lilineum commucare:quod 
operx precium non ell pluribus exponere ; ciim di^a illa ratio redt* 
linci ad mixtilincumnonnifi cxfalfisprincipiis , vtoftenfom cft,de- 
ducatur , adeoquc non nifi faUamcxliibcie poffitQuadratucam ,qui^ 
Qcere iatius eft, quam pjociri. 

•494cefhalMifij ommufHy ^ua m foflrennt hmm Vf^fofitioms 54» 

frobatmm sSdta fmt. 

DVabus panibus conftat hsec Propofitio 34, in qtia quid dc Qua- 
draturaaR. P. Aynfcom promota (cntiendum fir, cxplicatur. 
In priorc parteaffcritur promotam , fiucfijfiuscxplicatam (ccundam 
'Authoris Quadraturam admitti non dcbcre ob rationcs allatas , qui- 
. busipfa fccunda Quadraturafuperius impugnata fuit. Quaruni duat 
funt prac carteris infigncs. Prima cft quia proportio K L ( confulc fi* 
guram & tabcllam lupra fjcpius addudam ) rationum A B & C D» 
quas gignit dudus ordinatus j non cft arqualis proporrioni M N ra- 
tionum EF & G H exdudu fubaltcrnogenitarum , vt pcr^umeros 
fuscdcclaraui tuni hic, tum alias in Examine Quadraturac fublata au- . 
tcm harum proportionum zqualitate, Quadracuram Ipfam tolli nc- 
cclTccd. Secund^. Ecfiduarum illarum propoccionum a:qualitas fup-> 
fonerecur 7 ex ei^tameu ( vtofteodi } non fequeretur cognicio racio- 
anm £F,acGH adQg^ntfiiram«iniiiDo neoeiraria, 

In poAetiore ver^* parte eio(clem Propofitioois 54. aflemim ed,. 
eftndem Qaailrataram obalias radones mxias , quasoftrt ipfii Qua- 
dnrarvpiomocioyfea fofioreitisexpo(icbabeitt(<lemimevpreie in» 
fticuta % k Geometriit ti leeiiiiiiam agnoici 000 poflc Eanim ergo raf» ^ 
cionattinfignioresUe nmasiefiioou 

Prima habeiar diiEciilc u fimetiini Afetumeft i QaadatiiraB: 
Pkctooo fi)Bda qrliodtacea aequalia foKdis ex fegmencis D,.F L O 
( i^ram ibtdemcoiifiile>iiifedudisfubalteriieiiabesefRuerfas altU . 
lodines. Afiercionem iQam rcicci : ofteiuUqaeomtiinm hokirfflod» 
cyfindraoedium eaodemefle aliitudincm , nempe Latus Redam Pa«. 
rabolarum ; Tnde fequiiar > vt in variaacooftrudioncs deinoeps ^\\% , 
tas irrepferit pertutMlcio, lc in Quadraturam tpfinialficas. 

Secundam racioaemcspofiMdifficalc.x. £ft aotem huiufmodi. Vulr 
QuadyaiB» ioicipicacMwcineflepropoiciepcm &X. mtionum A 
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CD cxduAu ordinaco genitarum, cum proportionc M N rationum 
racionum EF, G H quas dudus fubalternus condicuic : acquc ade6 
nocam efle proportionem M N» e6 qu6d noca fieri queac Proportio 
K L rcdudis folidis cx (cgmentis parabolicis A I D, F L O, F S P L in 
fc dircd:^ dudis in folida rcdiiinca 3 quz eum nota Hnc ^notx fianc 
eorum raciopes , ac dcinceps rationum proporcio K E. AcoAcndi cx 
methodo , quam cradit nullo modo reduci poffe folida illa cx dudli- 
bus ordinacis genica , in folida re^ilinea iuxta determinationcm, 
qimniemper in hac Quadraturx folutioiie iubec ob(eruari. Eigo 
ectoexliiKcapiteC^adratiinliocmodoi^ r 

Tcrcia facio in certii icem difictdt. expomcur. In eo «ucem fiu 
eft : i\n6d fiipponac idem Quadracorx pacronus (egmentum E F O V 
parabolicum io ieipfum (bbalcem^diiftum generare fblidum aeqoale 
cylindraceo, cuios bafis iic £ KR. V ( aflume ichema citatx difliculta- 
^s. ) Ac cyltndraoeom ,cuius eft bafis £ R R V> non eft atquale foli- 
do>quodfitex icgmencoEFOV in feipfum rubalceme dufto$ied 
ei, quod fic ex fegmento E E O V non in (eipfum , (ed in fegmencnm 
E XP V parabolz.obuerfx ,*cuius vertex eft B. Binx enim quadibct 
iineac ad axem A B normales fiue inter fe parallelx , quales lunc £F 
ZlVO incercipiunt ex circulo , cuius diamecer cft A Bj connc^ens 
vertices A 6cBparabolarumobuer&rum,fcgmentumEKKV:quoi 
e(l bads cylindracei folido xqualis ex duobus fcgmencis paraboiids 
EFO V,EXPV imer cafdem lincas EF,VO interceptis io (c mu- 
tuo dudis genico. Qux duo fegmenta parabolica, aequalia nuoquam 
fbturafuoc , nifi cum dux lincac E K, V R crunt iqualcs : quo in folo 
cafu dici poterit alcerutrum fcgmcntum parabolicum in feipfum fu- 
balccrn^ dufi» eoqu6d in alccrum fegmencum zquale fibi obuerfum ^ 

ducatur : qualia func fcgmcnca 
EFOV, EGLV incercepca incer 
lincas aequalcs E S, & V T : quac 
proinde in fc duda,(iue,c|uod idem 
cft 5 alccrucrum in fc lubalcemi 
dudum , folidum ^cncrant sequale 
cylindraccojcuiusbafiscft planum 



A:. ^\ C B 

l^T'^^ 1 

D F E 

i M i r.M ' I— 1 

G K H 

I 1 1 



mixcum E S T V. Confule ciucam iUam difficulcacem j.cicacaque ibi- 
dcm loca , vnde haufta eft hxc doftrina : & obfcrua quam long^ i 
Tcra Quadracura abducac hxc mechodus. ^ ^ ^ - 

Quariaracio,qu«promotam hanc Quadracuram invkiOllllllflit> 
crio^ vcl ibU adducit , dcmonftrata eft difficulcacc 4. olliefifiim fi- 

qoidcni 
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quidem edivertfateplao^alienam cflepropolkionem, qaft aflbtU 
. tur : (i fucrit ratiooisB C ad B A» ad ratloB^m £ F ad £ D proportio 
H K ad H G s ftrceH K ad KG ott^pottloaem Nlitfiiis B C ad C A, 
adr^ttooeinfi&F kTl^D. Quod cikm to^tiMt iUHiie^ 
poffit^ nl(tidvcfl]fh'e& fupponaturycolligi le^oeum fiiixdlined 
atquale , vtapud Quadtatarae interpretem Propi ii.-Quadcacurx x. 
colligicur $ conftat neqoe hanc (ecuiidam Quadratoram , neque duas 
iniequehtestertiam 8e quanam huic perfim3e$ ad ezitum tam Mi* 
cem , qu optaretur ^ Geometrix culioribus , Geomariaraue da^ 
riiHmi Luminis ILP. Gregori j i S. Vioc. obiSuiiantiffimis » adnQceft 
perdadas. 



Finis Lihri Primi; 




Digitized by Googl 



LIBER SECVNDVS- 

Explicatur Anguli contadus natura * 
. ex Euclidis, c^terorumqueGeo- 

- metrarum mente : alienaque de eo 
aliquot Recentiorum lententia 
clare ac euidenter refellitur. 
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LIBER SECVNDVS. 

Angulo contingmu. ^ 

PROPOSITIO I. 7^imM. 

Vo iurcquis afTcrueric quanciuccm infinice czteop 
(am dari pofTc , eodcm quantitatcm- iofimte dinu* 
nucam poflc dari debcc admitcerc 

Bemonjiratto. 

Quantitatem infinite diminutam, fiue infinit^ paruam hic voc« 
quantitatem illam , quas lic^t fxpius in infinitumrcpetita,aflignatam 
quamlibeteiufciem gcnerisquatitatem adacquarc, fiuecxhaurirenun- 
cjuam potcft. Hanc ergo admitci ab eo nccefTario dcbcrc adero, a 
quo admittitur quantitatcm dari pone tam cxccnfam , vtaflignata 
quaelibet quantitas /kpius in infinitum rcpctita cam nunquam ad- 
acquarc queac. Huius prima quidemratio cx co deducitur, quod 
quantitatis incrcmentum permultiplicationem ex arquofempcr op- 
ponacur ciufdem decremcnto pcr diuifioncm. Eccc quantitas A, (I 
fibi adcUtur, fiue per z. multiplicctur j fa^iaque , rurfus 
multiplicctur pcr 2, & fic fempcr fiat, vt conflituatur 
Gcomecrica progrefljo pcr rationcm duplam exteofa 
( poflec etiam pcr aliam quancumqae raciooem progreffio conlticui» 
per quam data quancicas A tn infiiumm augeremr ). mabr remper fiec 
Ininfinicum quancicas A perhanc cominuam malcipHcacionem. Ac 
eadem qoancicas A non min^apca eflrinJnfinicam ndnoi per diuifio- 
Dcm condnoampcr t Infti€ttcam»Tc£eomecnca roHus progrcffio 
dupias proporuoois infticuacor : euius cermini priotes » fiue raliici A 
TicinioreBlisc pofteriortimfemper daplici, acquetcaminoits fcmper 
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iriinofesinififiQitam fimliaiusprogreffibaisterinioi : ficut jm&s pet 
multiplicationem maiores fcmper fiebant in infinitum. Vnde patet 
eand^m quanticatem A non miniis aptam efle decrefcere pcr diuifio- 
nem-continuam ,du^n per cootinuam roulciplicationem augeri. 
Qu6d (iconcipi podic quantitatem illan& A, infinitam euafiilc per in- 
finitasduplicaciones, necitaauAam pofle vnquamadaequaripercon* 
cinuam rcpctitionem eiufilem quantitatis A : codem modo conclpi 
poteriteandemquancitatem A perinfinitas bifcAiones infinic^ par- 
uameuafiflei necpofle parciculam huiufmodi criam infiniciesrepeti- 
tam cxhaurire quancitatem affignatam A : Vnde inlinice paruameri- 
Codici dcbeat. 

At diccs, fuccefliua illaquancitacis A.camdupIicatio,quam biiedio 
ad eius infiaicatem tam per augmenttim , quam pcr decrementum ali» 
'quando peruentura concipi non poteft. Refpoodco non xgrius con-^ 
cipi pode iniinicasduplicactonesquantitacis A, quam ipfam efie infi-' 
nit^ auc^tam , vtrobique cnim infinitas qua:dam concipienda reperi* 
tur. DeindcjCum infinitum admittaiur, &. fupponatur: poft in- 
finitum tcmpus, qualc ab xtcrno clTet elapfum 3 nonne duplicatio- 
nes quanticatis A infinitas ,quibus magnitudo gcnica foret infinitaj 
totidcmquc eiufdem bifccliones , quibus in particulam infinitc par- 
uam cuanuiirei , conciperc liceret arque vcrafquc abiolutas? lirgo 
ctiam vtrafquc infinitasinftanti vnico ( cum iiscflentialis non fit fiic- 
. ccffio ) ablolui , diuina faltem potcntia , non finc fundamcnto fuppo- 
Dcre licet. Tunc autcm , vt quantitas habcrctur infinita cx infinitis 
quancicacibus A fimul addicisconflaca , itactiam cx infinitis ciufdcm 
quanticacis diuifionibus fimulcancis haberetur particula infinite par- 
ua, qux repctica f:epius farpius nunquam poflet rotam quantitatcm 
Aadxquare. Quoergo iure quis alFerec dari poflc quantitacem ma- 
gnicudine infinitam } eodem paruitatc infinicam quantitacem dari ad- - 
iniaercdcbct, vc vult hxc propofitio. 

Sccundo. Hoc idem poteft euidenter coliigi cx Theoremate quo- 
dam.rane mirabiii , quove nullum in toi^ Geomecria reperiatur pa a- ' 
doxum omni opinione maius 3 quod proponic £c demonftrat fubcilil- 
lUn^fuo modo R.P.Gregorius Lib.^.Oper.Geoni.Prop.i3p^.£ft au- 
ttmciufmodi. 

' Sim duae lines B A, B C AArmptoti Hyperbolae F G H : dua; iceoi 
D A t D E ( quansm bxc parallcla fit linex B C ) fint 'Afympcoti Hy- 
perbolae aberius IKL, priori &fimiii^ ^ aequali* : ducatur autem 
qtuelibccCEpataiieia Alyin loco B A>uCi|uefiat paraUciogranMnuni 

DCAile 
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OC. AlTeric fummus ille Geomecra huic paraIlelogramina.DC 
xquarl rpatium imer duas Hyperbolas FGH, IKL imercepnim» 
claufumquidcm ex sxA partc Undi HU^t exakeri partc vers&sF 
&i infinit^ porreAum,ncc poflc terminum vllum Iiuiccxtenfioqi 
praefiniri } quin pracfinito fpatioj&c vtrimquc ita claufo oftendatuc. 
parallelqgcammum D C maius. Aliquid fimtle in folidis deraonftrant 
Cauallerius , & Torricellius non ignoti Geomecrx: Sed Jais omiffi^ 
ipacio iUo Hy perbolico plannbri ad rem meam vtor. 

Itaquc ftatuto fpa- 

^ ^*- tJo illo Hyperbolico 

versus F 6c I infinic^ 
extenfo , quod acqualc 
fic Parallclogrammo 
DC : Siineopoftin- 
finitam cxcurfionem, • 
emenfamqj fpatij hy- 
perboiici infinita lon- 
gitudincm inchoatam 
a linea H L, in qua 
Ipatium ex ca parcc 
terminatur > aflignari 
concipiatur particula 
aliqua illius fpatrj, pal- 
marisjcxcmpli gracia> 
longitudinis > ea elTe nonpoteft nifi parsinfiniteparuaparallclogram- 
mi D C, cum efie non pofiic nifi pars infinit^ parua fpatij hyperbolici 
eidem parallelogrammo xqualis. Si enkn\i{fignaca particulaillapal- 
maris rursiis Hy perbolamm initiam H L femDcr repeteretur in tnfi- 
nkum»nanquam longitudinem earum ab ea particuli inchoacam . 
poflec ezhaurire,& adxqaares ciUn ea longitudo infiniu rupponaturs 
mult6 minilsetu(Hemparticul«area,afeamexaeqaaretrpatij hyper- • 
boUcI inter aflampcam eandem particulam, €c eius fpati j initium H L 
interceptam. Nam fi^gula ipatia palmaria verTus initinm H L c6 
femper (uncmaiora, qu6magis ad inttium accedunt, dUn eorumla- 
cicndo (emper maior Iit : dtue fiqnidem hyperboke F G H I K K qii6 ' 
procurrontlongiilis» e& magis ad fe mutuo accedunCy vtidemcicaco 
locooftendicGeometra. Ergomulto minus parcicala parallelogram» 
mi DC,qux atqualis (mc palmari illisfpacio,exxquarec infinities 
repecitaipfinnpacaUelogrammam D C : quod maius eft ^atio hyper^ 
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bolico Uner affignacaiD in eo particulam palmaiem , ti IniddBl H b ^ 
c^ex toco fpacio , ccii eft aequale parallclogrammum D C, demaciir 
pats eius illa > qoae vlcra particnlam palmarem afTignacam ezcurijc ad* 
huc tQ infintcum. Conftat ergo dari poffe parciculam paruicace tnfi- 
nicam parallelogrammi D C : fi , provt fcrt propofitio , conccdacor 
hyperbolas F G H» & I K L in inBnicam longicudinem abirc poiTe y vt 
nece(rari6 abire , probari manifefte videcurez eo, qu6d fpactoiii 
longtcudinem infigicam excenlb «qualis ptxbeacur paralldognutt» 
muro D C. 

Ob j icies , quod paffim afleri apud authores non vlcimx oocae cepCp 
rire eft. Nimirum quancicacem quamlibet , fi infinities repetacur , in 
magnitudinem excrefcere infinitam,nec pofie in quauis quStitace afli- 
gnari particulaeius vllam,a qua facpius repctita,adxquctur vel non cx- 
cedatunltem, Quantitatem nullampofic conftarc parcibusxqualibus 
vni certx iofinicis non communicantibus , quales admittcndx forcnt 
in fiiperiori , verbi gratia , Parallelogrammo C D : in quo continc- 
rentur partes infinitac , sequalcs paJmari illiparticuljB hypcrbolici fpa- 
tij. Refpondctur. Cum euidcnter demonftratum fic a citatis Au- 
thoribus , quibus annumerari etiam debet Vallifius illic prxter miflus» 
in fua Infinicorum Arithmetica j varias dari quantitaccs cam planas 
( qualiseft ilia a P. Gregorioobferuata ) qoam folidas, vt a Geomccris 
Aliis adducuncur 3 quac, cum fintlongicudinis infinica: i certe tamen 
Ccaffignatx , tcrminifque notis vndiquccircumfcriptx quantitaci fini 
scqualci.:lilud vtrumqj,qnodobijcitur quod tam abiurdu haclenus vi- 
fumefijfinc vlloabfurdu incurrendi pcriculo admitti neceflariumefle. 
Condarenimirum quantitatequamlibccparcibusinfinitis aHquotis, 6c 
non communicantibus : & (quod cx eofcquitur) particulam dari,qux 
infiulcies repetita 6c a{rumpta,magnitudioem infinitam non producats 
led aflignacam quamlibet quantitat^finicam^ienim vnaaliquaquan- 
cicasdecerminaca^uale eft parailelogrammum DC iuperioiis icbem»t 
tis,(^qualis fic cuipiam alceri.quancicaci bngitudints infinicaeredam hxm 
aequalisfiicuraeftqaadibecaliaquancicas » vel xqoalis hoic Parailelo» 
grammo , vd aliam quamlibec com ilb Racionem obferuans vc pacec^ 

Cscceritoi , haccParallelogrammi C D ( de cacceris idem efto iadi« 
ctom ) in infinic^ proceniam fiiperfidem illam doabus Hyperbolis t»> 
cerccpcamcommocadohaud ade^ mira ei videbtcur } qui accende* 
ricfpacium illud hyperbolicom ca raciooe fieci aogoftias»qua pco> 
dodius : ade^ vccvnc fiiccura fit eios laticndo tnfimctb pafua,quan« 
A> cUildem lof^codo eoafertt tnfink^ m^oa. Yndi connrm»-' 
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eorQcmkiMiieradduaapropofitio. Pofit&fiquidcm rpatij longicudl» 
ac tiifiiitt&4 iafinit^ paruam eius latftudinem pool oeceiTe cA . vc qui 
itlam admiferit , & hanc eum admkteie oporteat. Simile (juidplam 
inRe&aoguHsob&ruareeft. NamRe^ngulum quodlibet inaliod 

fleqoale commutari ex Elementis nbtiflimom eft : (i , qu& latiooe loo- 
gitudo maiorei affignatur , eadcm • minor eidem ti&uator btitoda 
Ade6vtfi]oogitudo affiimerctor infinita»latitodo ailbmeoda fbret 
infioit^ panuu Tam verom eft « vt qoo qois iure qoaodtatem infini- 
t^extemamdari afienicnt} eodemqoantiiaiem ibnnic^ paniam dari 
polfe aficrere debeat. 

PaOPOSITIO II rhecr. 

JNfinhi ad finicum > vel concra^fimti ad Infinitum nulla 
Racio potcft obferuari. 

BmonftrMth, 

Propofitionem Kanc tam claram pcr fe noo paoci ceofent , tc 
eamPrincipijlocohabeaot. Verto»cummedioquoprebetur,non 
catcat , quidni Theorcmadbos annomeretor. lUud porro medium h 
definittooe 5 Jib.5 .Elem. pecicur : qu^ conftac necefTanum cfiead hoc» 
Ytdoxqoancicaccs R.aciooem aliquam inccr fe habere dicancur , vt 
nootaott!imeiu(Hem fim generis (quod deiiDicionei. iam ftatuerat 
Gcomecra) fed eciam, nfi nmU^lieMU fife mutuo frperMre fcjftnf. Cxim 
crgofinitaqoantitas,qoaconqtKcontinu4 & fiicceffiu^mutciplicatio*' 
ne inital , qoamitacem eiuiclcm gcneris infinicam adatqiiarc nunquam 
poflic; ex eoconcluderelicet inter huiufmodi quanricates finicam 6c 
infinicam»6c fi fiut generis eiu(clem,Ratiooem intercedcre nuilam 
poire. 

Probacur fecundo eadem PropofiEio. Si quancicas finita ad alteratn . 
infinitam habcrcc Racionem aliquam : eam Raiionem efle,aut Irra- 
iionalem oporterer. AtneutracfTe poteft. Cum enim omnis racio* 
nalis Racio rcperiri tantum poniit inccr quantitatcs coramcnrurabilcs». 
quac fehabent vt njmerus ad numerum per Prop. 5. lib. 10. Elero. 
quantitatis auteminfiaitxpertiumnullus pofTitftatui numcrus (nullus 
cnim crcatur numerus nifi pcr continuam vnitatum Additionemjqux, 
n vnitaces flierinc muicitudinc infinitas pcrcurrcndae,abrolui nunquatn 
poteft ) patct Rationem illam non poflccflc Rationalcm. Sed ncque 
Irrationalis efle poteft. Ea enim reperitur inter duas quantitatcs in- 
commcnfurabiles. Ac poceft quidpiam cx cacum altcra dccrahi , vel 
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alceri quidpum addi i Itavt vel reliqua, vclcon(laca»€ata]ceri qoao-* 
dcacicommenrarsibilis, 6c ica fe liabeac ad alceram , vt numerus ad 
oumenim. Quodciimiufit jex quamicacc finita quidpiam decra- 
liacur>vcfiacintinicxcommenrurabiiis :cunc Ratio (inici ad inBmtam 
darecur»quxR.acionaIis foret,Quod iam reiedum eft. Cum ergo 
finicas quantitas ad ibfiaicam Racionem haberenonpoffic^vcl Racio* 
nalem , vei Irrationalem » nullaque Ratiodari po(Gc , quae vel raciona- 
lic non fic , vel Irrationalis : (equitur Racionem nuUam e0e pofle incer 

- finicum & infinicum. Quod erac probandum. 

Obijcies. CumProporicioneancecedcnccdiftumfit fpatium hy- 
pcrbolicum dari pofTc finc fine protcnfiim : quod acquale fit Parallclo- 
grammo D C i quod ad aliud rcdilincum Rationem habcre potcft: 

' An infinitumad illud etiam non habiturum eft Racionem ? Refpon- 
deturfpatium quidem illudhypcrbolicum infinite protenfum Ratio- 
ncm habere ad aliud quodcumque finitis cerminis circumfcripcum pla- 

• num,nonfccusquamParallclogrammumC D fuperioris lchematis 
fpatio illi hyperbolico xquale : longitudinem tamen illius , qna; infini- 
lacft, adlongitndinem vcl Parallclogrammi CD,vcI altcrius cuiu- 
fcunqucplani ccmiinati , Rationem non habcrc. Debct cnim longi- 
tudocum longitudinc , & planumcum plano comparari, cumquanci- 
tatcs, vc Rationcm intcr (e habcre dicancur>.debcaDC eile ciufdem ge* 
ncris pcr defiQic.j . lib.5 . £lcm. 

PROPOSITIO 111. Thicrma.. 

NOa cancum inter finicam & tnfiniram quanticateinnal- 
la poceft^vc proxime oftenfum eft,Ratio inrcrccdcrc-.fcd 
. ncqucinter finicasijuafdam,aliafquc uem finitas quancitatcs. 

Demonfiratio, 

Illas quidem folai quanticaces , qux fint etufdenr geDeri& ,decemic 
EucIidesdcfinic.j.lib.^.Rationisinccrfe capaccscfTc : non camencas 
omnes huiufmodi , Rationcm admiiterc dcclarat dcfinic.5 . dum vuJc» 
vc vna fa:pius mulciplicaca alceram fuperare poGlt : qu4 quidem adht* 
bicacautionc , Rationis lurc carcre ccrtum eft duas quanciutes , qua^ 
rum vna finica fic , alccra infinita : Scdprxtcrca alias defignac quami- 
uccs,quac finicjecumfintsnulbmtamcn Rationem intcr fc habcrc 
polfunt : cuiufinodl tunc cxv irjcum vnafrcpius rcpciiti, alccram adx- 
<}uace noD poccric Quas rc^ "iri poiTc facis dcclarac Gcometra ,d u m 
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dlam mulcipilcadonem,vc cci cifnimimRacionisincer quanclcatcsimer- 
ccdentis ngnam, afTcricetle :cuius haudquaquam memioQem vllam 
feciflet} fipeream folgs quaDdcates deiigiia&tsquarum vna finica 
- . fbrec, alcera infinita : clarius enim eas ta cerminis , vt promptum erat^ 
exprcflldec. Voluic ergo praccer finicse quancicacis ad iniinicam, eciam 
finicse ad finicam, iiabicudinem e^ definicione cicata compledt. Quar- 
namautem Ancquancitateseiusgcnerisfinic£,vcvnaadalceram Ka« 
tionem habcre nequeat , non alias ab Incerprccibus adduci compcriesr 
quamcontingcnciac Angulosad Angulos Re^flilineos , vcl alios quol- 
dam mixcos , comparacos. Dc quibusprolixiordcinccps habcnda cfi: 
difpucacio. Nunc iuccrimcertum ac ftacucum fic dari finicam quan« 
citacem , auc ( fi iiiinus placec Angulos, quancicaccs appellarc ) quanci- 
cacis iure potienccm : qux ad aliam ciufdcm gcncris quantitatcm fini- 
camcxmcntc Geomccrsc ,ciufquc Incerprccibus Racioncm habcre 
non poITic, vchac PropoficioncalTcrcum eft. Qua: cunc euidcnciLis 
conftabic , ciim ipfas eiusgcncris quancitaces inferius exhibcbuncur. 

ObijcicP. Aynfcom Prop. 4. Capicis i.de nacura racionum in Re- 
fbonfionc ad Amicum , qucm vocac, Gcometram : cuius nomcn in- 
ftriusinPrim.i ,quam exponit ,circuli Quadracura pag, 5)0. nonfinc 
mericiffima commendacione prodic : lllum enim amicum Geomecram, 
non alium cfiTemihi confticitex IpfiufinccLiccrisquim qucm vocat 

P. loamem Baptiflam Giattinum ^viritm in Philofophieis^Theoiogtcis 
folide doifum:LatindyGrjecaiHdhr4i^^»AnMc£.UtfrsHird bene feri- 
Hm i in fubtilitatibw MathemMtkit uitiMiffmiim. Cui encomio co li- 
beaciibfubrcribo,qu6plura&eaidencioraabeodem edica fmt ha- 
lumomniuminngniumfacblcactimfpecimiDa. InKelpoDfioDeigicur ' 
dcIobieftionemquandam^tantoTiro qqoad Aogulos concingeotiae: ^ 
propoficam : haec habec P. Ajnfcom ,qos com bac Propo&tiooe 
mea oon facis conuenire videncur. Inquic enim. *S»fftm , imter hnu 
. magnituJmesiUiqumH efe RMfieitem, idem ejje m dudemiigmtiidiiies feems- 
dum quMstitMtem poffe compdrdri : Rmfiim iSdS mdffiit«diiies feemidSm 
^ihmtitMtem pojfe compdfdri^de fMihmdicifotefikdemmer^MMtmmer eft 
$UA:vndetottJe^uem efi , magnitmdinesittdsinxtMiefn,^, Ub.^ .tdcl, einf» 
$t»di effe , vtviM MUqi^ties fumptd pojfit diterMm dqudre , vei fuperMre, 
, Ac ioquam Ego booi cum caoci Geomecrx veoi^ , fi inter d uas ma- 
gnicodinesanquam efle Racion^ tdemeft,acduas magnicudines fecun- 
dum quancicaceffl po0ecomjparari;Td c(l,yt lp/emecexponic,dequibus 
dici poceft ; Hxcmaior,aokmioor eft illajvnde neceflah^feqoaturCvc 
Idemcolijgit)vcTnajiliquotiesfiimpcapoflic alceram xquare vel ru- 

peipfc. 



1^4 Lib.lLDejin^uhcohtniginiU. 

{>crare. Si , Inquaixi hsc ita fe habeaot Quaero Quorfam EucUes 
poflquam definicj. RatioDemdefiaiuifleceile habitudiiiem duanim • 
magDitudinum eiu(clan generisiecuDd^ quaoticacem , hoc eft , fe- 
caiMiim quod voa maior eft » aoc minor alter^ , anc ei ^equaUs \ vnde 
coDiequcDS eflec , vc vna aliquoties (umpca «quare vel fuperare alie. 
ram po(Iec,vc vulcP. AynfcomtquinciiUam definicionem adiunxifler» 
quldedararec, quxnamdux quantitaceseiufclemgeoeris Racionem 
inter fe habere pofient i eafque fblum pconundata Rationis abcaius 
mntuxeile capaces ) quibos eacondicio conueniret , vc vna altquoties 
fiimpca altcram pofiectequare, vei •fiipetare?Nunquid duarum quj^ 
rumiibecquancicacam proponcarum vna auc minor alcera, autei aequa- 
lisefle poteft ? Atqueadebiuxcafeucenciam & expofitionem Patris 
AynlconiDUDquidearam vna aliquoties fumpca alfieram poteft vel 
aequare, velfiiperare ? Neigicur Geometricx PaieDtemdefioitioneai 
illamquincamdcfinicionitercixperperam (quine fyllabam quideni 
perperamtradidiileeft vuquam oDferaacas) apporuide cen(camus\ 
dicendum eft aliud e{Ie,duas magnicudines generis eiu(ciem pofle 
comparari fecundum quancicacem , (lue fccundum exccflum & defc- 
6kum , aliud , vnamaliquotiesfLimpcamalceram f)o(Ic xquare, vel fu- 
pcrare , acque adco habere inter le Rationem. Polfunc fciliccc duas 
quantitatcseiufdcmgeneris fccundiim quanticatem ,hoc cft , fccun- 
dum maius & minuscomparari, ncquccamenRationem habere in- 
ter fe : ncceirarium quidem eft , vt dux magnitudincs Racionem intcr 
fe habeancaliquam , vc finceiufdem gcneris , & fccundum quantita- 
ccm , hoc cft , (ccundum maius & minus, aucxqualccompaientur,vt 
cxponlc definicio j.non ftatimtamcn vtconftitcritduas magnicudiDes 
icacomparari poflc, vnamquealtcra aucmaiorem, aut minorem dicij 
conftabiceas Rationcin aliquam haberc , nifi eciam conrietiuxtadefi- 
nitlonem quintam vnam aliquocies fumpcam xquare, vel fupcrare 
polTe alceram. Ec vero Quis fiue P. Aynfcom , fiue Alius ncgare po- 
teftquancicacemfinicamminorem effc quanticace infinita,vcl hanc 
illamaiorem j nuUam camen incereasquantitaces Racionem incerelle 
iacentur omnes. Quare ne fupponac laudacus Auchor Amms 
ffttiMihies MH^MMm hftbere RAfmem , idem effe mc iMMS mMffUtMdiMes 
femfdMm fMmaitMtem pojfe compArarf , fue fecimdiMm exte^km d' 
iefeStMm \ fMo vmm McMtMr MiMior mms tWMr MiterM $ vnie eemfeipiM-' 
tMrnmffdtMiiMes UUs smxsm iefaf' 5 • A^. 5. tMUs ejfe vt vmm MUqHoties 
fumptM MlterMmpejfU dqMart, '■jcl fuferMfe* Id eoim & ab Eudidis men- 
ce^eiufjuc Incerpretomomniomydc iver6 aiieniltimum eft; tc ex 

diais 
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pacec , dicdQdifqitc p^CBbic JCertam icaqoe iix^mque fi^i Incer 
dujis qvafuisquancicaces finitas<iipn fempcr iiupefoedere Raiiaiieiiik^ - 

' . PROPpSlTlO iV. Difinmo. . . 

PLanus Angulus cdduarum linearumin plano fc m^mb 
Eangcncium, flc non in dirc^m iaccnuum alcerius ad 
akeramincluiaiio. 

HaBCcftipGunecabEuctideAnguHplani aUacadelmHio lib. i. de- 
fin. 8. huc afiumpca , vcpoce concinens fiicnraB ira&tionis liindar 
Bl c n H jm. Duanimergo coluicunque generis Imearum in plano ad 
▼numaliquodpiloftom concuRentiom Indinacip, Angulus i Geo- 
mecra >«iu((|oe Incerprccibis appeilasor. Itaqsc fiue diue luDcae re- 

noo ia d||i9dom ^o&cm ad vnom ponftum conuenianc \ fiue duae 
ciinne,fiueconia & re&ai fibi mutu6 in poofto qoomodoconque 
fommictantnr (eaut cangendo aQcfecandb : Ai^um verum & pro-' 
pri^dtdiimex meoteEudidis, caeteroribique oominis alicuiusGeo- 
mecrarum conftituunc > vc ex lods eios aliquoc ^tl^ lice c obferuaie. 
Nam Idem defimcp. lib. i . quafi duo genera Angulorum diftinguens, 

poftftatoiamAnguUdefiniciociem, pi^oi^u^c^^c ^ftgflfr» Rfciilhtimih 

illumiffffmH&itMmm continetmrn . 
Quemergo curuiIineum(fieode- 
inccps perind^ cguiiTec , vc Redi- 
li neo) diL^urus crac , niH cum, qui 
curuis lincis conftitueretus ? Dc- 
inde ,n6nnccclebri illa Propofi- 
tione 1 6. Libri 3 . linc^e recHi^c cura 
circul ari concurfum , A ngu 1 iim vo- 
caricjualis cft in appofico fcliematc 
concurfus pcripheriae C L B, & rc- 
dlxlineac .\B ipfam pcriphcriam 
in B tangentis ? Qualis item cft 
concurCus-eiurdcm pcripheriac C 
L B cum circuli diamecro B G : 
quem vocatfcmicirculi Angulumj qui fpccies cft Anguli fegmenci, 
qoem defiad.iib«i. dcfinicrat eum ciTe , qui fub red^ Uuea £c circuii 
i.. . • ' _ Y pcriphe 



Digitized by Google 




1 6 6 Lib. 1 1. T>t Angtdo contingenti^ 

periphcria comprehcndicur : cuius alias fpecie!» nominat Prop. ^tr 
Lib.^.dum aic Angulum maioris fcgmcnti (fcgmcnti (cilicct maioris 
lemicirculo)qualis eft angulus C B V S, rcda C B, & peripheria B V^S 
conicncus, maiotefnefleAngulufedo : Angulum vcr6 iegmenti mU 
noris , vc Angulum eadeai.red£ C B , £c arca C L &c<miprehcnruin,, 
Angulo refto minoremaflerit. 

. Exhis habes quid Geomecriaetum Parens ram^CdoMtyie Angi»- 
lo plano definierint. Vnus ab his deibiicerc yifus ed P^ecariu^ \ 4]i|i 
conta^bus A ngulum , quem icilioet linea reda A B cum arcu C L 
fluem tangic in fi,comprehendit{non Angulum^ fed' nihilum tSk 
tomniauic > & (kabilire conatus e(l. Sed pro co ac mctebantar » hiiioA 
modi fomnia 4 clauiodauianiy hoc eft , maturil , folid^que cenrudi 4 
veni Geometrisi flacutis expun^la pridem fuere. Ex eo camen,qu6(f 
mirere,non-nemo Acadcmia^Oxonienfis Mathe(eesPro(fclfi>r noir 
fmpcricusValliGusPclctarianarumhaUucinacioRum patrQcininm fa- 
A:cpit : fed hinc non abfccdcrousquin euidcncer pateac , qiiam prc* 
ftet tucam crit^mque ^ Maionbusfcritacis viam inceder«,nou^qu6' 
per abrupca non centarc. 

Eftointcrim^ccrtum & conftirutum, Euclidcm hac Libri j-. dcfim*' 
tioneS. nontantum Angulumduabus rciflislincis in plano cocunti- 
busconftantcm volnilTe complciflij fed eciam Anguliim quemhbec, 
qucm rc(!\;alinca periphcricE circuli quouis modocccurrcns , fiuerani- 
gac , fiue feccc , comprehcndic. Notum icem cfto , ac definicum om- 
ncs Gcomctrastum Antiquostum Rccenciorcs vcritaiis & obfcfuan- 
liaEgraciaEuclidisfentcntixfubfct ipfiire. Quanquam Vallifius ( quo- 
dudus ftudio , mc latcc , Ipfe vidcrit ) aflcrcre non dubitaric ad calccra 
Capicis 1. Difquifitionis dc Angulo conta<5lus , Recentiorum aliq/tot 
ma^nosviros , (jr exveUribm fortajfe mnnullos de ^ngulo conta^M it» 
lociitos effe , ac fi haberet AngHli cfuantitatem adeoque de Jnguio Jemicir' 
culi tnnjuarn mtnor/ yi^nkmfu Angulu6JreSiHsreiiilintm. Sfd Argitmentis 
hac in re , inquit , MgenAmmtfi-nm A»tbm$M$ihm* 

QuiscxAnciquisyYallin ,<)uis ex Recentinribus 'pnecer Peleta- 
rium iilum Cliencem tunm } quorum copiatum horom , cum iQoirum 
tanca eft , cantlque Euclidem Intecpretandi ^coltasri de Angulocon- 
taftuS) fiLcitculircgmentoramalitecqu^ipfemetEudides ]ocutas< 
f ft 9 Quis indubiumreuocaoic,qux de eoab Eijclidefui(Icnt- con(H- 
«ita? Aquo'de eodem vel minima efl; iniu di(beptacio ? Vc dixeri^ 
. jlececiciorum aliquot , nonnull6(que Antiquoramuotum, nonauienr 
«mnescomfiuclide&renfifle* Sclocacos^ neqoe ftandom eomtn- 

Aathaffi. 
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AtididdCad»ifidipfisrotisArgufflemis&RaaoDibas. QojeDatiii fim . 
iHftianu ponderis Argumcnca cua : quibus , vc midbfa^o Euclide» 
eiorque cokoribus » Pde^ario ftuderes , perruafuses i expeodecor ia 
ieqiiennbus. Adquxpergo. 

PaOPOSlTIO V. Prmif mm. 

NVlins Angulus vcra c(l Qoancicacis fpccics : vcrx tamcn 
qiiancitatisfiiculcaces Anguliocnncsfibivendicaoc. 

Exfofitio. 

Qhm Angulus quflibec C\i duarum lioearum coeundum Indioa* 
. cio > quz Inclinacio aliud non e(l , quam quidam alcerius ad alteraqi 
ilcus, &comporicio : factspacec Angulum ad Quancicncem non per- 
cinerc , fed ad ficum : auc cciam , fi magis lubcacr ad qualicacem : c6 

quoddo3cqu3ccunqucliocxfcfeiopun»5oconcurrcntcsiniciumqiiod- 
dam finc figurac 3 8c vcr6 inccrccpcam fupcrficiem ita , aLir ita modifi- 
ccnc , auc figurcnt : figura aoccm quaclibec > non ad quantitaccni j fed 
ad Qualitatis genuspcrtinec. Eftcrgo Angukis non Ciuanciras, fed 
Quantitatis quidam cantunimodus,ArcctiamLib.i. Prop.a^. Exami- 
nisQuadiag. expofui. • 

Accamcn. Quamuis Angulusnullus ad Quantitatis gcnus pertine- 
rc nullo modo pofTit r non idco dcbet omni faculcatc i qua; quantitatis • 
propria fit,cique primari6conucniat,priuari i ccdem iure , ne dicam 
pociori ,quo alia Encia non pauca illam iibi vindicant quafi iibi cum 
Quamicate comxsunem > vciufiipianc magis & minus Kjuod quan- 
dcaccabeflenon poceft. Sic eotm mocus , (ic cempus , (k relaciones 
t|4]aBdam, Hc qualicaces^tion paucae magis 8( miniks laici pere natfefunf; 
QuoddixiadAoguIospociori iure percinere propcer maius ipforum 
ciKn veniQuanticace commercium. Ipforum cnim quancicas { falceni 
KioAilioeorunioninlum ) pcrveramqoancicateai ,arcusrcilicct circu^ 
fbrufn tmiifuracar. Eorondem macerialejina» videlicet Anguluni 
cpnlHcoentes , ven c A quantius. No» minor eorum Ratto in Geo^ 
iMCri^quimtiBeaftMiliaiiieripotedj nec mtniis eft corum coenitin* ' 
«eoefiajfa , 'qu^m eo^contlncntium linearum. Quac cum pcr te pa-> . 
«eanti etiam pcrfeeonftac Angulos verx quantitatis Facultates (ibi 
^rindicare , quarum^Mmtemplatio ad Geomccriam fpeAec • 

Ob&raandoni pnrr^ eft.- '£cfi dixerim Angnlos omnes , cu i ufaia 
leMleec generis , Yeras quantitaiis facultaces fib! vindicaie^ haud ta- 
neii^KainKlUg6a4>BUfle^c^uil^ Angulus propiietates octm^ 

Y 1 quancj 
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. quantitatts (brtiri poflit : quibuiHam cnim othnes competent , non 

omncscompctentaliis. - Illucl quidem ccrtnm , Angulis omnibus , vt 
oftenfum cft, proprictatcm conucnircqua quantum quodlibet,qnan- 
to altero maius , vel minus, vcl ci arquale dici potcft. Qus quoffiodo 
coDtingant > contciDplandura eft. 

PROPOSITIO VI. Tbeorema. 

QVilibetAnguIus alium aliqucm iDcIudcre, vel ab co 
inciadi poccft^eoquc nomme dici codem maior, vel 
minor. 

Quod ad Angufdsquidem Reditineos pcrtinet: nifi tanquam Prin. 
cipium per (c notum admittatur Angulum rcdilineum , dici poile 
alterum item re^ilineain Angidiim imliidere ^ atque inclnd^ntem 
inclaib efle maioremtnon videb qaodnam Princtpium notum peic 
'% \n G«»mecrii reperiatar \ cum aKod nihil per lilad afleracur » 
quto totum e0e parte'maias > quo quid per ie enidemias 2 , 
cert^nemo vnasnon paffim ▼fas eft ha^fcenas Geometra Doft ' 
petrix Parencem , vt primo & tertio Elemencoram > 9t alias vbiqucy 
qubties pcciirrit Angulus per reftam lineam diuifos » obferuare eft « 
cbjcicsenim Angulum dianum maforem c(Te vtrouis per diuifioncm ' 
£ufto Angulo lanquam cotani parte» ablqae ali^ piqbacione fup- 
ponic 

Nec mthi admodum probari potcft Patris Aynfcom iefltemta^ 
eap. 1. Prop.4.Q,uac(V4. dc Nat.Rationum afiercncis ita ompem^uatH 
titatisrationcmab Anguloquouisrc(^ilineoalienam eilef t^f tomf^» 
rMrihaerfeftjamdmmexceJfuin <^ iefeSium mvA nieit ftjfm^^mf frp^ 
fft/f t ^lnquit ytermhMti vei terminsitles per eommunem menfiiriim% |m# 
eji arcus circulMrie. y»de,cum Buc/ides, cater^ue Gemetrd Augu/um vnmttB 
fe£/i/ineum m/noremmaior/mue dicunt u/teromihiialiud vo/unt^c^ukm A»r 
^^ulumvnum-imMoremvelminoremintercipere arcum circuH ,qunm nU^i^ 
in eodemcircuio intercipint. Mihi inquam, non probatur hxc fcntcn- 
tia. Ncqucenim Aneulorum mcnfura communis cfle potcft,arciis 
circularis j cum mcnmram omnem mcnfurato homogcncam cfle ne- 
ccflcfit: vt Angulusnon nifi Angulo, 8c arcus non nifi arcu,& It- 
nea reela rcda iccm linca menfurctur : omnis /iquidem mcnfurati^ 
nifi pcr mcAfurx afplicationcminftituti poceft* At , qu^ harc 

Applicauo 
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ApplicttiodUbluarur , fi hoierogeiiea aflitmatar mctircuA? Deinde, 
cmn Eudklct pafflm dcacis lods concladit Aflgalom qaempiam re^i- 
Jineom alieri Angi^ reftilineo, xqualem cfle , auc eodem maiorcm, 
Tclminorero. An oftendic (oftendcrc nece^Gurium erac)arcus ab 
his AnguUs incercepcos-aeqaales e{Ie»>el vnum alcero maioremeile» 
vel minorem} Citm ne arcuum qaidem vfpiam meocibnem faciat, . 
red4nc|udencistaot6m& ioclufi Anguli:ex qui inclufione culliga- 
mr capquamcx Principio per fe noco vnum altcro t& mtiorom. 
. Dcniquc» YCjeuidcnti(rime cpndcc ex Eudide, Angulos redilif 

* ncos nonarcubuSyied AnguUs cioidem racionis menrurari debaej 
colqtte tnter (c , non ractone accvum » quos imercipiunc > fcd ratiootf 
fux propriat cxcenfipnis s coroparari : perpcndacur Propofido 35; 
Lib.6.£iem.quxi^ahabet. In MquMlihm circulis A»gmii CAndem hAhent 
JUUi^nm cHm perfpheriis , quikm.infijltmt ,fi,ne eetttrs fine ad ferifhe* 
fimcenfiitntiinfifiAnt: Inlupcr vcro drfefiores yqniPpequiMdfemrsctm» 
fifiunt.Qcxti\s igitur vc Gcometra tam Angulos,quam fciflorcs candem 
Rationcmhabcrc dicat,quam babent arcus > quibus infiftuntincc 
vllam ftatuat quoad Rationem , fiue mutuam comparaiioncm , inter * 
Angulos & Sedorcsdifcrcpantiam. Qucmadmodum ergo Arcus,qui- 
bus (ciflorcs conftituuntur , non funt (c<3;orum menfiira , fcd indicanc 
tanium qgacnam fic Scflorum inter (c Ratio ; ita ctiam cx mcnte Eu- 
clidis iidcmarcus mcnfijranon funtcommunisAngulorum j fed can- 
dcmcum Angulis Rationcm habcrc dicuntur,fiue eandem rccun* 
diim quaotitacem habicudincm : ica vt,Iiccc Anguli, non perindc 

■ TtfcAorcsjfint vcraequantitatcb ( funtcnim fedores planxfupcrficics 
ad fccundum quantitatis genus percincntcs ) fcd quancitatis facultatcs 
obcincant , vt iupra dcclaratum eft 5 non minus camen Rationem ha- ' 
beaoc intcr fe,quam fcdores.ipfi j & polCcAnguIusquiiibec redi- 
Sacus , ad Aagulumalcfcrom lcemiiedilineum comparari non tanciim 
l^a^OGediim 6c defe^m genericom , Hue maius U roinosi ied 
cclamqooad.talem 9dtakp(i*£edficum exce(Iuro,Tel ddetemrtii 
jono ila^bnis eflcana imer duas quamitates ciuldem gencris cook 

Vis aliod fapcr bac re Eaclidis teftimoniam.apcnios-rConfble 
Pj^pofiltooeiPBio* Ub- 3' Elem. In qod Geometra modum tradk 
4aiEaQ^j^fplieriambi£ui^ap(ecandi« .Diloes euidentcr ex dcmon^ 
jtrarionetquam.fnxconftruciionisaflecc^qti^mab ca fcntcntia alic- 
.fi|l*-JitiTt1!elit An^los intcr fc coroparari noo pofTe fi:cundum fcifed - 

lyyyi^jlllf #fflfj|j^5qtMA pgyjph«4gyqttihMS infiftunt^fuwt intgrfe rotn^ 

' Y 3 , parabilc» 
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p;ir<Lb les. DcmoDftratetitm dftcam pcriphetiam efledaasui partet 
jcquates reft^ diaifam i e^ qu^d A agali duo aDqaates ( nempe redi > 
ad medium chordsB datam Deripheriam fubcendeiitis pundum pcr 
^nftrudionem eonftituti unt. Cauraergoaequalt.catis duorum ar- 
cuum , inqtiosdiui(aeftdaca peripberiai eft ipfa Angulortim xquali. 
tas , ac proinde prior omni arcaum squalitate. Vt ver^ per (c • nulla 
arcaumhabitirailSoae,ang^t dm-dicique dcbeanc xqualcs ab eo, 
qui no(itGeom«trixParencemalicuias{quod abfic, vc abfiiic hade* 
nus j ofcitanttaeaccurare : idem eoim per idcm altoquiadicerecur. 
- Stacucam er go fixumqae Oc non miii^aogo]os« quim arcus ipter 
iecomparari pofTe , efto pcr arcas eorum quanticas menfiirari queacs 
ade6qae Angulorum redilincorum alios aliis eife matorcs, aliofque ia 
aKis, ftiinoreslaiaaior^s includi poHe. Quod cum de Angulis re- 
. idilineis probacum (it ,cooftac quidde curuilineis , mixrilque Angu lis 
(cum non minu5 , quam rcdilinci finc duarum linearum inclinatio > 
^'^endiim iic. Nihilomini^ fuper Jaiac r.e Geomctram confuUmus. 

Vndc probacEuclidcsProb. i^. 
Lib. 3. Angukim fcmicirculi C L 
BGin Superiori Diagrammatc 
maiorcm efle omni Angulo acuto, 
nifi cx co , cjuod Angulus fcmi- 
circuliomnem Augulum acutum 
rciflilineum amplcdicLir , & inclu^.. 
dic ? Vndc Angulum contuigcfi» 
tiaeC L B A omni acuto redilineo 
e0e minorem,niriquia omnis aco- 
cas reAtlineus Anguitts ilibmcofi* 
ctnec ? Proponcione aucem 5 j «eia^.- 
dem Lib. 3 . Vnde coodadic Aci«: 
gulamC B VS maioris iegmemi 
flnaiqccm e0e Acigalo rcao CB^S , oi/i quiar hic ab illo iiichjdicarf 
concra ver6 AngulumS B V S minorisfegniciicifedoAagaloefle mt- 
isorem j nifi quiarcaus Angulus GBR Aogubm illum minocis {9* 
gmcntriiicra ie compie^icur? 

Paietergo quam vcrum fit Gcomecram^eiaique Interpreces om- 
acs(omnes cnimica ^iinc ioca citata intcrprctati ) afiercre Angulos 
Angulis aliis elTc maiores , 6c alifl^ ab aliis contineri, includique pode-. 
ac proindeintcr fc fecundijuii quanticace,hoc eft,fecoodu cxcc{rum,fic 
«Lp^^G po(Iec6parariX^^ otliiiiuc^cPjnpctficiolickdcAiigulof 0 
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ibUi conriDcncii meDcioDCffl iaciac, ciUD £x ea nece (raria|confequator 
iuxtaftylum Eudidiamim > cxceffiiseonim, ▼eldefedlus ad inutCQBii. 
Kecaudiendi videncur Pelecarius , eiufque faucor Vallidds cap.x. ' 

. ^aede AngLilo concadbus difquincionis. Dum afreruni nihit mirum,fi 
.Euclides Propofitione iilacclcbri i ^.Lib.j.dixeric Angulurti contadus 
roinorem eflc omniAngulo acuto rcdilinco:ciim Angulus ille,necAn- 
gulus fK,nccquantus. Necaliccr, inquic VallifiuSjIcnfiire Euclidcm ex 
JEucIidc colligi poceft. Ac verba ipla PropofitionibC)uxfo,Vallifi,reciia. 
SemicircuU qutdcm Anguln^s e[uoNis Angulo atuto rc^iiineo mator e(}. Pcr- 
^,rcltquw autcmy quis relicjuus ? Equus Troianus? Mtemi 
Angulus contacflus , minor. Ergoex Euclide Angulus concadus , An- • 
gulus cft ) lc quia cx eodem minor eft quouis acuco Angulorccliiincoi 
cx eodcm quoque quantus eft , non autcm nihil : abfurdiffima cnim 
fbrec,& a^fummo viroalicniffimacomparacio : qua duorum Angulo- 
rum vnum, qucmquantumfupponerct,alccro qui nihil rcalc forct, 
maiorcm airerercc , ac nihilo maiorem pronunciarec. Non crac , mihi 
ercde, dialedices Prxcepcorum cam neic}iismagnus£uclides,vc igno- 
rarecTociusdiuiiionemioirinonpo0e nifi in pacces praeexiftences» 
«oc^que Furfos apcas confticuere. Ac Tocum» vc in d^agBunitutce 
Ivperiori angulum reAom A D-G« (»diuidas inTocuoi, nempe Angu^ 
kim fermicirculi C LB G ( bic enim ex vallifioaequaliseft Ajigulo ip(t 
fle^AB'G;&innihilum,nempe Angulumoonca^usCLBA:<)uid . 
abfucdiusoomoHtci poceil?ni(i knh hocipfum dicas,vcdicic Vallifius»* 
ab Eudide c6mifliini.Verum bicdehis racis,quc pluribus ^ Clauio cd-* 

^ iraPeletatMipciliodofoh^ percradaca-reperies. 

, Nececiamciiiiitiii£»f>la^ec^ quod afferic P. Aynicom. cap.t. Pvop^i 
^Nacurii Racionum. ' NimirMmEuUidcm yMm Mrj^cifhii Angm- 
bmCL S Gmaiorcmeffe qtmk Mctfto reSiilineo 4g^jjitbhiVt L BG i rcli- 
qiumvcro AngMium contaSim CLB A qucuis acutontinefem: niliii tUiud - 

, ''veiit^eiftkiffitodfmreFref^tionis ciufdcm 1 6. Lih. y. farie affcruetat: 
Wi0fe , qitod inier emiingentem A B pcripfjcriam CLBm nuilM reSs 
cmderefojfitiqi^ncircnlumfccct. Hoc auccm idco aflcric laudacus Au-fc 
^or , vc occurrac obicdioni ,quamfieri pofic, nccfincfundamcntoi 
arbicrabatur. Nimirum , cum Euclidcs comparct (ecundum quancica- 
tcm Angulnm femicirculi , H angulum contingcntix cum Angulo rc- 
^lilinco acutoi hunccnim Angulo fcmicirculi mmorcm,angulo autcm 
concingentiac maiorem pronunciat : qux comparatio eft fccundum 
maius& minus ,quod cft proprium quantltaiis. Ergo contra quam 
j^c cumP.Xaxcgoriofcmiac^^ngydixamrediiinei • quam mixri , fc 

. . . ' . • . micircuii,> 
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micircnli,&; contaclusjfuni quanti ex mente Euclidis. Huic,ia. 
quam,obieclioni vtoccurrat , aflcruitfccuDclam parcem Proponcio. 
Dis , qua aic Geomctra AOgulum contsiftus C L B A inichcmace, cile 
miuorem omni aneulo rediUneo » a prima parce ciufcfom Propoficio- 
nis non efle diuenato *. edmque uncum velle imer tangcncem A Bi 
& peripheriam C L B » reftam Uoeam ad pundum B doci iion poie. 

At cancorum Gcometrarum bodi cum ventd dicanl Rc^oolio* 
Aem hanc admitd vixjpofle. Npnpoire,tDquam>admitci frirnndam 
partemPropofitionisiuius i6.Lib.}.eflecx mente Euclidii eandcm 
cum prior& Cilim eoim Eudides to fecundil parce lofem AOgniom 
concadus minorem ede quouit Angnk» acuto reftiHneo » exeo , qu^ 
in priorepatte oftenfum effet inter contingcmcm A B & periphcriam 
C L Bdnci nullam pofle redam lideam ad punAum B > quin diculum^ 
• iecet(lioc enim Argumcnco probat primam iUam parte)cx quodeinde 
perrecdnfequacorquemuis Angulum acutum,vt L B A>includere,fioe 
excedcre Ai^pliimcootadusCLBA, (iue,quod idcmed^hunciemper 
cflc illomiiiorem:fi.huQcfempere(reiilo minora(quze(l iccunda pan 
Propontionis.qux infcrcur) idcmforcc, ac nullam poITe refbam lincam 
duci ad coutafkum B intcr cangentcm A B, & pcriphcriam C L B, fiuc 
<]uamcunqucdudamlincaminfra lincam tangentem AB,circuIum 
lecare 5 nonne nugatoria videretur Illatio illa ? Inferreturenim nullam . 
duci pofleredamlineam tangence AB tnferiorcm ad conta^um B, 
quin circulum fccet i ex eo quod nulla duci potcft rcd:a linca tangen- 
tc ABinfcriorad contadum B ,quin circulum fecet. Re£be auccm 
iufertur AngulumcontadusC L B A quouis acuto Augulo rcdilineo 
LB A eflTc minorem j ex eo quod nuUareda linca L B inter tangcn- 
tcm A B , & pcriphcriam C L B ad contadlum B duci poflit , quin cir- 
culumfccct, fluc Angulum conftituat rcdilineum, Angulum conra- 
£busC LB A includentem , flue Angulo conca^us maiorcm. 

Ac inftat citaco loco P. Ay afcom. Cum in fccunda parce Propofi^ 
nh afieritEudidesAngulumcontadus quouis Angulo act^co rcdiii. 
neo e&minorem : ttaincelligi non poccft, vc duosiilos A^gulos, Re- 
^lineum 6c concados « (ecoodiim quancitateni oom^aret. Hxc 
enim oomparario exigic commuoem aliquam ▼triu^qoe mcnfunim 
fecuod^m quam polfit iniri comparatio : Sed nulb eft io Geometri^ 
commoflismenfuraimerAiigulos ReAilineos«8c mtxcilioeosicrgo 
necvUom fuodameacom eos inter ie comparandi. Ctso^ ^un ict 
iir I dUo io (ecoodi partePcopoficionis iuafe Eiiclides ^etit a ngulu» 
coniadusquoo y a coP Ai^o ledyineo tSkaimsimanotm omqg • 
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xngulos Ulos (ecundiim qaanthatems iiuefecQndto maius 6c minus 
Goniparandifundamencocarea,t>aUo aliqubfenfudcbetimelligi, iuxca 
qiiemnullamcompariiioiiemintereosAagQlosfecoaiito maiiis 6c 
mi An» fieri nece£& fit. At nullus apcior (eniiis occurrit , quim yt AX- 
caturEuclides, cftnlafleruitiii (ecund^ part^ Pro^firioa^s (emldr- 
culi Angulum quoujs Ansufd acnm ledilideo tSt iiiatoreni^liqaoiil 
auteoi Angulumconta£w minorem} iiihil alittd Toliuflfeqa^io lo»- 
com inter reAam lineam A B tai^ntem fic pcripheriam G L B com- 
prehcnfumalteramreAam finesUilooncaderei vchabec pars prima 
Ptopofitionb. Hiaec eft tdtius l citaco AothonB initie rariocinattdnis 
ttCavis&quaoaexdi^lisfuperiikiiitfHogetepedi^ - 
^ Nam etn AQguIirediliiid»ft 

^•^JL mixtilinei omni pr^fiiscoilimoc^ ' 

menfura careanc { ntc proind^ 
poffinc inccr fc comparari iecuii' 
ditm vllam Racionem Hue Tzxlch ' 
nalem» fiueirrari60alemiadquath 
1- ddtnparatibnem neccfiarii e(l 
' ^ qtiaedani eiufdem gencris meofu' 
ra , quac vcriquc applicari poffic: 
vc per eam applicationem ( quac 
in Racionalibusprarcifa cft, in Ir.^ 
rationabus inadacquata y habicii- 
doeorum Anguloruminnote(catj 
quacipfameccftcorum Racio.Ta- 
men alia poteft eorum Angulorum attendi comparatio fccundum 
quancicatem , fiue fccundum maius & minus abfque omni prorfus 
menfuracommuni ,quaE vtrique quantitati , vduc vrrique homogc- 
nea, applicetur. luxta quam comparationem fccundLim maius & mi- 
nusingenere,dicetur Angnlus redilincus maior vel minor Angulo 
mixtilioeo. Eacamenmaioritas & mlnorltas gencrica ad Rationcm 
aliquam conftituendam non fufficici vc plurlbus Prop. 3. Superiori 
iuxta mentem Euclidis dcclaracum eft : fufficit camen, vc quancum 
aIiquodaItcroquancomaiusdicacur,vc quancum infinitum finito ma- 
iusreft^diciturjciimcamenincer infinicum 6c finicum nuila Racio 
poiEt t^rcedcre ) ficut nec vlla mcnfura yirique communis. 
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DVorumrccnicircoIonim fe(e inrerids tangencium Afi- 
guli func inajquales : maiorquc cft Angulus femicirculi 
maioris, minoris fcmicirculi Angulo. Ac Angulus conta6tus 
.«iatoris {emiqiraili minor cft Angulo concaOus minQCis. 

VemonJlrattQ, 

EH: hsc Propodtio prxcedcncis tancum corollarium : cuius veritas 
cx ipfa condrudione lola euadic manifcfla. Sinr ergo duo (emtcir- 
ouli G C B maior , 6c F D B minor feie in B cangentes > ad quod puQ- 
dum dirigitur per vtriufqa^cencram aftadiainecer pommuois GE. 
Quia igitur . Aogulus G £f L C m^oris femicircali* A ngulum F B 0*D 
•femidrculi mtnoris includiy : hocoonpoceftnooeflemaiorperProp. 
proxim^ anceccdeiitem- eciam conftat Angulum 'contaAi» 
CLB A maioris (emicicculi minorem efle Angulo comadus D O B A 
femicirculi minoris , hk enim iUum indudlc Duofriim eigo iemicir- 
culorum interiiis (efe cangemium &c Quod esac nftcndciiBdiifnr 

Haicme«Propofitionicocaconacnob(iftunt duo clariffimiGec^ 
mecraeP.Gregprius,eiu(que Imerpres P. Aynfcom. Quorum Ule 
Lib.8.operisGeom.quieftdeProport. incxplicacione Principij pri* 
'miconccndit nullum Angulumcuiufcunque generis vllo modo qnan» 
tum dici poiles mit.iimuladmictacur (quod abrurdifljmumeft)totum 
parci eiTe aequale , vode , inquic , Principia Geomecrica fc(e deftruc* 
renc : qu^ cum fint per (e notidima, omnis Angulis quibufcunque de- 
negandaeflQuancicacisRacio. QuomodoaucemadmiiH aliqua An- 
gulorum Quanticace fijcuram (it,vt Gcomatrica Principia , quibus 
nihil firmius , fefe dedruant , exponic probacione fane acuc^ , unc6* 
quc Geomctradigna. Verum Lib.i. Prop.iy. Exam. Quadrat. non 
. adeo ftabilicam declaraui , vt admittenda viderctur ,curus obic^ionis 
mex , eiufque probationisnc mentioncm quidem vllam fccic in {lia. 
Quadraturum dcduiflione P. AYnfcomcadco vt hoc cius filentium 
confenfus teftimonium non immerito vifum fuiiret : nifi dcnuo can- 
dem ipfe adduxilTct probationera quafi integram & inconcufTam; 
quaP. Gregorius vfus fuerat ad Abfurdum ilkid,cuius memini,cx 
admifTa Angulorum quantitate concludendutn. Quareego quam ci- 
taioloco£xaminisatcul^>huiusdi£cukaiisfolutiouem dcnuo rcpo- 
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nam non finenouacalicuius confirmationi>^cccffionc : vt , fi fas fue- 
ritjhaicde Angulorum Quantitate momcnti non lcuis controuerfia 
dirimatur. SiccrgoProp. y cap. i. de Nat. Rationum ratiocinatur 
iuxtamcntemP. Gregorij. 

Duo femicirculi fe tangant in B , in quo eofdcm tangat rec^a linca 
A B. Si igitAJr Anguli cenlenturquantitate aliqua prcditi jcrit Angu- 
lusfemicirculiC LB GmaiorAngulo minoris fcmicirculi D OBF} 
hiccnim in co includitur : quoeodcm iure Angulus conta£tus DO 
B A maior erit Angulo contaAus C L B A. Sed & Anguli illi auocon- 
tadus , & duo fcmicirculorum Anguli xquales oftenduntur hoc mo- 
do. Dluifa bifariam in C fcmicirciHi maioris peripheri^ ,ducatur rc- 
<la B D. Rurfus , diuifo arcu C B bifariam in L , ducatur rcdla B L, 
& fic tcrti6 , 6c deinceps diuifis bifariam arcubus , redx lineac per di- 
uifionum pundba apun<flo B emittantur : hae lincx , vt arcus bifariara 
diuifi fuere,itaAngulosre<aiIincos,quostangens A Bcum ilHs lincis 
continet,bifariamdiuidcnt} vtAngulum ABG bifariam diuidit re- 
a^aBCiatrcdtaBLbifariamrurfus diuidit Angulum ABC & ita 
(deinceps. 

His pofitis. Conftattam ex An- 
gulo femicirculi CLBG , quam 
cx Angulo fcmicirculi DOBF, 
demi Angulum C B G i qui ciira 
fit acqualis Angulo C B A , qui 
maior eft tam Angulo fegmcnti 
C LBCquam Angulo fegmeuti 
DOBD , vtpote includens in- 
clufi). Dempto Angulo C BG cx 
Angulis fcmicirculorum , dcmi- 
iurexii.splusquam dimidium. Et 
rurfus codem modo , fi dcmacur 
Angulus LBC{ qui arqualia eft 
A ngulo L B A}ex A ngulo fegmen- 
tiCLBC,&cx Angulo fcgmenti DOBDi plus quam dimidium 
cx vtroque demiturrcum dematur Angulus asqualis Angulo LBA» 
qni maior eft Angulis fegmentorum L B, O B reliquorum. Qux fub- 
tradio angulorum recbilineorum ex Angulis fegmcntorum per ar- 
cuum perpctuam bife(5lionem cum poflit in infinitum continuarj: 
conftat cx duobus fcmicirculorum propofitis Angulis C L B G , D O 
B F dcmi^poilc panes xquales in iDfinitum , non miDores dimidio 

Z i • Angulis 
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A ngu 1 i s fegr^Qtor^ (iogMloruiQ. £rgo per Propofitioncm i . qu am 
cap. X. de NaitV.riB.i** P. .^ynfcoro vc1m£ Corollarium Propofi- 
tlonis 1 1 tf. LiM 4. Oper. Gcomct. ^qualc^s.rpAt Anguii femicirculo- 
rumCLBG>D6BF. Quibos roblacis ey Aoguk redo A B G , 
(bqottur Aogulos etiam cbntaaus ABLC » ABOD effe scquales. 
Pom crgo fi APgulis Quantitatis ius aliquod coDocdacar , Anguii 

ioorum ioiequalium /eipicirculorumaBquales fint, vt projcim^ «mi- 
imefts Se f^iox9Jalcs,e6q|]6d Aoguliis m^joris (ei9iiciicali CL 
B'G.»inclfK)9t.Angulom9Q^F(emtdrF||ii9iiiH^ foiei ab» 

"fiirdiflHnui^i ^qi^iffiiiwa cctap cfle oeyDe^.d^iil^ * «odc liQjp |b« 
qutciur » A0leii^r^ iNmirti^n ^ngulos^qys^ 

Hl^ieftR9Mpf3in«'o^ Gcpmctratperici0imipobaf(cfiH 
Ttdi^ornuliM A^ulpsqu^;pse£lp po^c. Vertun diftcph^wit Pap 
ftcor vix » ac nc vlx quidem (olucii^^is uin l^c AflrcrM.Q JKW » qw» ' 
^ius allata ftcobacio. ac in primis ccrtum a/p pcr.fe notvm Prij^fiipim 
apud Geomctras li^^eoiislvibitum cft, AOgoloi reupra<|Ui^Bio(.clllkt 
Quid enim in GcQOMicncttCRbrii^ pcrrpiMC » qu^ a ngulos a ngulis 
«quales ? Aogulos AOguiis maiorcs, auc minores?ComultUBtur ip& 
prima Geomecriic £lemcma : lo iis^ quis appellacur Angulus rcdus», 
ajiiqui deiooeps /ibi appofitum xquajem Angulum nancilcicQrlqois 
acucus y niH qui reclo minor : qais obtufus , nifi redo maior eft l At 
ftqnalitas, exceflus , & dcfcdus intcr Angulos quomodo rcpcriri pof- 
funt, fi quancitace carcanc , ciim hx Hnt quancitatts padioncs maxime 
propriac. Ad hxc. Q^is tot intcr ac tantos Gcomccras ,qu! ab ipfa 
Gcomctria parta floruerunt , fuic aliquando repercus^qui Prindpium 
hoctaiK]uam ccrtum & cuidcns non ruppprucrit, adcoque manifc- 
ftum,vt uc eius quidem mcntioncm racicndam cenfucrit. Quod 
ciim ita fic Qiiid dc Aflertionc ,qua Anguli quantitatecarcrcdicun- 
' turiquiddc eiufdem Aflcrtlonis probationc aliud cenfeatur ) quam 
quodaGcometrisdicinonraro contingit ? cam fcilicet impoflibilem 
cflc & abfurdam : cum ex ea abfurdum quid, £c im|]!pfljbilc confequak- 
tur,quippequ6dPrincipiis pcr fc notisopponatur. 

Nunc porro quaeras quonam vitio clegantiflima iuxt^ ac fubtilifli- 
ma Argumentacioinalaboreti^lUud Lib.i.Examinis Quadrat, Prop. 
27. apertiflim^dcclaraui. Atque vcinam illa mea folutio Pairi Ayn- 
fcoi^a veniflec in mcncem,quaodo ad ca,qux a me concra hanc P. G re- • 
gprijde A.ngalorumquanucmfisnttiidac|i.obiid^^^^ parabat re- 
ipon(ipiiem : ycleoim mihi fuiflttafleafiss t vetfaltem aliquid de no- 
UoprocMiiirci>yiv^e,quxdtt»lojC^ aUva (unc^GOD^rmare li- 
• • cecct» 
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, ceret. Dixi igitur ibtdem, in co paralogifoum committi > Quod Au- 
thoroperisGcom€trici,dump*rtes dimidio ADgulorum tum rcmiw ' 
circuli , tumdeincepsrcliquorum (egmentorum , non minorcs demi 
iuberct > id HDeU re^s, B C > BL fcc. perfici vcllct : nec ab ca mcnte 
6dus eft aliefius P. Aynfcooi* Vcriim , pacc vtriulquc dicam , id fa- 
iipex z^uoDonprxcipitur. Ctoenim inmi;xtilineisvcrrcmur,cuT 
partcs illas Aogulonim dimidiomaiotes » pcr cilruas iineas aufcrcndi 

. taienlasmihideoegetnr^Deiii^ 

' ?dis coiligcrcAdiiecrarij arbicrio ioiii deblBt omnis illa rubcra^io 1 
^lrogulortim dimklio OQO miaQrum»boc enim euoi lus pcninet: 
quo £go DUDC icerum hk vri vokx Vololallieci^ Angalo reaiictfcu- 
li C L B G parcem dimidio jUius maiorem iWMiie dcicri poo ciMio * 
. in B rcliquos cangence » 8c int^r mumqufB poficOtjQoalis eft B Z 

tinftvritaiqueieipijcircuIiADguliis TZBT ex (eBielfaili Angulo 
CBuG>cutosdimidio ilIemaioreil(€iun Atigulusfc^ilincfisCBGs 
QJDO maior eft angulus T Z B T ^roaior fit dimidl» ciulfi(ifl& f^gMli / 
^eiDicirculi G C B G }hocpo(ito. Qua ratione dcmipotftr|ce^^|y|l^ 
ci rculi AngtiloF D B F ADgphis T Z fi T « maior fcilicct cx D^DOtc^ 
Cum crgodemi non pofiint ex vtriufquc icmicirculi Angulis 
F D B F aeqoales Anguli dimidio maiores,vt cxigit Propofitio i^caiKs* 
- f)^ Nli^wri^ velProp. 1 1 6. Lib. a. Oper. Geom. haud quaquam 
cotligi poterit per dtatas Propofitioiies , xquales cfle duos kxj^s^xca» 
lorum ADgiilos GCBG>FDBF5 ncaue quod ex eo fcquebatur 
abrurdum,aequalcs fcilicct cde eos Angulos vt probabaturi & inzqua- 
les, vtfupponebatur^dumquanti/upponcbantur Anguli. Ccrtom 
Sgiturefl, ac manifcAum £c duorum inxqualium fcmicirculorum An* 
gulos , duos itcm contadus Anguios , quos linea inxqualcs circulos 
tangens conftituitjinacqualcscflc iuxta duas proximc antcccdente» 
Propofitioncs: ncquccxiis vllum confcqui vel impoflibilc , vcl ab- 
/urdum. Quod idem inferius confirmabitur , ncc paulo cuidcntius 
fxponctur, cum Vallifio refpondcbitur > ^^^^iOl^^i Duil^ 
«QDikace quaDticate fiiadere quoque cqo^W* 
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* • 

PROPOSITIO VIIL ThearmHk. 

DVx magnkudines inacqaalts > quanim difcrimen tale 
elt, vc quantumlibct multiplicatum , ncutram poffic^ 
vclfuperare, velada^quacc ;auUamiQCcc fc Rationcm ha- 
bere poflunc. 

Dox iinc magnicat^nes 'InaBaoales » A B 
maior , 9c C D rainor$ iit aaiem; IB exceC» 
fosmaioris fiipra minorem huia(inodi»vtu 
ininfinicam mulciplicacas neacrain earom • 
pofficfiiperare vel adaeqoare : qualis fbrec» 
11 , n Prop.3 • expUcacum eft > fupponerecac 
efleearomquamttacamparciculaparaicace inHnica* -Dico toagoicn- 
dines AB>CDnaUaminter fc racionem liabere pofle. Si quam 
entm liaberent , ea nccciTari^ fbrec , aut Rationalis , auc Irranooalif. 
Sed neutra efle poted. Non Kationaiissciim enim luec repeiiatac 
cantiiminiermagnitudines «quxfe habentvc numerosad nomerum; 
nomerosaucemquilibccaUeroquouis maior liunc non nlH numero 
faperarepoflit:ex€e(rusiBad vtramque quanticacem A B, C D fe 
liabcrec, vc Dumerus ad numerom. Sed numerus quilibec alium 
quemlibec per muldplicacionem aptus eft fuperare. Ei^o concra fup- 
•podcionem, exceilus I B fupetare» vel aoacquare poceftvufamque 
magnicudinem A B & C D. 

Ncqne ctiam dici pocefl: Rationem A B ad C D eflc Irrationalcm. • 
Nam ,cumcaRatio rcperiaturtantum interquanticatcs,quarum nuU 
lacftcommunis mcnft la : cxccflus 1 B maioris fupra minorcm , neu- 
tram nietictur (forenr alioqui contra fuppofitionem magnitudincs 
A B , C D inter fe co^vmcnrurabiles ) demi tamen ex eo quidpiam 
nihil vetat , quo dempco vcrique commcnfurabilis euadat. Tunc vc- 
ro reliquafadacx A B adminoreni C D , Rationem habebit rationa' 
Icm ,& vt numcrus ad numerumiSc cxccflTus carum,qui minor cft 
poft lubtrad:ion;*m ijlam , quam [ B , numerus quidam crit : qui mul- 
liplicatusexccdct , vel ad\quahitipfamC D numcro expreflam. Er- 
/ go multo magis totus cxcciTijs IB multiplicatus cxcedet vtramquc 
A B Sc C D quod eft abfurd m , & rontra fuppoficionem. Cum ita- 
que uecRacIoQalis , nec Irrauouali& inccr magnitudines A B , & C D 

Racio 
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Ratioimcrcederepoflitiimcrceclerc nullapotcft : cum Rationem om- 
xjcmaut Rationalcm,autIrrationalem,cftc ncccftc fit.Quareciua: ma- 
gaicudines iDaequales^^uaruin difcrimen &cc. Quod erat probandum. 

Scholium. 

Propofitlonisbuius vcritascx co etiam conftarc potcft, &quidcm, 
vt videtur a priori i cuius iam aliquoties contigit mcntionem ficri. 
Qma fcilicct Ratio > fiuc habitudo Intcr duas quantitatcs mutuam 
quandam dicit mcnfuram , qua vna alteri vcl acqualis dici poffit j vcl, 
fi vnam altcra roaiorem cfTe conftct , tanto , aut tanto maior innotcf- 
cat. Hoccnimipfumcft ,quod Eucl. dcfin.y. Lib. 5. cxigit , practer 
id , quud dcfin. 3 . ad Rationes conftituendas neceftarium cSt pronun- 
ciarat : vt fcilicet magnitudines eiufdem generis foKnt , 6c fecundum 
quantitatem , hoc eft , (ecund^m maius & minus , aoc xquale confer- 
rentur ingenere : quod fuffick vt voadicatiirimierTelininordter^. 
At n t^inco vdi canco maior^aut mioor vna,qjuim altera ftatuatunfic vt 
certa incer eas maioticatis > & minortcatis Iiabitudo , fiue Katb defi- 
fiiatur \ oecefie eft , vt quxdam imer duas magnitudines menfura in- 
ieicaiat:qud io rpedetanuvcl tanta maknitas vnios, vel altcrius 
minoritas conftct. Qa6d fi omnisratio mcnfiirae ab huiuimodi qfiaar 
tiutibus fit aitcna» hoceft, fi vna iirpius repetia alteram fuperare»' 
yd zquarc ncqueat ,1n quo fica eft menfiirae applicatio i nuUam babe- 
rc pofltint magnicudine^ huiufinodi Rationcm iuxta defio. 5. Lib. 5. 
citacamjic^t vnadici po(fitmaioraltera.Ateodem modo omnismen- 
fora; ratio tollitur inter duas magnltudihcs ciuTdem licet generis » fi - 
eatum di£Ferentia vtcunque multiplicaca neutram poflit fuperare » nec ■ 
qoidemadaequare. Hoc cnim iu cafii ccfi noueris duarum quancita* 
tum alceram reliqu^ efiemaiorem ; qua tamen fui parcc maior fit , ne - 
«loaqQam ptononcics : ciim excefiusiilc nulia vnquam pars efie poflit 
earumqoantitatum, deccrminacat denominationis,fiue fpeciei:efto 
conftcteum vtriurque partemefie , cumvcr^ucquantitarc fit rcue- 
r^minor. Quxindecerminatioomnem prxfcindit Rationem,dum 
omnem menfurjc modum refpuit ad Kacionem aliquam confiicucn- 
damjieceffiriom. 

CoYoUfirtum I . 

Ex. liac,8c Propofitionc 3. euidcntcr conftat ad quns pcrtincac ~ 
magnitndincsturaPoftuIatum Libri 1 o. Euclidis,tiim eiufdem Libri 
Propofitio I . vtrumquc cnim iis foliim magnitudinibusconncnire po- 
teft,iifque folum appHcat Gcoractria: Parcns,qua: Rati( nem ali- 
quam imer ichabcre pofiunc. Dum enimco Poftuiaco concedi pcti. 

• ' ^ tu 
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tur ^UAmHhetma^nitudinem tofies pojfemuirtplic4rt ydoncc quamliht 
gnitudinemeiufdemgenerisexcedat. Annon manifcftum eft mulcipli- 
cdtam illcim magnitudincm , magnitudincm ex ea multiplicatione 
confl.itam mctiri ? & ex ca faepius repctitamenfura: applicationc ccr- 
cam, & dcterminatam habuudincm interquantitatcmmultiplicatam« 
& ex muhipHcatioiie genicam , conftitui » oux Ratio dicitur ? rimili- 
cer Ctopriin^ illt Propoficione Libao.afeiiturifiMl«i»iM4!gjw/«^ffi^ 
km i0dfikM» propofttis ,fi kmtiiore mftfMttr mdm wJtm imid}»m j (j^ 
mke» y qkUftliiiimm efi , rinfm darsbsmr miUm qitSm^ M J bmt , ^ Im 
femper fM :u^iU fmiAmfmmiUm msgmHuUnem , fimmimferit fm» 
fofitin^mti magnitii^. Haud quaquam fuppotiic IBud. duanim 
propoficaniai ioacquilitim m^nitudinttm minorem huiufinodt » n 
poii poflic fitpius repetita xquare » vel (uperare maior6m(^ vc pacec ex 
Pratparatione ad Propodctoni^ Huius demoliftiacionem neceilarii. 
In ea (iqtiidem iuxca Pofhilatum paul& ance addudttm^minoiem ma^ 
gnicudindnicoKies iobecaflunii , donec ms^icodinem tenfticoac ma*' 
Ibrem alter^dataniminagnitudinum , qUacmaiordL Ergoexmentd 
Eudidis minor daca magnicudp ilia aiceram maiorem , iuremult^ po* 
ciorifuperare poterit,n Ispius repetatur.Oeiisergo rolismagnicudini* 
btisagitEud.qu£Rationem inter rehabere natzfunc: 8cquasdefio. 
t 5 . Lib.5 . e^ appoficd condiiione dinerminauic , vc poilenc muld^cacc 
icCc mucu6 fuperare. 

Ex his rcfponderi Facil^ poflecnon cam Pelecario ( huic enim Clal 
utus Clauio digna refponlione cumulat^ fact^fccic) qu^ Vallino 3 qul 
PelecarijvedigtisinfifleDs ,aucEuclidemin apercamconcradii^ioDciii 
lapfumefTe 5 auc Angulos contadus carcrc quancitace pronunciauit. 
Veriim prxftat omnia ,qujc vndiquo coHigit iu Pclecarij fui defeniio- 
nem non tam numcro ,quam pondere cxigua Argumcnca in vnuili 
firaullocum , quem fuo tempore adibo, referrc : vt in illud vhum im- 
pcn(atuDcopera,6^ apertius propoaaDtur,& excuciantur accui^- 
tius. - 

Coroltar/um 2 . 

Conftat prjcterea cx hac eadem , & tertia Propoficionc nihil vcrius 
afTeri polTc, quamquod apud R.P.Aynfcom cap.i.dc Nat.Rat.Prop.4. 
alfcruit vir dodiflimus,quem tacito nomine Amicum Gcometrarn 
appellat : cuius fenccntia cum fummi fit apud mc pondcris, iifque, 
qu« dc Angi lis hacbcnus a me allata fum, vel funcin poflerum afFe- 
rcnda, arlco fir accommodata > ncc ea , nec eius nomen hic a me prae- 
tcrmlcti dcbcac. Is cft K. P. loan. Bapt. Giattenus a mc iam fupra ci- 

tatus£ 

• ■ 
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tatus : qul apud di<^kum Authorem fic facur. Propojttio \\6.de Progref. 
fionibMinofere Geom. non ejl verAvniuerfaliter. ^^ia innititur Propofim 
tione I . Lib. i o. Euclidisineo fertfit , in quo non dixit Eucl. in quem etittm 
errorem incidit PeletMiuSyVt optimeohferuauit CUuitu in ic^.lib. 3 . ea enim 
fropofitio folum valet quoties qusntitates funt tales , vt vnafxpius repeti- 
taalteram xquet. At angulus contingenti/i^vt demonfirat Eucl. cum fit 
minorquoltbet anguloreiiilineo minoritate diuerfa rationitjnon potefi ^qua- 
. re reffi/ineum. ^uare quando affumitur in probatione di^a propofitioniSy 
quodfi atiferanturpartes nonminores dimidio tandem deueniiur ad altquid 
mintts i nego hocpoffefieri , nifiquantitates ftnt tales , vt illud mintis fit au^ 
feribilepereamdtuifionem amaioriyquodnoneuenitin cafu prdfenti. Ec 
alia, quxaddic in cam fencemiam accommodatiflima^qua: ex cius 
(cripco rccicac P. Aynfcom , vt ca dcinde rciiciat > fed non fatis firmo, 
vc cx fupcrioribus conftarc vidctur , cum fundamcnto. 

Namnihil vcrius, vthicoftcndi ,quam Propofitioncm i. Lib. 10. 
Elcmcncorum ad cas folum quantitatcs pcrtincrc , quos fefc mutu6 
(upcrarc poflunc , fi multiplicenturj quxquc iuxtadef y. Lib. 5. Ra- 
tioncm aliquam intcr fc habcrenatarfunt. Quod ncc Angulls con- 
ta£kus ad Angulos redilincos relatis conuenit , ncc duobus quibufuis 
Angulis fegmentorum intcr fc comparatis. Quorum difcrimcn (quod 
cft Angulusduabus peripheriis felc tangentibus comprchenfus ) fac- 
pius rcpctitum ncutrum poteft fupcrarc vcl adsequarc j corumquc 
proptcrca mucuam habicudincm, co quc>d indcfinitac fit menfurzc, 
omni Rationis iure &facultate priuatridqi lolumiifdcm Angulis con- 
fcrtjVt alter altcro maior dici qucat.Dcbuit crgo Propofitio illa 1 1 6.dc 
ProgrcfT quae vniucrfalitcr proponitur, ad cas rcftringi maqnitudines, 
qux rationcm inccr haberc poffunc , & cum ab ea , tum a CoroIIa- 
rio a P. Grcgorio ibidem colleilo, & a P. Ayfcom cap.z. Prop. i . rcpc- 
tico,quantitates cxcipi : quarum difcrimcn fepius rcpctitum neu- 
tram poteft fupcrarc , vcl arquarc : cuiufmodi funt duorum quorum- 
libct fcmicirculorum Anguli , & fi qux funr alix cius gcneris quanci- 
taces,dcquibusPropofitio i. Lib.io. intclligi nonpotcfti ncc proin- 
dc ,c^ua: cx ea dcducitur ,Propofitio 1 1 6. dc ProgrefiT Quod fiicilc 
tum a P. Gregorio,tum ab cius interprcte P. Aynfcom admifium 
fuiftct : nifi cert6 fiiilfct ipfis pcrfuafum ( quod Propoficio 3 . & Pro- 
poficio proxime cxpofita falfum demonftraui ) duas quaflibct mi- 
..gnitudincs,quibuscompetcr^tinterfecompararifccundum maius& 
' Diinus , coipfo Rationcro aliquam intcrfc habcre : & qnia ,qusE Ra- 
tioncmaliquamhabcm,debcntpcrdcfinic. 3. Lib. j.fcfc mutuo fu- 
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pcrarc ( ita enim dcbec ilia dcfinicio , vc definitiones omncs (olenCy 
conuerci ) (I racpiiis reperanrur : idco cciam cenfuercduabus quibufli- 
bcc propoficis magniciidinibus , quarum vna diccrctur maior , vel mi- 
noralcera i dici pcrindc dcbere , fi mulciplicarentur ,fc{emucuo fupe- 
rarc pofle j adc6c|ueiifdem applicari po(Ie,cumPropofitioncm[iXib. 
I o. tum Propoficionem 1 1 6. de ProgrelT! qux cx ea coUigitur, 

Acque hoceftincerquancicaccs inxqualeii difcrimen :qu6d {blidi(> 
fimusCIauiusconcra Pelccarium ageusobfcruauic } cum, vcP. Ayn- 
(com rcfert , affcrit Angulos concingcntiac & femicirculorum ica inac- 
qualcscllc, vtmaioricas6^ minoricas (Inc diuerngeneris quoad Ra^ 
tioQcm , ^ n^iioricacc 6c minoricace earum quatKicacum inxqualium, 
qu9Bpofluncmuldplicacae(e(efuperare,& iuxca defia Lib.5. Ra- 
tionem habeve mcer le. Ac h«c Clauii diftindto minim^ placuic Pa- 
cri Ayn(com. aic enim cap. x . pag. 1 1 . maih sfm Angulnm tmtMBm ejfc • 
wtmorem fumUAnguiotuuto n&iti»eommntMtedii^fdrMimisfiiti Jfe-^ 
' nek emm nege$ Httene reSfdt y^fmmm ejfe eiMem fieekifitem 
fitmm reffiiiitea, & emrMnen eiitfsiem effe rstimie , emm wmfMmri imen 
p fSmt f JtfMi mtgnti emeet eitm fint effmtfMlii& itutrtm tinemmm tneti' 
ttntie^diimsfnMieftnHfaefint^etienmMfinmt^ineMemqntfnem^ 
ment Jfeeieinetiantimessqne ntiffe lined, fnnmm /knt imtinntimes. ^jgjU 
fiverum efi\non potefi oHgnim eStingmtid ditimimrnnjgnie ntnte reStiiwe» 
mimritnte dmerfe Jpeciei &c. Vcrum,neq^Clauius,nec|aeGiacuaos»iicq}i 
Ijeocaudu$((i cantis virisbicadtungi mcreacur}a(Tercnt vnquam lineas», 
vel cucuas , Tel re^as , autplanacuruilinea £^ rciflilinea , a quibus , 
tn quibus anguli conftictiiimur,genesie dAfie»& Nequc iidem aflcrcnc 
Tnquam IncHnaciunem linearum curuarum generis c(Ie diuer(i ab lo» 
clinationc lincarum rcftarum quoad fitum, ad quod Prxdicamcntuia 
pcrcinccquxuislincarum quarumcunque Inclin.iiio. Nequc ctiam- 
affcrcuri (uncmaiorera harum lincarum Inclinacioneni cum minbri 
carunidcm Inclinatione non pofic comparari fecundum maius fic mi- 
aus. Ncgaturi tamenfunc Inclinacioncs omncsciufdem efTc gencris 
quoad Rationem. Aiiud enim eft luclinationisgenusi cum inccr ma- 
iorem niinorcm Inclinacioncm Racio quard.un intcrcedic j cum fci- 
Ecec minor Inclinacio multiplicata maiorem poccft excedcre , qualcs 
func linearum re<flarum Inclinacionesomnes , fiuc AnguJi omnes rc- 
• ^kilineii vcdcf 5. Lib. 5. declaracur. Aliud,cum duac Inclinationcs 
inxqualcs nuilam inccr lc Racioncm habere pollunt : ciira fcilicec mi- 
ncyrquomodocunquemultipHcata maiorem accingcrc nunquam po» 
tcd : quo in cafu pci eaodemdefiD. ^.Lib. 5. omni Racionis incer (e 1 
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JMtbendxfAculcaceexciduntiVciamnoa remei declaracum cftr Nec 
vexh , vbi de Inclinacionum . vel Raciooumgenere ^vel fpecie aglctir, 
acceodeodaefl; fpecies linearum inclinatarum > auc gcnus : cum es ad 
quancicaccm percineant^dicique poflinc fecundilm quamii^tem ho- 
mogenea^ : Inclinacioncs ver^percineant ad ficuffltqui propriis fuis 
noncaret, 8c generibu.s,& fpecicbus non fecus quAm figurjeiCtfi 
adeandcm fpccicm pcrtincanc Quoad quancicaccm, vcTrianguli>m, 
Qjiadracum,Circu!us ^c. funtciuldem gcncrisquantitati , fnnt cnim 
plana:fuperficics:camcnquoad cerminacionem 6c circun^.ici iptioncm, 
diuerfxfunc fpeciei : Triangulum cnim fpccic difFerc aOuadraco: 
Quadracum a Circulo &c. Eodcm modo Angulos duos planos, \\ 
prxcisc fpcdentur lineae , quibus conflicuuncur , omncs ciufdcm gc- 
nerisjfiue homogcncoscflc,diccmus: at fi Ratio corum fpeclecur, 
fpcciedifFerrc comperiencur, gcnerifquc cflcdiucrfi : 6c aliosquidcm 
dicemusR,acioncm aliquam iiabcrc inccr fc , alios niilLim. Quarc 
labori parcerc pocerat Vallifius,quo fcfe diucxaulc i vc contra Cla- 
uiuma{fcrcnccm Angulosredilincosalceriusefre fpcciei ,quam cur- 
uilincosquoad Raciouem,oA-endcrctc(rc hQmogcncos cx eo quod 
uanci'caces,quibusconfticuuntur) homogenes (inc j homogencx itcm 
ncquantitacuro Inclinatfones': Accendi enim dcbenc AnguK quoad 
Racionem. QuaBRclacionts genus quoddam eft cfim k quanticace, 
cum^ficu (ad qucm Indinacio tinearum AnguUim confticuenciam 
percinec ) long^ alienom. Acque hasc eft > Vallifi , iu^^iyinm illa» 
quAm neque Clauium.oftendece , neque co fomniare pofie afletif. 
Crediderim. Nequeeaim macurxyfanseque Euclidis Interprccatio- 
nes ( qualis eft hxcceleberrimx illiusdefinitionts) . Lib. 5. ) fomdiatf' 
dooccurrunt • vel oicitando. Qiiomodo autenieam C|{aiuus , Gtati- 
nufquc odcndant , cuidcnccr opinori dedaraui \ ex -i^uibus colligas» 
ccfi Angulis concingencix fua cribuatur quantitas , nnllo modo irre- 
condliabilescfiedefinicidnestcrtiam & quincam Lib. 5.£udtdis$ yc 
cum Sauilio , quem refers ,atbicrarl9. 

Dicat fortafie non-ncmo (nc quid omitcam^ fingularcm qucm- 
plam Angu|umconta£V{is,vt in fupcriori fchematc Angulum A BLC» 
cotics poffe rcpcci,vt Angulorum tanta multicudo coaceruetur > vc 
iimul fumpta , ecfi ex ea Angulus vnicus non coalclcat , fupcrct An-, 
gulumqucmpiam redilineum, vt Angulum ABL. Ergo Angulus. 
i/lc concadds , & Angulus rc<fl-ilineus ABL Rationem inter fe 
habcre poffunt : ncque cnim minus obfcruatur condicio defi- 
Otfioa^ 5, Ub. requiilta , etfi Anguli omncs concadiU^ia vnum 
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noiD Goeam Anguliim > qvi fnper 
reC) vel sequet Angolnm tedi'^ 
lineami fufficic enim tc toca 
miil eorum Angulorum cont^ 
duum multitudo etH difcrcta 
maior fit Ai^loredilineo ABL», 
Rclpondeo tantam Tim Angu- 
lorum contad&s ( quod admiia- 
tionem modeat) coaccruari nun- 
quam poffc , vt ycI minimunx 
Angulum re^n^ilincum ABLpof- 
licaequare. Ratiocft,quia,cuni 
Angulus A B L fic in Infinitum 
diuifibilisj podibile eft illum di- 
uidi in tot Angulos rccfVilineos , quot Anguli contadus coaccruatf 
funt. Tunc aucem certum cfl fingulos illos Angulos partialcs redilT- 
ncos maiores efle finguiis Angulis concadus. Ergo tocus Angulus 
A B L re<n:ilineus maior cft omnibus fimul fumptis Angulis illis couta^ 
^us : quod concipi potcft xgriiis , quam dcmonftrari. 

PROPOSITIO IX. TUmm^ 

PRopoficiscribtts magnicudinibus » fi.prima ad recundain» 
Racioncmhabeac; habeacauccm lecufida Racioncm ad 

t^rtiarn : prima quoqucad tcrtiam habcbit Raiioncmiima 
& ad compofiiam cx fi:canda 6c tcctia* 

DemonjhtMiipi, 
Slnc magnitudiDes tres A > B ,C ; quarum prim» 
Adicatur Rationem habere ad fecundam B$hzc 
▼er6 Ratlonem habeac ad tertiam C. Dico pri- 
mam A Racionem quoque habere ad tertiam C- 
.] Nam cum prima A Rationem habeac ad (ecundanii 
B } poterunt A & B multiplicatx fcfie mutu6 fuperare per conuerfam* 
deiinic.5. Lib.5. codem modo fefc fupcrarc potcrunt B , C. Si igitur 
contingattam primam A , quam tertiam C cfl!e fecunda B minorcs: 
cum A multlplicata fiipcrct B , pociori iure fijperabittcrtiam C mino- 
rcmfecundaB. In hoc crgo cafu per citacam definit. A&C Racio» 
nem intcr fe Jiabebum. C^bd ii maioi fupponatur!» quam fccunda B. 
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cJhikiBmDltipltcata poffic fuperare C inaiQran (RatiQiieffl enim ha- 
bencB 6c C ex fappofitionc ) poffit autcm A multipltcata fupefaie ^ 
atqueaclc6omnem mulciplicem eiufdem B^qaae makiplex fuperaic 
iam rupponitiar tertiam C : etiam A eandem C fuperare poceric Er- 
go & RacioDcm ahquam com illa Habere. Eodem momyqaoUl^et 
alio in cafu > vt fi B minor fbrec quam A» & C minor, auc maior qalm 
femper oftendentur A & C mulciplicacx feiemutuo fuperarc poHe» 
ae^ue ade^ Racionem aiiquam inter fe habere > vc vulc prior Propo- 
&ioDis pars. 

Quod autem eadem priraa magnlcudo A ad compodtam ex (ecufi* 
daB, & tdrciaC , Rationem liabcat cadem fcruata luppoficionc , ma- 
nifcftum cft. Nam A , minor cft , quAm B & C ,multiplicatafu- 
pcrarcpotcft tamB,quam C. Si itaque multiplcx quantitatis A (ii- 
pcrans B addatur ad multipliccm eiufdeni A fupcrantem C i ficc mul- 
liplcx primjc A maior duabusfimuIquantitaiibusB & C:ad quaspro- 
ptereafimul compofitasRationcm habebic. Eodem modo,quocum- 
qucalio in cafu , fiue A altcrutra , aut vtraquc B & C maior ponacur, 
Rationemadcompoficamcxvtraquchabcrcdcmonftrabicur ope dc- 
fiuicionisillius 5. Lib.^.Elem. Qaarc propoficis cribus magnitudini- 
busfiCc. Quodcracprobaadum, 

CmUarlum. 

_ . ' ■ 1 Hinceciamcoliigi poced : quod fi magni- 

^ I I ttido- altqua A Racibnem habeat ad aliam 

magnicudinemB D : qusdiuidatur in C in 
duas partcsquarumvna ad alceram Kacio- 
ncmiialkacreaademeriam magnicudinem 
A Rationem habere ad vttamque parccm 
B C 6C C D. Tunc enim cres erunc quandtaces A , B D » B C , aut 
CDfeniantesliypochefimhaiasPropoficioai»* > 

. PR,0P0SIT10 X* The»im. 

ANguIi fegmencorum iimilium nullam iocer (e Racio»' 
neoibabere pofliiiic. ' ^ ' 

IXmonJlrAtio. 

Hanc PropofitioDcm , ciufquc probacioncm obiccr fupcriiis aciigl 
CorolI.i^Propoficionis S.fedprxftacldem in ordiDcm Propoficionum 
^poocrci v( tota hxc Aii^onuii coAficmplacio cradacur ordlnauor, 
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U ab(olficior. Quoad Angulos fcmicirculorur» auorum inacqualium, 
▼tBCG,BDF(qoifu|itfcgmcntaquxdain fimilia) fatis fosc dc- 
c^rcacameft,8c(acisettideoterofteDrum Angulos huiufmodi nuUani 

habcrc pofle Rationcm incer 
Scd nec alia fegmenta nmilia 
vllam habcnt proptcr candera 
caufam. Ineodem cnira Dia- 
grammate , in quo duo circuii 
BCG, BDF ic tangunt in B, 
rc€ti B C qusecunque a conta- 
<^u B intra circulos duda cx 
vtroquc circulo abfcindic fc. 
gmentafimiliatam BLCBODi 
quam BGC , BFD , vt cx 
Prop.3i.& defin.io. Lib.3, Elc- 
mcnt. facile coliigitur duclia re- 
da A B circulos in codcm pun- 
€to B cangence : fum enim in alcerius fegmencis vcriufquc circuli An- 
gyli a^uales^UiieaBC (ecantecuni cangencrBA confticuci , cx quo 
per cicacam definicconduduncur didbi fegmencaeile (imilfa. ^ Qm- 
tms poficis* Cbm circuli maioris fegmcnci Angulus C L B C> minoris 
circulitegmenci Angulum D O B D fuperec Angulo C L B O D dua- 
bus peripheriiscirculorum CAln B cangencium comprehcnfo » eiof- 
que Anguli nuHa iniri poffic repecicto cam mulciplcx, vc Angulum cao* 
oemcfEciatvcIxqualem»velmaIorcm Angulo fegmcntorum , vc(tt- 
pripluribus cxplicacum eft : concludcndum cA pcr dcf^^. Ltb.5 . duos 
iUos fimilium fegmentorum Angulosnullamincerfc Ranoncm habe* 
repofre. Qua eademdc caufa nec fegmencorum fimiUum BGC, 
BFDiemicircuIo maiorum Anguli Kacionem haberc poiTunc: cum 
commezeeirusiicAngolus comadus corundem circulorum. An- 

SuU ergo fegmemorum iimiiium &c. Quod crac demonthao- 
um. ... 
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PROPOSITIO XI. ThcormA. 

ANguIiduorum fcgmcntorum inxqualium ciufdem cir- 
culi:& Anguli fcgmcncorum dimmilium ad diucrfos 
circulos pcrtincntium , Rationeminccr fc habcrc non pof- 
funt, 

Demonjiratio» 

Prlmus cafus adduo fegmcmaciufclcin clrculi fpc(Jlans , ita proba- 
tur. IncodemDiagrammatclincaB C circulum BCG in duo (c- 
gmcntainxqualia difpcfcit, vnumfcmicirculo maius , alterum minus: 
maioris Angulus cft C B G C > minoris aiitem C B L C. Dico iiofce 
duos Angulos uullam habcrc Rationcm intcr fe. Habeant enim (i 
ficri potcft Rationem aliquam. Appliceturincirculoredla BSa:qua- 
lis reClxB C :qux pcr Prop. 14. Lib. 3. Elem. abfcindet fegmentum 
B V S xquale fegmcnto B L Cjcruntquc proindc Angulieorum xqua- 
lcsjita vt Angulus redilincus C B S fit exccfrus, quo Angulus C B V S 
maioris fcgmcnti fuperat Angulum C B L C , flue ci xoualcm S B V S 
minoris fcgmcnti. Ergo Angulus C B L C minoris legmenti , ficut 
& Angulus C B G C maioris fegmcnti ad hunc Angulum red:ilineum 
CB S Rationem aliquamhabcnt. Si cnim ncutcrhorum Angulorura 
minoris , maiorifque fegmenti ad hunc Angdum rcAilincum C B S, 
quointcr fc difFeruntdliorum fcgmcntorum Anguli , aliquam Ratio- 
ncm habcrc poflet: nequc etiam intcr /c Rationcm aliquam habc- 
rcntduo Angulifegmentorum contra fuppofitioncm. Dcbet enim 
vtraque duarum magnitudinum inter (e Rationcm habcntium ad 
difFcrcntiam ,qua intcrfe difcrepant,Rationera habcre, vt fupra cx- 
plicatum cft : fi enim difcrimcn illud ncque ccrtum , nequc dcrcrmi- 
natumen;3 quipoterit efrehabitudointcreas quantitaces certa &de- 
tcrminata j qualis ad Rationcm conftitucndam exigicur. At fi (c* 
gmcntiCLBC AngulusRationcmhabct ad Angulum rcclilineuni 
CBS : ctiam idem fegmcuti Angulus CLBC Racionem habe- 
bitad Angulum rcdilincum CBAi ad quem Angulus rcdilineus 
C B S Rationem habet pcr Propofitio 9. At hoc abfurdum cft. Nam 
AngulusCB A rcJlirmeus Supcrac fcgmcnti angulum CBLC an- 
gulo contadus : qui multiplicatus nonpoccft xquarc cundcm Angu- 
lum C B-L C. Q£arc ncc idcm Angulus Kationenx vllain habcre po- 
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ted: ad Angulum C B S Gakerlos (egmemi dtculieiuiHem » vt habet 
primus caius. 

Secundusamemcarustcaprobatur. SitSegmemumBOD circuli 
voius,6c fegroentom BSGC circuli alificrias. Dico Angulom DOBDf 
ad Attgulom S V BCnulla mh abere Radooem.Siqoam eoim habeac: 
omri 000 poteft Anguhimquempiam rcdilineum , ad alcerum An- 
gulum rcdnioeumRacIoiicm eandemhaberc poile > quamhabet An- 
eulus fegmenti DOBD ad angulum fegmenti SVB CihsB^eoim necef- 
lari6 efl Rarionalis vel Irracionalis : cuius vtriufqi capaces func Angoit 
redilinei Sic ergo Angulus rediliocos A B L ad Angulum redilineum 
L B Si vc Aogulus D O B D fegmenci ad Angulum S V B C alcerius fe- 
ementi.Ergo pcrmutando.Ita erit Angulus ABLre^ilineus ad Angulli 
fcgmenciD O BD i vt AngulusredilineusLB Sad AngulumS V BC 
(egmenti. Ergo Ratio aliqua eflc potcft intcr Angulos rcdilincos, & 
Angulos fcgmencorum circularium. Quod eft abfurdum , vt cx pro- 
bacione prioriscafuscolligitur. Si enim Angulus fegmcnci DOBD 
ad rcdilincum angulum ABL Racioncm liabere dicacur aliquam: 
aliquamctiam Rationcm habcre diccnduscft ad rcdlilineum Angu- 
lum A BC > qui ipfum fcgmenti DO B D angulum fupcrat Angulo 
concadus ABOD. Quodant^reieAumcft. Ergo Anguli duorum 
fegmentorum 6cc. Quod'eracprobandum. 

PROPOSITIO XIL neorma. 

DVo arcus duomm circuloram aequallum in eflndem par- 
tcmcaui fcintcrfccantcs, Angulum continenc curuili- 
ncum eiredilinco xqualcm} qui conciiiccur a circulorum 
diameciis pcc fc<^oaem cmiilis. 

Bxfofith, 

Dtto ciiculi zquales &fe inucu6 (ecent io pu&do A : k quo per eo» 
rum concra B^C emitcaDtor dtameCri AP,A £ dico Angulum 
curuilinenmad A confticucumiquemoomineiit arcos AF»AG tn 
candem parcem caui (vel,(i mauisjn eandcm parcem conuexi) 
flBqualemelTe Angulo tedilioeo D A £ ^ diametris A D • A £ circu- 
lonim comprehemb. 

Cum duo circuli asquales ponantur : eruot duo femicirculorum 
Aoguii D A F 9 £ A G aBqQalcs. Dcmpto igitor-commoni Aogulo 

mizto 
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mixtoGABCalias communis hic angulus.aut alius quilibct ctiam 
mixtusaddcndus addendus foret , provt Angulus D AE fnaior.aat 
rainor fuerit ) qucm arcus A G, & linea reAa A Bcontincnr, ab vtro- 
que Angulo fcmicirculorum : remanetAngulus curuilincus G A F, 
arcubus A G , A F comprehenfus , acquah'sangulorc<ailinco D Afii 
qucmad feaioncm A circulorumconflituunt corundcm circuloruin 
dtamciri. Quarc. Duoarcus duorum circulorum ficc Quon erac 
probandum. . * 

PROPOSITIO X ni ntoNmss. 

Ilfdcm pofitisfi centro A , in quo fc circuli inccrfccant, cir- 
difi quicunque defcribantut : dummodo circulos lc in A 
fccantcs intcrfeccnc , vt cos imcrfccanc K I , F G j aut fan- 
gaqt , vc D E ( qui vnicus duci .potcft , cuius radius cft dia^ 
«ctct AD, vclAEfe fccantiiim circaloram ) fimilcs crunt 
omncsar^ilsFG, KI, DEinter pcriphcriasin candcm par- 
ccm cainas intcrccpti : crunt autcm «qualcs arcubus intcr dia- 
mciros A D , A E inwccpcis. 

Emiccantur^ pundo A ad cir- 
•culdmai fcftiones iines rcax 
AF.AGsiceoi AK, AI. Qno^ 
niam igieurcamdn^ lineae A K, 
A I j ouam dua» AF» A G func 
intcr te a:qualcs : tam dux A K , 




A liquim duae AF,AG,ab.. 
rcindcntexcirculis sequalibus (e 
in A recancibas(cgmenca «qoa» 
lia pcr Prop. xy Lib. 3. Elcm. 
Ciim igitur (egmencum K F A 
aBqualefit fegmcnto I G A : eruUCCorwm regmencorum Anguliad A» 
aequalcs. Siigitur ab hoc vtroque Ai^io (egmentorum dematur 
A Dgulus (cgmcDci T A ( iUj^liis cafibus eric hic anguius iuretdum ad- 
dendusvtriquercgmcnto) vtriquccommunis: reliquus fiec Angulus 
chviiiliilcus K F A G I ^fiuc arcubus A K, A I contcncus, scquaKs An- 
gulbicailinco KAL Stmiiica:. <^ AfignU regmeiMjociiai AI^, 

Bb AG 
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A G acqualium fint cequAles : fi iis addatur Angulus mixtus G A F, ar* 
cu G T A & rcdalineaF A contcncus : ficc rurfus Angulus curuili- 
neus F A G arcubus A G , A F comprchcnfus , sequalis Angulo recli- 
lincoGAF. Scdidem Anguluscuruilineusoftcnfus iaro eftxqualis 
AngulorcdilineoK A I. Ergoduo Anguli re^nrilinci KAl,FAG 
lunt xquales. Ergoduo arcus I K , G F lunc fimilcs. Quod cum de 
arcu quolibcc intcrduDsarcusfc in A fccanccsin candcm partcm ca- 
uos eodem modo demon(brari queac : cgndac veram elTe prioreoi 
Propoficionis parccm. 

Necminiis dara eHemCicm Proproficionb parsiecunda , niminiffl 
tfrcus K I, FG imer pcripbdrias circulonim (ete in A (ecantiiiiii incer* 
cepcos , quos omoes tncer & fimiles efle proxim^ demonftraiii,aBqua» 
leseflearcubus fiogulos fingulis P M>0 N inter circutorum diamecroft 
h pun^o A emifias interceptls. Nam oftenfijm eft praccedenci Tbeo- 
lemace Angulumcqruilineum G A Fxqualem efle Angulo leditineo 
D AEincerdiamecrostnceroepco* Cirai eigo eidem mgola CQroili- 
aeo G AF oftenfus fic Angulus G A F reftilineiiskqualis leric Anga- 
los reftilineus G A F Angalo DAE aBqualis.Ergo arcus G Fcricaequft* 
lis arcui O N.Eodem modo arcus K I sequalis oflendecur arcui P M,fic 
c.Tceriquictinquc qulbufcunqae cxeerb. Necdifpaf eric ratio arc4s 
D E ccncro A dcfcripti ; qni vcrumqtjc circulum tanglt , rnam in D> 
alterum in£. Pacec eoim arcum D £ inier peripherias A K DyAIEio 
eandem parccm cauas idtercepcum non tancum nmilcmefie arcubus 
Kl,fG &C.VC habc: prima pars PropoHtiOnrs : fed ctiam xqualcm cflc 
arcui D E , hoc cft , ipininnict Hbi ipfi inccr diamecros A D , A E in- 
tercepco. Quare. Iiidcmpoikis»ficencro Aainquo&c. Quodeiat 
demonftrandum. 

Scholium. 

Vc apcrtius adhuc exponatur arcuum illorum I K , G F &c. /imi*> 
Jitudo ,quosperiphcrix A K D , A 1 E in candem parccm cauat , in- 
tcrcipiuncj & acqualicas eclam arcuum IK, PM>GF,ON, ncc 
nonxqualita'; Angulorum rc<5lilinci D A E, Sccuruilinei a pcripheriis- 
K F A, I G Arefe in A rccantibuscomprchcnfi 5 Imo vc hxc cocaPro- 
pofitio curuisaliis quibufcunque lineis applicecur : concipiatur dia- 
meccr AEcumfibiadiaccncefemicirculofuo AIE ( pcrinde forec d 
locofcmidrculi, aiuEIlipfis , aucParabola, aucalia quxuis cunia li- 
ncaaiTumcrctur) circa immocum ciuscxtrcmum pundum A circum- 
ducijdonccad priftinum^locu^vnde difcclTcratjrcfticuta fucrit vna cum 
£;tmcicculo : qui 6c ipfe pridintuniocum occupauicus cfl« Hoc ergo^ 
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ixi motuobfcruarceftomnia, & fingula fcmicirculi punda clrculum 
dcfcribcrc, maiorcm, vcl minorcmj provt magis, vcl minusdiftanci 
ccncro A. Vt punduml circulum defcribic M I K incegrum , & ab- 
folucum ciim diamcter A E cmcnfototo circuitu rcflituicur ad locum 
ipfum AE, vnde primo difccflerat. Punctum eciam G circulum 
fuum codem mocu , codemquc cemporis fpacio dcHcribic , (ed mino- 
rem ,c6 cjuodG acencro Aminusdiftctquam I. Cumcrgo pundla 
xamrcmotioraacommuni ccntro A,quam cidem propiora eodem 
tcmporis fpaciofuas conuerfiones ab(bluanc,& in priftinum locum 
rcftituantur : manifeftumefteademomnia punda fingulis ccmporis 
partibus proporcionalesfuorum circulorum partcs dccurrcre , adeo- 
quearcus fimilesemetiri. VndeIuceclariuscuadit,quodprimafron- 
te fidem fupcrare videbacur, arcus omnesccncro A defcriptos , & in- 
ter duas periphcrias A K D , A I E in candcm parcem cauas intcrcc- 
ptos , quales funt I K , G F , elfe femper fimiles : vndc fequatur, vt a n- 
guliad centrum A ipfisinfiftcntes fint xquales >acqualcs auccin finc 
omnes AnguloD A E adiametris A D , A Econtcnto i eo quo.I co. 
dcm motu diameter A E tranflata fit in diamecrum A D > quo I ad K, 
& G ad F pcruenere : lidcm vero omnes AnguUrcftilinci fint xqua- 
iesAngulo curuilineo) qucm ad A confticuunt peripheria: KF A , 

I G A in eandcm partem causc 
fefc in A intcrfecantes : eo 
quod fingula fcgmenta , corum- 
que Angulieodcmmotu ad alia, 
&: alialoca progrediantur non fe- 
cus quam ipfi femicirculi. Ex 
quibus planum fit, quomodo An- 
gulus redlilincus habcatur An- 
gulo curuilinco zqualis conftItu« 
to a duabus curuis lineis xqua* 
libus } 5c fimilibus, cuiufcumquc 
rucrinc curuitatis , vt fupra fupponcbam* 

PROPOSITIO XIV. Defimtio. 

DVarum lincafum cuiufcunquc gcncris, concurrcntium 
Inclinatio,?qualis,vniformis,auc homogenea Dicirur caj 

in qua fi duo quclibct pun6ta ia liiicis concurrcntibus ^quali- 
^ ^ Bb 2 tcr 




*i 9 s. Lik IL Di AngnlQ iontirigenri^. 

tcr aconcnrfirdiftanua defigncnturieorum ab inuiccm rc- 
ctflbs, rcceflTui vtriufquc a pun^lo concuifus cltproportiona- 
lis. Vndc paccc qiuenam linearum lacliojitio » loa:<}ualii;> 
anomala y auc hetcrogenea rlicenda 

In eodcni diagrammntc dua: iiaesrete'A D » A£ coocormotift 
A quandam imcr fe Inciioacionein habenc , fiue ABgolum coati- 
ncnc. Si igitiir pun(5la omnia vtriufque «qualiccr ^ concurfu diifica» 
'(cuiufmodifuncP^C M , itcm O & N) caratione inccr fc difteat^ 
diftaiui coacufiu A ;lMcen: , (i iinea P A ad lineam P M ( hacc 
cntniaiccicnrdooruinpuii^orum P & M diflanciam) eandem Re- 
tionem habeacjquamhabec O A ad rc^am O Nteaque Ratio ^ibu^ 
'Cunque dcfignatis pnnftis in lincis A D , A E , fempcr obfcruccufs 
dicecur hxc duarum lincacum AD>A£ locliaatio aBqualis^segt»» 
laris , homo genca. 

Eoderamodo. Si inPeripheriis A KD, AI E in A concurrcncw 
bus puncla qiixlibcc : arqualiter a concurfu A didancia dcfigncntur» 
qualia funt K & I , itcmF &: G ; & Hnca A K fiue A 1 eandcra Rji- 
tionem habcac ad re<flam I Kdiftantiam pundorum I , K, mccientem^ 
quam habet AF vcl AGad reelamGF inccrG&F interiedamj hoc 
cft ,lincxl A , IK fintduabuslineisG A , G F proporcionales 5 idque 
dudis quibufcunque lineis fcmpcr concingac : dicctur Inclinatio duo- 
rum arcuum A F K , A G Ifefe in A iccamiumi aBqoalis i:egularis>.£c 
bomologa. 

• Qijod fi linex I A , 1 Kproportionalcs nonlkit duabus lincis G A> 
GF i aoomala > irregularis , ^ inzqualts criccaruaa Inclinacio^ 

Sehoiuffn. 

Dujc crgo (um laciiDatiomim rcgulariuin fpccics. Ptima pcrrinct 
■ adrc^aslineas: in quibfis Imcx proportionales cooinniAcm babenc 
anguliiro kyi qoocdufta el iac g ieto m mfinicum produci poffuac 
cademrerQat4liicliiiatioiie.».fiae4i^pdiD.ad coM A conlUcutOk 
Akerapenanetad liaeascuniasqoaflibec, inquibus Angulusqiiideiife 
•omflineus in eoocorfii. A cqnftitiitas ».idem femper m tat Anguli 
ledilinei ei atqoales , quique laceribus daudantnr proportionalibas,. 
Aim^iemper diucrli. ba indes ^uas Mgnlos I AK^GAF Angu- 
kim commonem ad A non cedncreiictincrc tamen ftmper SBqoaleiii£ 
qoo fic , vc InclinatioUladip fanpcr pofffirhomologa , & rcgularis.. 

Hic porr6 ohfemaC 9naiw|iam ad. ftni «kmii mdt^tat. pm^yrff 

.lUeacar 
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yidcmt) cadadamborumcifcdoiuiiHBt^ feeandum 
proprtecaiem,qu«efthuiufinodi. S! mm IKf.G'F producancur, 
> coibonc omi|e» Itt akcra ctroakNtim «ommuni fe^ioiic V » (edtoni A 
opponuB. Ratiocfbquia^nguli AK I> AF Gfuo(tBqaaies.£rgoruQc 
ferPfopwii.Lib. 3.£lem«ineodcm fegmemo cticnli AKD. £rga 
.ppM^tocsKIj^FGqpDCOfraDcinatiQaopui^ iperipherix AKD. 
^Kuifiisi^^iiDlun Anfi^& A G F ^ A I KiinciDqBalcs i «qualesfim&eriam 
^nccps pofid Aa VvA I ¥« £rgo Hnex f G ^K f praduftK coi- 
^laincfper dcaramJPro]kinvafiqad^ii^ periplicri« Al£. dikmxrgo 
Meant iModcmpuiidOiVrria£)ue peripberiaB tdbinTpQndiOrvtn^QG 
fwlfberiaKOommuni ,quodaliiidnocicftqdbn fbdio flommuak 
Oonuenirenccefrecft. £x quoprsetereafequicufliocmomncsVIKy 
V G F^pun(flo VcmiiraSjabfcindcre-Cxduobus circulis arcus AF, 
«A G 4>liQm^AK , Alai^ules. Sedbaec>ccfi iucunda, miiiil^^ rcm^ 



PaOPOSITlO XV. Thimmt, 

NV 1 la^ duz lincacL» quaium vna cttrtta>.aiceia:rcAa ^ vef 
dkicr Cmt curuitacis yfcfe mutuo inter(ecances i Ind»' 
MCtonem babcik aeqaalem » ho^geneain» aut rcgularcm^ 
lcd iocercam & anomalam. 

J>monJlratio^ 

Primo. Linca rcAa A B, & curua A D C 
fe incerfcccnc in A r curuitas vcro fit ad rc- 
dam AB conuerfa j defcribantur quilibcc 
arcosBC, EDi tumducatur rc<5la AC ad 
pun6bum C , in quo arcus quifpiam fecat 
curuam lincam A D C. Cum crgo arcus- 
B C , E H finc fimilcs j erunc arcus B C , 5t 
E D diffimilcs. Atquc codem modo arcus' 
omncs ccncro A df fcriptos , & inter redam 
lincam AB,8tcuruam ADC interceptos,. 
difiimilesefTc dcmonftrabicar , qui arcus cum fint menfura inclinacio-' 
nisharum duarum lincanun curux U rc£lx : anomalam illam efic 
' xrgount , ic (ingulorum pan^lorum diucrfam. Quod cx eo ctian^ 
condioKiipoteft: qu^doftis)iDebBC,& £D $ nonlunt BC>BA, dua- 
bus £ O > £ A proporuonaie? i ncc yHx aliscpoifunt efle proportiooa-^ 
K j^b 3; bft. 
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lcs. MamcasiiiierffeiftasAB»ACiiiterctmneoede eft. Ergo per 
Prop. 1 4. AAoin^a » 8e ioxqaatis eft harara unearum muiua IndiBa- 
cio: ica vcfingulapundiafiiam propriam 6c peouliarem habcanc In- 
diuanonem. Necaliceroftendecur Indinacio lineac red«»6c cunuB 
efleincqaalis & anomah>quando curaam lineam i rt£k^ auer&n 
cSk eonclgeiic : calofmodi itinc eadcm cnrua ADC»6creda AGF. 
Namarcu$FC,GH>roat fimiles. Ergo FC>GD ditotleselle 
neceffi; eft. Nulla eigo reda linea cutn curua in pun<3:o concurrens» 
fiue eam reoet » fiue cangac s Indinacionem ad eam habere potcd 
cercamilSP iegalarem,(iae fed fempeFeandemsfed reoipec diuerfaovfic 
insqoalem&anomalam. VchabecparsprimaPjropobcionisad UQeas 

fCi^amdc coroam percinens. 

Seeund6igitor. Sint duac curruae linezi 
diuerfx coruicacis A D B > A I C, rcfe in A, 
vcl tangenccs, vei fecantes. Sinc , cxcm- 
pli gratia , arcus duorum circulorura inac- 
qualium ;quod cnim in circulisoftendetur,ad 
lineasalias curuas applicabitur facile ; prx- 
^ tcrquamquodprxcxtcriscuruis lineis cir- 
culariumhic habcndacft ratio. ) ac primo 
fefe tangant in A : quo centro duo arcus quicunquc dcfcribantnr , qui 
circulos kfe tangcntcs fcccnc in B , D , & I C. Oftcndi debec arcus 
BC,arcuiDl diflimilis : hinc cnim deindc coUigcmus , vc paccbic, 
anomalam cfTc hotum circulorum Inclinacioncm. Du£lis crgo Hncis 
AD,AI,6cAB, AC: quia acqualcs funt lincx A B , A C } aufc- 
rcntcx circulis fcfe tangcntibus in A fegmcnta diffimilia , maiufquc 
critfcgmentum A IC minoris circuli i quim vt nmite fit fcgmcnto 
A D B maioriscirculi. Ergo Angulus A I C in fcgmento A I C naaior 
cft Augulo A D B in fegmenco A D B : vnde fic vc ftacuco fuper ba(e 
A C ( quz xaualiseftre^ A B ) criangulo A L C acqoali > criangulo 
A D B Aneulus D per 2 1 . Lib. i . £lem. cadac incra criangolom A I C. 
Arctue adeo Angulus I A C maior eric angulo L A C » fiue D A B. 
QoMciuniufic. Si ad angulum communem O A I^ftJdahcorfiiuD- 
quales Aoguli D A O $ I A £ j^fiec ai^lus D A l minor , quka au» 
guIasOA£»fiueBAC. EcgoeciamarcosDIper Prop. 17. Lib.5. 
Elem. minor eric arco O E : qoi dkm fimilis fic arcoi BC » arcos D 1 
mioor eric > quim vc fimilisefle poiSc arcui B C. Eo<»3e modo (emper 
oftendencurarcusremocioresincerdiiaspcripheriasfefc caogeiNes in 
A ioccxce^t j fempcrefle propriotftios ponftctconca^ib A > oiaiuKas. 
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jA \m cittn Angpliis D AI mt|ior fic oftcDfus Angulo B A C 1 mator . 
erit R.adolaceris AD^ fioe AI ( quxcfldiftamia pUDdorom D.fc I 
^ punfto ooofa&^ A ) ab balin D 1* crianguti D A I , fiue ad diAio. 
riam poD^korum D , I ; ^vAm fitRatiolateris A B , vd A C , fiue di- 
ftami^poD^korum B& C i pun^o A, ad bafim BC tiiaDgnU B AC> . 
quxmeticurdiftantiam punftommB C ;inccr{e. Ergo per Pcop. 14« . 
ffaQcedentem,inxquaIiscft,6canomala Inclinacio duarim periphe-' 
rianim A D B, A I C ieiccaogeotium in A , vcafieritorin hac Propo- 
ficione» 

Qciod C\ duo circuM 
UMcquales A I C, A D B* 
fe mucu6 tnceriecenc ia.. 
A : eorum mucuaro In- 
cHnacioncm codem fcrc 
modolnacqaalem e(re,8c 
Anomalam probabimus, 
quo illud probatum cft 
proximc,cum fefc tan- 
guntcirculi. Hictamcn 
quia duplex fic Angulus 
coruilineus ad vercicctn 
A, dum duofe fecanccir- 
cuii j dc vcroque Idem 
oftendetur eodcm fcrc: 
modo. Cencro igicur A 
circuli defcribaniur B C, 
D I iccanccs pcriphcrias 
A I C, A D B, cam quan- 
do minoris circuli fc- 
gmentum AIC cxtac 
cxira maiorem circuluoi 
A D B i quam quando imraeundem inc(udicur : qut fonc duo cafiis 
▼icunquc diucrfi. Deindedncantur linca AI , A Dj & AC,ABi 
duGUQtur etiam xc€tx C B , I D rtUac mectunnx dtftanctam pUnAo* ^ 
ii]mC,B,&I,D,apunAo A concuril^^Iue mecioncur diftantiam 
cocUDdempunAorom ab tDoicemtacque basdiftanciasoftendendum 
cftproponionaksnooeft. Quod icaabfiduuur. Refta AC cqoa* 
fisieAxABabTctoditest ctrcolominorem fegmcncum AlC^quo^ 

aKriuseft, ^jUBnfioulefitfi^nsotQADBabfi;^ 




culo. Ergo Angulus Al C (dud^rcAa I C ) in fcgmcnto A IC ma- 
ior cft Angulo A D B in fcgrocnco A D R Ergo fi fuper A C tan- 
quam bafc ftacuacur triangulum A D B : ftacuetur Angulus A D B in- 
tra triangulu m A I C per Prop. % i . LU>. i . Elem. Ergo Angulus C A I 
maior erh Angulo B A O. Iaai,c6m circuti iniiions Kgmentum A 1 C 
excracircalumiiMiorem pooicur>acMaocurdiioin9qi^ C AI, 

BAD aicommoiiecii AngulumDAG,6ecangulosDAI maioranguld 
GAWkie C AB.Ergo atcOs ID raaior ericarcu GL : ciftm aocem aicos 
' GL fimilis fit arcoi BC:maioreric arcus lOqui vc fimilis fit.arcui CB: 
mai^vqoe erit Racio Laceris A B > fiue A C ( Quod eft diflancia pon^ 
concucAt A^ponftiscirculorom C & B ) adbafimB C »qukalacetis 
Aiifioe AD ad bafim I Oi criaoguli I A D : fuocaocemrete C B>I D 
dUbuKia: punaorotoC, B & 1 , D. Eigo diftaod« A C , A U punte 
A pcopotriooales non funtdiftantiis puodorum C, B, & I D.Ergo per 
PrQp.i4.Anomaiaeft inclinatio duarum fefc in A fccancid perijw^na* 
rti AIC,ADB,in eocaruiinquo circuli minoris(egmcntum cxcrama- 
iomi^iipMMiMadic. At,quando fcgmentum minoris circuii intra maio- 
remdrculum cadit>ita abfoluccur demonftratio,afilimpca eiufdeoi 
'diagrammacis altcr^ partCtiifdcm Charadcribus iufigoita oftenfiun 
cft AOgolum C A I maiorem efie Angulo B A D. Ergo addito com- 
muni Angulol AL > maior cric Anguius C A L, vel G A L, Angvlo 
lAD. Scd AngulusG ALeftidcmcura AnguloC AB. Ergo arcus 
C B maior eft , quam vt fimiiis (lc arcui I D j & Kaiio A C, vcl A B 
diftantix pun^ornm C , B a fc(3:ionc Acirculorum ad redam CB mi- 
nor eft, qu^m Ratio A I,vel ADdiftantiaepundoruml, D, a circu- 
loriim leclione A ad reclam I D:quac cft diftantia inter pun^la I & D. 
Ergo luclinatio diurum pcripheriarum AICAID concurrentium 
in A ,cumcirculiminorisfegmencumintra maiorcm circulum cadit, 
fiLic , cum eius conucxum ,circuli maioris concauum refpicic, inx- 
qnalis eft 2c Anomala. Cum ergo fiuc inacqualium circulorum pcri- 
plicri.Tfc tangnncfiuc fe interfcccnt, pundorum carum omnium 
diftantiac a pundo concurfus, &diftanti2Eeorundem ab inuicem nun- 
quam fint proporcionalcs :inccrta,inzqualis,6c anomaia eft earum 
periplicriarum Inclinatio. 

Denique in eodcm Schematc oftcndetur Indinationera iquam in- 
tcr lc obferuant duae peripherix A D B , A 1 C ad fc inuiccm conuer- 
(aciquarumfciliceccauumvtrumqucfibimucuorcfpondct & obiici- 
cur, inacqualem cflc, &, anomalam fiuc fc (ecantes circuli xqualcs 
fuerim , iluc iuatqualcs. Si eoicn du4lx cencipiantur ro^ iinae B C, 

DIs 



uiyiiizied by Googl 



//. De t4ngul0 contlngentU. tff 

DljLG. In triangulo 
D Alminoreftracio La- 
teris A D , vcl A I ad ba- 
fim DI i qiiam Latcris 
AL Tcl AG ad bafini LG 
trianguli L A G. Sed vc 
ALad LGiicaABadBC: 
mtnoreftcrgo Racio A D 
DI»lioc eft , dtftantix 
palidoruin D ,1 • i CtHk- 
I^A ciirraAsaddtftaQi;iainab 
muicetiUDrumdem pttn* ' 
dborilbi D • I ) quaaa fic 
lUtio A B ad BC, fiae 
diibmi^ pQnjftoltiinB^G» 
ab Interieftioile A ^ «4 
diftamiam eorund^ piite» 
dorum B, C, ab inutcem. 
In^equalis ergoeft,£cano- 
mala lucc Inclinaclo in^ 
terna horum duoru fiue 
a:qualium , fiuc inxqua- 
Itum drculorum. Idcm oflendi poccft de Inclinacione ezcjemits 
quam iidcm fiuc «quales, fiuc inaequalcs circnli obierua|(lc» dum 
vf riu(que circuli conuexum fibirefponda. Yer&ergoeft qooois 
fci propofico ftacuca Propoficio. . „ 

PROPOSITIO XVL lUmmd. 

NVUusangttlus diucifae fpcciei lincis comprchcnfuSjad 
alium qaemufo adgulum &auoacm vllam habcre. 
poteft. 

Ciimduo quxlibec Quanta, vt Rationem ad inuicem aliquam 
liabcrc dici qucant, ccrt3c,fixac, ac detcrminatx quancitatis , ac 
menfurac cfle dcbeant : vt fcilicct innotcfcac, dum inter fe comparati- 
tur , eornm habitudo j xqualitasnimirum , fiacqualiacire concigcrit, 
auc inxqualtcas octd^ dcfinica maioKicacc i auc minoricate conffieuca 

Cc -^^ (ncque 
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( neque cnim quanca quaslibet inacqualia , Rationis iure potiuntur , vc 
non femel in rupcrioribusdeclaratum eft ) Angulus autem iincis di- 
ucrfx fpeciei comprchcnlus, fiue duarum linearum diuerf* fpecici 
concarrencium inclinatio , nullius fit ccrt^ ac definitie menfuraCjVt 
Prop. proxime antccedcnte oftenfi.im cft : quam Angulus huiufinodi 
ad aliumquemcunquc Angulum, fiucciufdcm , fiue diucrfac fpecicr 
lineis conftitutum Raiionem habcrequeat ?Nullus crgo ADgulus di- 
ucrlx rpeciei lineis &c. Quod crat probandum. 

Scholium non Uue. 
Non lcue , inquam , imo grauifllmum rcholium : in quo 5c om< 
nlum , qux hadenus allaca fuere , breuem Anacephalxonm inire jSc 
ex eis ( poftremis prxrertim Pfbpoficionibus } Angulorum de quibus 
agimus,naturamiion-nihiladhuccnucleaci{lsexponerei ac dcnique 
difficulcates , non paucas > quas obiici , vel concigic , vel concingerc 
de^ium poteft» euidcnier (blucre, 8c mature prseucnere piopofi- 
tumfic. 

Primj» ergo cercum > ac ftatucum efto > qnod i nunonon admilRim 
eft hadenus Geomeci^ , duarum fcilicct quarumcunque finearum 
>iiue reftarum t fiue gcneris cuiufcunque curuarum concurrendum 
IndinatiQnem , fioe ad ie inuicem (itum ,ver^ ac propri^ £c tSEs, 
8c dici Angulum I & n rpale quidpiam admicci debcre » vcluc Piop. 4* 
dedaracum eft. ' 

Secund6. Anguli ad nullam quidem uerx quamitacis (peciem peiS' 
tinenc , ncque enim linex funCjvel fuperficics , auc corpus 5 eolque 
fibi vindicatvelQualitacisprxdicamencum, fi fupcrficiei Aoguli 
teribus ccrminatx 6c figuratachabeaturratio ; vel Prxdicamemum fi* 
tib , Ci ipfa fola fpe^ecur laceram concurrentium Inclinatio : Attamea 
non proinde qtrent omnibos quantiratiuis facuhacibuSb Quis enim • 
negauithad^nus Angulum AnguloeirepoiTe maiotem, vel minorcm» 
auc ei xqoalem i dum magis , vcl minus , auc seque obliqua ilacuicur 
latcrum cos comprchcndcntium Inclinatio ? At hac func quamitatis 
aftcdiones : quibus non Anguli fiDlum gaudcnt jfcd ctiam Entia alia 
non pauca ,qua; ad Quantitatem perinde vt Anguli non pertincrK. 
Nunquidenim graultasgrauitatc maior , minorve re(51:e dici poteft, 
maiusautminus pondus j maiusautminustcmpus?& cztera huiuf- 
modi , qux maius & tninus , non fecus quam verx quantitatis fpccics 
natafuDt fiilcipere. Confijle,Prop.5.& 6. Libri huius , aut Prop. 17. 
Lib.z. Examinis mci Quadrat. Qucc vero his opponipofTcvifafuat 
Jkndrcx Tacqueto noibo io&cius U refcram> & reiiciam.^ 

Teni&^ 
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Tcrtio. Expofui , idqucProp 1. quomodo , quave dc caufa quaii- 
tltacisfinicacadinfinitamnullaficRacio-.ctfiquacdamficillius ad hanc 
fecundum quantitaccmhabitudo , fciliccc fecundum maius & minusj 
quod pnKcisenon fufficit ad cam duarum quanticatum rclationem, 
qua: Ratiodicidcbeat; prarterhanc enim habitudinem duarum ma- 
gnicudinumfccunduraquanticacem, quam Eucl. def. j . Lib. y rcqui- 
riti aliamconditionemncccflariamaflcritdcf 5. vt fcilicec dua; ma- 
gnitudines talcs fint,vc multiplicatac fcfc poffinc fupcrare,hoc cft, 
vt vna altcri applicata , & quoties opus crit , rcpetita vcluci cius mcn- 
ifiira eam poflit zdxquare < vel excedere 5 adco vc ad hoc vc vna ma> 
gnicudoad aliani habere Kacioneiii'dtcatat,neceflc iic.vc vna ali- 
qttodesrepedca alteramBiettacurpraccis^»ii eius forec aliquoU) vel 
cerc^ -medacur magnicndtnero aliecat maioiem. Qs6d ii confti* 
«ericduarum magiiicudinum vnam oon pofle alteram » vcl aliam ipfa 
«laioremmetiri s fiue idconcingac, qiiiailla finitaeft »lilec:^r6' tnfi- 
aicas fiue quia vnaeiuseftnaturat. v^ieri caiiquamiai&^rA applj^ 
cari ncin poffic:oonfiabic eciam huiufinodi magnicudines»iic^ fint 
ambac finicac.fic eiufilem generis, omni racionem ^iiquam babendi 
iare carere :^uod duabus poftremis Propoflcionibus dcmonftracom 
eftcircajkngciloslineishecerogeneis comprcheqros : qoarum indioa* 
cioiiutquam vna ead^raqiie eft , fcd in infinicum perpecu6*rainor, 
qu6propiiis ad earum concurfum accedicur; iiaecautem inclinatio 
cam mulciplex «adalceriusincliDacionismenfiiram» quae vnica 5ccer»' 
caelTedcbec , incptacftsoeceftmagisapcatvcquamuis aliam men* 
fuiamadmiccaciadebque nulliu« ad aliam quamiibec Indinacioncm 
xanonis capax e0e potcfl. Eflo fic (ouod femper repeco ) ea maior,vcl 
minor.ACver^ fiambo AnguiiJaceriDas,velrcdis,velcuruis curuicatis 
aBqualis,3cineandemparcem poficx, contincantur^ nihilobftac,qu6 
liiinBsRationcmincerfehabcre pofiint : alcer cnim alccrum c^dBoere 
fliulciplicaruspote(l,fiueipfummctiri,aqc alium ipib maiorem^c 
ad Racioncm conflituendam cxigitur. 

Hxcquanquamccrta, & hoccoto Libro dcc!arata,& confirmata 
omni dubicacionis periculo vacare vidcancur: poftquam prjEfercim 
oftensu eftame tum hicProp.5.& y.tumProp.iy.Lib.i.Exam.Qua- 
drat. nihil abfurdi concra Principia Geomccrica committi, vc rebancur 
Grcg.a S. Vinc, ciuique Inccrpretes Aynfcom clarus vccrque Geome- 
tra , fiquodam Quantitatislure doncntur Auguli quibufcunque la- 
tcribus comprchcnfi. Attamen Andreas Tacquetus noftrx & ipfc 
^ociecacis»cuius induftria iinguiari gcoimis rarifiimis^ Cyliodricis 
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hi Annularlbuscxpifcatis dicatus cft Gcomctrije Thefaurus : hic, in- 

quam , alio ex capitc iurc omni quantitatiscarcrccenlct Angulos om. 
' nes. Deficiat harc mea exercitatio, Ti earum rationum non mcmi- 

nero,qu3E Geometram non vulgarem in cam fcntentiamadciuxerunt. 

Duplicem ab eo afFcrri obicruo in fcholio Propofitionis 16. Lib. 3. 
^ Eiemeutorum iaiterac(lapoftcriondeduda,alceraapriori. Ycramr 

<juc pcrpendo. 

Prior icaque ab eo colligitur ex abrurdis,& impoflibilibus,qu3E con- 
fcquuncur,/! angulos quantos efleaflTeratur.Abfuida illadc impo{IibiIia 
non alia adducit , quam Paradoxa iilaa Gcomctris non paucis nec no- 
minis obfcuri ex citata Prop.i6.Lib.3. Eucl.deduci folitarqua: falia- 
cia alTcrit , ac plane incomprehcnfibilia. Primum ac fecundum in 
ipfo textu propofitionis illius \ C. Lib. 3. Eucl. habencur, quanquam 
iubdubitec Tacquetus ab alio Aliquo ca ad Euclidem addita fijiHc: - 
fcd, vtmihi quidera videtur , gratis dubitat,&. nc Geomctriac Pa- 
Knd achierfari crcdacur : cum ofnncscum Gra^ci tum Latini codice^^ 
iii(beconAcnc,necvnus(ciim eoruna caotus iic munerus ) Euclidi» 
Interpresia omiferit hadeuus- 

Primum Cfgo ex Eoelide pect- 
\A B BL tam Paradoanim cicaio. Aodiori 

incompieheafibUe TiTam , ha ha^ 
bet. Jngulm tmnmgmtid ABJU 
ejl omm m^iUimmv mmof, 

Seeuamim. Jngu/m femUimh 
^XtiG ejtmmu an^uio mitm m^- 
for. Hocez priore prebato , vel 
priutex tfto (eeunde per fe , vc 
patec, conicquituc t vt vaicsm^ 
cenleri poffic 
Teniam. jtngMhm putmtfM' 
Q mffUinem mfittifts mtg itu imn^ 

Ms sUhmt^ifqimmti^tp pifmtiet^ 
Qttanam. Ang»tm(imtMetusABLeJtvirsfmism$g»ii rtSi JMOt 
niquit tmme»vlld Jui mutsifUemkMt fmtm tetnm nddftmre^se fmmde 
tnjinitadqmttiis ndditn ncn efficiunt Jnfinitumi. 

QjLiintum. Tranjttur j^mmmMd mnim^ &'fef emmm mediM nefve 
tMminfttsqmUiM» Si enim reda B G immocoeius extremo B fluerc' 
, fioncipiaCur perfemicircfilam GC B (emper angulum aeocam cum* 
diamecro B Gconftituc^qaaMUttaongcrqcawtgad cangencem B A, 

lioe 
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iKK«i);,miQ(»emai)euIdCLBGieaiiciivuli :ac,cu^ primum cum 
BAcoAlaerk,cumdklemBGcon(U(uet aogulum redum,hoc edj 
maiotrcm aa^^o C tBG icmiciiculi. £rgo eidem aequaiem nuu* 
^tiamGoaftin]i& 

Atquecafunt Paradoxa iIla,quaB mentis human^ capcum ,om. 
B^mque pfobabiiiutisfpeciem fuperare aileric laudacus Authonvc 
propcevea dod nifi ex aliquaabrurdo , (alT^qoe Prindpio deduct con- 
dadacsquQdaliud inqttic»cflenoapoceft ,quAmqu6d AUguli quanci 
cflc fupponancur ihocenim pofico Angulosaliosaliisefic maioresmi- 
ju>rerTe,antinccr xquales 6teri necefie efli ac .deinceps cx dt 
Quantiracisaficdioneconiequi ilia Rattocii repugnantia Paradoxa^ 
qu«(U»nin,Tbiangulcaqtia9cicatecwreconceper» ^ua-* 
neicere. Si eniito quandnonfuntiingoli > infcrcidem, nec vnus alte- 
rixqualis dici pocerit , vel ^ps vlla pars , aut eundem fup^aie poflc, 
quancumHbecmnlcip!i<e^$:cQd^mqueiure ▲t^lus conca^l^ haucl- > 
quaqul dici poceric pars Anguli ce^,ficucncc Angolijis iemicirculi,auc 
Aicmaioromni angulo acuto, & iile minor vnde reliqua {llaimmania 
Paradoxa^GeooKtriscolleifbarunc. Eafiquidem Pr^dicata ad i^Ia> 
Quanca pcrtinent» & ex foiaQuancicace emanare mani&ftum eft. 

Qu^daucem AnguIiquandnonfint( Authoris menccm fideliterr 
kaudicemverbarefetojqoanquam Paradoxa illa a racione onmino 
aliena»quaepo(icd eorufflquancicai^ perfe neccflari^confequuncur, 
£ttis perfuadenc:Rationem tamen a priori prompcum cft aperire. 
£am ofiercipfa Anguli Euclidiana deiinicio 8. Ub.i* Angulusefl dua* 
rumIinearumfecangeiHium,&Don in dire^um iacendom alterius- 
'ad alteram Inclinado. Sed Inclinatioduarumlinearum non ell Quan-- 
cicas, (ed modus tantum Quancicacis , quam lineac concurrenccs in^ 
cludunc & decerminant. Practerea cam Inclinationem , aut lincam 
clTc , aut fuperficiem, auc Corpus necefTe forct : at horum nihil eam> 
.elTe conftat. Ergo Angulum nulium , effc Quantum. 

Quod fi obiiciasneminem vnum ex tanto numcro Geomctrami 
ha(fl:enuscxtiti{re : qui ,.cum dc Angulishabctur fcrmo , eisquantiia- 
tcmtribuerenon videatur : paffim cnlm angulus angulo maior, aut 
minordicitur jfccacur inpartcs duas ,trcs &c. iuxtadatamquamcun- 
que Rationcm:qux & alia fimilia quantitatc lapiunc,ncc nifi dc quan^ 
to poilunc cnunciari. Refpondct Tacquetus Geometras non proprie, 
icdanalogiccloqui j idcmquccflc angulosdiccre xquales & inxqua- 
jes, & dicerefimilescfle ,acdi(Iimilcs. Anguluscnim ,inquic,eft dua- 
mflnlijiearumlndiaatio^qua&cumooniit quantitas, fcd quancitatis 
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tantam modus j fi vna cum akcri confcratur, genica rclaclo non 
xqualicacis dicecur ^ auc inxqualicacis , quacex folis quancicaciuis gigni 
poced j (cd fimilicudinis.aut difliinllitodinis : dicencur auccm propri^ 
anguli illi (tmiles,quimiitu6 impofitisCQmnilateribusfibicongruunc*. 
impropri^ ver6 diceteocur aequales, 6c inaequales. Eodem modo» 
cilim Angulusdicituralteriasangutiduplus , criplus&c. haud ica ac- 
cipiendum eft qoa(i<Tnu5^alcerum bis»fer &c. contineac, id enim 
qttantitaciuorum propriameft:(edtca,yt angolus vnus Avtdck vnl» 
aucdup!ici&c.lineiinduas «vel tres IncUnariones fimiles diuidacur. 

& his fimilia adducic idem Autbpr , quibus probec rolenQem il- 
lum de An^ulis quafi fbrentquanti, k>qoendi morem Geomecranua» 
infenfiim pofleaidduci^uutta,ade6quenihil poiiideris ad*quancita- 
cem angul is afltAendam ex eo pofle petl. 

liaccfunc^ do^iifimo Geomecra faae de Angulis fi^nceociae ipfi 
cum GregorioikS»Vinc & Franc. Aynlcom communis peculiaria 
fundamencatquxiuxtalnftitucum^meperpendi necefle nunc eft» 
A prox ime propofito inituimiacio* 

Aflecoitaque Geomctras retro omnes ita de angulis locutos ,yc 
non nifi concra corum apercam {enccntiam,quam obfcruare ac ve- 
aeraripareft, iusquoddam quancicacis ipfis denegsuri poflic. N^m 
prjBcerquim qu6d nihil «qualicate bc inxqualitate angulorum fre. 
quentius repecrcur , nuH^ , qoam ob(cruarim, eorum fimilicudinis 
aut difllmilicudinis fa£^a Aiencione : cafus quqjclam obfcruare eft , in 
quibus ipfaveraeorumxqualicas 6C inxqualicas , qus quantitaciuo- 
rura tantiim proprietaseft , ncceflari^defignacur, omni prxclfa fimi- 
Jitudinis 6^ diflimilitudinis analogia. Vnam , omnium inftar, Propo* 
fitioncm 3 3 . Libri 6. Eucl. lubec cxhiberc : in qua anguli fiuc ad cen- 
truni , fiuc adcircumferentiam , rationem eandem habere dicuntur, 
quam habent arcus , quibus infiftunt. Ergo Anguli , non fi;ciis quam 
arciis , cjui funt verx quantitates , habent inter fe rationem , hoc eft,, 
habitudinem quandam fecundiim quantitatcm iuxta defin. 3. Lib. 5. 
Elem. aliquo crgo qunncicatis iurc gaudenc. Ad haec cum omnis fimi- 
litudo difi:rimcn aliquod inter rcs , qux fimiles dicuntur, fcmpcr fi.ip- 
ponat(nequeenim fiibiato omni dKcriminc fimilitudo foret, lcd idcn- 
titas aut aequalitas ) nullum auccm difcrimen obferuarc liceat intcr 
doo5angulos,quori.m latera fibi mutuo impofita congruunc j non re- 
Ac > mea quidcm fententia, illi anguli fimiics dicuntur ab Authorc 
cxLmio , quorum latcra impofita fibi mutuo congruimc : redlius di- 
^icris eos , auc cofdem ellc, aut xqualcs. Quemadmodum duo arcus 
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einlSleill dixiili} qui fibi inocu^& impoiiti dli^unc , nequafaam £• 
]nilGScUcldcbenc|(ediidem,aut xqualesi ob defcifbum fcilicec di- 
(brlminis alicuius y quo fublato toilitur ratio /imilitudinis». & Aatuitur 
ratio aequalitatis aut idencitatis : icikh ver^ ac propri^ arcus nmllis di- 
centur illi , qui in circulis iozqualibus eodemcentro delcriptis a duo- 
busradiis quibufcunque intercipiuncur \ nequeenim carentdift:rimi- 
ne ( inxqualitate nimirum } ad iimilicudinem neceflario. £rgo , in- 
ferataliquis , nulli vnquam anguli (imilcsdici debenc t nam duo qui- 
conquc anguli ^ fuperpofid congruunc , a^quales func i fl non con- 
gruunCyrum^inxquales ,neceandemhabenc ad quntuor angulos re^ 
Aos racionem , vndc fimilesdici qaeanc > fccus quam in circulis con- 
clngac : In quibus arcus fimiles dicuntur , qui ad tocam fuam periphe- 
riam habcnt candcm rationcm. ^llationem illam , jegre iiccc , c6 
quod viri dodilTimi fcntcntiac pbnc fic oppofita, camque labcfacletj 
£go admicto, admictecquequilquisraciocina^opcmpauioame alla- 
tam pro meiito perpendcc. 

Kationemnunccontemplemur cx Ipfa Anguli definltionc, atquc 
adeo a priori a clariirimo Geomctra allacam , qua Angulorum quanti- 
tascivifaeft cuidcntcr impugnari. Angulus eft duarum linearum 
fcfe cangcncium & non indirciflum iaccntium Inclinatio , vc habetur 
Lib.T. dcfin.8. Elem. Sed Inclinatto ,inquic,duarum linearum noti 
cft quancitas: ergo nec Anguki. quantitas circ poicn:.- Engo nec 
quanticatis Pracdicatavlla, vcxqualc , ^ inxqualc , maius &: minus, 
pars & totum,.Angulis poffunc conuenire : fimilicudo camen &diffi. 
miiicudo, fi cos inter fc comparari concingat, iis compccic : fimiles 
autemfunc, fi impofica laccra congruunc, Hn fccus, diflimilcsinec 
vnusalccriusparsnili analngice vocabitur. Huic Argumcnto tom 
hic , cum alias in examine C^Klrat. vt fuperi^ memini » abuod^ fa- , 
aum eft facis. AdmiiTum , aSkrcumque non femei iam eft i n» nol- 
lum Angulum, Hue Inclin^ttonem duarum linearum ciTe quantita- 
tem t redpeninereramadqualitatem«tum adfitum diuerfsl ratione, 
Ythauditamult^iant^ expofui.omni cameiinon carere qoantitatis 
proprietatc ficotnecaliamultaEntia ad varia Pratdicamenta perti«~ 
nentia. QuaicAng^us dicitur maxim^ propri^ Anguius pars;,&' 
vnus xqualis alteri ^ vel inxqu aliS) quin imo « vt oftendi^ non nifi im- 
propri^ , 6c ahak^ic^ vnus alteri fimilis dici pofte videtur : quod Au- 
thorishoiusieiicentfocopponiturlbdiamecro. . 
• Reftac Argumencnm h Paradoxis illis fuperi^s memoratis petlroms 

quxjqmluimane mcntis aci64ttdcre vifiiiuntlnfigni hoicGeomccrq, 

ipfam 
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Ipfumin feam adduxeruncopinioncm , Yt Angulos omnes omni ca- 
rcrequancitatisrationciudicarit : nullus cnkn modusadcadc mcdio | 
tollenda 5 & Principij , vndc narcuntur , fallaciam declinandam cidcm 
occurrit cx pedittor. Ac ver6 , ecA lisec admiranda plane func , vt alia 
nDnpaucdquamicacisaratnayC^quelaoagisbumanx memis hebecu- - 
do dolcnda } qu6 dcnfiores tenebras in rebiK {KicicfNr» qtnbus nibil noa-^ 
gis obumm fenfibus ' occnrric : haud ide^ tamen vc inania , aoc fiilfa 
condemnanda , cto caciocinacione cam eoidentt ^ Principiis coHigan- 
curcercifiimis. Nunquid vnusaliquisGeomecra in dubium renoca- 
aichaAenQspan€faiiliam Propofitionis i^.Lib.3. Euclidisqua proba- 
tur incerlineam can^ncem A B(m fig. e^m)& peripheriam C L B 
aiiam duci non pofie re^amlineam » quin circiilam fecec? Ac hoca^* 
mifib a vc nonpoceft ncmadmicciyca omnia Paradoxa pari iore ad- 
micd necefie e^ , quippc qux ex eo ner fe confequuncur manifisftifl . 
fiffi^ vc pa«ec ex ipTo Euclide s qui vbi probauit incertaogencem A Bi 
& peripneriam C LB cadere non polTe aliam reAam,coQegic per 
Axtoma,qiiod Inefcidens Induib maius fic , AngulHm tmxHm ABL 
wihmme^emmm^hitntto \(jrMngttlMmfemicmuli LBG omni ae0t§ 
,ffiaiorem. Nequc cnim , vc fupra concendi , nifi gratis dici poteft bacc' 
doo Cocollaria ad Euclidcmadiedafuifie ab alioquopiam Gcomecrl, 
ficot nec adie^a adPropoficIonem 3 1 . eiufdem Libri 3 . cenfenda func 
lixc aiia duoexeodem Axiomate coUtda. AitgiUm msMis fegmenti 
reBo quidemmmorefi'y mmrkmtttm fegmenti mtgitlm , ffWMf efi reSio, 
Fuere fcmper Geomecriae cultores erga Geometriz Parcntem ob(er- 
uanttores , quam vc eius opus tam abiolutum quoquo modo temerare 
non vcrcrcntur. Quodcrgo a^Tcruitacdcmonftrauit Euclidcs , quod 
omncsgrauiffimi eius Intcrprctcsapprobaucre:haudfallacia: cuipiam 
obnoxium cfTe j haud aHquid, quod a Principiisluminenaturali, ac pcr 
fe notis fit alienuin cx eo confcqui xftlmandumeft. Nec vcr6 adeo 
mcntishumanacfacultatcmfuperantharcduoab ipfb Euclide propo- 
fitaParadoxa ,a quibus csecera deducuntur > vt pofthabita omni ea 
percipicndi fpeinfola ipforum admirationeconquiefcat. Quis enim 
cuiuuTi cum rcclocongrucre nunquam pofTc non pcrcipiat euiden- 
tcr ? At , fi attcndas, nihlleo oblcuriusp.roponitur ; cum Angulus con- 
tadusomni acutoRedilineo mlnor elfcdicitur. Rem ,etfi ex fupc- 
rioribus \m\ fatis patcat euidenccr ,quoad cius obfcuhca^ paticcur». 
exponam 

AnguluscontaMs AB L ( in eadcm fig. ) Angulusquidcm cft,c6 
quod duabus lineis reda B A , ^ circulari B L concurremibus conti > 

ncatur: 
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«cacof : qaaram vcra^tie io fuas fpecic fimplex eft , ac tegulariflima. 
Accamen fi inclmauo vnius ad atccram pcrpendacur , nihil mngis 
anomalum,auc irregalare rcperias \ fempcr cnim quo propiub ad 
concurfumB acccdunc, c6 mlnorem forciuncur inclinacioncm , nul- 
laquc potcft cam paruaalHgnari.quinminor in eodcm angujo con- 
caftds pcfTitiexhibcri : onuies fiquidcm poffibiles inclinationcs habcrc 
nata eft linea circularis , aut alia quaclibct curua cum cangcntc linea 
rcifla. Qj^iemadmodum igitur lincacuruapartibus conftat quantita- 
Ciuis eiulraodi, vt nulla* fit minima,fiue vltima.&qua minor dari 
non poffic l alias pars illa minime foret quantitas , nec vcrani quanti- 
catcmcomponere apta) ita ctiam nulla eftcius ad cangcntcm rcdani 
lincamincHnacio minima,& vltima, autqua minor dari nc^n pofTic, 
a^lu camen omnino omnes concinec. Obferuandum cfl prarce- 
rea, abcodcmpundo , inquo linea re£^a curuam cangic , aliamrc- . 
Aam duci nou pofie iofra cangentem , quz infi^a curuam non cadaci^ 
ica. ncarita incer vcramqoe media imercedac : auod quideai d>Eacli- 
ilequoadlineam circutarem dembnftracum eft euidencerndem ta« 
mennonminiiseutdencerverumefle con(bc 10 curuis quibudibcc, 
qUas , qui concaux func > i reftldefle^lere necefle eft. 

Hxcquiactentiiis perpendericifuHam maiorem pr« afiis clrca 
. Quanciracemoceurrere (bticis , difHculcatcm inhacdeangulisdiferca^ 
tione^elufquefolutidneeumpairurumcxiflimo. Illa quidcm cert^ 
Paradoidafiiperiusallaca , admiracione digntfllma , lucauicn neclL ve* 
ritatealiena', ncc a fairoPrincipiodedudacenreridebcnc: illud enim 
€llvaicum,qu6d nimiru Angulusconcaifl^is omntacucorcL^ilincomi- 
- nor fict^quod ab Euclidc ipfo demonftracu cfli^ anomalaitta fuperii^ 
c^plicacacurruse cuiufuisad rediam cangenc€ minor (empcr ininfiai- 
cum Indinatio oftendic aperciiTim^. Hoc aucem. pofito confiac Ang»^ 
/umfimieircnii marcrem ejfe omni angulo acuto^ hoc cft,omni angulo, 
qui xcSlo minor fit. Quia fcilicct eius a redo differentia , angulus 
tonca<?lfis , minorcft quoaisangulo rcclilineo acuto. Ergo rcliquus, 
nempeangulus femicirculi , acuto quouismaior cft:. Quod eft Fara- 
doxum fccundum. Tcrtium autem quod Angulus c^uicun<\tte rcHili' 
new infnitos angulos contaSfus contineat c[\i\d abfurdi aficrit ? cum angu- 
• lus concadiis infinic^ paruus,5c infinitics infinite paruo n .inor cxifTarj 
non fccusquam lincaecurua; parsinfiniteparua , & infinicies infinitci 
minoradpunclumconcurfidscum reda linca cangcntc conllituitur. 
Quartum , qu6d Angulus confaSfus veru furs ftt AnguU re[li , nec tamcn 
fe^vUA fui ntuUiflic4iione fu^m iot/tm sd^usre^/u ^r^^tud^ tnfnitM 
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MtiuiilianoneficiM»$$nfimtMmiV\%6\S&ni tertio. £(l /aD^ p.ars atT^ 
gulired: : c]uiafieomolcecuranguIusrc(H:us fic reUquus angulus fe- 
niicirculi rccl:o niinor. Ncc abfurdutn cft Infinicos 2^ngulps coma^ib 
non crticcrcangulum infinicLim , ficutparsquantitatispalmarisinfini- 
nitc parua luxta Pron. i . infinitics fumpta non cfficcret quantitatcm 
infinicami (cd vcl p.ilmarcni ,autciiam pnlmari minorem. Quintum- * 
dcnic^uc ica hahet. Tranfitur k minori ad maii^ , (jr ^eromnia media , ne- 
que tamcn pcrdijUAli/i. Parquidcinin hoc cum cxceris admirationis 
cagralatrt.at minimcfmaiordilHcuhas : Nam , vtcxeodem cum c.x- 
tcrisPrincipiodcducitiir > ita ex codem ciuscum cxteris vcritas c!u- 
ccfcit. Duiii enim rcda B G ciufdcm fchemiuis luperioris ,immoco 
cius extrcmo B fcrri concipitur per ambitum GCLB,doncc ad 
TangcnccmB A pcrucniat, &cume.i coalcfcac -. confticuic ipfa qui- 
dcmomnespoflib.leslnclinaiioncs cam cum rcda BG,quam cuai 
Tangence B A , quae reftis lineis concineDCur i acque acie6 daco cuiuis j 
apeoloaCuco reftitineo xqualem alicubi exhibebit } nec dici poceric I 
eadem reAa BG (ic iIueos,tranfire i minori angulo quam fic datus tlle, 
adangulum eodem m^iorem « qotn aflcri pcrinde pofEc ,eidem xqua:: 
lem conftitoere. Ac ver6 > fi angulos mixtus ex red ^ 8c caru^ lined 
dattis fic , qoalts eft angolos femiciieuli G B L , vel.alius' qiiilibet an- | 
gulusfegmcnti maioris , fiue minoris , haod quaquam ei aequalem ex- 
hibicuraeft fluenslinea B G per ambicumlinex corux.» excmpli gra- 
cia G C L B i quandiu cnini B G re^a coroamdecorric , ab illa reragit 
huius finus : fedvbi primimi cotam curuam emen(a fucric, & cum 
B A coaluerlt jangulum rcilum ABG maiorem agulo fcmicirculi 
GBLcon(lituatnecc(Ieefi::qoia»vc fuprjLoftenfum c(l, aliqua&ni- j 
per e(liic^tanomala>Iines tangentis BAcum nrcu BLInclinacior | 
qoas eft complcmentum ad angulum fcmicirculi G B L , vt fiat rcftir* 
angulusGBA. DeniquehuinsParadoxinon adco occuhnm vidc- 
curcircfundamcntum j ciimaliud nonfic, quam quodredalinea cum 
cuniaB LCnc mlnimo quidem fpaiio congruerepoffic, VC cum rc- . i 
Aa B Geundem angulum vtraqueconfticuac, • * I 

Ciim crgoea fic hac^cnus expofita Angulorum caufa 5 vc ex qud- 
dam quanticatis lure ipfis concclro non modo nihll a lumine narurali 
alienumjfcd ncc adeo ipfi abftrufi.im confcquatur i quin facilius qu^rr» 
alianonpaucainquantitateoccurrcrcfolita^concipi pofiit : quod ius 
fi iifdcm dcncgctur , grauiora quxquc ac maximc ncccffaria tot Geo- 
marixluminum monumenta , quibus hancdikiphnam nobihfiimam j 
nobis pcpcieruQC , analogico , ac(][uiuoco > ^ vc oftcndi > oppofico fen- 
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fuaecipieodaiiiit oon fine grauitottanton&tnque Atichoruin ioiuna, 
reium coDfiifiooe,ciirpcndi6queGeoniecria; ftudidfiMrom : baudqua^ 
qoam veteri » ▼eriqoe de Aogulorum propria quaoticate feucemia 
omiiIa»feceodoremhaoclic^t Geometris nbo vulgaribus ,<)oibuf' 
cum hadeousdifputatum eft j acceptilCmam opioiooem vt amplc^e- 
ser adduci potul Quam meotem meam 000 mcdiocricer ftabiliuit 
Vallifi| Geometrsalioquioooimperittdirquifitio de Aogulo conta-' 
^fts : io qua Pelctarij pridem reicda Placitaoouis Argumcntis rcfti- 
cocre conacurs ied quibosdifcereliccatquanti fit pericuti Antiquo- 
ruro faftiditis Pnnciptis DOua.commioi(ci. Quod vcconftcccutdeoteri 
nihilqoe»quod oocurreric . omitcam , quando id ago, huius generis 
aoguiorum naturacexplanandx vcile,fi^!»U Uoikti Auchoris A«» 

fimenta , licec ca fer&cx di^ diilbluere pioio^aai fic , excuceie» 
reforeviiumeft. 

AaGVMENTVM PRIMVM. 

Non conjlatde Angulocontacftts Euclidis fententia:quare ad eum nec fta' 
tuendttm , nec reiiciendum , qujdquam confert eim Anthcritas : nec ab eo 
dtremfta efl hac gQtHroutrf^^^ , ncc ex eo dinnrifote^, lca fcncic cap. i. ci" 
tacus Autiior. 

* • • ' Rffionfio. . 

Aut Anguli concingcntisc realitas vcra , & pofitiuacx Eiiclide conftat: 
aut ex Buclide nihil vnquam certi , & manifcfticonftare potcfL Aa- 
guIumconca^{is, Anguium vocat Euclides. Angulumconcadiiscum^ 
AnguloredilineoacucocomparacEucd. Angulum cootad^ partem 
eftc Aiiguit redi , cuios dcera pars iit Aogulus femicirculi a(leric idem * 
fiiic&le& Si Angulus eft ex fiiiclide Angulus coiicadiis j ex Eocllde * 
xealequidpiameftfitoslcilicetdoarumtitiearom iodioaurum mutu6 
cooonneotiuOi. Si ab-Eoclido cum poficiuo angulo i-e^^ilineo acuto ' 
«MDpafetttHflCfpftNiiab EociSde ceoferi poficioum oecefle eft. St ' 
idem Aogulus oooeiAib pirsab Eocltdedicator Ar^li redi * qui rea- 
liaeft^ ipfeabeodem realisdici.debet > niH graoimmum Geomecrix; 
Pjnentem hoc ta Atgooieoco ougacum efie 8c toeptiifle prxccr dcbi- ' 
cain ei obreruaottam aiIc^amus.Coafiile,cjU2e.Prop4.5«& aliis,io iiaoc ' 
fcm aliacafiuK > fcfiifiiks explieaca: qoc mc perpeiamTepctantur. 

Dd 1 AHQV 



ARGVMENTVM seCVNOyM, . 

Argumcntum KocaPctetarioprimiiraexcogiiatumeft : <^uod qoih' 
dein a Clauio e(l euidenti ratiocinacione longivis itieftoiii 9.0011 il» 
tameOfVC ab opilis Yalii£i> illud rubdaxauscimqtie,^qaamui«{rVt 
^fiwKarcap4.exrremo,nonignorafechanc Peletarij {kMathat 
^griite antehac aOEenfum^ inueiiiire , ab eo refumcndo non tantito» 
.jcoerrueric iicd aQimosetiam eviemfeciire videatur,ideR|> fo> 
«ct , reftituendi , confirmandique : adc^ irt a^erac hocin Argumeni» 
veram dr ^enuinam jinguli contaffus cMfjint contmeri , ade^que a pr/cri 
demonftrart. Hancergo caufam , hanc a priori demonftrationcin C» 
oceValliiii,audiamu$i &deLncep5 ».v^tparfucrit, ezcipiamas. 




jDff^w, inquiccap4.exinciitePcIetari|,^SCP 4iiUtf fc mmMi 

wcitmuoliii : vh femenerit ad famm M^ txmgi^ nSi fkmi dMqmu: 
fpfcntAdhMcm^gfiokliqui, cmnp^mmtm faerit Md fttmMK,^ JU 
demcep donecperneniMtatrMLj^M 5 m^e etfim eeff^Ht ititetfiOit^ & jmmi: 
sngulHs euanefcet: quonidmnon tMm imlitm^r M HBmt.A^M m 

ipfd iacehitimmerfa. Neque fjecHS efi in cnm^ Si emm B Z pet Im^mm 
cmult & perifheriam fecoinsin Ayfuper eo. cinmUbmmir yfem mm^ 
pji contwue vartf cum peripherid, don^ecttgmtffiiHmie , /inea E D faam 
fitBK: atque iam linea. EDyvel El^ mn ineUnMtk ^rfHfffmr Jrd imi 
merfn w ipfdperipherid BAC, qtt^timmMdcm^timil 4Mw«>)m lUimg^ 

i^fffi '£f^,^ ^c. ^^timttftSs^ 
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Hxc quafi ez Pdctario tAMYaBBas. Quibus quid idooi addie 
dc fuo ? ecce^ Mbdttfe^^v§ltPiUhtfmr. Mt0imSD fftm ftr»entmm 
cfl i adOcnm E K ,iKHiiam iadimri ad perlpheriam , fed fuper iffmt> 
mnXtm^Mire , & etittUnietm f^fd , eo v/que ( nota ) dMm perifhtw 
f»pptmmtmdtmkielm0titimmmmtu»qmml^^ fmieit A, 
Tttm paocis inierie^ ^fim feripbtrut itttiiwmk , fM w pmih J> 
tmMetifm : ttm fHmktms^^fi A Ttteffum efl ,ft aliqus, 

Idefacap«>.eifii^iffiusiiieiiifl, fuifque ▼crbis poft atia quxdm 
iis noa abMnilia, fnbiongic Atigulm ^nmfmmem ferifberiei B Aemm . 
Hmitefrt A D , mt Mjtimmtim ef feeundum intlhtstitnm , ^«4« luAet 
ferMerim i pmBs A remouor :jeifeemu&m iHm, qifjhi kiAet ferimeter 
infiifmtkttUconUguAi fmfmhs in ipfojtm^fo Aconcifrfis. H«c cfl 
Vairin) oracio dc (emi^nraili A ngulo diitefemis, Q^ibus irmilia ad- 
ducie cap.^. dc Afgufo eomadiis in bxc verbav ^gop^o ferifjberim - 
MAt^ reHm tMfi^ntem^ W fe imlj/t^rijAhimtqitntd fmmffjim con^ 
iurfh A ttii$eidm^m^m^mtt inelmmnur, Sejt(^ cfm Peletmio uffarrtm 
4ds foltm linem iitifmtriin ftm^o eenfmfi^ quu , Ji ^rtdutmtiur yfe mU' 
tuo fecA^unt. Hscc cicatlslqcis Vailinus cx qqibus^ cum quaedam fibs 
minuscohacrcntia afl[erautor,vix percipiapiv- vcriiifquc huius Autho- 
ris de AnguUs oQpudus, U iezBicircuIi iieocaKia >xiui^ue decla- 
lario. 

ReJI>onJto. 

Mirorfane cur apud Vallifiunftantse fueric Authoricatis,ac vencra-- 
tionis Pcletarius : vt cum Peletario maluerit affirmare , vt proxime rctu- 
li , easfolum lineus trtcltnart in punBo concurjiis y qu4 , Ji producmtur yfe 
mutuofecaBunt :(\uim cum Euclidc fcntirc dtias quaflibec lincas quo- 
modocunque concurrcntes, mutu6 inclinari i fiue,quod idcm cft,An- 
gulum conftitucrc : quam cum Eucl.Prop. i ^.Lib.3. Angulum vocarc' 
angulu concadus : quam cum Eucl.definit.S.Lib. i .Artguium dcfinirCy 
InclinacioQcmduarumquarumlibcclincarum fc mutu6 tangentium^ 
& non in dirc^lum iacencium. An non fe cangunc in fupei iori figura, 
reda AE pcrimccer AB ? An indiredum iacenc ? An non agno- 
^ipleVal)iuus»vccxeius biitlooe cap. 3. eonftat^ea voce vfum 
cft£iididcm(cenroli&iciIicet,vt decmc GeonietFiae PiM«nteni> 
<]u«citilibec doaram lioeacttm eoncorrendsB y fioe ie nncikm range- 
^ jtem» fiito lecareni» aeqa^ oonDcoircc? Eft oimirom Angulus apu(C 
£nd.Lib*t.deftitcJ.dtta]<am]lnearomd9r]o|ftlrtf^ (e(e can|peii^ 
tsaoi IwliiKlio rvt perperam vdintPeletarius r&qui eius partes coO'. 
JBr,.VaOiAli>.adA»gulum«oiifticueadam tieceiudaffi efleirneatontf^ 
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iedioneaitncccadiimialuniadid fans cfSL Quod vt adefoerme, 
pofterioc praeiercims qua -.priorem k Clioio egregi^ escepnim non 
igaorabac • caufa non {Ktcuic noa graoiffim a occDrri(&. ' Qaam . iiaud 

aliam effc ceniieo tquam cam, quam ait Vall. vcram & gcauinamefle^ 
& k priori nacuram Anguli concadiks 6c iemicirculi dcmonftrare. 
Qu«nam porro ea c^Tc potcft , cam occuka , vc Euclidcm , cjctcrof- 

3ue eius Alumnoslia^enus lacucric , Eccc , cam proferc VaU. & qui* 
cm nonaliam>qutoquae4PeiecacioaUacafiierat» fiftautem lioiur« 
modi. 




InSupcriondiagrammatclincaCDadalceram AB pcrpcndicu- 
larmn punaoE,circaillud immbcom conuetcacup, donec ad ipfam 
AB pcrucmac:tunc nullum amplib angplum cdm ipsa effidec^aic 
Vall. Ergo ctiam , infcrt idcm , rcda E D per cencrum dmili duAi, 
& cius pcrimctrumfecaiisinAfi ciica punaum A immocum conocr- 
taturdonec ad tangcntcm EK pcruencrit : cunc nuMum aogulom 
conftituetcum ( caueat Vall.quid didurus ficjcum pcriraecrd Afl* 
inquic: at cumpcrimetrononcoincidit conuerfiiE D»fcd cumieAa 
E K t pcrindc cft, rcfpondct j coincidit cpim conuerfa ED cum 
pcnmetron A fecundiim punclum A. At num ctiam obliqoa EA 
pcr A tranf ens, ciim periraetro B A fecundum puodum A coinciditl 
Ergo nulliim etram Angufum rccla E A , vel alia quaclibecjtcaa pcr A 
tranfieus , cum perimctro B A confticuct. Idnc admiflimis cft.VaM.- 
Vtadmittatporro necefTecft ; fi quo in in cafu linearpm coincidemia 
fccundiimpuoaumrufficiat ad angulum dc medio toHcnduminc-- 
ct-flanaque minime fitlinearum ipfarum coalerccntia,qualem Cxigic 
cius Argumcntum. Aitcnim , tunccuancfcit Angulus inpriori figu-- 
«ciUacDpucrfareaaCDcircapuiaaum JB fixum,pernenic ad r?- 
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'&sm A B I & ciun ea codtfeic. £rgo ectun tiiteqind^ figudl eoane- 
ibec Angukis» dua refta £ D conucrfacirca pun^um A fixum pcr- 
iicniecadperimccrumB A»&cum ca coale(cec(id cnim exigic Ar* 
gamcntumhoc ^ fimili dcdudum. ) Acqaandonam reCtsL cum curus^ 
line^ coalicuracft i dicac ValK cum demum enim 6c Angulum iemi- 
circuli rcclo angulo rcdilincocqualem > U Angulom comaft^ nihil . 
efrccuiiiip(bBullosnonccn(cbicGeomecra. Enigttumhaec allaca 
CitaWixudovirmn eft gefiufftam ni taufam ( cur Angukiscontac^us nihil. 
fit ) corftmeMtfsdeoqiteJkfriehdetiM^reffSed^psMGis adhuc hic lubct 
Vaiiiiium cOpuenire. 

Qaxroicaque quofenfu hxceius vcrba polBnc inteUigi ? LinesEK- 
tin^ivMf fuper ipffmperifherum B AStAceiy enmiffMtemcidit eovffne' 
dumpenpheria fupponit$r esnd^m inc/inat/onem retinere , quam hahuit in 
ipfo punifo A. Tum iblde {v^^xi.I^ftus peripheriimclinatio qud in pun£io 
ji nulU erat^cum primum ab ipfo recefsti efi^jit alicfuaXJmcdL crgo 1-. K rcfba 
alic]u6 vfquecum pcripheria conincidit,hoceft,non in folo piindo A 
contadus coincidicfed pcraliquodfpatiu. Ergo per aliquod Ipaciure- 
dlumcuruu efti&curuureclum.En in ccrminiiConcradidio.Vis aiiam? 
ccce^appcrtiffimam. Peripheria B A S coincidit cnmre^dE K eo vfqne dum • 
peripheriafuppcnitur candem !nclinationeretinere,qua habuit in ip/o punffo 
A, Retincc ergo periphcria eo vfque dum,\d eft,pcr aliquod ( paciu quam . 
habuit in ipfo pun^o A. At his quomodo cohacrcnc qux fcre immedia- 
tefcquuntur. JpJ/w peripherije Inclinatio ,quA in pua^o A nulia erat. 
Eft crgoaliqua peripherix Inclinatio in puncto Ajficin pundo A 
nullacft peripbcriic Inclinacio. QujcduxPropoficioncs fibi in tcr- 
miniscomradidoric opponiiocur. Adhsc. Quseroex Vailifioquse- 
nampoflic eflc pcripheris Inclinatio ad liheam tangcncem in ip(o 
pundo Ajquxaliquovfqucrectneri roppohaturtAn ftipponic pun- 
Aum Aparceshabcre ? fine iHiscnimlncUnacionuUaefiepotefl;. Acii 
pun^lumdicacur partes habcre^dicator necciTe eft,punVlum.non 
^ eilepuncbim. £ncrgo terciaip adhuc comradidioncm. Denique. 
ecccTCvencacisrpIendor catigine obrut cam denfa nunquam podit» 
quin cmfccc Quibusenim apcrtioribus verbis,vel Clauius, vel Alius 
quifpiam Angulorumconcams «fcfcmicirculi ACTertorvci podcc ad 
eorom conftitutionem 5 qu4m quibns v(us eft ValliHus ? Peripheriar 
inq u ic , inclinatio , qua in punffo A nulla entt^ ettm frhtuim ab iffo receffum 
tffft0ii*li*^y ad tineam videlicec E Kcangcntem, auc etiam nd dia- 
merruoi A D : inchnacioenim vnius linex non niii ad alccram haberi ' 
il^iie poteft*. £rgo fic Angylos adpondum coacurs4s A i periphe<- 

ria 
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rla BA 6c MtsBk ui«iice£Acoiicemus:qu!d caifli idkiieftiitcftiiado 
aHqua peripherist dim prtmiuii tccclSm eft ipante A^Korfu^, c&m 
fiac aliqua Deripheric inclinatfo ad cangcocem k A vel fi mauts i cao- 
gence £ A aecUnaKio,d!im primto i pundo A ccrncursib feceilum 
toquiior iieceflari6 concra Vall.Aogulft remicircuK DABeflTe Angulo 
redo OAEminorem : decUnac enim pcripheriaB A, vc afleric ValU 
re^ cas^ence E A^ftacim vc ^ puncHio A rccefsu eft.. Ergo eciiex ValL 
dboa primjim ^pon^o A recdTum eft , fic aliquis peripfaericB A ac* 
ceflus ad diametru m A O :quo acceflu minuicor Angulus re£lus D A E: 
quo fic vc Angulus D AB femicirculi mtnor euadac Aogoioredo D A£» 




(npr4 rccitara funt vcrba. Egonego ferifhemmB A , ^ re^lfim tangCB» 
tmEKM^femUtMrif/tltemquoAipun^MmemnrfmA. HicomifTa fu* 
pcriusoblcruata , quam commifit Vallifius ,concradiAionci id folura 
nuncquzro , qui intelligi po(ric pciiphcriam B A , 8c tangcntcm E K 
nonincliaariquoad pundumconcurfus. Enim vcr6cuiusinclinatio- 
nispundum A concursiiicum partibus carcat,capax cflc potcft, vt 
dicacurinnoilrocafu nullamineo fieriinclinationera?Ergo in alio ali- 
quo cafu inclinationcm aliqustfn in pun<?Vo fieri fatcndrm foret-.lci- 
licet faccndum aliquas pundi partcs abaiiisciuf(jcm pun<fbi partibus 
abfccdcrC) aliterenim quxLiis inclinatio concipi non poccft,cum fic 
vnius ad alcerum. Ac quodaam undempuuifii gcnus , iilud cilcc, 
quod parccs habcrcr? 

Ex hisjquac paul6fufi^s profequi libuit eo quod , vt aicbat ValL 
yeram &genuinamreicauram conctocrenc , 6c a priori dcmonflra- 
rsm ,cumplace &duia facis rcor Argum^nta huic i Pelatario quidem 
primimi aUaco ,acdeinde i Vdlifio repecico : i qua rcpericioife abfti* 
nuiflechauddubi^ fi graoem i Claoio dacam adoerHi» Pel^c^ium 
Refponfioncmaccenriiis perpeudidec Ad alift qoacdam ciaoieo' ab 
eodem propoiiu Argumeoca. 



Q 



ARGVMENTVM TEHTIVM. 

1^0 y^liipm Jafftkm contaSii mfuffiat» 



A iTguIum coQcadftsconfigere conatus eft PelecarU]9pecico«»{pfius 
Ejjclidis pharecra iaculo : quod idcm validius corquffre iiicagic cap. 5* 
dUquifionisfux ValUiuu audictco cciam.. Ac^bimodis hiaoU^io hone 
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Lil^. I L De Angulo comingenH/t. 1 1 j ^ 

crgo fenfum agit. Si Angulus concadus quantus cft , 6c policiuus : ci 
3Equalis,aucetiamminordari poteft Angulusrciftilincus. Scd hocab- 
fuidum'cft. Ergo Anguluscontadusquancus non cd-Jcdiraaginarius. 
Minorciaracftcx Prop.i6.Lib.3.Elcni.quacon(}at Angulum coiadvis 
cfleomnianguloacuco redilinco minorcm. Maior auccm claia eft, 
inquiunt , cx Prop. i . Lib. i o. Euclidis. Nam per hanc Propofitionen» 
ii Angulocoma£k{U} £c Anguloredilinco propoluis ,dematur (zm- 
per , vc demi nihil veoc > cx Angulb Eedilinea diffi^^lii^ifipk »aoc pluf- 
quamdimidium ifdinqiiaairtaijdcm Aoguluj ^e^iifimm Ao- 

g0lo contadib propofica Iiem a^rit Ardiiin^4#i 

iOuxi ac Cvlin. Mk dmihm mtptttMubm klm^mii* fo0iic effi 

* (uuri9Miefmke:qMttnmwrimr wdwmiwm iJiifmm mmrem RMkm^ - 
nemyqusmkdhtm^igmtmUmmriUmMU^ : Itaque propoflcis dno-< 
bus Angulis inaeqoalibos Anguld icilkec rediliniiQi piaiore» fic Angulo 
cpntadls minorc, poflibilc eft doas redas definire : q^arumminor ad 
maiorem minotem habeatRfltioiiem,quiiEn Ang^osconn^i&sad Aat* 
gulum rccli Iineum.$ied quam Ratioiiem babet linca minor ad maior^, 
eandem habere poceft Angtilus qttiTpiam rcdilineus ad Angulum 
rciflilineum maiorem datom. Hoc enim vtPrinn^ium perie nocum 
a Geomccris pafliai vfurpatur. Quod ii verum eft ,yt vcrum cilc ne> 
nU)2iion£uebicur:pQcericdari Angulus redilindus quifpiam Angulo 
minor. Ttenlm Angulusredilineusad Angulum Redili- 

X neum dacum , minorem habcat Rationemsquto-Angulus conca&As 
^eundemdacum Angalum redilineum : necedceft , vt Angulus re» 
ojlincusminorfit AngulocontaA^s, pcr Prop.S.Lib.^. Eucl. vt fci- 
licctminorcm habcat Rationcm ad Aogulum reclilincum politumi 
quamadcundcm habet Angukiscontadfis. Ecce igitur vtdari poflic 
Angulus rcdilincusAngulo contadus, minor. His Euclidis & Ar- 
chimcdis praefidiis fretus Vall. quibus firmiora vix reperias,qua(i dc 
vidloria fibi , fuoquc Pcletario parta fecurus Hoftcm pronocac auda- 
cius. Quid inquic,Clauius adhaec?Clauio digna, Vallifi , qux mi- 

/ nusbcne a te percepca.in tui gratiam rurfus adducam : hanc enim 
difficuUatemdilui ftjpcrius Prop.8. ciufquc Cor. quam mcmenci non 
inanis cflcoportctiCLimealoIaclarifljmi Gcometrx P. Grcgorius,6c 
P. Aynfcom perfuafi a Ckuio , ab Euclidc » i (i^ii^ jmgm nom^s 
GeometrisdfifciuenEu * • , . 

Sefimfio. 

Huic Argumento iam fupri ,vc proxim^ mcraioi , refpondi cjl 
mcm^ClaiMj^ PjQp.iuiiis^ :3cdexcojKj:ipQnriQniiIii non parua 

, • £e ' fada 
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2. 1 4 Z'/^./ /. De Angulo contingentu. 

faiflacft tum lucis ,tum firmicatis acccflio cx Propoficione i^. eiu{l 
queCorollario. Dixi igitur ciim Clauio , & cuidcntcr oflendi Pro- 
poficioncm i. Lib. i o. Elcm. non nifi dc magnitudinibus intclligi dc- 
bcrc > qux Radoncm intcrTe habere funt natx : quas Eucl. dcfinit. 5. 
Lib.^.dcclarauitrqu^rcilicctmulciplicatclcfc mutuo fupcrarc pe-KTunc. 
Incuiusaflcrtionis fidemcoDlulendammonui ciufdcni Propolicionis 
Libri 10. demonftrationcm , in qua adhibct Gcomctra quancitatcs 
iblas , quaemultipKcatjc fc/c foperatic 5 & ver6 prxparationem ad dc- 
monftraDdam adhibec 5 quz makiplicauonem miooris quantitatis 
fnppooitdoaecreoer^maiorruperecuf. Vide,quz fupr^ fiintis in 
hanc cem addaxiPrio^. etoiqae CocolL Quibas addenda funt qux 
Ptrop.t 2cCoroHariocx cil dedodo dedarata , probat^ue funt Dt- * 
miram Angulos quodibec mixcos , 6c qusbi plurimos iimpliciter car- 
-Qilioeos I omnes iciiicet iis excepcis , quos excipi debete docui Prop. 
vx.qoi (cilfceccuruiscoDtinetKurliiieis eiuiclem curcritacis) ade^qup 
Aogulisre^lineisfuntaEqualessnullam Racionem ad ah'um qucm» 
quamangulum haberc pofTc : non folijun quia eorum diffcremia eft 
aliquisAiigoIus contadus , vel adeam perratiocinadonem poceftad- 
ductvtProp.ii.facl:um cft ( quibusin cafibus omni^prxfcinditiirRa- 
rionis modus,pcrdcfiD.5.Elem.) Sedeciam quia in Angulis huiufmodr 
^ei mixtis , vcl (impltcicercuiuiscuruicatis inxquaits , loclinatio ano» 
'malaeft)Sc indecerminacasycpote iemperminor,qu6 ad pundum cont. 
curs^ propius acceditur : qux indeccrminatio Angulos eius genenV 
adaliosquofuisRationcmaliquamhabcrenon patitur ccrtam & dc- " 
rerminacam : quod tamcn non obftat. quin Anguli huiufmodi aiij 
ahis maiorcs dici debeanticum alij alios includanc. Quas porrS 
Aflertionescxvcradcfinitionum^.&^.Libri ^.Euclidis Interpreta- 
ttonc fupcrius addu<5la, &apertiffime probata, in fuperloribus collcgf. 

Habcs igitur, Vallifi ,qu^m rc(flc,& crudii^ fuo morc Clauius 
aiferat Angulosomocs , ctfi homogcneos in gcnerc Aitguli , fiuc fitus 
duarum linearum concurrcntium j tamenquoad Rationem non cflc- 
gcncris ciufdcm omnes. Etfi cnim omncs Anguli , vt Rationcm ali- 
quam intcr fe habeanc , eiufdem gencris quantitatis cflc dcbeant , dc- 
bcant fcilicec cflc Anguli iuxca definicionem 3. Libri^. non camcn 
fequicur omnes Angalos R^acioncm intcr fc haberc poflc iuxtadefini- 
tionem 5 . Lib.5. quam , vc fuperi^s iam monui , nemo aflcrat ab Eu- 
dide pcrpcram , & abfque neceffitate deiinicioni ccrtiac adiun^laiTT 
luifle»MTtquanii«mcitildcmgeneristn duas ^cies quoad Ra- 
draoB difttogMcccc : ^uacum ma cas ^nantitat^s clufdcm generHP 
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Lik //. De Angulo contingeruU. x 

compledcretur, qux Kationem habere poflenc incer fe : ad alceraa 
percinercnc quancUatcs eiufclem ttidem generis , quae ratioQem intec 
ic habere non poflent : ad quarum quantitatum fpeciem (ad quam vis 
.iHxpraeter Anguios,quamtutesperciDe'ant ) Angulos concingencix 
Clauius coalultiffimb reuocauit . eofyue iitterfi generis ^fme Jpeciei qitegd 
^jMMwmab Angtilis Rationb camibus ette pronuisciauittuon ta*> 
menncgauitintereosefle pofle.albs aliis maibre$>vel mioorestad 
iiocenim neceffarium non eft> quemadmodum neceflarium eft ad 
\Ratkmem aliquam certam conftitueiidam» vt quauta vel quama fif 
.'hiaioritas > vel minoricas determinecLir : qui enim maioricas , vel 
fninoricas illius quantitacis prs alia , decerminaca ede poflic : cuiuf 
quancicasipfaomnem refpuic decerminacionem ? hxc autem indet^r* 
.minatiooriturtvcfupracum fencentiam P. Aynfcom expeoderem 
Prop. 1 anoin ala arc^ ad ledam lineam , vel aliiuii arcum curui- 
jatisiQaequalis,incliaationc , fiue vario & indecerminaco fingularun 
parcium aequariter a concurfu diHicarum recelfu ab inuicem. 
' 's Quid igicur cam multisdiffcruic Vallifiuscap.^.^j.^.vccontraCIa* 
-uium probarct Angulos cam concingencix ,quam aiios quofcunquc 
niixtos, aut curuilincos ciufdcm gencriseire fccundum quantitaccoi 
( \d enim vnum omnia ad vnum cius probant Argumcnta j ciim id fa- 
ccntcm haberci Authorcm grauifTimum. Probatuni oporccbac eos 
Anqulos ciLildcm cffc gencris feckndum RAtionem, quod negauerac 
Clauiusiuxca mcnccm Euclidisdcfinit.^. Lib.5. eiufquc Intcrprctum 
omnium : quorum communis confenfus , & in primis crga Euclidern 
oblcruanciadcterreredcbucrat^graui illa in tancum Gcomctrix Pa- 
rcncem , eiurquc culcorcs ferenda cenlura , quam ad calccm capicis 8, 
pronunciat , & aSaiiilio aliasconcepcamref^rt :qucm aic fenfijfe iefi' 
nitionem 3. cr <^.Lthri 5. irrecenciliAhiles tffe. Tum fubiungic dignam 
eo ludice rentcntinm. £t ein/dem egoidem frorfm fentio ( cum Sauilio 
ibiiccc ) nempi fi JiatinumrAiigulmit emtM0h vermm Angnli ciu/wtit/i' 
4mkahere ( id porr6 ftacnit idemBudides vt euldemer fupcA Prop.(. 
^dcclaratnmeft j defmfimesi8md»4ffi^lvefMefftmnfoJJe. At fi e»m 
y- ^^ed/ttnrAngnbmiiimt AngBlnmejfe tmsthm mtiffmtmm',tupu infei^ 
fe fugnskmtiiffddMS defriitiems $ neqne emm frof^me i6*(jkn 3 £ietit, 
^tmfteeim 1 . JJhi 1 o.mit eim sitd qusnis » qmm pHifitd BiieUdempVei 
iltreUmdm vei sUes vfiim extmrejeie, Sic umen habeco» Vallifi^ 
iieque cibicoiitra Eoclidem , & apercam verttatem ooiioeiQRim Jri i 
/Geomcitris .(cboU» Awilum doncadiisefie imagimuiumi nequcs 
proptereadeimere veriurmasoi& defiaitiones^las ceniam,ic quia* 

Ec % tani 
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moi Libri 5. Elem. neque , vel fcoQmanbas.aucciBmPfiof^i^LiiitS. 
aotioiiiii I. Lib. 10. auc alii quaais Apud EucBdeni , Td.AmiklMd6m 
pugnMoms. 

AdOladvei^,quodexPriro.i.Lib.i.derph£ri 6c Cylin. pBUCiir 
AigisBeiicttm , quidreponldcMt$exdidispofieftfiK:^ cdligi. Ar« 
chtmedcsenim , noa iedisqakii /Eoclides^n ex ipfis Tcriiis smtiX» 
dcquandcatibas loaatcurtquc Rarionem imor fe kabere pofliiiit: 
^ux (cilicec iiixtacuebwm illam defiQidoaem j . Ld>.^. Elem. muld- 
plioaflBide pofliittiiiperare, velqoarum quanticas detormiiiaBa cft 
quoadRatioflem, Qood nec AnguHs comad^s , nec canens «qtiot 
dcfigoaui , coBUenii^c PPF^' Obiicic demom Vall. cap. 4. (tm duo 

eiafdem circul i q u a:cunquc fegmcBna g q ual i a-Qnm* 
munl lincx A fi adiacemia , & angulum curuiti- 
ncum C A D conftitucntia. Quid clarius qu^m 
hunc Angulum C A D Rationem habcrc duplam 
ad Angulummixtum CAB fcgmenti,& fi arc^sCA 
I D ad lincam re<Jlam A B inclinatio anomala fit , & in- 
dcccrminata? Quod idem in aliis Angulis multis 
obferuare cft. Ergo male ius Rarioncm aliquam 
habcndi , faltemduplamjdcnegatur Angulis omni- 
•bus mixtilineis , 8c Angulis quibufcunquc cuniili- 
neis,quosc6cinentlincxcuru2ecuruitatis inarquaiis. 
• Rcfpondco Angulumcuruilincum C A D ad Angulum C A B fc- - 
gmcnti ,eodcm nominc Rationcm habcrc duplam : quo trcs Anguli 
Angulo C A B jequales , ad cundem C A B Rationcm habent tri- 
plam j & quatuor , qLiadruplam &c. Tres autcm Anguli Ita Ratio- 
nem habercnt triplam ad eorum vnum,uon vt funt quancicai vna 
concinua, fcd vtfunt Entiatria , fcu crcs vnitaccs didin^ilx , quacadeiis 
vnum , Hue vnitacem Racionem habenc criplam , vc oomecus {cilicet 
jiad I. ' Quec Racio pcrrincc ad quaocicacem cbfciecam ap^am numo* 
fsre ooafcanque vnitaccs quarumlibet Emitasnm , qu« mac6rMde«ett^ 
t^iumnamerL AcqutitaAngukisCADdicetar Rationem faac 
bereduplamad Angcdum C A B : vtio abftradonoiiievas a^ui i.Ro« 
tsonem habct dupiam.. Eft enim pcracddcns, qu6d doorom (egmen- 
tofum Angult CAB I D AB ira ppffint fibi nmtuo applicari , vt vni- 
OomAngulumCAD CKmftituanc «fi eniok cx oatura faa,A{ vt eft 
Anguliis, Racionem duplam habcret Angalus C A D ^ad Anguluia 
C A B } ^ius angalus adcundemhabeie poftt «odcn •iute ctiplam» 
^midruplam > aocqQaflQicunqae afauu 

Ex 
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Ex di^igiwrhabecurvera folucio Argumenti ex ^iuclide & htr 
chimcde peticicomcta Ai^osnuUius Racionis capaces : quodq^ideis 
E^o > vt fupr^ moDui , in hac maceria pociflimum cenfeo nihilomini^ 
altaquflBdAmabeodem Vailifio addudlanon omicciiQainqiiUprcpa jOOh 
ruffi i^uK ba^ou&dcMdv3^ , cQnfirmationem. 

i' 

ARGVAIEMTVM Q^ARTyM. 
^^K^K^ tx9§pmm ndmrfm JwgulMm imdfAs. 

Argumencum hoc proponit Vall. cap. r i . fux Anguli contadus dif^ 
quincionisin huncomnino fenfumpaDcioribus , nec paul^ cLariori- 
bus comprchcnfum. 

Quod cH: omnt poficiua quanticate minus , illudeft non quantum. 
Sed Angulus conca£l{is cft omni pofitiuo Angulo minor. JEreo An^ 
gulus coDcaaus non cft quancus , hoc efl: ,imaginatius iotitoeit « mc- 
rumque ac purum nihil. Maior csim vera cft , quam yeraB (iint de» 
luonftradQiies ionumetx , qux cum ab Eudide Ub. x.i.tnm paflim ab 
Aichime^ Lib.de dkoenfipne drculi , de Qttadratura Paiabolaer 
£calibi,tumabaliisperexhauftiooesinftitutrolent. .Hoc fiquidem 
demonfbacionuingenusex co totam coodudendi vim habet:qu6d 
Polygonorum tam in(criptorom drcub , ajBt aliis figurb.qdUn drcum» 
fcripcorumdifleienda adrculo,a]iirvefigurismiooreftquauisj>ropo. 
ficaiquantitace. Hincenim fic,neadi£ferenciaquanca non nc^deoque 
Dilul : quo pbfico colligitur civculus ( idem de rdiquis figuris cdo iudi- 
dum ) ei^qualis alceri figuc» , vc cdangulQ leftangulo i radio U 
perimecro circulari , compcebeofo. Mipor ergo cant^m probanda 
Ibpeieft t aempe vAog^ilum opotaA^s omni poficiuo Angulo e {fc mi- 

sorem. .Enquomodoidprobet Vall. An- 
guluscontaauseft difFerentia Anguli rc- 
i&iabAngulofcmicirculi. Scd h^ec diffc- 
.icntia eft omni pofitiuo angulo minor. 
Ergo Angulus contaduscft omnipofitiuo 
Angulominor. Pcrfc paccc maior. Mi- 
norergoprobacur. Sit Polygonicuiufdam . 
circulo infcripti laciis AB :^uod bifariam 
per diamccrum , acquc adco ad Angulos 
j.jj^CA. Ergo AnguiosCAL 
Ee 3. W 
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^ric redo minor • eialqtie k redo differentia erit Aogulus ACI» 
Quo fic , vc Angpias C A L e6 magis accedac ad re£lum , qo^ Aoga- 
lusACLfueritfflinor. Siigiturconcipiaturcirculo infcriin Polyg»- 
-numlaterum infinltorum :cric Angulus LCA infinite paruusrqut^ 
.cum fitdiffcrcntia Anguli C A L ab Angulo redoC L A : difFcrct An- 
gulus C A L in eocafu ab Angulo rcdo C L A ^fiuc C A D ( poniror 
cnim A D circulum cangere ) Angulo infinit^ paruo , ifquc cd Angu* 
lusL A DbiccmmxqualiscA AnguloLCA. Ergofitunc Angulus 
L A D infinite paruus cfl i.multi^ potiorl mreinfinit^ parcuscrit An- 
gulusconta^flAsI A D. Scd quod infinitc paruum cft ,hoc quantum 
non eft , fiue nihil cft. Quod fi Angulus conta<5lus I AD nihil efl-. 
Ergo Angulus C A Ileipicirculi reduseft : fienim ab Angnlus rcclo 
C A D nihildcinatnr, vt nihil demitur,cum Angnluscontadus I A D 
dciiiicur haud dubium quin permancat intcgcr Angulns rc dus. Is au- 
cem e(l Aogulus {cmicircuh C A I. £rgo Aogulus icmicirculi rc- 
ftuseft. • 

Ha:c cft Vallifij ratlocinatlo , & quldcmhaud paulo planius propo- 
fitaceius cnim vis toca pcndct cx pcipctuaduori m angulori.m LC A, 
L A D acqualitate i de qua tamen apud Ipfi m nuha Hr mcnno. Hanc 
porroraciocinationcm fuam multis confiim.ue conatur \ .lil. ft d paris 
runtomncsciusconfitmationcsponderis. Hoc eft: , nuH:ns , aut m"'- 
nimi : parum ccrt^ Gcomccriam rapiiint : vt cx ca fob, quam prox i n ,c 
. ifeta]i,coniicereIic£t. Quodpaulddiftiti^ittf dedarandim cft. ita- 
quc. 

Iii primis vix bene percipio , quo (cn(b 
inajor ittaPropblitio Intelligi poilit. ^mti 
mm f^tiim mumtitiUe mhus efi , Argu- 
mencatarValT. lAtd qusMimif nm ifi. St 
quid enimaltero minos eft , aliquid eft : & 
quidem eodem iure»quo alterum, quod 
quod maius diciiur. Ncque enim maius 
quidquam altcro realitereft ,quin realitcr 
cxlftat mlQtB. Videat ergo Vall. num fe 
ipfos dcftruant enunctationis iliius termini. Vermfie huic exar- 
minandx Propoiicioni immoremur, admittamus tanquam Gcume- 
tricas , vt Gcometricae-omnioo funt , omnes illas fijmmorum Geomc- 
trarum demonftraciones,quat pcrcxbauftioncs abfoluuntur $ & ftmul 
admictamus in ca Arguinentandi per cxliauftiones metbod* mitlam 

quantira 
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quamicaccma(ngnaripoiIe«qua pofics^ abfardum non fequaturi cx 
quo legicimbconcludacar.nouanidbAduerratio aiDgnaridcbcre (qux 
hiic V Jlifij mcns , ecfi paul6 mmhi bene enunciaca ) a^uc adc6 ab 
eo admicci tanquanS Teruin $ quod ab A rgumencante afleritur. Hac 
ergo Propofitione maiore iuxta .dcbicum &nrum admiiL^ > minorem 
^rpcndamus. 

Hasc autemeft minor iUa Propo(itib.5tf^ Angulm m$tiBm«p mnifo' 
fitmo Angmh jiiMMr.Si.aliud nihil ▼elit Va]l.qu^m quod voluir& demon- 
ftrauicEucLProp. i ^.Lib.3.nimiru Angulum concad^eileomm pofi* 
tiiio Angub reftilineo ounorem : id quidcm non (eciis quAm Eudidi» 
concediVaHifiodcbec. Actamencxeo concludi non poceft,Angu« 
lum contaA^s ntbileirc : jiifi probec Vali. nullum alium Angulum prx- 
tcr reflirineum , aut refbilinco miforem , acque aclc6 nulium Aogu- 
lumcontaddsdari pofie. Ac Iioc in quxftione verfacur ex conccmo- 
ae ) & animi tancum grati^ : cum ex Eucltde ipib conflec Angulos 
conca<5kus 6cdari,ISce&quouisre^ilineo minores , im6 6c inter 
inxoualcs.Tunc igttor ad Principiu recurreret Vall. & Angulum con- . 
cadus non quantum,fiue nihil cue afrcrerec. Ex eo qu6d nec quantus, 
ncc aliquid cft. Ad hxc ciim idcm in hacc vcrba loquatur yfed Angulm 
eontnclHS eft omni jfojitiuo Angulo minor. Merito cenfeatur Angulos om- 
nesconcadiis (upponcreeircacquales : quod nemo ipfi finc probntio- 
ne conccdat : imo quod ncmo ipil non oftendateirc faUum. Quarc, 
ctli AnguluscootafKisquilibet omni Angulo rcdilineo fit ftiinori noa 
tamcn propterea omni pofitiuo Angulo eft minor :erit enim oblacus 
quilibcr Angulus contaclus , vt minor infinitis contadus Angulis i ica 
aliis ciufd cgcncris infinitis Angulis critmaior. Vnde afrercrcnunqua 
licebit quempiam Angulum conacluseo paruitatisdeucniflcjVtomni 
pofitiuo Angulo dicatur minor. Quod fi per impofiibile fi.ipponatur 
oari pofle Angulum omni pofitiuo Angulo minorem : non ftatim ta- 
men fequerecur non elTe Angulum , vel hon qaancum , aut nihil. 

lam vero fi probacioncs actcodamus » quas idcm Author adhibec ad 
Angulum contadli^s h remm naturd abolenddm , & at4 fpacia Imagi-» 
«ariacum chymxris amaiidandumi nihil <ibr(iiyftii poieft debiHoa» 
nihE ^uod Geomcttiam ^piac miajlis. Eccfrcalm vt p«il6 mh ratio- 
dnantwandiaamtts. ^tmfiMvrH^immimniiU AIB h^iM 
mttmu iMifrm ; AngulmL CJ{do&i (emidiamSccro C Aad lateris 
illtqs tcrminm A « M cuius mediom I* duc:icuff C L ( id cnim ica jcx»- 
git cius fuppofitio > erif infnite fnsmm^ bot ejt Jnqkit^nMy d* mm 
itumm : ^rgo e$im^f>g»Uit lAD^AnguhJU CA MjmiUt^wmefi iMm^ 
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tntfrtum y fed merum nihil. Erg9 mtltt mAgit AngiUm emtnSh lA 21 
mirtor AnguhL ADrtm ^umtm futmusefi. Scd ac^npde anubo, Val- 
Itn.dumrupponis Polygooum lacerum infinicorup ctfculo inicriJai, 
dlnc lacera non qaaoca , aa quanta e(& cenfes ? ii qaanca cSk 000 vtst 
cto iimul euanefcanc cmnes Angali cumibis laseribns * ad quid-men- 
cionem infers Anguloram LC A , L A O , l A D } Tunc eoSm ena- 
neicicredlaLA} 6cCAcumCLoongrotcs8c AD caiigic dcculttm 
inL QgnMfinngulis illis iaceribus mukbndine inffniii;; ^abquam 
cribuasquaBcicacem: vide fis ptim^ ne tua 1 cemecipio dertruamur 
Prindpia % qoi aflerueris , quM infinic^ paruum cft , clic perinde oon 
quamum. Deindeqt^negabisduaslinea$LC,AC cancam itt ]k»« 
m C coeunces Angulom non oominere ec& infini^e paiuum«,'cui fic 
«quafis Angulus L A D ?quo poHco ctiam Angrt'is concadt&s I A D, 
quancusfiituruse(l,nonautemniliii. Neque coim tibi primo oob- 
cciTum iri (inc alia probatione , quam quod tta cu rfentias , xftioiaie 
debes, inflnitum nihil vcl magnitudine , vel paruicace dari pofie : ^oo 
cibindncoiicefibPrincipio,cuiu9niomcnci fiicura eft iucc cna c6ca 
concca Angnlam^omaaiU Argumencatio? 

Atque hxc plusqu^m faris ad 
hoc Vallifijdiirolucndu m Argu- 
mentum. Vcrum non nihil fu- 
pcred circa qnafdam quas addu- 
ciC) eius copfirmacioncs obicr- 
uandum j nc quid qucratur ob» 
j fcruatione dignum practcrmif- 
fum. Quid porro illud cft ? Eccc 
vt num. 5. cap. 1 z. raciocinatur 
( eius vcar verbis , nc quid (ibi 
imponiqueri pofik,meo camen 
fchemace. ) 

Suhiungam , inquk , hmc Argu^ 
« ntento etium hunc fieculstionem 

ttm ^mUf MWWV. S^ABgtht^tmM&At A BLfit veri Anguius , twmt 
iJ» f^dtm LB R sd dttt mi$ ver^ Anwhs , nniue erit reBs 
MM mdkftamnpofitM mm perifbtrid BL C5 Jtcut nn fefU AB eum 
ferifhet^rs. AfboemcefonmMmugitdiumdmnefeti^Argomcn'' 
tnm mmil Adiillco grauius • ) durn perifherim CLB , SFB Anfff 
A^eentktett. ^uidfiLM Vnon fit Angnlus yfedfitvmeUmmmitfimmm. 

&iif.dimmmfefi00yfmf$tmtdiJUi»iihm^ emeAiMrs 
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RS% CAngutttS Jti fvtua Imeamdireffum fofits : tonfc^ttenttr^ \ 
nei[iieABLCifcqtt€ RBp^S AnffUm entifed fotim Uned teimUentes^ 
^mtntmn /ctiieet sd iffim fmihm eeniiMs Mtthtet. Hxc ille. Ex qu i biif 
Goroilarium dcducit , cui parititodl GeoniecriS non Feperiatut : Ecce. 

Jltfge ium okiterdifcere Iket , fMihdmt difftmiies lims futk ekrum 
. • re0M , velferifberiM & fAraboU , qnaenam prxcerea ? vel etism fi^ ' 
fifberid mmerit C' minoris circult , hxoe tantum ? aut etiam conuexa ^ 
eoMeaihtipeTgic ? &c. id cft , rc<Sla B R cum duabus rimul pcriphcriiis . 
B L C , B O D maioris,& minoris clrculi. Id cfl: peripheria S V B cum 
iiiilemduabusrimuIpcrijhcriisBLC ^BOD 5c cxcera huiufmodr.. 
Si^faBo^ in(]uic , hnu^niedilmeMemmmifojfint. Scd hcus to » Va]<- 
lifi , quam dilpar eft hxc tua Anguli contaftiis fpcculatio ab lis , quas' 
vcl in Infinitorum , vt vocas , Arichmecica , vcl in fcclionibus conicis 
ioftituifti ! eonc vcl in Pelctarium ftudium,vcl in Claulum odium 
tc abauxit , vt 5^ rui obliuifccrcrc , 6c vcricatis. Ec in quod Abfur- " 
dorumbarachiumte Jcmcrfit pertinax illatuacontentio. Vislineam 
"curuam lincx rccla: indiredumcflcpofitam} fiuc codcm, quo ccpC' 
rac , duclu concinuari. Vis eciam Pcripheriam circuli maiuris pcriphe- 
rix circuli minoris dfc in dircc^^um : cft crgo peripheria vnius circuli, 
vtin fchematc , pcripheriaS V B ,duabus)periphcrii^>B LC , BOD, 
ini6infinitis,in direclum. Quod adco abfurdum cum fic: vereor 
r.etualiccr quam Euclides Lib. i. Prop.14. vcl Lib.<j. Prop.3 2. voccm 
illam in direBnm accipias. Ipfc videris. Eam certe in cum fcnfum 
tum Euclidcs , tum cius Interprctcs accipiunt: vt fiduarum Hncarum 
altera,vcl vtraqucvltrapun6lum jinquo iam conuencrunt, fcfequcr 
mutuo tangunt , producatur > coalefcat in vnam vtraque rccunduiu 
omncs partes. Itarefta iareftatnincittreiis^<lire^oiQclite£tom e(b 
ica pcripheciadicbli ifi ibbda eiurdem circuli Peripheriam in dire- 
clum eaepoieft:vrDoo isal^ diici^onein illam duarum (ibi incur« 
leiBhjm liDeannn itsrexpHcent : vt in concitrs4s pondo ( nota Valli fi) 
«olktmhabeant adfe inuicefai Indinationem , hoceft » Adgiilum nui« 
coniHi»ant:oonftitaane ver^ aliquem,fibe Incllnationeni ali- 
quam ad imiicemobleraem \ "fi produftse , oon in eandem Imeam coa- 
Idcant ; fed i a^icedaptpoftcontQAum , vel fe^tonem i & altorrum 
digrcdtantur. 

^ . •VndeapparetquamipoiideriscenferidebeatAi^medtnm^ Val. 
iifio propofttumeontfl Angolum conta&As. VerifheriaL B infertfhe* 
riimBVeiiifdemHniiUhtmtreMi»iUreifmiffi 
ettifiittihieijtiidMtmhBfr^dititmttmieMByeth^ 

, Ff Sftnf» 
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gitur. Ergo inquit , mnlto mirms idem nrcm L B cum reSin Hnea B R, 
ttngultim con/lituetjdr inciinatiorjem hahhif. Quid? ArcusLB vltra 
B produclus , an quemadn:iodum aim arcu B V coalcfcit} ita ctiam 
coalcfcit cum reaa B R , ipfiquecft in dirc<aum pofitus , vt amr ipfa 
Angulumnon coufticuac ? conftituit omnino,6c tanen com arca 
3 V non conftituit. Quod adeo vcroin eft,w non ontiSioi arcns 
vnius circuli in eiufdcm arcum incarrensoonhabiBat aiiqoam incKoa- 
tionem j fcd ncc ctiam arcus Ellipfis , aut ( qood tnirom magU eft^ 
' llexom magis irr^olaiem ) arcos;Parabol« , aiit hyperboke comarco 
ciofdem EUipfis ,Parabo]«>aothyperboIxexadoeriboccarrenttom, 
Aogolom conltitoat,aut inclinadonem habeat: vtribqoe em'm prodoai 
aicos harom triom conicarom (cAionom lic^t curuitatis ioaBgaalis» 
'nonfedis quam doo arcos circolidufdemicoakrcoht, fibiqocindiie^ 
ftumfbnt pofitL 

Aliam addit idem Autlior 
cap. 1 1. nom.d. Afgoibcati fopc- 
rioris confirmationcm » cuius* 
idem efi: cum csrteris pondos» 
ad probandum Angulum femi- ' 
circulielFcacqualcm Angulo rc- 
^ do redkilinco.Quac fichabct.iV^ 
^ fum eft» inquit , Aream figurx re- 
guUrU laterum quotcunque ^qHa- 
' lem ejfe re&Angulo : quod /emiperf' 
fnetro , ^ reHa a centro figurn 
fertmetrumperpendicularii 2d la- 
tus , inquam y aliquod Polygoni 
pcrpendiailari ; ncque cnim ad 
omnia fimui latera, quibus conftat pcrimeter Polygoni , vlla linea 4 
ccntro poteft efle pcrpcndicularis) continetur. At idem oHendtt Archi^ 
medes Prop. i . de dimenftone ctrcuti , de circulo: nempe aream circuli dqua^ 
lem effe reftangulo fuh radio,(jr femiperipherisEft /gifurRadius ad periphe^ 
tiam perpendicularis :ftue ad Angulos re^os reBis lineis dquales. Ergo An.» 
gulus C LBG fcmicirculi reifus , eft reifo Angulo A B GAgM/Uis* £rgo Atf^ 
gttltts A3L CconfaBus , nec quantus , nec aliquid ef. 

Admitto arcam figurx, fiuc Polygoni cuiufcunque rcgularls,;cqua- 
lcm efic Redangulo , quod fcmipcrimeter Pdygoni , & linca a ceotro- 
eiofdemPolygoniadvnumaliquod cius latus pcrpeodicolaris conti* 
ncnti Admictocuamateam ciccuU asqoalcm rcdanguIo,quoci 

comincnr 
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continemradius circuli , ciufquc femiperimetcr : fcd cx his ita admif^ 
Hi , nequaquam fuadcbic Vallifius, admittcndumefTe Angulumrcmi- 
circuliefTc Angulorcdo rcdilincoasqualem. Vndecnim&quomo- 
dohoccx illis praccognitis , & prxfupporitis concludicur. Kcdan- 
gulum conftituo cx radio,& recla linca , qux fit fcmiperipherict; 
circuli squalis, a:qualc circulo. Quid ad hocconferc Angulus fcmi- . 
circoli i Quac mcntionem illius facieodi ncceffitas ? concipi fortafle 
Yulccircuium ( ncquecnimalia occaric connexio mtcr Amecedens 
dcabeo dedudumconicqueDs ] quafi Polygonum , vcradius ^ ceotrp 
(lu&usadvoum aliquodeiuslacus fitperpcodicularis. Ac hoiiiifnodi 
ruppoHtlo primikm foiecabrurdiffima:ctrcuIusenimoeclaceribusGoii* 
ilac » oec aojBalis. Deiode Radius i centro dudtis ad ciccoluffl ne- 
quaquame&tadpcripheriam perpcndicolaris} ficutnecad perime- 
nrumcocam PoIygoBi regalaris , pcrpeodicolaris eft reda k •ceocro ad« 
vnumaliqaodetostacospcrpendiculariter dthfb|:(ed tam&m ad hoc 
voum eius latus } ad reliqua vero eius latera, ea Tc6kz fbrec Qbb* 
qua adeo vtex ca circuh' Sc pclygonl {imilitudine ( qu^ (o\si vc media 
vci poceft^Vall. ad concluiioocm fuam iofetendam , cum alla nulla f?c 
inter eam & Prxmiilasconnexio) liceat apercc coliigere AnguIumfG* 
micirculinonefTere^um. Quoporr& modo?£cce. Linea a cencr» 
PolygoDiregularisad vnumciuslatusdu<5la perpendicularis , ad late- 
ra duo hinc, indelateriilii adiundainoneftpcrpendiailaris i fcd obli* 
qua , idquc femper in infinitum concingec , qu6 plurafucnnt Polygo* 
niiatcra, donectandem Polygonum cuaferitin circulum ( probabit». 
opinor, Vallifiushanc raciocinandl metho(dum,cum nullaalia ci (It 
magis familiaris) tunc autem fiad pcriphcriam ducaturradius circulii 
ncquaquam is futurus cft ad partcs proximas , fibique adhxrcncet 
pcrpcndicularis : hx cnim inflrcluntur vtrinque , vt inflecli folent cu-^ 
iufuis Polygoni latera duo,mcdium latus cui adhjprcnt , obfidcntia, 
At in circulo nullum cfl: Iatus,inquies, ad quod radius ducatur pcrpen- 
dicularis ? fateor , funt tamen partcs circularcs , Sc inflcxx , feu con- 
uergenccs hincinde aRadio pofitxiad quas non potefl: radius illc 
cflTe perpendicularis. Quod quidem dcbec Vallifius admircerc ; curo» 
vc fupra reculi ex capice 4. fuae difquif aflcrucrit Inclinationem pnifhe- 
rta-(jr Imed Tangen$is , quxinfun^oconcurfusnulla erat ^cum frmum alf 
eopun^orecejfumefi yalfquamferi. Si enim fit aliqua inclinacio peri- 
pherix & linex Tangcntis , hoceft , peripheriadTangcntc diucrgiti 
cum primumipun^oconcurs^Stinquoradiosiccntrocirculi du^ufr. 
cumTangentc redos Aogulos conftituit, recefiumeft : faceodum ne- 

' FC a celTarii 
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cefTai io cft pcriphcriaiii cum primum a concuriu rccelTum cft , ad ra- 
diumillum,fiaedrculidiamecrum.accefliire canto fpatio, quanto 4 
tangentc rcccffic. Ergo diameier cam pcriphcria Angulos re£kos con- 
ixi quimlentiac ValL nonconftictuc : «ifi fbrc^ idem velic abfurditate^ 
hadenus nocaMshacnoudcaBterisnon mlnore camulare : vcdicac ra- 
dtom fiuediamecramdrculi re^um Angulum confticciere cuim iplb 
iolopra^cisc punclo pcripherix>nttllieius partium curuamm pundo 
adhaerentium racione habicl. Quod quidem vlcro i vc opinor > admlil 
faruseft j vt pote quiailerueric'( vtruperi^annocaui > &caiUbec eius 
hanc cradatum legentijpromptum eft qbieraare) in ipfo pundo 
concurs&lineaereAx peripheriam caDgencis^ vd doorum ioe can- 
gencumcirculorum,fic non vlcra illud Angulum confticui. Quod 
cap.i i^manifeftiffimum eft , ficenim illiehabccur. JtmtmmmdgnitU' 
i» JtBffUi ( duorum iciliccc fefe taogentium circulorum ) dfi/manda ef 
ex e& , ({unm hahent crura diuaricatione extra funEium concurfus : fed ex 
eA ^nm hahent in iffo concmfusfuttHo. A lia iunc in hoG cra^acu loca 
huicnonlabiimilia. .Q^x omnia abfurditatem non vulgarem conci- 
nenc > vc patet : qux enim diuaricatio in pun^o^ cuius nullaB fiinc par- 
ce$,concipi poccO: ? Accamenaucilludadmiccac necclleefl^vcrsidiuai 
cfrcuti ad phcripheriam Angulos rcctos recflis Angulis redilincis acqua- 
lcs confticucrc dici ponic j auc oppoficum conccdac , nempe radium 
cum pcriphcria Angulos rcclo minorescfficcre jdum periphcria,cum 
primum a concuilu, vt idem aic , rcccflum cfl: ,aHquam inclinacio- 
ncm cumtangente obtinct ,atc]ue adeo ad radium , fiuc diarnecrum 
acccflic : caque approximarione Angulus diamccri cum periphe- 
ria , qui cft Angulus fcmicirculi , reclo minor efFcdus cfl:. Vn- 
de patcc quanti fit roboris hoc Argumentum ad angulum femicir- 
culi rccto reclilinco acqualcm , & confcqucncer Angulum contadus 
non quancumconcludcndum. Scd vidcamus,iiquidmclius>6cGeo- 
metria magis dignum , cs^cuciendum fupcrfit. 

. ARGVMENTVM QVINTVM. 
^I^Fp Attgulum contnSlm adorhur Valliftn4% 

\ £^o^»/i^m,inquicVaIIifiuscap.9« O im m i9 imvidio quo fa^ofgtt^ 
ra fimilcs , dtct foffunt , nifi ^ iMwrtt bmelogM htikemtt frofmUmiUst , & 
filmUttfjfiti^ Mfioimmftiihf^itAAnguhskisfuiksfm 

imt^iHiks 
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. Hancfbamfementiaiiitum cltatp cap. tom daobus (eqaoaubua 
.io.& 1 1. multUconfifiDat : (edqo«omiiia faplunt illam eius rauo- 
€uaiiidimechodamiqdt»qux vnius quancitatis fuot propria,ca io 
flUamtraosfert >in quam euafiire , auc , vc ipfe loquicur , euanuifle vi^ 
decur. Ita,inquic,circuluscirculonmiIise(l:quia{i vtriqiie circulo 
Polygooa fimiUa plurium , & plorium in infiniium lacerom inicrtt 
bamurjtandem iQcircuiosdefinent :qui cruntPolygonalaterum in-* 
finitorum :Quo fic, vt quemadmodum Polygona illa omnia, cum, 
finc fimilia , latera habent proportionalia circa zquales Angulos : ica 
circuli ipfi, aut femicirculi inxquales, aut circulonim inxqualium 
fegmenca fimilia , latcra eciam habcnt proportionalia, & Aogulos 
latcribus proportionalibus conccncos , aequalcs. Anguli ergo omncs 
femicirculorum quorumcunquc func acquales , ficut & Anguli fimi- 
lium omnium fegmcntorum. Quod fi ica eft : cadem mcthodo Vall. 
concludere licebic (quanquaro id minimc praefticcrit ) omnes Angulos 
femicirculorumcire redos. Si enim in fchemace Propoficionis ii. 
vel 1 1. conciplantur defcribi circuli maiores in intinicumfefc cangen- 
tcsinB 5 euanefcencillitandcmincircuIuminfinitum,hoc eft,in li- 
ncam rcdam A R tangcnccm in B circulos ad c]uam corum diamc- 
tcrcommunis, cfl: perpendicularis. Alia non paiica , qux ad hanc 
AngulorumcuruiJincoruraxqualitacem probandamcongcric Vall. ci- 
utiscapic. cumnon nificx congruentiis , fiue conuenientiis quibuf- 
dam , ^ dcfmenciis fuis haurianc nrmicacem , lubens prxcermitto, yc 
a Gcumccria pcrquam aiicna. 

Refionjio. 

Agnouit , ^eturque Vallifius Euclidcm alicer fimilia fegmenta cir- 
culorum, aiiter figuras rc^ilincas fimiles definiuiiTe. Has Lib. 6, 
definlt. I . ait cfie , qtu ^ Angulos fingnlos fiti^fUit dfusles bshnt , A/qu^ 
ia$tr09 fktektmnmgniaf gSpuUes , ^roportkmimk Ilb var&Lib.^.defi» 
luc I o.afiakefle AngHloscMPumt MfuUis. QmBsecem i Valtifio^ 
iiifi,vcpecrpiQnceft,iprcfibiob«Bdftc. .CarEaSidcsfiguras fimi* 
les tcAiiineas 4 cunilitiBeisdiftinzic^dam vcraCjoe dcfiniaic »Car An» 
gulocam»qaibas ooinibiic ce^ifineac memiooem ^cic>& Angulof 
caroilinearomfilemiopcaececmlficfAliquidfiui^dliai^ iofignii 
iflBeir vtriufque faoltis geoeds figuras opoicaic Geomecram okwr» 
CMfi rqoo vteflenci&,ita 8e definicioneditecepaiedebBieDC. Aic Val* 
lifiusEodidem i^meoialimilia pec Aogolos^qaos capiimc» pptiikf 
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qu^mperAagblos,quoseQnim arcus 8c rubceiiiacoiicinem»defifu[<» 
uUIe - Non ^uafi fimUkm fifgmenimm AttgMU efftm ituquaUs : fed q»&* 
mmn ^v^pofiea de fimHitudine fe^nmwmmeigeitimm effet ^fiuiUus effet 
jmmtiiMfem AnguU in fegmente , qukm AnguU fegmemidemm^mrtwm, 
aliud aliquld fpedafTe oporcuk Eodtdein, duiD diueri^liatocduas de- 
fioitiones tradidic ? {pe^auicomnino. Neque enim Aochor oculaciG. 
fimusdefinitionem luam primam Libri6. adiblas reftrinxifiec figufas 
leflilineas, (i eadcm vllo modo ad curoilineas peninerepocuifiec i ne 
lcilieecdefinirumdcEnicione latiikspaterec,nonfine vitio-grauj^uod 
.inmagnosiUosfcienciarum Paremes haud quaquam cadere pocerac. 
Ecfinonnegemailacas intcrdum abEuclidc minus eiTencialcs defini. 
tiones >c{!im podecmagis proprias exhibcrc : quiaadea , qux trada> 
taruserac,has>qu^m ilUu,i9io^s accommodacas cfie cernebacjica 
tamcn , vt altera alteram non excluderec *. fed vtraque,(i lubcrer , ei- 
dem dcfinico poflcc applicari. Id ab co accurate obfcruacum euiden- 
tercernipoteftdefinic^. Lib. ^.Scdcfinit. zo. Lib. 7. In priorclfiqui- 
dcm definitionedcclaracqnxnam magnitudinesdici dcbeant propor- 
tionalcs his verbi?. In eddem Ratichic njagnifudines dicuntur ejje frimn 
sd fecundam^& tertia ad quartam j ci4Fn primd & tertfM aquernfdtiplicitt ^ 
fecundx. & cj.uarts: A(^ncrriultiplicibmfjtrum(^^ahvtroqiie^'vcLvna.deficiura, • 1 
velvna xqualta Junt^vel vnk txcedunt. Qjiianquam autcm aliam nume- i 
rorum proportionalium magis propriam definitioncm , quam difcrccae i 
quancitatisjnacurael fubminiftrabaCjeflec craditurus : hancicflicec.isrM* 
merifroportionales funt ^cum primu6 fecundi ^^terfius ^MTti aque mul" \ 
tiflex efl^ vel eadem pars,vel e^dempartes. Non tamen difcrccam 
quamicacem in illsi excluficiciim cam difcrecx, quamcontinux quan- 
ticaci conueniret :nec,fi cxclufiCfeCjvicio caruidct illa dcfinicio,e6 
qu6dipfodcfinico fijiflec anguftior. In ooflro pariter cafu>nequa- 
quam £ud. fimilicudincm planarum figurarum definicorus definic. i . 1 
Lib.^. RcdiUncarumtaDtumfiguranioimcntioncmfixifiecexcluns j 
curailineis s fi SBqn^'Cun9i)incis» ac re&ilineis cam oonueDifc pofle 
ienfiflec : fenfifia nimiruin figuras cmncs planas tam asitmlcncas, 
qdbaredilineas efle fimi]es:}«ii & Angnlos fingulos fingnUs dqumUM 
OMknei^ finff^liitir^eirmmitfmiles emffiUs proportitmiMif: quamuia 
fingolari dcfinidooe nen^ lo. Lib.3. iegmemaciKo& fimil^ expli* 
cuiifi». Vndevdexeo(aliaaaimfiimciufikmlo^hancleneeDci^ j 
teftimooia , quse ftoftia, ploribus prorcquamnr l apert^ pattt Gcome» | 
^am Aogulos fimilinm fegmcnionim inacqualium mxqu9ks€& fiip'- I 
pofiiiflbf qoadnon teoiGcroooficmanic ex cos qu^ icaera iegma^ 
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torum riDgulalaifcratam duo rcda , quam duo circularia , quibus an- 
guli fegmefitorum cominentur> funt proporcionalia , vt prompcutn 
foret demonftrarc : ade6 vtpcr folos Angulos ftct , non autem per , 
laccra , quo miuus dcfinitio illa prima Libri 6. fegmcntis iimiliouf 
Cpnucnire poffic , eo quod acqualcs eflc ncqucant Anguli. 

Nolim hic ad hanc Angulorum fcgmcntorum fimllium Inaequa- * 
litatem probandamPrincipiura illud 8. Lib. i . Elem. afFerre , quo cui- 
dcntius cft nuHum. Qux fibi mutu6 congruunt , funt xqualiai ioas- 
<}ualia ergo , qu^e fibi lccundum omncs partcs fuperpofita ( multa 
enim funtxqualia , qu£ propter figuram luperponi apta non funt)^ 
oon coQgruunt : crgo Anguli (egmeiitorani umiliQm , quorum mlous. 
maioci totom fupcrponi pocefteodemmodo > quo lemicirculus mibor 
maiori , vt patec iiiicliemateProponcioDis ii. in quo duo (egmenta 
BLC» BOD fiimlia funt , 4c minus totum maiori fuperponicuri 
inacqualef efle demondxanturcofirule/Prop. 6. quac de- ipfa ad hoc 
apprim^fiicit. : . • 

At ValliiiusMMilMiiMi v/ib/ e[tto /4^0 figwrM fimUt dia pojfunt , niji 
^ Uters b9ilt9hgs Memt profmimUut , & fimlsttrfittt, Neque £go 
quidemidvideoinequealiumquenquam Tideie pofle feor;figura- 
nimentmfimiIitudo,&partiumpfoportion€m,& fitum earundem, 
partium imer , 6cad tocum exigtc fimilem. At quod fubdit [t frw^ 
fufnoninttttigere qttonam psifo,q»d nngulos indquales ffuimttitidedtp^ 
inclinatititei iitd([Udles hahent ad inmem ^fimUter ftta diemttttrh neque 
quirpiam prorfus intelligct , vbi dc redilineanun figurarum tantttm 
agecor fimilicudine. Vcrum , fi de figuris curuilincis fimilibus ha« 
beacur quxdio , non paulo aliter ncmoiencietdim anomala fic arcos 
ad fuam fubdcnfam iQcIinatio , t6tque fint inclinauones diucr/ar y 
quocfuntdiuerfapunAaarc{i.s fubtcnfitVt Ris^ in fuperioribus eft 
declararum : non miriini fi ad duorum fcgmentorum fimilitudinem 
non requiratur irrcgularis huiufmodi inclinationis acqualitas , nifi 
quatcnus.irregalaritas iila ad rcgularitatcm reduci potcft ope li- 
neartim redarum & angulorum rcclilincorum. Vc cccc in diagram* 
mate iam fgcpius adhibito , ccrtumeft llneam B C a puncfto B in quo 
duo circuli B L C , B O D fe tangunt , edudam abkindcre cx illis cir- 
culis fcgmenta fimilia : quorump.roindcpun<flaomnia noniantum io 
arcubus B L C , B O D aflignata j fed ctiam intra vel extra cadcm fe- 
gaicoca , alTumpta , cundem in vtroquc fegmento fitum , fiuc pofitio- 
ncmoccupant. Excmpligratia>duda rcda B L , arcus fccantc in L 
& O > p(p^L$( OitfaiAycrQqueregQAeacofimilicer fita ad omnia 
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«jndafui fiogularegmemi. Nam fi duccrcntur rcclac C L & DO, 
ttianguIaBLC,BODforentrimilIa,& fimiliccr poficafuper bafes 

BC, BD>&punclum L cundem ficum habcrecad puncla C & B 
comparanjmjquerahabecpunaum O comparatum ad duo punaa 

BD. Quodfi dicercntur^punclisL8C.O pcrpendicularcs ad banm 
COmmunanBCfiCBDiVclalioquouis Angulo ad candcm bafim 

BC vel BP, inclinatac-. fimilia 
conftrucrcmurTriangula, &«o- 
dem modopofica } & io fioitUbiis 
illls criangulis duo panda fk LO 
fimillterScafercot. QaM ciim 
eodem modo oonttngtt > qut^- 
conqoe docatur re^a BO L : pa- 
ceconmia pon&a arc^ BLC 
cedem modo , fioe fimilicer cfle 
fica 9 ad aliod qudcunqoe "fsor 
dum fcgmemi B LC compari' 
ta} acficafiiotomnia pun^a ar- 
c^ BOD, ad aliud puDduia» 
qood pooAat- rerpondet io fe- 
^encoakcroBLC, atTumpcocomparaM^emper cnim criangula it- 
mtlia, & fimtlicer poiicain vcroque tegmencoconftitui potcrunt, quo- 
tamlaterafempererumproporcionatia circuma:qua1es AnguIos,3c 

• proindc corum punfta omnia fimiliccr fica : quod fufficit , ipfo cciam 
teftcValHfiojVthsccduo fegmcnca dicancur fimilia,cciam fi nulla 
fiat Angoloromfegmcntorum mcndo, fiuc fint tequales , fiuc in«- 
qualcs ,ctimpr«fertimnullaccrta & dcfinita fit corumquancicas , fcd 
omnino irrcgularis : quae , vt oftendi , dcierminatur opc triangulorum 
in vtroquef^mcnto fimiUura , & fimilitcr pofitorum. 

•His vnum adhuc addam , quo cumulatius propofico a Vallifio Ar- 
gumcmo fatisfict. Aliud fortafle > quam prima fronte apparcac , dc- 
iideratur a pclctarij faotorc adfcgpacntorum fimilitudincm , cum fc- 
■gmentorum fimilium Anguloscxigitxqualcs : nifi fortc hiccciam vc- 
h*c hanc Angolorum mixtorum xqualitatcm in ipfo punclo concursus 
. BduorumarcuL.mCLB,DOB,Sclineac redac CB,vel GB cou- 
ftitni. Quod ablurdum ita mcncem mcam pcrcelHt , vt tamctfi nec 

• fcmcl,nec obfcurrc,' & vcro ctiam difcrtiffime hoc In Argumcnto 
cap. lo. id pronnncicc, vix camcn mihi pcrfuadeam co prolapfunl 
Gcomctci» Protcilbrcm > vc iu fcnfcrit. Qux caim i.n punclo , liDca- 
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riim inclinatio ?qux diuaricatio?qu«Aagu!oruni dificwotia? Qu-d 
plura pQ^iod Ci hxc & alia abfurda tam grauia confcquaatur, fimjjs 
Angulum qucmpiam in ipfo concursiis punao prccis^ ficri promin^ " 
cict: noninlcuiorafortaaeisccnfcbiturincurrcrc, qui ad Anguluoi 
conftitucndum pr.Tter concurs{is pundum (illudcn m abfolut^ ad 
• Angulumnccciraiiumcft^lineasabcoprofilicntcs admircritj& fi-. 
mulaircrucricdtios Angulosduorum fe^mcmorum fimilium ,qiulel 
fimt incodemfchcmaccduoAnguliCBL^DBCxqualescirc pcii: 
Ic. Cumenim vnum .quo Anguliconcinencur, latus CB fic vtrique ' 
communciakcruni ctiamcommunc , idemquce(rcncccnecft fcrua. 
ticorumxqualitatc, quodcunquetandcm lacus iliud fuppunarurj par 
cnim ih omnibos eft condicio. Sicuc ergo fi duo Anguii reailinei 
aquales rupponantur,vnumquc vcrique communc latus fl:atu:m,r- 
ajtcrumbtuf cumaltcrocoalcrccrc , & congruerc ncccfTe cft propter 
Ai^ubrum xqualiracem: itactlam in AnguIisfcgmcntorum,fi xqua- 
te$ dicantur , ncceffc cft comiogcre : ncc potcft latus rcdum , vc 
CD 0, vcriulque congrucrc j qutn vtriufquc curua latcra B L C 
«OD, falua Ai^olorum «qualitatc, cdam congruant , id^mquc 

latus omnitio fiant , non quidcni fccundimlongitudincm ( !on2irudo 
eoim Itncarum Aagulos continemium non fpedaror , ncc AnPuIos 
mutac ) fccundum curuitaicm , & diuaricationcm. Quod ciim adco 

notum fit, vtPrincipiumvix babcaiar coidc6tiof , bmaitendat quif- 
qois fcgmcntorum fimilium { (iue ea.fuerint (cmicircult , lioc alia 
-qu«Iibct ) Angulosarqiialcs cffe cmendtt ,io quod iefe ioducat ab- ' 
^urdum. Ex co fciUcct admittcre cogituromnium circulorum ( quod 
prma frontc baud ita obuinm initio monoi) flexus 5c curuaiuras - 
cflcarqualcs ,quod abfurdifnmumeftinecminiks,qbodcxeo fcqui- 
tur , abfurdum forct , circulos omncs atqoalcseirc. Si cnim vcl mlm- 
maarcuumduorumparticula rhocco dico,quod intcrdum vidcatnr 
Vallifiusparticulasquafdamlincamm Angulos comincntium pund^^' ' ' 
concursfts adhxrentcs afTerere modo candem, modo diucrfam ad 
lc inuiccm mcliuationem habere ) ciufdcm fic curuitatis , ciim cx co 
fcqtiaturidcm clfc vtriufque centrum , fequetur ctiam cofdcm cOe 
lilarom parcicularumcirculos incegros. Non vacat plura, cux occur- 
rcrcnt , in hoc Argumcncum incommoda oongcrcrc , Dam fatismulta^ 
iatirqucgrauu,ha<aenusallauvidcripo(rum. • 
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Ub» //. De Jngdo contitigenti». 
AR.GVMENTVM SEXTVH 

Ottiraewidem Angulumcontsffis, 

Eodem , quoad ficri poteil, 
diagrammatc vtor , qu6 nciliitf 
fxpius repettcuBi condpiarac 
Sic crgo eo aflumpu). VMSm 
Argumematotcap. lynAagiar 
lam ooDta&^ amiiliilec Si at^ 
culi 4liaineter B G fluere conci- 
piaturpcr periphcrlam icfptcic*. 
coli B C G immoco fix6quc puo- 
ftoBaita vt £bD(tm ftatuatur ia 
BC , in BL te. donec pcnic-. 
niat ad teogemem B A > con' 
ek coalefcattconftat cadcm ra- 
tionc Angulum rciflum GBA 
ttoinui , qua m»nuitur periphcriafcmiciicularis B C G > doncc cmcn(o 
toto fcmicirculo diametcr BG cum tangcntc B A coniicnerit , & um 
AnguluswausGB A,quam fcmidra^GC B pcripheria eoaxiuerir. 
EritAUtemyinmitWzllitthot cafaym ^uo fctlicet euMxuit periphem 
• & »iUUm etu^t mAgmtudini4\ftcttt euimmt Angulus reBtts . & mllm 
fm^$tmiffiftudiniSyAtigulusille,velipfe Anguius contaaHS ,vel faltm 
nmipfominor. Ergo AngMlm.conta^us wftHim ffi nni,ifniud^ms ^fi»c f^» 
AnffiMt* .Sgtd taM/Uiimfasmdm^ 

Rejponfto. ' ' ' 

Demonarafti, ValliG, pcr illam diamctri B G conuerfioncm doDCC 
cum rangentc BA coalefcat,Angulu rcdum GBA cuanulflc, nuJlius 
cuafifle magnitudinis:demonftrafti itemeodcm tcmpore pcripheriaril 
GCBcuanuiflc&lnulliuscuafiflcmagnitudinis.ScdAngulucontadw 

A B L cuanuiflc,quomodo dcmonftrafti ? Angulm iUe i»^uis,Ht 
cafu , cum diameter B G cm» reBa B A eoaluit , eji Angulus eont^us, H 
quomododcmonftrafti ? quomodo vtaflcrcrcs,mcntem fobik cogi- 
latio ?cuanuit Angulusrcauscoalefccntc B Gcum BA, 8ciiihflco^ 
Ct i & hoc ipfum nihil vocas Angulum coma^lus , aut etiam ipfo 00» 
<Buw ? Hic OQ ctiam &)nairc vis^^^uod iam sxoxk (emcl le amcic» oce 
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«fi^cxiAknatioiiis ciMe aof& comigic , leaasfk (blani A B :fine 
vlbaiicttj oouieiaeniBi periphcrittii «ttamiifle rupponis)cum v^^k 
Qoocarreiice in pnndo B , Angulttin coiica^^b ettcere ! Te icilieet 
lacereporeftadAngulum quenicunqoeconfticcienduaidttasefle ne- 
GelfiMnaslineas,qoxfiBmtconcttcranc^'6c non in ciiredttia iaceancr 
fanion . qu^ Vall^i ,ac qu» G^onetriam magis rapiaik^ 
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ARGVMENTVM SEPTIMVM. 
lufdtm JiithrA coaM Ai^km cmttsMj. 



Nonpoteraidc Pclatario raclius mcrcri Valliriusidufquc tucri 
cxiftimacionemftudtofius: fi cnim Angulum contaafts , <|ucm per^ 
Aringcrc conatusfaerat ille , hic non omnino confccic •-, cius ccrte di- 
ligcntia in conqniretydo, congercndoque vndique ad id auxilia mini- 
mc dc(idcramr. Ecce ctiam catoptricam conruluit Vail. vc ad intcn. 
tum , a!if 1 u id ca opisconrcqucrctur. Quid dctnum rctulcric, pcr- 
peodamus. 

• Sit fpeculum Parabolicum B A S : cuius 
axisfit AZ. Huic parallclus quidam fit ' 
radius O P a Lucido , folc , v. g. cmiflus. 
Radlus hic ad lincamTP C fpcculumcon- 
tingcntem in P punfto incidcmix rcflcfti- 
\ tur ad a:qualcs angulos i fiC quidcm ad pun- 
^ ^umFaxis,qucmroCCkaidicant opticirita- 
' vtduoAnguliOPTjCPFadconcingen- 
^ tcm fim aequifes. Ac oporcoic oftendifle 
non cam Angolos O P T , C P F ad comingcncem &aos , ettc xqna. 
les i q uka A ngolos O P B , F P A fikdos ad ipeculum r Angolos icificec 
In^^»4em(lailoois,«qaafa»fi>re.Vel iglturxqualiasAngulorom 
ad redlnoMOttii9»cemiinlerc ^qualicacediAnguloroitiadfpecnlum» 
velddnonlkraddBon*p¥ocedicflOoccjl qnamibnciaot optici omnes. 
Diocmdamigitnrofttamdnos Ango1osOPT,CPF^d contingcn- 
t«&6tos^qttAmdoo90?B,FPA6ao$ad rpeculom.eOe araua- 
k$. Ergoper 3.AxiomaLibriprlinit Ead. Anguli concaaas TPB, 
A W «qoalotf Idnc ,t€1 faaasnuHt. Vnde eciam patet fl horom 
Aflguiorwtiolceraiceririiperpom ineetRgacur , itavt dud lacera re^a 
PO, P TuwgimttO ttBqoMttohwa^miniftie coicora ot> diucriam 

Qg 9> , eorum' 




coromcaraitacexii» SSf^^i^sfiitiiimmmmifeHc 
Tcrba) €r»rMilU,f$dexttm ftm&um tmtmnis vsri} dmirHmt$Wt pfff 
fpmendt^iniksmgMhiimtmere. 

Rijfonfio. 

Paucis coci huic rapocinacioni VallinaDar poccd ^sfiericiim enim 
«xetusproxiin^recicatasverbjsmanifedum fic cx ca fcqisi abfurda 
^uograuiflima » quz ab eo tam non rcmel alTcrca , hic etiam repctun- 
tuE,quxquefuperiusre1cda func j fatis patccquo flindamcnto cotaes" 
raciocinatio nitipoflictca aucem ( vc obiccr memoriam refTicem ) (iinc 
huiufmodi. Primum in eo vcrrarur , quod aflcratdiios Angnlos con- 
taads Parabolici T P B , C P A fibi fupcrpofiros latenbus rc(flis P T, 
P C congruen'*ibus , non tamcti congruentibus rcljquis duobus para- 
bolicis , eifenihilominds xqualcs. Quod fupra oftendi clfc longe ab- 
furdiflTimum , vtl cjuia inclufur» ipcUidcnti forcc arqualc } vcl quia 
vtriufquc laieris parabolici curuitas , vna cademque forct vt >^rgu- 
mencoquintodcclaratumcft. Altcrum abfurdum , vt prm :m cuirarT 
quoquomodo queaL,incurritur ; quod &. ipfum iam non lcmcl ncc 
ita pridcm , proximo fcilicec Argumcnco lcxto, vc in fefponfionc 
oftendi , commiflum cft. ^qualicacem cnira Angulorum huiu^modi 
mixcorum ,qnos lincxdiucrfas curuicatis, tc proinde a fe. inuiccm 
abicedeotcs comprehcndunt > ita ipficoncursiis pundo ajiigat Valli- 
fitis» vcecficittraiprumcrura c[iqarioeotur>& diucrfam & iiUBqua- 
lcm vcipic agnoicit , ineaDC incUnacionem} non ideo cameneos An» 
gulos cctileac inaequales , quia in ipfo pun^ concucs^ea non diaa- 
ricancur. Sedquam abruixium iUod .fit,quanquam per (e ptcc, ia 
fuper ioribus obfcruare Hcec non remel rei^um'. 

Exlkis^ilidom abunde «onftac«irihil9 
plns decrjmenti ex hoc Argumento ab 
iipcicis pctico , qu^m cx altis in Angulucn 
conca<5lus proficifcL Verum camen lubec 
cciam pbiensarenum quidpiam iDipfoAt* 
eumento concraPrincipia optica commtT- 
lumfic. AflTcrit Vallifius radiumOP axi 
AZipeculiParabelici parallclum reflcAi 
non camto a cangcnce T P C Parabolaou 
ica TC Angulus FPCrcflcxionisauqualisdcAngulo OPI incidcntiae» 
vt in opcicisdcmonJrancEucl. & Vitcllip , fed cciam a linca Parabo- 
lica B P A ita vc Angulos mixcus F P A reflexionis , azqualisfit Angu- 
1q mixco O P B oicidciuix^ Ac apud ^ucpi opticfs Auttocm id vel 
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demonftracQin,vcl aliquando afTumptum obferuauic Vallinus ? An 
non Douit, quodexperiemii perpetud&conflanciflimi tcflatum eftv 
quodracioncmuIcipIiciconfirmatunfjomneAgcns naturalc neceffa- 
rium lineas cantiim redas vt fimpliciflimas, vt dctcrminatas, vt vnifor- 
mes , vt breuiflrimas , in agendo obferuare ? Hinc fit vt radius O P im- ' 
pingens in fpeculi Parabolici pundum P j non alia diredione ad rcfle- 
xioncm dctcrminctur, quamea,quameipr3cbctplanumrcfIcxionis, 
& in co plano rcdalineaT P C parabolam tangcns in pundo P , ad 
quodappcllit radiusincidentix OP. Quarc,cum pronunciat Valli- 
fius AngulosmixtosOP BFP Aillum incidcntiac, hunc rcflcxionis 
acquales circ : attei^dat a fc primo pronunciari,5c tanquam Principiura 
ruscconclufionisimmediacum fijpponi, vc ex aliaca eius raciocinatio- 
ne conflar,quod quidcm Ipfi prooaoduiii incombui fed quod probari 
vecat.vc proxim^memiohnahtrxadvaimit quodcombeiidiQnfli^ 
(ibi » 0c mjalm^ expedicum (ic > dccermipau agendi &ciikas i ac pro- 
iade cedamfiilam viam omni Hnearpm cumarum , auar ad eunoem 
alidquicermioumducerepo{Ienc,circuitopranermiflb, iniiftere na- 
C2. Nihil ergo ex opticiscolligi pocefl : quod Aogolumcoacad^b d«. 
tiso^Q coUeiMum fuadeac 

• , * ' EpilogtiT. ' '"' ' ' •■ 

■ Acc!pe,antequiimadaliapergo,breuemeoram»quac.hoc<ecun< 
doLibropercradataiunc, AnacepiialaBofim. * * 

Ac prim^ quidem primis ipfis aHqodc Propofitionibus dedaracum 
cfttquaToam inter qoancitatcs vcra Racio poffic iocercedere ; quafiiam 
ioter iotercedere nonpofiic : probacdmquenoncaotum inter finicam 
quaoiitacen,dc iafioitam,Racionem nullam efle pofle 1 ied etiaro inier 

quafiiamquancitatesfinicas,eiurdem lic^t generis quancicacis (quod . 
quidcmadRacionCQkomnino necefiarium eft iuzu deflnitionem 3. 
Lib.5. Eucl. ) Id camen non fi.ifHcic', nifi ctiam repetitz (cfis poffioc 
mutu6 fiiperare iuxta definitionem^ . ex cuius explicacione quam 
Propofitionetumtertia, tumo(flaua, alii/que paflim tradidi ,conflac • 
quam minime ea fit cum dcfinitionc 3. irreconciliabilis , ctfi Angulot 
concingencix aliquid efle Quancitacis conccdatur. Conftat icem ean- 
demdefinicioncm 5. longe ali6 fpedare > quAm vtea taofijiun expooa- 
cur,quxnam finteiufdem gencris Quantitaces. 

Secund6. S^um Anguliscuiufcunquegcncris AGcometriacParcn- 
tc tributum ius, 6c acacccris dcinccps Geomcrrix cuhoribus hadc- 
nus aflercum^exponicur, aflcricur, & confirmatur; oftenditurquc, ' ^ 
Ctfirummaiaccr AD§uIos^&arcus^uibusinfiflunc.conueoiencia in* 

Q% 3 icti^dcrc 

« 
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Geicedeffe VHkaciir iTloog^ Qttneocii 
MKoeciGileProp^.i.^.&aliapaffiiBloG^ . , 

Teni6. DodaiatttmcftAogglos ooopa«aD^atiB il i i ioo s oonttQ>i 
ttocii!eabmt»Mc«ai cokilns dftBscocaitadsfioeisoMiftiGiiioi, 
Radonisod iooicm taienoafecifesf|oini fi feAiIio«6feot »poctri{feci 
occ pauciooeseodefiipriaari propcer tocsttam,acflsolcioIicein»oecfiU 
GooftannBmliiiearum ooncurteociom^»& Angulos coofticoenciom In", 
ctio^cionem ; qaam origuiem lc canfam i ptiori eiE: aftrot Piop.i^ 
Cor Radooe carerent qu^ plorimi AogoK ctimiliiiel t qpionim aU^ 
qooc mentioocm fcci tom Prop. i o. cum aliis. 

' Quarc6. DifToiucum eft fccundo paulo pluribus ( n paol^ |4ari- 
bus,'quainabeiits Authoise P. Grcgorio iu op. Geom. propQncom 
ecact abeius IncerpMCttexpoficiimcft ) fubtiliffimom iUod Argomeo» 
cnm : quo A ngulos omnes caBi femiciccnlorum » qo^ coDuognalv 
vcfl aBquaIcse&, C\ quoquo modoquanci dicerencuri vel ( quia xqoa- 
Jes eile aderere abfurdum.ibrct , cum alcer alterum includat) e(fe cxtra 
omnem rationem quantitacis efl « inquam , fecundo hic Prop. 7. & 8 
(plutum i cui primo terpottf^m k me iam fiieracLib. » .Prop. 17, Exaok' 
Quadrat. 

Quint6 , ac vltlmo. Vc vcra omnium ha^^lcnus rctro Gcometra- 
rumdc Angulisjprxfertimcuruilineis , fententia nitcret fplcndidius: 
pului(cii!usomnis,quemincamcfFuclcratnonrudisalioqui Gcomc- 
tra Vallifius, non lcuitcr cxcuffus eH;. Atquc demum Uts omoihus 
datx initlo iidei cumulate cft iaus^Kdum. 
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tlBER TERTIVS. 

In quo mirabiles Quadratricis 
fecultates vaiix ex- 

ponuntur. 



« 
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LIBER TERTIVS. 

In quomu^MUs QjifubrMrkufacHUatcsvaru 

exfommim 

PROPOSITIO L Defimm. 

Vadratrix antiqiia Nicomedis & Dioofl:raci»eft linea 
cjuscdnm curua , quam intra circoli Qaadrantein io? 
- fcfibunt naucua fedlionc Quadrantis, radius, 6c M^ci 
drcalQm taogens: dum radiaa VAifacmi moiu Quadraniecn 
accwrit dooec ad alteram Qsasdnmm^ rtdiBm pcrqQniac li- 
nea vcio cangcnseodcnitempoiti,moroque pcrindevaiforroi • 
dcfluit fitufcmpcr parallclo , doacc ad cundcm r^diuqa p^r- 
ueniat. . 

Expojitio. 

EflocircullQuadrans A BE,quemtnn- 
gac in B linea B D. Si conclpiatnr radius A B 
quiefccDte punAo A vnilformi motu pcr ar- 
cum Quadrantis B conuerti, donec ad ra- 
ditim alterum peruenerit -y codcmque t#m- 
porc lineatangensBD dcferrimotu etiam 
vniformi , fituquc parallelo doncc eun- 
A C £ demradium A Eatcingat, &cumeocoaler 

(cat : hx du3c linesc A B & B D ita motx feaione fui mutua curiiam 
lineam BC defignabunt : quam eius primi Audorcs Nicomedcs ^ 
Dinoftratub Ttr^aywii^<Fai fiue Quadratriccm ex co vocauercjquod . 
«iroili Quiidraiurw fia «linjus abfoiutam , proxime faltcm cius opc 
^ J ♦ • aftingcrc 
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2, Liber llLde QHodrdtrice. 

aitingercliceret. Si cnitn vltimum eius puDftum C Gcomctric^ pof- 
fetaflignari : haud dubium quin ad exicum pcrdu(JVus forct Tctrago- 
nifmus. lidcm enim primi cius Inucntorcs fubciliflime omnin6 ac- 
monftrarunt Arcum Quadrancis B E tcrtium cffc proportionalcm 
duabus lincis redis A C, A B. Habita autcm linea re^a arcui B £ 
xquali : pcr ea, qus Archimedcs demonftrauit, facile Tctragonifmus 
abfoluitur. Verum,quia cum radius A B conuerfus radium A £ atcin- 
gic , Sc cum co coalefcit } codcm momento linca B D ad eandem ra- 
dium A E perucnit , & in cum eaaneA:ic , omnU<}ue illa ijbdioduarum 
motarum Unearumceirac,per quam rplamUbea ifia^^cunia dc/igna- 
cur : ide6 Quadracnra eaarte vkini& definlta (iici non powft i i mctl 
tamentam propeabeffi^poted alleri» rt ad. eam propii!tf accedere, 
qutnatcingacur,ncqaeat»ciim pun^uli vnias (patio iodiiiifibili ab 
ea diftct , quik nulla roinor diftantia poteft excogitari. 

PROPOSITIO .II. DefioitiQ. 

REcentior Quadrairix noftra cft linea curua:quam ra- 
diuscirculi conucrfus motu vniformi & rcgulari pcr to- 
cuiD drculum» & lioea circulufn caogciifi radio moto parcl- 
lela» eodem tempore , motuicem vnTOrmi > iituquc paralie-'. 
lo per cocam diametrum ad contadhtm iuoAam dclau » pcr- . 
perpccua fui fcdionc dcfignanc 

Ecce. Radlus A D ciica centrum A immotum pcr totam circuU 
DF E GperipKeriammotu vniformi defbrri concipiacor^donec ad 
pri(linumruumlocuni.»vnde difcefTcrat, rcflicuatur. Interim vcr^ 
lineaH Kcirculum cangensinF ,ad quod du^a eft diameter F G ad 
tangentcm perProp>i8.lib.3.perpendicularis«codem momenro,quo 
radius AD motum iniens^co vnifiirmidcftratufpcrdiametrum F G» 
ficu O I parallclo, fiue ad F G remper perpcndicjoiaridoncc ad G per^ 
ueniacdc cum M N coalefcat codcin momcnto; quo radius A D con- 
tiernoncm abibluic. Exlinea; ita flucntes iemper (c interfecabum 
in I , fuaquc illa intetie^ioae mutua Quadratriccm defcribeot Inre- 
gram , 6c in Infinicum ad partes H & M porrcfbam. Quam qokiem 
duac linex F H, G M ininHnitum comicabuncur, U ad case6 propiiis 
Quadraittix acccdet » «jub iongiiis amba: procurreoc i ad coocurAim 

• tamci^ 
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Lib. lll.de S^mdratrice. 5 

tamcn mutuum nunquam pcrucnicnt : adco vt du« line« F H , G M 
fint QuadratricisAfympcoti. Vbiautemvcl minimiim radius AD 
ab co loco pcr conuerfioncm rcccflcrit : quia cuncduo Anguli F & A 
ficnt duobus rcftis minores j idco fccabit tunc radius , vt A L , redatn 
F H,autaliamquamcunqucOIciparallelcm ipfamque Quadracri- 
cem da&u continuo , &cohxrencc dcfignabunc: cuius duo cornua, 
altenim fupra A D ,altcrum in&a , omncm allignatam longicudincm 
fiiperabofli. Habcsergo rccentioris> & inccgca; Quadratricis ded- 
^oationem. 

PROPOSITIO III. Tri»W. 
Vadracricem iotegram defcribere. 

ConfiruBio^ Dmonfrstio, ^ 

In allaeo proximo. • 
fchemate diaidaturcir^ 
cuius cencro A dcfcri- 
pcastn pattes quotcuQ- 
quezquales (quo au- 
tem maiorftieric earum 
malcfcudo , e6 cutii!ls 
Quadrairix deiignabi- 
tur; per qaarum fin- 
.gulas radij AL eentro 
Aedocamar. Tamte^v 
^FGln partes cori-' 
dem(eoecar»4odisper 
fingulasredislineisOI. 
pacaileltsad AD,fiae, 
adF G pcrpencltcalari-: 
. bas. Has radios eiuA 
demofdinis(iohiisiradioprimoAD>^ipnaia pacallelanrai FH 
faftis) (ecabont inpan^sl , per qd« dedacendaeftleni flexu Qua- 
dntrix. 

Deinonftratto defcriptionis hoias ex ipfa patec conftroAioae, pcati . 
oedendqoe definidone. Qhm eoim ▼niformis fic mocos vcriuique 
liaciimKnearam Qttadracricem faa ieftiofie defigpaacium^eodQm^ 
qoe Tcriaique mocSs periodos abfolottor cemppd^. (pacipi^aallhed 

4 I ^ tcmporis 




Digitized by Googlc 



fpatij fui JecurMndi cnDpons^poidhcaiobgamXItocis^iam-a^ 
lii^qiB^BicilEN^acDttCsr ¥G io pane&aifaaks miaiaiopares diuldacoi^ 
U. per ft^tilaslkies duoaBtar *. erlt nsccflkd^ carum fedio ad Qiia- 
idrairicmk . Qoaicfi binarumdc binarum omnittin fedionci lind 
CHnmeooa«^aneQr-rea.erit pofhjlaia Qttadrairix. loiiegram tx^ 
fCtt iiocianiQaaKimriccmicrcnpiiai^ Quo4fiidciidiimcra& . 

ExcradiciQuadratridsdelineatioiiepacetradiosquI hincinde ab 
Axe zquales cum ipfo Axe angulos continent , efle aequales inter fe. 
Ve n angulas CAS fic sequali&anguloC A Iradius A I,xqualiserit ra- 
dio AS. Anguliscnim «qualibusC A[I,C A S refpondent acqualesrc- 
€atkO , A P : cumfintre<Jlaehuiurraodiintcrfe, vt intcr funtajBguli 
ipfis homologi. Ciim igitur in triangulis A O I , A P S , anguli O & P 
fint xqiialesjVtpotc rcftisfintautem auguliAIO, ASPctiam acqualesj 
font cnim altcrnis C A I , C A S acqualibus cx fuppofitionc , xqualcsi 
& latera A O , A P xqualia , crunt 6c rcli^ua iaccra. A I » A S xquaiia 
pcc Ffop.1 ^lib. I . Elom. 

PROPOSITIO IV. Thmmi^. 

^^Vadracrix Anciqua Quadracricis nouas pars quae- 

\lk Cadbm figura concipiati>r ccntro A per pun^um B , in quo Qua- 
dratrix diametrum F Gfccat,circulusdefcribi. Ccrtumcftcirculi illius 
Quadrantem Quadr»mi F LE conccntricum In totidem partcs squa- 
les diuidi a radiis A L Quadrantcm A F L E diuidcntibus , in quot di- 
uifuscft idcm QuadransA BE. Cenomitemeftrcdam AB cfTc di- 
midiam parcem femidiametri A F , fiue partem quartam diamctri to* 
tius F G. Nam pun^um B , in quo Quadratrix radium A F fecar, dc- 
lignatur iuxta Quadratricis gencrationem , ciim radius A D partcm 
toiius circuli , & reda F H partcm Dtametri F G eandem decurrerc. 
Atradius AD in radium AF promotus, emenrus eft quartam totius 
circuli partcm. ErgoetiamRe<SiaFH ,cum ad Quadratrricis puB- 
^um Bperucnit, quartamdiametriF G partcm ctncnfa eft,fiue di- 
jnidiam femidiametri A F. Quod cum ita fic : cum radius A F defere- 
cur per Quadrantem F L E, fiucpcr Quadrantcm circuliccntro A per 
1 dcicripii 5 ctteBO Qttadcaaccmillum caugpcfiiugB dsfisrctur per 
« parccm 



Liirer I II.de Quadratrice. f 

YLktti\ A quartatn totius diamctri, iiscaUcqoc radios A L in puft- 
Aisl, per quac Qiiadratrix agicur. Qnx eft Antiqux Qti adracriciy 
dengtiacio. A nttqoa ergo Quadratrix Qa^diatricjs oouic. par« qutfdaiB 
eft» Q^odprbbandumcrat. 

^ PROPOSITIO V. Pr9bL 

VAtiamm Imearum ad Quadratricis cafifiimtioacm 
coQCUrrtmiatudefinitianes ftabiUre, 

Bxfa/hh. 

Ni)n par ate Idcis', 8c 
Ijtcuitacis aDatura cfl: 
toti huic tra(^lacioni Ij- 
neartini multipliciura , 
quarum crcbrior men- 
tiofacicnda cft,deno- 
minatio , Hue dcfinicio. 

Prima. Circulusge- 
ncrans, fiuccx eencra- 
tione , cft circuTas D F 
£ G , quem riidius A D 
dccurrcns , Quadracri- 
cem aatus cft produ- 
ccrc. 

Secunda. Diamctcr 
gcnerans, eft circuli ge- 
ncrantisdiamctcr F G: 

pcrquamlincaHlttaiigenscirculam in F ,renfim defluit,&; cunt 
conucrfo radio A t) concutrens , candem producit Quadratrlccm. 

Tcrcia. AxisQiiadratriciseftreaaCPadparccs D in infinicum 
porrcAa pcr ccncrum A circuli generantis tranficns : quac eadcm linca 
totam QuadratriCem in duacornua vtrimque poficadirimit. 
Quarta. Quadtatricis vdrtex cft pundum C Axis cxtrcmum. 
Quinca Sagicta Q^adratrlcis cft Axis pars A C inier vfcrticem C,& 
ccntrum A circuli gcnerancis inccrccpta. Suntquidcm k alix fagit- 
tx : fcd ha:c abfolm^ itadenominabicur. 

Scxca. Applicata primaria , fiuc abfohiri Apjnicataimlhjatim, 
cftreaa B Z Axem in cctitro A pcrpcndicularitcr lccans. Ordinatim 
autem AppUcatit fecuDdari» Akumsr^x qCMiliboE foSUc ad Axbm 

perpca 
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6 Liherll!. Qu^drAtrice. 

perpcndlcolares , & ad Quadi^accicis comua vtrumque cermLcut^: 
cuiufmodi fiint rcftac T V. 

Scpiima. Centrum Quadratricis cftpundum A,idcm quod circuli 
gcncrancis centrum. Licet enim Quadratrix ccntro omni proprid 
careat, cumadpartes D in infinitum producatur ,ncc fpatiumcir- * 
cumfcribat j ncc item lincas pcr pundum illud A ^uBtzs , dC ad Qw» 
dratricem tcrminatas bifariam diuidat , vt centri nocio poftulate ywc- 
lur : QLiia tamcn punftum illud fixum eft , 6c dcccrminacum $ IkiB»- 
qoe pcr illud duAac , ad pundta Quadracricis h diamecro oppofica Wp- 
mioancur \ quod nuUi prztcrca pun6lo iacraQuadracricem affigoaio 
compccic : non inccpte dicctur Quadracricis centrum s nec inqKtiks 
Imeaquarlibec perillud pundum A duda , 6cadQuadmcricem mriiii- 
naca^ceada vcniec Quadratricis diameter. 
\ Aliae (i quz olim occurranc nccefrariae defioiciones » (uis locts ex- 

5* ottcncarrnuDcmagisobuiasadduxiflefaffidac. Quodhic przftan- 
amciaf. 

. PROPOSITIO yi Pw*i 

DAcoccmro Quadratricis , ciufquc ordinacim Applicara 
quacuiKjuci Quadracricem ipfam tocamdefcriDerCk 

Dacum fit fiicnrac Quadra' 
cricisccncrum A,& AppH- 
caca quzcunque D B * m 
axcm vcique perccncrfin A 
duAum perpendicolaris,iH- 
quc pbfitb Quadracrix ip» 
defcribeada fic perindc'> ac 
Applicatafoict ipfidiameKt 
gcncrans. 

ConJlruBh* 
. Centxo A pcr Applicaw 
eztiemom D aircus circaU 
D F£ deferibacor. 
hic arcos ,qdim applicata la 
paroes aliquoc acqualcs pan 
vcrabiqoe mukicudioe diu^ 

dator : ilfc k punftii F , luK i&ponftb G. Ad hatc i ccmro A 



R 
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Uber 111. dc QHadratrice. 7 

l^adi j deftinemur quorum (ingulos fmgulx lineac G L pcr punda G 
dudacad axcm parallelx fccent in l Erunr omnia fcdionum pun<flal 
ad Quadratricem. Quarc (i pcr ca dcducatur curua linea , ipfacric 
Quadratrix dcfcribcnda. Quic vc vlcra Applicatam D B in infinicum 
producatur : producatur vltra D arcus E F D, vc tocus habcacur fcmi- 
circulusE F D H : in quofumantur vltra D arcus D F, F F,quotcun- 
quc iicucrit,3cqualcs arcubus D F, F F prioribus cicra Applicatam D B 
pofitis, radiiquccx A pcrF cmifli producantur extra circulum ad libi- 
tum. Producatur etiam vltra D Applicata BD: 5c in ea fumantur 
fpatiaD G, G G prioribus infraD pollcis aequalia: ac pcr finguladiui- 
lionum pund;a G, ducantur Axi parallclx G L. Quac, fi producantur, ' ' * 

radios fmguios Hngulx ciufdem ordimsiiecabuot^in pundisl:pcr qu<c 
Q^adrjitrixvUraD agendacft. . 

' * Demonjtratio. 

A ccntro A excitctur ad Axcm perpcndicuiaris A L L : quac cft linea 
gcncrans. Hxc cft Applicatx D B parallcla , 6c a lincis G L diuiditur 
in partcs L L , acqualcs partibus G G Applicata: D B. Quia vcr6 cir- 
culus gcncrans, (i dcfcriptus concipiatur , diuiditur a radiisAF in • . ' 
piu-tcs xqualcs ; ficut in acqualcs diuifus eft circulus H D F E : ac pcr 
diamctri gencrantis punda L lincx L G ducuncur Axi parallclac, quac' 
radios ciufdcm ordinis, fibique rcfpondcntcs fingulx fmgulos inter- . 
fccant in punclis I : patct curuam lincam per huiufmodi intcrfe(f\io- ' • 

num punda I dedudam , vcram elTc Qu.adracriccm iuxta traditam - . ' 
ciusdcfcriptionem.DatocrgocentroQuadratricis , dacaquc Applica- . • , 
ta quacunque Quadratricem dcfcripfimus, non (ccus ac fi darctui ipfa . 
diamctcr gcncrans , ac geoerans circulus. Quodprxftandum erat. 

Scboiwm» 

Ob(eraandum hic eft , quando conting^ ( contioget aatem vt phrU 

miim)¥tfpatiumaliquQaFFinavcaD£a{rumpcum,&inarcuDH ■ 

repetitum , ipfum accum D H prapcisfeaoo medatar 3 fpatium ctiam 

D G io AppucasaD P affiimpciim» Bcm eadem vltra D produda re- . 

petitom noo praecii^ad»qiiaaiftim fioeam diaflKax>gen^ 

lcm ; fupcrcnt.caim particula, quxjid totam diametrum geoerantcm . 

infelimbh,npttticabi!clkm ic habcc ad co- 

tam icmiciiciilimL vttle fi»Ie daetmiDabitor ipfi tou diamcter* ^ ^ 

C^odfiloogi^steloogjiiisptodnGiBiidaflfimQ^ 

idiquo pars quaBdam iamid|d>ecei; fpaciomPF metici»» pcrquam '. 

jatf gscmittferctori h oo cepimltDea paralldaad Qaadfatricemiofta- 

imeft • qua; pcr paxtiicoi<u& ^pati>G 9 

M , dnccie 

^ ' ■ .. .•■ 
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S Lib. III. DeSluAdrAtice. 

•duceretur. vt, fi ditnidia pars, vel cercia bu!. accds F F afTumatur , pet 
quam radius cx ccntro cmittatur : pars eciam dimidiavcl tertia&c* 
fpati j G G Applicatjc afTumi dcbct , pcr quam ducatur parallcla radiu 
illum fe^flura ad Quadratricem. Hacc coim linea parallcla non minus 
refpondet radio tlli quam rcliqua: pcr punfta G adaeradits retiqais 
per F trannfuntibus : adcoquepcr harum duarum linearum mutuam 
(cclioncm , oon miniis quam rcliquarum fcdioncmducecur Quadrap 
crix, 

. ' Scho/ium altenm,' ' 
Obfcruandum prxterca 
cft , fi Angulus quilibctad 
c6trum A Quadratricisquo- 
uisad Quadratriccm firufta- 
tuaiur, & per puncfka, in qu;- 
bus radij Anguhim illumco- 
tinctcs Quadratricem in^cr- 
fecant, Axi parallclxducan 
tur , cas fempcr lincas xqiu- 
lcs in qualibet Applicatain- 
tercipcrc.Hoc cnim in (i;be- 
matc patct Anguli cuiufuis 
F A F radios Quadrarri(cm 
fecarc in pundis 1 i pcrqu.r 
ada: ad Axcm parallelx 1 G, 
rpatiarequalia LL in prinia- 
na Applicata A L, vel G G in qualibct alia Applicata B D intercipidt. 
Nec ohfcura cft huius effeclus ratio.Ctimcnim ex gen«-atione Qua- 
drarricis , radius A H circa ccntrum A per circulum acquali fcmpcr 
motu fcratur i eodcmque tempore,motuque vniformi linca L R Axi 
parallcla pcr Applicaiam A L,aut BGdefccndat: patet radiumAF 
qucmcunquc ad locumcircuU ftatuatur xquali tcmporis partcxqua- 
lcm arcum cmetiri i lineamquc L R. fimilltcr cadcm illa rcmporis par* 
tc proptcr eandcm motus vniformitaccm dccurrcrc fpatium L L ar- 
cui F F dccurfo refpondemem : adeo vt a^eri vcr^ poflit , (i Angulus 
quifpiam alteri Anguto fiat xqualis, & pcr pun<^a, in quibns Qu idra. 
' crix A iateribus Angulorum (ecattir , Axi parallelx ducantur : cas in 
Applicatis fpatia atqualia infiercepcuras. 

^ Caeceriim quibuiHam tn cafibus diligemerdebecattcDdi quonam 
• inloco fpacia iUaxqualiafioc io Applicau fimwAda. Quod vno , aot 

alcero 
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altcro cxcmplo cxpono : haec cnim obfcruatio non parum cft alias 
vfui futura. Sit AngulusD AEtadiis AD,AE Quadratriccm in D 
&C rcoflntibuscomprohenfus. Huic Angulo, fiuc arcui DFFE rcf- 
pondct Applicata D B, vt patcc ( hoceniin incafu nuUa pcr puncluni 
D duci debct Axi parallcla,qux Quadrairiccm lecet,cum in ipsa pun- 
(flum illud D rcperiatur> fitautemalterradias A Ccum radio A D 
iuigulum D A £ cominens, ipfc Axb A C ) lamfiacei Angulusarqua- 
lis D A S > & a pundo S , in quo Quadratricis alceram cornu fccacu r , 
^xi parallela ducatur S T : erie eciam tneo cafu Apphcata D B intcr. 
cepta , as.qualis Applicatae > quam incerdpiunt paraltcbt pcr punda p 
& S Q%idratricis, in quibus fecatar i radiis AD, AS Angulitm QAS 
contincncibus. Vcr inteccepta huiufmodi A pplicatanon, yinica li- 
nea finura etl , fed dux i (e inuiccm auulfx : quales funt D V, 6c P T: 
quarum dla incercipitur incer pun6lum D, 9c lineam LR. Afy mpcotum 
Quadratriciss h«cvcr6 inter AfymptocumalceramPX, & Axipa- 
rdiebm S T; ica vt ambx (imul D V, P T, xqualcs (int re^ae D B:ld 
porro , qu6d prim&fironteargutiifimicuiuilibct mentem pcrcellac,vc 
contingataccipe. 

A ngulus p A S in duos Angulos D A H , S A H iecatur ab Axe . . 
A Hs fiue Arcns D H K, tn duos arcus H D* H K.Dum igicur Afym- 
^pcocus LR : qux quafi in infinitaidiftami^ Quadratricem iecare » & . 
quafi cum Axe A H produdo ineodem pundo Quadratricis conue* 
nire cpncipienda eft, concipitur eodem tempore motu xquaf i de(cea* 
dcie per Applicatam V B, donecad pundum D pooentat : dum in« 
cerlm eodem tempore , seqaali icem rootu circacentrum A immotum 
conuercitur. Axis A H donec idem punAum D attigcrit : defcripcum 
cancerit comu Quadracricis a punclo D in inHnicamdiftanciampor- * 
fe^um , donec Axem A H etiam infinitc prodLidum quafi fccare 
concipiatur.C^rnuergoiiIud(^adratricisab inhnitadiftamiiv&ine - 
adDdcduc1:umgeaeracurperarcumHD,dum Axis AHfuomotu 
illum dccurric eodem tempore, quo Afymptotus dcfcendit pcr Appli-: 
catam V D> radi6(quererpondcnces A F fecac in puniflis I Quadracri* 
cis. Arcui igicur D H , Hue Angulo D A H refpondct Appiicata; pars 
D V : ita vc /i arcui D H alius quilibec arcds xqualis, fiue Angulo 
D A H xqualis alius Angulus fiimeretur : radij eum contincntec * 
Quadratriccm fecarem in pandis,per qux du(fla: Axi paralldxlinex 
^ in Applicata tincam incerciperentlineac D V xquatcm. 

lam vcro eadcm raciocinatione circa Angulum H AS,fioe arcnft\ 
H K iofticttca oftcodctor p^cs P T Applicatae Incer Afympcocam P X» 
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& parallclam S T ^ pun(5lo S , in quo radius A S Quadratriccm fccat > 
dcdudamad Applicatam rcfpondcrc di^fVo Angulo H A S , fiuc arcui 
HK: icavtparsQuadratricis , quac a pundo S in infinitum produci- 
cur.dcfcribaturjdum Axis AHconucrfus circacencrum A arcura 
decurrit H K > eodemquc tcmporc Afymptotus PX, Applicatx par- 
tcmPTcmctitur : ita vtfi alius Angulus Angulo H A K acqualis alio 
in loco alTumcrctur , radij duo illum contincntcs Quadratriccm fcca- 
reni in pundis pcr qux adx parallcla: in Applicata lincam imcrcipc^ 
rentlinea: P T xqualcm iuxtaPropofitioncm antcccdcntem. Quibus 
dcclaratis , lucc clariuseuadittoii Angulo D A K , vcl arcuip H K , 
ita refpondcre partem AppIicatJC , xqualem Applicata: alij cuicunquc 
angulo xquali dcbitx j vt illa in duas partcs D V , T P diftraliatur : li- 
cct arais H D , H K , fiuc Anguli H A D, H A K fint contigui,& ad- 
hxrciitcs.Quod fcmpcr fcmpcr contingctquotics pofitus Angulus ab 
Axe A H vccunque lccabitur . vt ex proxim^ di^ls manifeftum eit 

PROPOSITIO VII. FrQbL 

RAdio ad qucmcunquc Anguiumad Axem conftituco» 
per affignacttm in eo qiiodcuaqQepttn&umdedttccre 
(^adciiricciii. 

In codcm (chcmate du(?lus fit radius A D Angulum D A H , fiuc 
D A E cum Axe coroplcdens : & ineoafiignctur pun^lum D pcr 
quod dcduci dcbeat Q\iadratrix 5 cuius fcilicet centrum flt A > 6c 
. AxisHAE. 

Confiruifio. 

Ccntro A femicirculus per D dcfcribatur : 'ciAfquc arcus DFE 
( qucm nunc Quadrantc maiorem fuppono ) in partes aliqudc aequa- 
les diuidaturinF, parlqucmultitudinc in partcs iicm xquales dattts 
radius A D fecctur in pun<ais O. Tum pcr punftaF radij cducancur ; 
quorum fingulos fingulx lincx rc6bx per pun<Sla O Axi paralldasdttC» 
dcm ordinis cum radiis A F, ipfi{quc rcfpondcntcs du£bx intctfiwCK 
in pundisl ; per qux Hnca curua dcfignctur. Hanc dico Quadracri- 
ccmelTequxfitam. QuamvItraD adlibitumproduccrcliabitliiill- 
ptis in arcu D H fpatiis xqualibusquotcunquc licucrit , fpatioFF» ^ 
qux radij emittantur : quo«in punftisl (pcrquxagendacricQua- 
draerix ) fcccnt lincK ciufdcm ordinisdudxad Axcm paraBclac ptt 
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pODda O inpnMkiftofadio A D > qux codem fpacio iDcer fe di(buc « 
quo tadem poo^ O tnfia D poilca i fe abfccduot. 

QsM fi a rcnsDH, 8c ra. 
K V Xt dtus A D in pai«cs squaies 

pari yterque molckuduie &- 
cafencor i ac iolraD caoira- 
di j , quim lioeae Axi paralle- 
\x per diaifiooam puoda F 
U O ducereocur : dacerecoc 
quidem per fe&iooes Qua« 
dracrix , ac per D craofirei , 
vc poftulatur : (ed priusdo- 
dam Quadracricem fecarec 
iti D » eique obueria ibtec > 
vetdoimque.Cex alcera par- 
ce oeocri A versiis H oanci- 
(cerecor» ne^dori fbrct a»- 
qoalis : Quam porr6 vlcraD 
in iofinicum produccrc lice- 
rec verfus E eodem modo , quo vlcra D vers^ H produci pofledocui 
pri&sde(ctipcam Quadratricem, cuius vcrcex C. 

Huius folucionis dcmonflracio cx prsoedencis Propodcionis de« 
mondracione euidens eft. Nam iioeac per punda O radij A D dodiB» 
ad Axem A E parailelx , fecanciopundis L diametcum generantem 
squalicer incer fediftaocibos » vc «qoaliter iocer ib diftimcpuodaO 
radij A D : funtque praecerei^ tot fpatiaLL diametri generanci5,quoe 
fuoc arc^D E ipatiaFF. ErgoredaBAtiparallelx per Ldudxieca- 
bunt fingulxiiogulos refpondentes radios inpun^isl,perquxdcdu- 
• ciciurQwuiracrix iuxtatraditamfupcriiiiseiusdefcriptionem. Eadem 
criCracio»fi arcus D H, & radius A D diuidantoi^, 6creUqua abfoiu3(-. 
tur ad alteram obuerfam Quadracricem delineandS^ neceflaria.Quare 
dato quocunquc radio , & pundo in eo aflignaco , per quoddnccndll' 
ic QuadBatrix » ipiam» ^ooa facicndum erac» deicr^iimus. 

Scholium, 

Quod in fcholio Propofitionis anceccdentis obfcruacum eft circa 
Appiicacam D B, hic etiam circa radtum A D locum habcc. Nimirum 
fi ^cpaD excurrcrcdcbeac Quadratrix; ciuspunda quacdam inuc- 
ftigabttocuc repeacQ » quocics ItCjUeiic ai;qi.> D F in peripberia D H 

B i - lim 




licec prscis^ oon exhauriaturt coci^Cque repccito(pado D O lo radto 
A D prodiido^dudifque pcrO UneisO L Axi parallelis, qux radiof 
A F piufdcm ordinis produAos vltraF {ecabuncin I punclis , pcr qus 
Quadratrix deducetur : quam ecism promouere liccbc adbibicil par* 
ckulii Arcus D F Hi fi qUae fuperiic , cique in radio A D fomptS pro- 
porcionali» vc in €icatofi:holio dedaracum eft. 

PROPOSITIO VIIL rtww4. 

SI cencro A Qoadrarricts circulus pcr quodlibet Quadra» 
tricis pun(Slum Idcfcribatur Axcm lccaus m H;&iuii- 
gatur chorda I H ; 

Dico eama Quadracrice bifariam fccari. 

. • DemonflrMtto. 

Ducatur ad Axem A C prodij,auni per- 
pcndicularis, fiuc Applicata I B : qu^bt- 
rariacn diuisa in L.pcrdiuifionis ilkid pun- 
ftum L Axi parallda ducAcurfccans iu O 
chordam 1 H. clirum cft pcr Prop.4.Lib.^. 
• Elem.ipf.im in O bifariam fccarl : vnJc fic» 
^ vtarcus I H bifariam etiam fccctur in D,fi 
)l ccntro A pcr O radius educ.uur A D. 
Qjuia Ic^icur vt fe habct Applicati B I ad L I i ita fe babct ccntro A dc- 
fcripiui arcus H I ad arcum D I i ac pcr I parallela Axi , & pcr D ra- 
dius A Dducicur:crit commLinis vtriuiquc fc(flioO ad Qiiadratriceni 
per Prop.j. vbi Quadratricis gcncratioexponicur.Ergo a Quaclratri- 
cc chorda I H bifariam fccatur in O. Quare H cqncro A Quadraitir 
cis , 2cc. Qi^od probandum cracu . 

PROPOSiTlO IX. Tlnmvuu 

Ilfdem po/icis. Siradius accncro A pcr pun&umO ^ in qno 
a Quadratricefecatnr chorda I H>edttcanir : Dico radiaia 
bunc &re ad chordam I H perpendicalarem in punftoO* 

T>tmnHrMih. 

Claracfi hxcAfltrtio per Prop.3. Lib. ^vEIcin. Cikmenim cborda 
1 H iubccodcQs arcum 1 D H bitooam k Qnuiracricc femur in O, vt 

-Propw 
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Prop. proxima oflenlum cft,8cacentropcrO radiuscmitcaturinon 
potcd^is Don ciTe ad chordam IH pcrpcndicukirb. Q^oderac pro- 
bandum. 

CoYolUrium. 

Hinc colHgitur uuiffima mechodus cx dcfinitisQjuadratricis pun- 
«flisalia ciufdemQuadratricis pundadcfiL^nandi. Si nimiium pcr iani 
ftatuta Qjiadratricjs pun^fla c ccniro A aixusdcicribancur Axcm (c. 
cantcs in punclis , ad quo: a rmgulis rclpondcniiLnib punifli;. Q^adra- 
iricis ducantur chord.T : qua: fi bifariam lcccnrur : crunt fcclioni m 
puncla ad Quadratricem > adcoquc pcr ca debcb'C Q^iadratrix agi. 
Qux mcthodus pociffimum vful futuracft} cum Q^udracricis par* 
iJia , qujc vertici proximacft,dcfcribcndafucric: Ibidcm cnim Appii- 
caiarum , radiorumque communis intcrfcdio eft obliquidima, nec ni- 
n aegerrim^ diftingui poteft,cui diificuk^tibac mcchodoliccbicoc« 
correrc .* cui ecce anne^o Don abfimileai. 

PROPOSITIO X. 'Vrohl 

DAto qiTovis Q.udrariids puncio ^un<ilum c djanictro. 
cppoliiuui iiili^uarc, 

Daci:m (it Q^jadracricis pundam O > ctii 
oporteaCatiad h diamecrooppontum dcHnire. 
A pundo O per cencrum A agacuriinea:ac per. 
' idcm cemrum A ducatur di;;m:cer generans 
II A I ) ad quam ex punAoO docattir perpendi- 
cularis» vel Axi parallela O L : deinde i pun^ 
L (uper diamecro g^erante fumatur L D ae-> 
qualis (cmidiamecrogcntranci : Dcniquc per 
_ D Axi parallela agacur fecans in G produ^m 

^ diametrum O A. Pico pun^um G illud eife , 

quod inueftigacur : .e({e (cilicec ad Quadracricem > & quidem pundo 
O ^diamctro oppoficum. 

DewwJlrMih, 

De(cripro^ centro A drculo I H E> velgenerame, vel alioqaocun« 
que ( q6'*ciinquc cnim generantis locum occup^re aptus efti c^ An- 
guli jdccntrom ratiopoctiis habcacur«quam magnicudinis circulj , 
coitts radij Angolcm comiucnt ) cuiiis diamcter (it F K per O > & G 

trannens, . 
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•jfWlficiW. Ex generatione Quadracricis manifcftumcftarcumQ,ua- 
oiatricisOC G dcfignari, dum radius AFconuerticur circaccncrum 
A per femicirculum FH K doncc ad AK pcrueniac mocu(cmpcr 
^uali i eodtoque cempons fpacio, mocu item vnifbrmi Applicata 
LOpercunic femidiametrum gcQeranccm LD : omniscntmcirculi 
pftrs k radio conucrfo percurfa partcm diametri g^neraiicii hoinolQ« 
gam , hoc eft , ad quam diaoicfiec geocfaM ouMkm lubcac rati^ 
qoaiD tocos circolas geDCfans habtt ad ^actaa fiii d^ntGm, pcrciini 
poftulac Semiciraimscrgo F H K femidiamccnim geaerantcm LD 
decorciTolci paraHdi LO IniciolaftoApaiiao L ,qaod pona0F m- 
ipoBdcc^dum ladias A F femiciccoliun FH K cneucur : ica vc cim 
(adios AFadradiom A K fibt in diredampoficuin peruenk i linca 
«ciam LO pamnda Axi adliocamD G filucor, pona^aM|oe Gfic 
adQuadratrioem»le<|uidcmpaBaoO h diamecroopponcoms cto 
inccreaduopunaaO & G diameiiBr O G Qoadraoricis h diamecm 

F K dtcoli dcfinicauiccfccdac. Qoae radodna- 
cloex iifdcm Priocipiis ^eaeiacionis Qoadra- 
cricis inftitota » locom nabcc drca Angolom 
qucmUbetdoobos radiiiQ^adratrioem fecan- 
^ tibos oomprehcnfiim : quocunque cntm in lo« 
coconftitiijiotut Anguli ioter fexqualesi &a 
pundis « in quibus Quadracrix fecarar ^ radiis 
Angulos cqoalcs conctnentlbus linex Ax i pa^ 
_ raUebeducaucur : ex in Applicacaqualtbali- 

^ neas xquales intcrdpicnc,non fcc^s aoqusB- 

libcc Qnadratrids diamctcr (qnx quafi Angulum duobus redis a^qoa- 
lcm ad centrum A contincre cenTciKia eft ) quoois in loco , (icuue fta* 
tuacur ^pondis, inqoibus Quadracricem fecat, qualia func O & G in 
hoc fchemace , axi paraltelae dudx lincx in AppUcatdaualibet cqoa^ - 
les iineas inccrcipiunc , hoc cft , vc hic dcmonftracum clc » fismtdiame- 
trum generancem. Ajed^ igicur dato in Quadracrlce cuiuis nundlo 
pandum h diamcao oppoficum definitam eft. Quod ciaft fadcn- 
duffl. 

Hinc cfgo habecur rurfus mcdiodus » qoS ex punais Quadracricis 
iam dcfinicis quxque faciliorem admittunt inueftigationcm } punaa 
in didem Quadrauiocdcfiniantur miniludMiiai qukidlkcc h «iiainc* 
cropriofibiis dacis «Moountnr. 

PKOP. 
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PROPO.SITIO XL Thttrmt. 

SI ccntro A Quadratriciscirculus dcfcribatur Quadiatii- 
ccm fccans in I, ciufquc Axcm in H : ducaciirc^uc chorda 
Jr H : acc centro A radjus ad pun^m I dcftiactunactafidcm 
pcr 1 reda 1 R Axi parallela agacur : 
. nco'AnguIuai AI K bifnriam (ecari a chorda IH. 

Demonfiratio. 

Triangulum AIH cft IfofccIcs.Ergt^ 
Angulus A I I-f xqualis eft Angulo A H I.- 
Sed Angulus RIH acqualis eft akcmo 
Angulo I H A { func cnim ex fuppofitio- 
ne duac linex I R & A H parallcljE) Ergo 
idem Angulus R I H xqualis cft: Angulo 
^' '"a r^"' AIH. Angulusigitnr AIR bifariamfc. 

'WM> A pr ^^^^^ i chot-da I H- Quarc ii cemro A> ' 

Quaaratri(ts circulus, &c. Qiiod erat probandum. 

Pft.OPOSI.TIO XII. TUmms^ 

SI concentricos duos circulos D H £, F IG, qaorunr ceti^ 
ixnm cft alios circolus I>G Eiccueric in D ^ F> & ia %' 
&G: 

Dico arcus DE, EG fecantis circuli intcr duos circuW 
conccncricos incerccpcos, cfTe xqualcs. 

Z>emmfrMk: 

centticoium iaogator compauni diaoietro BC. ducantur eciam ad 
&aiooes hiKomb A wds^iiim A D, A E} Sc A F, A a Qoia igicur 
iD drcoli^^ecantis diametro BC ptsBter centtiim-eiaft B fumicur pun. 
^cnn A$ 4 aqo ex vtraque parte BaesB fiNmintar «qoales A D, A £i 
.A^F, A G ( uintenimfemidianietri conoemriconimcircolorum)erunc 
tamdooatcos CDiCEinterfeaequaksiqulm da6CF,CG, vt 
ex. Prop. 7, Lib. ^ Etem. Qolliginir. Qaare ii ea( «qnalibas arcubus 
CD,CE dcaianiQrarcttsstqoale»CF»CG:«icosieliqui DF,£G 
aEXjaatereraoe. Quaie« Si ooneeooim duosourcuIosA 8cc. Qood erac 
probandom. C ^ Stl» 



i6 Lih. III.*De Qj^dratrice, 

Schoimm. 

Si conccntricorum duorum circulo- 
. rum minor noa rccarccur , fcci rangcrc- 
tur in I i ccrtio illo circulo : vcrum ni- 
E hiloniinusforctarcus duos,inter circu- 
los c^Te scqualcs, vt cx cicaca •Prop.7. 
Lib,}. Elcm. facile eodcm modo dcduci 
poceilt ' 

Coroffariifm. 
Ex propolitione fcquitur du^ds K- 
K ncas D E, F G, cum Muos arcus aequalcs 

D F, E G conncftanc, ^ffeparaUclas. Si 
nim dacacar D G , duo anguli D G F, E D G duobus arcubus xqua- 
^ibus DF»£G adperipheriam ic^iftcntcs, crunc xquales per l^rop. 
17. Lib.5. £leai.qpicum iiac2Ctcrm,con(lacDE,FQ efleinccrlb 
parallelas. . ^ 

PROPOSITIO Xlllt^Tbe$rimM.^^ 

SI centro A Quadratricis circulus defcribacor Quadracri- 
cem fccans in I 6c E per qux punda ducatiir' Applicata 
IE:Tum quouisin Quadrairicc aflumpto punAo O, cxeo 

pcr /, aut E circulus dcfcribatur fecans in F circulum centio 
Apcr I&Edefcriptum, ApplicatamauccmlE in G. 

Dico ita efle Applicacam E I ad fui partcm G U^i eft arcm 
EFIadaroimFL 

Varii funcPiopoficloiusfiakiscalbf. Velenim pundumOQaa- 
^bracricis defignacur iocer paoAum 1 6c Qoadracrids verticem C : tcI 
ioeiascomu vlcra panftuml produdo. Detndevel ctrcolasceiicfo 
Odefcripcascraofit per Appltcacx ccrminom I vteinioiem > vel per 
cemodorcm 6c ia alceco Qoadracrids oomu pofkqm. 
. puos ergo cafus hoc vno in iclieaiace comple^bor , ead^mqued^ 
nonftractone, qux.vcriqoe comicnit, dedaro. Cikm fdlicecpuiidcMi 
O vcroqiio modo io.Quadracrioe a^rumpcum , dcra icilicec , vd vkti 
|mn6tumLceocram.j!bcaicar drcdi pcr Applicatx tdrminum I vici- 
oiorcm vcl ineodemcornu poficumde(crtbendi Hoc fupponto duca- 
uirbneaIF,acperOa^awiiadauiAT»iioei<qoeA^^ OL, 

fiue 



Qigitized by Google 




Ltb.I ILDeQuddratrice. 17 

£ue ad Applicatam 1£ perpenclicularis. 

lUmmihmthdtfUtk t^mfmrif» 




Ciitn^crpunAuni Q,uadramcisOcracatUTradIus AT, & Axipa^ 
rallela OL^* patec per generationcm Quadracricis ica efTe arcum' 
£ HF I ad arcum T I > vc eft Applicata £ I ad Applicacx partcm I 
iii vcroque ^oc cafu. ( Hic meminiile iuneric ^omodo fuperiiis 
i^rop.6. ope Applicatac I £> & atc^s I H E Qtiadratricis vcrticcm C 
jbdodeiicis defcriptus fii arcus Quadracricis l C E : Quadratricis ve-r 

cornu vltra I produdum in iflifinttum detcribi <ope arcusB I, & 
ApplicataBvltralprodutevfque adQuadranrids Aflympncum ) (ed^ 
amis'f T,ica eft adMifli I^F» vc eft ^pplicMB pars IL ad partem 
iG. Ergo ex Kqualtcace,iaieft arQosfiFiadarcum idrculd 
ex oenj:o-0 per I defcripto abftiflnm : vc eft Appticaa £1 ad Tut 
parteiA GI alb eodem etrcula aUctfliim» vcfen prppofiuo. VeHkn» 
probaBda eft minor «nioafeum ifla-efle dtcooi VT ad arcum IF) vc 
A pplicacae pars I L ad patiem I G. Quja igitur 1 L (emiffis eft litoex ' 
tG perProp. 3 . Libi3.-E!em. eoqo&d^ad I G k c\te^ abrdflam du^ 
ifta €c.ibcicculi'4eiim perpeodibiiUiu O L4 pcobaadus eft arcos 
T«flcii»&iffisataislf . f|ocaptcmcooftat,Mam,c&mi^ punfto O 

^ a; ' ui 
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in diamccro A T praccer ceDcrum A affuropto ducaocur I iticx ( cfufia< f 
puta) OI, OF aequale$ ( func cnim femidiaiQetri ctrcuIiGIF) { 
aqualcs crunt arcus T I,T E pcr Prop.7. Lib.3. El^m. Quare in hoc 1 
d upl ici cafu j in qno circulus centro O per vicialorem Applicaca: cer- | 
minum 1 defcribicur, conftac propoOuonis knios vertcas. 

^Vemtaiimkdi^kit tsfBS foBmms. 

^epetko iginir (cbeinate , 10 quo ofteniaiii eft , fi centro O ia 
-Quadratriee aflumpto fiue cicra , fiae vltia cermiocm I Applicatae vi< 
.dniofem circulus G I F defizribatur } iu ipfiim fecare a pplicacaiQ ja ' 
G, 8c circulum cencto A per I ddineatum la Fs vt a pplicata EI,ad | 
jQI iu fi: habeat» vt arcus E F I ielubec ad accom F I fiez eodon 
.centroO fioe citra,fiaevltra linQ^ratrice afiumpto circulusdef- 
crHbatuT per alcerum, a pplicais termmum £ 4 centro O lemotioieaH 
ofi«ndi debct circulum £unc Applicatam I£> 0C fispiiiiun If E 
proporiiooalicer. Quod ita concludecuD 

Secet ciihculus centro O perEdefcrlpcus Circalain IF£iay»le 
Applicacam inRoftendi debet ita efle ApplicatamE IadIR,vteft 
^rcusJlHE adarcum IB£V) clarum aotancft dudam OLAii 
paraUflJam bi&riam fecarcin L cbordam £ R per Fiop.5.|ib.|*£kB% 
vndeckromeuadic liiicdm G£ atc)ualem efie IioexIR,fiue ceiw 
crumO cicra I fuerlc aihiapttma » fi«3e vkra* Si eoim Ocicral fiatua- 
: cum LE> LR fint zquales-s xquales item finc LI, L G : Si 
cxLE demacur LG, & ex LR, demacur L I , rcliquas G E, IR. 
oqualcs cflc ncccfle eft- Si vero pundumO vltra I. fuetit confti' 
cucum: Si ad LEaddatur LQ«8£adLfl.addacurLIi fienc aDquales 
I,R,GC.Claruoi dcnique e(l per Prop. proxiqn^ praecedieiiima^ 
cum I B E acquaUm eflc arcui F Fi V i* pijm cafu , cum cemnioiO 
citra I ponitur; ^ ciun vlcra-I idcm ceq|rui|kO'ftaiuanur, aocnD 
j^Q E eiU xqi^V^ajrrvi I V. Ht ijq>]i<lem arcus in vcroque cafii Ia* 
cercfpiuniiir ipfer iXMic9ficrkos cjvkuIqs c«tfiii?o0.di:(atpco%Q«i»i 
declaratb» ac ruppofitl?. 

. Cum arcusl B E ( pwnclo O cicra I exifteme ) atqualis (ic ofteofas 
arcui F H V f hic chMtt^ KfilP^<f £ vitm/or mteUigidehtt^ vt^fcr fr 
^atet ) fi addatur con^uois^arcu; E Y.: crit apcus I B E V aequ.nU^ ar- 
icui F H V E. Iam,cum ica (ic AppHcacaE I ad l G i vt arcus 1 H E ad 
.arcuai ITF : vt in deroonflrationcca(us prioris odenCum eft , crit 
eciam per conucrfloncm raiionis Applicata lE ad fui partcro GEi 
vt arcus I H E ad lui partem F H E : fcd linea G E ^rqualis cft oftcn- 

i^linc%IR> ^Mo^f H£i wuliB£ Vprolsa^His msmk^ Ergo iu 
»• 
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^ft AppHcata lE ad Hneam IR, n arcus IH E ad arcum IBE V. 
Ergo fccatur Applicata I E produda in R. i circulo cx centro O lcitra 
pundum I exidente defcripto, (imUicec « vc ab Codcm (ccatur ih V 
Aificyliisceatco A |ierldercripca& 




€afemfer^(uttxa«ft<k»oiiftniivcto panteai O TkmletNi* 
fticuicuf.Nam arcos FB£ oftta&s eft aiqaalts aieoi I V :«id2i# 
crgo commuot accua £ V s aBqualcs oranc aicua FB£ V> & IH £« 
CSm autcm ita ficarcos I H £ ad aicum IFi vt App&caca £ I ad cc- 
ftam I G vhr» I produftam»qucmadmodtim in priore demonfttatio* 
ae dcdaracom tuic: ericcuam arcus F B£ V arcui I H £ zqualis ad 
9rcum IFi nAppHGaca£I adlineamlGf 6ccompoocada icaeric 
arcusl B.£ V ad arcom I F} vtcocaB Gad nftam IG : (fc percoQuer* 
fionem rattonis Jca eric arcus I B £ V ad arcom F B £ V s vt reda £ G 
ad Applicatam EI: Et iHuerteodo. Icacric arcus FBEVac^ arcQm 
I&E V,vt Appficaca Elad reaam EG,£ae ad reftam IRiefts 
E G 2X)u alcm ouper oAcDfani. Cooftai ergo circulum cemroO^lcra^ . 
\\tk Qu^dracrice fumpto defcriptum per it&norem ApplicacxtiermU 
ftmn £» fiuc in ahcio Qjudcairidsccmpoficum»fecaic 'mfl AjyJi- 

C 5 cacana 
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catam proda£lam vltra Ij ita, vt Applicata E I ita fit ad I Rj vt cft aN | 
cus I H E ad arcom I B E Vj Ita , vt ram arcus I B E V, quam rc^ j 
IRrcfpondensabcodcm punftol nafcantur. Siucigitur Quadratri' 
cis pui^^um O ftatuaturcitra , fitie vlcra tcrminum I Applicatac, & 
circultis per pundum I vicinius , & in eodcm, quo ccntrum O Qua- 
ilratriciscornu ftaiutumidefcribatur ( qui duo cafusin priorcdcmon^ 
ftfatioQccxponuntur ) fuie defcribatur cx codem duplici ccntroO 
|)cr rcmotiorem Applicatac tcrminum E, & in altero Quadratricis 
cornu cxiftentem ( quodc caiudupHci a^flum hicefl ) vcrumfcmpcr 
luturum cft ab co circulocx punclo Quadratricis O defcripto pcr I, 
-aut E, Appiicatam lE, & circulum cemro A pcr I &: E defcriptum^ 
lccari proportionaliter. Quare. SicenoroAQuadratriciscircolusji&c 
<^od eratdemonilraad um. 

Scholtwn, 

Hlc obfcruaDdum vcnit circulos cx ccntris O pcr Applicatac tcr- 
ninum E remotiorcm dcfcriptos vartis in locis fccare poue circuium 
IB£H ceotro A dclincatum. Poceft fcilicet mucuxillius fedioni» 
fundiim Vra arcum £H tncidere , vc in allafio Paradigmace conti- 
gic. PoMrkviaterdiiai hi ipfum Applicat» lefmuMiiB £ iocurrefe^* 
c6ai firilicei arctt$ F H £ ( cjUsttmniiii, O circall Ibcjimis cinat 
^iftit >. acq ualis fiseric aicui I B £ : aut c&m ceneto O^Tcra I exiAents 
oroas FB £»eidem aicaf I BE fueric zqualis : qu!«afascanc tamtni 
foceft occastere qoando Applicsna l E imer Quadratcids oeiinuii Ar 
ic C verdcen Aacu1curr€c abeiibfcinditar arcuslHEexcirculo» 
«encro jt per I> & £ defcripco lemicircalb mioDr. Incerdam etiaa 
^Micingcc , vc pim^om lUijd ieAionis VexiRa» inter BkE> ledre^ 
4effl in^oimulNislioiormodicafilMJsdemonftraciokiftkaecHr, 
{lafjbiis proreqai^opem pretiam OQflr.videacai;> 

PROPOSITIO XIV. tlmftim. 

Slcfncio AQuadramds circulis defcribanir ip(am (couif: 
iii {' U per I &£ ducator Applicata I £. TtmrApplfw 
«ata «!<*, & arcus I H E in F pToportionalitcr fcccntur : 3c 
fcrtria puniStaG, !, F,lioccft, circa TriangulumGlFcircu- 
lus dcrcubaxiNr^cuiuseeatMm ik Oia codficnciiiQgUA^f 
<2t!3<i^riciBconmi . ' 

Aico cencHim^O cflc »<f Qna&ni:fcc» 
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Hxc eft coouerfa prioris partis PropoficioDU AatececientiSf ia 
qua odenrum eft circuliioi cencro quouis O in Quadratricc » ^ue 
cicra Applicacse tenninum I, fiucvlcraaffignato per I ineodemcum 

0 Qusuiracricis cornu defcripcum fecare in G fiue(upfa, fiuehifraf, 
Applicat^pi ; fic in F circulum centro A per I defcripcum , propoRiob 
natiterii pon^is I in quibus circulus^, & Applicaca fe incerfecanc: 
jcavceadeai (ic ratio arcus £HI ad arcuni 1F,& Applicatx 1£ ad 
elas pancm abfciflam I G. Hic vero h contrario fi fupponatur ea- 
dein ratio arcds 1 H£ ad arcum I F, 5c Applicatx lE ad I G> afleri- 
cur cencrum O circuli pertria punAa G I F cranfeuntis in Quadracrt- 
ce exifterc.Quod vt probetur, ducantur redac 1 F, G F, vc fiat Trian- 
guium I G Fj cui circumfcribicur circulus,cuius centrumeft O. Duca- 
tur etiam reda AO3 quac produ<fVa arcumlF bifariara fecabitinTj 
re(5lam auccmlF bifariam iteminD. Nam dudis OI,OF( dudas 
fuppone ] Tqualibus, vtpocc femidiamecris circuli G I F ex punAo O 
in diametro A T extra centrum acccpto; erunt arcus T I, T F aequa* 
lcs per Prop.7. Lib.3. Elem. atque adc6 per Prop.j. eiufdem Lib.5. 
reda I F bifariam , 6c ad A ogulos redos iecabiuu: in D. Qmbusde<> 
ciaraciSi AiTcrtio cuadit manifefta. 

DcMonflratie. 

Cum cx fuppofitione ica fic arcus I H E ad arcum I F^ vt eft Ap- 
plicata I E ad eius partcm IG. Sit autcm arcus 1 F ad fui fcmiflem 

1 T,vtad fuifemifTem I Lcft redal G Ex a:qualitate, ica erit arcus ' 
1 E H ad I T, vt Applicata 1 E ad rciJ^am I L. Quia vcro per Ldudcur 
Axi parallela LO,&: adTducicur femidiamcrer AD inOfccanspa- 
raliclam: eric O inQuadratrice^ vc QuaJratricisforc generacio. Scd - 
idem pun^lum O eft etiam centrum circuli Triangulo G I F circum- 
(cripti pcr i^rop.5.Lib.4. Elcm.duocnim eiusTrianguIi latera IF, IG 
bifariam , & ad angulos rc^los in L, ScD fccancurj alineis LO,& 
D O : atquc adeo in earum concurfu O cxiftic ccncrum circuli G I F> 
quod idem punctum O oftenfum cft ad Quadratriccm pertincre. 
£xgo. S| cencro A Quadratricis circulus» &c. Quod probandum crac 

« 

PROPOSITIO XV. TUmmd. 

SI ceocro AQuadracrkls ckculus dercribaracQgad 
cem (ccans in 1 6c E : 6e per I & £ dacatur Applicata I E: 
qux ia C rccciur a circulo cxcenrro O ia Quadratricc af- 
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faiDpco per tcrmioum I Applicacac defctipto : a quo eodcii» 
circolo fecatur proponionalicer in Farcos I H F. Vc Prop.ijr 
^(eccideDCC ofteniiimeft : ponacoraotem vt lE Applicata 
ad I R arqualem tc(kx G E; ica arcus £ H I ad arcum 1 B £ V« 
Dico circulum centro O pof Applicarx tcrmihum E cxi- 
ftenccm in alccro Quadracricis cornu dcicripcum , tranfirc 
per R & V. Hoc eft centrum circoli per cria punda R, Ei V 
cran(eootis,(iucTrianguioREV circuoi&ripci^ cflei^ 
ccficro O circuli G I F. 

lymmfrMlo, 

Ciim cx fuppofiuooc rcfta I R xqualis lit rc^^jc G E : Si cx ccmro 
O circuli G 1 F ducacur perpcndicularis G L ad Applicatam , bifariam 
in L (ecabit abrci^Tam chordam G I ^adeoquc L R, L £ ^quaics erum: 
quo Hcc, vc circulus centroO per £ defcriptus etiam per R cTanficurus j 
fii. Probandum rcflattraniitaroinperV. Idporro condacperpar- | 
tem (ecundam Propolicioius i> eiiyqae demonftratioBem : ool , 
^ftcnfum eft circulom cencro per Applicatae lermtnum £ in oppolHD 
Quadratncts comu acifteiuem de(crjpcam»abicjmfecearcom I BE Vj 
ad quem tta fe habec arcus I H £> vc Appliea^a I E (e kabec ad redaau 
IR. Cto er^o hk^ica fic arcus I U E ad arcum lBEV,vtl£adl^ 
€X hypociittu : neoeilc eft arcum cencro O per E delcriptoin cranfire 
MmperR inJkpplieatitqok:) perV incireolo IBE Vs lioeOcifr 
«emramxtrcoliTnaiBgolo RE V clKfBmfcripci. luque. Si eentn>A 
Quadracrids,&c Qpodeiocprobaodam. 

Ex doaEos' proximtl aococedemibos Propoftjonibos coUigicw 
quodlibec Quadracricis pon^m , veluci 0> ciecerminari poffe pcr 
quamor diueriaram linearam oommonem concorrum. Ecco enim in 
oodemfchemace oftenfum eft ponftam illod O Qoadracricis , ceii- 
trum eile ctrpoii Triangolo G IF cirtomfcripti ex fuppoficione qo&d* 
ita fic Applicau lE ad eios parcem I G fioe infira > fioe fnpra \Awm- 
pcamj ▼ceftarcusIHE ab Applicacit abfcifiosad arcum IP vet vltrt 
Ead Laeuamexcurrentem>qoondo nimiram jeftalGad Applicaum 
fapra I^anneditur svel c<cra I in ipibarca IH £ repeticum, vc reped 
'necefle eft, repetici infiralfaper AppUcatl , eiusparte lG«Tooc. 
orgo, fi TraOguli lacera non tantiim duo IF, I G bifari^ fccemurin 
1. 6c D> 8e per&dioiiesline|oducancur acUiiia iatcmpcrpei^^ 

qy» 
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'qaxmcentroO circuli circumfcribcndi cocorrontpcrProp.iXib^- 
ElcQi. SedetiamtcrtiumlacusGFbifccctur in K ,dud^ eciam'perK. 
linca K P ad tcrtium illud latus G F perpcndiculari,qu« pari eumdua- 
bus aliis iiire ad ccntrum idcm O contcndet : atquc ita tres lincxio 
codem concurrcnt. Quibusquartaacccdct i fi Triangiilum alcerum 
conftruatiir R E V} cuius Angulorum vnus fit ad Applicatx oppofi- 
tum tcrminumE:du(')quclatcra E R, E V Angulum Ecomincnria 
icadetcmiinentur in vtroquc fchcmate j vt Applicata EI ,&lincaIR. 
proportionales.fmtarcubus I H E , & I E V (quamdeccrminationcoi 
«ox apcnam ) Tuuc caim trcs iincx Ittcraliuiascriaoguli K £ V bi- 




fariam & ad angulos rcAos fccantia in L,Q>Z,coiicarrent ad ccntrum 
Q circuli TrianguIocircum(cribendi : vcriim carumduacLO , 
exdem funt cum illisip(is, quxcirculo infcruiunt circa Triangulum 
G I F circumfcribcndo : vt cnimLO bifariam fecatiatus IG trianguii 
G I F 5 ita eciam (ccat bifariam R E latus Trianguii R £ Similixcr, 
re£ba QO bi^iam (ccans latusE V eadcm cd cum re^ DO bifa^. 
iiamfecantcIatuslFpriorisTrianguli GlF>ciim cnimper Prop.t2« 
arcusl E,F V fmtacquales,paraUelaefttinea£ V lincx IF iquo f7t,vt 
ve^DOfKodiifta^ iicpctpeadicciUrisctiamad redam^ Y. £rgo » 

X> cum' 
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cum redieD O, &:QJD in pundo O conueniant } neccfle eft vt vni- 
camlineam D Q componanc : alioqui ( quod abfurdum forct ) duae li- 
neae abeodem puncfloOadeandemiineam E V perpendicularcs duci 
poflcnt. Sola ergo liuca bifariain,6c ad Angulos rcdos fecans in Z ccr- 
tiumTrianguli latus RV de nouo accedit ad pundura O Qundracricis, 
opc Trianguli R E V determinandum : ficuc rccla K O bii-ariam & an- 
gulos rcclos fccansin KlarusGFTrianguli G IF, folade nouo idem 
pundum O Quadratricis defignac j duabus aliis LO , A O punclum 
iJlud Ocx gencrationeQuadratricis dcterminantibus. Faciie aurcm 
dcfnnitur arcus I E V ,adquem itafehabeaL arcus I HE > vcfc habet 
Applicata 1 E ad rc(flaml R , exdiclis : (ed idem pcr compendium 
hic, vbi occurric , abfoluam hoc modo. ArcuilBE cTquaUmarcum 
F H V in vn^ fchcn^anim , inaltero vcro arcuniF I V conftitue. lu 
cnim cric Applicaca 1 E ad lineam I R j vt cft arcus I H E ad arcum I B 
E V. Nani ica cft Applicata l E ad G E , vt arcus l H E ad arcum ITF, 
vc cx Propoiicionibus fupcrianbusconftat. Sed poflra cft rcda I R ia 
viroque hoc fcheinate xquaHs rcdae G £:& in ftgura, in qua pundum 
O Quadratricis dcra l fumtEur iotia drculuffi, arcus I E V xqualts eft 
arcui F V E $ eft coimex ruppoficione arcus F V xqualis arcui IBE. 
Ereo addico communiarcu £ V , xquales fienc arctfs I £ V» 6e F V E* 
lo hoc icaque cafu ita eft Applicata I £ ad re£lam IR^vt eft arcus IH£ 
ad arcum I £ V. RcAeigicur inhoccafu , (i ponatorarcasF V a:qualis 
arcui I B E, dedgnacur arcus I £ V, ad qoem ica fe habeat arcus I H E» 
vt fe habet ApplicacalEadredam IR. lo alterDverocafu, inquo 
punftumO Quadratrids vkra I excracirculum ftatoitur,idem proba- 
cur in hunc modum. Applicaca I E ad redahi I R , vt pYpxim^ monui» 
itacftvcarcos IHE adarcumFl V£. SedarcusFIVEeftxqualis 
arcoi I F £ V.Nam ex fuppofitione aeqoales func duo arcus I V 6e F £. 
£ rgo vcri((|iie, additis duobus communibus arcubus I F Sc £ V % aeqaa- 
lesficncarcus IFEV, &FIVE.£rgo ita eft arcvis I H £ ad arcum 
I F E V i vc Applicaca I E ad redlam I K. Re^e igiiur eciam in hoc ca- 
fu definicum eft pundkum V» vc ftacuacucTriangulum R £ V , cui cir- 
cumfcriptus circulus cenrrum nancifcacur Q in Quadratrice produd^ 
vhra I Hk porro rurfus obiccr obferua, quomodo in produfl:^ Appli- 
cai4 vlcra I fumenda (It linea ( vc I R ) quoties arcos ei refpondens ab 
codem pundo I ad laeuam AppUcacaeaftumicijr : concra vcro fuoii de- - 
beat infra pund:am I , qoocicsatcus ab eodem pundo I ad dexcraoK 
Applicatx numerantur.Sic enimoftenfxfuntin vtroque hocfchcma» 
te rc&x E I , I R proporclonales arcubus IHEs&IBEV: qoQnilll 
prioc te(poiidcc AppUcacx I £ in&a I poficac > pgftcnor aoccm 

(Uc^ 
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( lic^t vltra E vfque ad V excurrat in arcu E H I ad dcxtram Applica- 
tx I £ ) rcfpondcct U homoiogus e(l redx in AppUcaca ?lcfa I pco» 
^dudaaifumptx. . 

PROPOSITIO XVL neorema. 

St ez ^enrro A Quadnurids circalas defcribacur fccans 
Quadratriccm inI&E;&pcrI & E ducacur Applicata 
I £ : qua^ dcmum, & arcus abfciAus I H E propordooaliccr fe- 
ccocur iufra I» illa in Gr^in F ^ in hoc primo cafu. 

Dico cencnim cifoili per cria punOa E» F defcripci, fine 
Tnangulo E G F cisconaicriptieflead Qiiadraciiccm. 



Ffsfgriiik. 




Docancur reftaeFG , F £s nfiac Triaogulmn F G E : cotos oni'^ 
liia latcrabifiuriam, & ad Ai^pios re^kos fecemar 4liiieis,quae io cen- 
cro P circofi Triangulo FGE drcnnifccibendi concnrrunc , vc feit 
Ptop.j.Ltb.^. Efem. calnrmodi fiuc KP^SP.YP*Oftendendum 

, D 1 icaque 
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icaque cft puDCluin P ciTe ad Quadracricem. 

BemonfhfUio. 

Ciim ex fuppofitionc Applicata E I ita fic ad fijipartcm I G,vt ar- 
cus E H 1 cft ad fui partcm I F. Conuertcndo. lca crit Appiicata Elad 
iTui parcem E G j vt cfi: arcus E H L ad fiii partcm F H E : & fumptis 
confequcncium femiflibus G S, F X ( qui arcusF Xdcterminatur a rc- 
£ta Y P biferiam 8c ad angulos rc<flos fecanceinYchordamFEseadem 
enim Y P cranfibic pcrcencrum A, &arcumF £ bifariamiBXditil^ 
per Prop. 3 Lib.j.EucI. ),ita erit Applicata Elad E S , vtarcosE Htad 
arcum £ X.Ergo du^aperS reaa SP Axi parallela,fiue ApplicatxE | 
perpendicularisdu^ufqoe radius AX fe mutuo feoibunc in P ad Qua-. 
dratricem , vc pacee ex geueracione Quadracricis. Quod- idemnqc 
etiam modDCondodere licebit. Ciim ita fit E I^ad E-S , yt arcos £.H| 
ad accum £ X : eric per conuerfionem rationis>ita A pplicata E lad IS,. 
Ttarcus E H Ijtd arcum I HX. Ergo pcr generacionem Quadratricis' * 
radius A X, & Axi paratlelaper S dute intierfeeaic debent in pun-^ 
do,quod iitadQuadratrioem,qualeeft P.Euidemdemumeftrc£laar 
quae bi&riam , & ad angulos redosfecatin Ktertium TrianguliFGE 
iatusF G', neseflGui&in pundo Pad Qoadratricem exiftence ,vt pto- 
batum eft, cum duabus aliis leAis linds ooitutaffl.Quare. Si cx cemt»' 
A Quadratriciscirculos &c. Quoderacdemonfttandnm. 

PROPOSITIO XVII. Thewemoi^ 

• 

Ilfdcm pofuis. Defcripto fciliccc cx ccntro A Quadratricis> 
circuloi qui fecec Quadratriccm inl & E,dudaquc Appli- 
caia I £ : qu£ produ^a vlcra I ica fccctur in G i vc produdus 
arcus £ H I>fccacarin E lacdcinucn duda £ Ej vc nacTiiaa» 
gulum G F E. 

Dico. Ceiurum circuliTiiangulo G F Ecircumfcripti clfe 
ad Quadracriccm. 

Fr^paratio. 

Diuidancur bifariamin S& YduoTrianguii .GFE latera GE6C- 
E £ : & pcr harc diui fionum punfta S 6c Y ducantur ad ipfa latera per- 
pendiculares SP, U YP: quarum illa eric Axi parallcla > iuBC ver6* 
tranGbit pcr cencrum A , produd4que fecabit in X bifarlam arcuuK - 
' FiXE per Prop. ^.Lib. s.Elem. cric aucem P , in quo S P, y.P coo* 
currunt , ccntrum circuli Triangulo G F E circumfcripti in quo cungi 
duabusiineis P S>P Y etiam/conttcjucc reda KP bifariam U ad An- 

• gulo^ 
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gufos xc€tos fccans in K tcrtium Trianguli latus Q f . Probtodlim iu« 
^ie eftpuo&umhocF cSt ad Quadratricem. 

DemonflrMio, 

Cum ex hypothefi ita fic Applicata E I ad I G > vt arcus E Xlad 
arcum I F : crit componendo, vt rc(^a E G ad I G > ita arcus E X I F ad 
arcum IF & Ancccedcntium dimidiis acccptis , itacrit per Prop. i 5. 
Lib.^.Elcm. rcdlaSGadlG} vtarcusXIF adarcum I F. Etdiuicl^n- 
do, Ica erit S I ad I G, vt arcus X I ad 1 F. & permutando. Ita crit 1 ecH^a 
Sl adarcum X I , vt rec^al G ad arcum IF. Scd vtlG ad arcum IF j 
itaedcxruppoficioneApplicatalEadarcumlH E ( namcx ipfafup- 
pofuionc itacft ApplicatalE ad IG , vt arcusl HE ad arcumIF:6c 
pcrmutando. IcaeiHE adarLumlH E, vt rcda IG ad arcumlF ) 
Ergo ita cft rcda IS ad arcum IX vt Applicatal E adarcum I H E. 
Qnare ex gencratione Quadrairicis , & iuxta traditam Prop. 3. eius 
delcripcioncm, fi per punchmi S ducacur Axi parallcla S P, cam radius 
c ccniro A pcr X cduclus in pun(5to,(quod eflP) fecfturuseft ad Qua- 
dratriccm pofito : critque Pccncrum circuli Triangulo G F E circum- 
fcribendi 6c in eodcm re^fla KPadlatus GF ( quod bifariam fccac ) 
pcrpendiculariscumduabus lineis SP, APcoaucniet. Ergo Iifdcm 
pofitis&c. Quoderac demonftrandum. ' • 

CorolUrium, 

Cum in hoc vtroque cafu linca G F connccflens puncta G & F , in 
quibus Applicata I E, &arcusl H E ( qui vltral vfquc adF , ficut Ap- 
piicata vltra I vfquead G producitur in eoca(u , in quo punclumO 
Qtiadratricis vltra 1 rcpcritur ) proportionalitcr (ccantur : fit latus 
duobus Triangulis G I F, G E F communc : hinc fcquitur, eo bifariam 
diuifo in K , 6c per K du<^a linei ad ipfum perpendiculari , eius ope 
dao Quadratricis punda , cuiufmodi funtO & P, dcHgDari : quorum 
iIIudeftcentrumcircaH per^pplkatae termiDum I deiineatum ^ hoc 
aucem cencrom eft aherlus arcali per eiufdem Applicatae alte- 
iutn cerminum E deicribendi : vel eriam viciflim pundum O eft cen- 
trtlm circuli perE tranleuntis , qualis eft R. E V , auc R V E i pun^ium 
YCth Peft centrumcircttli > qui per 1 defcriberecur , Applicaijmque 
rlcra E piodu Aam (ecaret. 

PROPOSITIO XVIII. The$nm4. 

SI cx centro A Quadracricis, circulus dcfcribacur, ipfam in 
pundis I £ incerfecans^per qua: ducacur Applicaca. 
tdoiQ^ceoaoO qaoaisia QgjuliMarice aiTttiiipcacucttlus per 

0 I - AppU 
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Applicarx cerminum I delineetur fccansin G Applicatam , & 

inFarcumlH £(produdum in alccro duorum cafiilim.) 

Oeinde per tria pun^G»F, £ circulos defcribacartcoicis 

cencram C\t P. Ac denique per baec doo circalorum cencra vJ 

& P radij cducancur ez cencro A circulum I H £ fccaQCcs in 

T&X. 

Dico primo. Ccnrrum P circuli per criapua^ F, G|£dc* 
fcripti cadcre in Q^«h»cricem. 
Dico fecuiida ArcomTX «qualem cfle arcai I H inter Ap- 

I»]icacam, & Axem inccrcepto : fiue AnguiumT A aequa- 
cm clTc Angulo I A H. 

VfmenfirMio, 




Prima quldcm Aflcrtiocis huius pars clara cft pcr Prop. antcccdco- . 
tem:qua conftat ccncrum P circuli Triangulo GFE circumfcripti 
cfle ad Quadratriccm : detcrminatur cnim a duabus iineis , P S Axi 
paraiiela, & AXjquarum iila bifariam fccat & ad angulos rctflos . 
Tiianguli latus G E > hacc autcm arcum F X E bifariam fccat in X>duin 
latosFE Trianguli biforiam , & perpcndicularitcr fccat in Y , ac pcr 
ccntmm A ducitur : quibus acccdit tcrtia linca O P fccans in K bifa- 
riam, &: pcrpcndicuJaritcrtcrtium ciufdcmTrianguli latusF G ,ccn- 
traquc O & P couDC^iccirculorum , qui Trianguiis F G I, F G £ cir • 
cumfcribuncur. 

SccuiKia ver6 pars i quMarcus T X aequal^ £c arcui I H^ ica cua- 

dct 
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Lih.lII, T)e §luadratrice. ' 

dct manifcfta. Cum acquales finc ( fi ducancur ) redae O I , O F ( funt 
cnim femicliamctri circuli G I F ) ducantur autem ex pun<fto O in dia- 
metro A T circuU I H E extraeius centrum A pofito : erunt arcus TI, 
TFex vtraquc partc xqualcs iuxtaProp.7. & 8. Lib.j.Elcm. Sunc 
vero etiam sequales arcus XP , X E , vel proptcr eandcm racloncm: 
nam rc€t2t P F, P E, fi ducancur, funt .tquales, & cx pundo P diamc- 
tri A X excra ceiurum A pofito cgrediLincur : vel quia re<fla A P bifa- 
riam fccans chordam F E in Y, bifariam etiam fccat in X arcum F X E. 
Quod cum ita fic. In co cafu, in quo duo centra O & P intra circulum 

I H E cxiftunt, ita declaratur Aflcrtio, Arcusl T F vna cum arcu FXE 
totum arcum I H E componic : itaquc fi arcus I F femiflis T F , & ar- 
cfis F X E fcmiflls itcm F X fumacur , & ad arcum T F addatur, vt fiac 
totus arcus T F X i hand dubium, quin huiufmodi arcus T F X fic pars 
dimidia tocius arcusl H E. Scdarcus IH dimidiaparsctiam eftciuf- 

dcm arcus IH £• Ergoarcus TF XxqualiseftarcuilHiatque adco 
ang\ilusT A Xxqualisangulol A H, vtaflcritur. 

Cum vcriamDo pun£baO 6cP circulol H E non includuncur, vt • ^ 
habec alter cafus : codcm fcre modoPropofitum includitur. Totus ar- 
cus I B E in duas partes I T F , F Z £ dliiidf tur , (i igitur cx arcu I F di- 
midia pars ftimacarTF, & ad arcom FZ , qui dimidia pars eft rcliqui 
arcus F E, addatar > vt iiat totus atcuis T F Z ; bic erit diinidia pars co- 
tius arc^ I B E i atque ade& aequalis arcui IB, vel £ B. Quarc. Si cx 
femicirculo B I H , arcus I B » & cx fcmicirculo Z T X, arcus Z T de- 
mayiir : rdiqui fieot arcus I H, 6c T X atquales, A nguilque T AJC , U, 
I A H icqu^es erant. Quarc. Si ex centro A Quadratricis &c. Q^od . 
eraDtproDaiidum.' 

PROPOSITIO XIX. theQrem». 

SI cencro A Quadratriciscirculas dercribarur ipfam (ccans 
in punftis I & E j pcr quac agatur Apphcata l E. Tum in A ' 

angulus conftiruatur T A Xa-qualis angulo I A H,qnf m Axis 
A H cum radio A I contincr :fiuc arcusT X arcui i H ^qua-' 
lis fumatur, radiis A T^A X Quadrarriccm (ccantibus in O ^ 
P intra circuium 1 H E 

Dico.Siex applicataeterminolper pundlumOincodem 
cdrnu Quadratricis pcfitum : & cx alccro Applicatx tcrmino 

E pcr pundtum alterum P rcdarcducantur 1 0,E P. cas in ali- 
quo puQ4£to.&ckc9nsfercmia:€ircaUlH£liai^coitafas. 
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PrAparstio. '3.' 

Ceotro O per IcircuUis dcfcrib&J 
turfccansApplicAtacn qivdem inG, - 
clrculum vcro 1 H E in F : &: fimili- 
tcr cemro altero P pcr altcrum Ap- 
plicats tcrminum E defcribatur cir- 
culus : qui nccelTario perpuHda G 
8cF} inquilnjs Applicata, Sccirculus 
I H E A priore circuio cx O pcr I dc- 
fcripto lccantur , tranfiturus cft. Vt 
cx prarccdcntibus Propofitionibus • 
conftat. Ducantur ctiam leda: O F, ' 
P F : ac dcmuni diix I N , F N ad 
quodlibet pundum N jcircumfcrcD- 
tixdrcoli cx ceacro O per I defcripti. 

BemonflrAtio. 

Cum QuadrilateruralN F Gcirculo cx centroOpcrl defcripto 
contineacut : crunc duo cius anguli opppfiti I N F, I G F a:qualcs duo- 
busrcclis pcr Prop. zi.Lib. 3. Elcm. boc cfl:,duobus rc(5lisrequaiibus 
F G I, F G E. ErgoangulusF G E aequalis cfl angulo F N I Scgmen- 
ta igluirlN F, & E G F, in quilms cxiftunta^qualcs illi anguli , fimilia 
func pcrdcfin. lo.Lib.j.Elcm. vnde fcquitur Angulos FO I,F P E a<i,. 
ccntrrm arcubus fimilibus I N F, E G F infiftcntcs,eflc inccr (c ivc^iia- 
lcs. Qiiarc,cum duo TriangukiF I S, R E S duos angulos F I S , R E S 
inccr (e , duolque ad vcrticcm I S F, &. E S R jequaks liabcant ; crunc 
^ctiamduo W S,ERSintcrfeacquaIcs. Ciim ergoanguIuslF E fitin 
fcgmcnto 1 H E, in eodcm eciam cric angulus I R E per Prop. 1 1 . Lib. 
3. Elcm. lioc cft , duac rcilx 1 0 & E P produdx in pcripheri^ I H E 
fimul coibunt. Quarc in hoc cafu, in quo duo pun^ O U P intracir- 
culum I H E includutitur} fiueinquoangiilus T A X xqualis angulo 
1 A H > radiiscontinecur A T«AXima fcgmentomlH Ei veraeft 
Piopofiilo. 

PROPOSITIO XX. neorema. 

Ilfdcm pofjcis. Si ita fumacur arcusT A X xqualis arcui IHj 
vc cadMis A T Quadratriccm Icccc in O vlcra pan^ium I : ra* 
dios aucem A X candem in P lccec ckra I » fiuc incra drculttni: 
1 H £ : auc (i a ngulo I A H acqoalis fiac angulus O A X , ita vGt^ 

duaruni liQcafum aogulum illum O AX coptincncium akcra , 
^ . ' ^ ncnipc 

• < 

r 
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ncmpc A O Quadracriccm fcfcct vltra lin O ; Alrcra autcm 
cirra I tnP : & rcdla cx 0 pcr ItcanficQs producacar^donec ia 
K. feca circulitm I H £• 

Dico,Si perahenim ApplicarflHerminamEper F traduca- 
tur linea rcdta : ipfam in circumfcrcatixpun<tio R coituram 
cum rc(AaORper I tranfcunce. 

Ducantur lincac P G, P F : itcm 
AI,A'F:€raicein OG,0 F:craiiciatur 
•auceiD.ex E pcr F rcaaE F donec ia 
S Qccorrac Hnes R 1 0 p«Nluda& 
^Demonfiratio. 
Dao Triangula OIF ,F P E funt 
aN]uianguIa.Oftcndo.AngulusBOI 
ad centrum O circuli F 1 G per la 
Prop. Lib.j. Elcm. duplus eft anguli 
F G I eidem arcui IF infiftcntis^cui 
infiftitangulus FO 1 ad centrum, 
Illeautem ad circumferenclam. Eft 
autcm angulus F PE itidcm duplus 
ciufdem anguliF Gl, aut F G E. Hic enimeft ad circumferenciam 
circuli £ F G centro P per E defcripci : illc vcro F P E eft adccntrumj 
& vtcrque cidem arcui E F infiftic. Ergo xqualcs funt anguli F O I , 
F P E. Quia verolaceracirca xqualcs illos angulos func pro;>ortiona- 
lia, ncmpe xqualia : erunt duo ipla Triangula F O I , F P E xquiangu- ' 
la pcr Ptop.6.Lib.<3.Elcm. ericque angulus 0 1 F acqualis angiilo F E P. 
Fk>c pofico, arcendamus duo Triangula S I F, S E R, quorimi com- 
munis eft angulus S : angulus autcm S I F oftenfus cft xqualis angulo 
S£ P. Ergo reliquus angulus cercius SF I,cercio rpliquo angulo S R E 
trianguli O E R eft xqualis. Hincergo fic, vc'duo angult I R E , I F E 
Qiiadrilateri IF E R^quifunt oppofiti, fint duolnis redis xqualcs, 
duohus eoiml F E , I F S ( quiluncduobus redis zequales) ipfi fiint 
xquales. Ergocirculus Quadrilatcuo hoic IF E Rcircumicribi poteft; 
q u i al i us noQ eft, <}U am crrculus I H E oentro A delineacus, xihm tran- 
fcac iara pcr tria punfta I, F,,E. QQOftar crgp reftam E P , fi produca- 
tur y non ^Woin pundo jcoicuram cim prod^d^ O. I , quim in ip(bm4t 
punAo R, in auo refta O I circulum I H Eimecfecatr Quarc , lifderai 
pojfitis. Si ifiaramatar arcus 6tc Quod erat demonftrandum. 




lahAlLDtSlmctrMfUt, 
PROPOSITIO XXL Thumm. 



IlfHemaut (imilibw pofitif. Sic nimiruinQuadracriciscenh 
crum A, Axis B H , Applicaca cjuaccunque I E. Ponacur au- 
tem arcul I H circuli l H £ ccncro A per I & £ dtfcripci^aiccus 
xqualis B R,.(iae angulo H A I angulusdiqualis B A K :ica v€ 
fadios A R onadracricem lccecii»P r q(K> mcabt^kKis radiofr 
angulum B AR angulal AH «qiialcm concincns eft ipCe- 
Axis AB: qui in innnicum produ£lus Quadracrrccm in infi- 
nicum produdamXccare concipiacurin pundo O, quod»vt m 
fuperioribiis cafiiMts cmcigi^ rcfpoadec (^diiaccids fnk- 
ftoP: 

Dico. Si exeojnfinicj!^dll)anci'paii£ko O , per (uperiorcmi 
Applicttartcrminum 1 xt€t^ lincaducacuriducacur autcm& 
akeralineaexaluio Applicac£ ccrminaE per pun(3ijmP;ba& 
doaslineasincodem. ponAD- circumfcrencije IHfit Vtinlt 
coicnias. 

Linea illaex infinlco fpatio 
pcr pundum*! dcduda , eft nc- 
ccflari6 ipfi Axi B H; parallcla: 
lila cnim, 8& Ax« BH produ^hw 
ad Quadratriccm infinit^ pro* 
du(5lam' (c mucu6 fccanc in pun« 
6lo illo O infinicb diftanti, hoc" 
cft, nunquam^hoccrt-^parallcl»- 
funclincx illjc. Ducaturcrgopcc 
Ilinca OtAxi OA parallelatquaB- 
fecct i^ R arcum 1 H E i & cx^ 
punfto E pcr pun<J^um P Qua- 
di«iriHi'ic£bC3r|eDdtorEP:Ph>banduracftrcaamhanc,fi produ- 
cacur vftraP^cam re^OIcoitiinm in eodem pun&o R. circumfereo^ 
il«,iaquo iplaleoatoiijiic^OEAxt parallcli. 

C&mmbTpotKcfiUraisCRJB^SC KIB ilnt xquaks i dcmpco com^ 
. ' mum 
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«mioi arcu 1 R> zqaaiesenint auncus I B & K H. Ergo duda I R. fMural- 
IdaeftAxi B H : produ^ igkcir O l Axipcriadc parallela coa- 
lefixc €um reaa iR. « 6c ia pQnao R (ecabifi arcum i K H i tn 
^uoeundcm arcuim fecare fapponituf radius ex centro A perptNi» 
^um P Quadracrids tradu&us. Probaodum tcaque muoe eft radtum 
A R. produdumcadere in Applicacx ceiiiilnum £ : fic enim conftabic 
tedam ex termino £ Applicatae per ^uadracricis punf^um P tradu- 
^amcotre in pundo R, inquoakera lin^ae^ pun<^o O Quadracricis 
infinicc diftanci pcr alccrum Applicacae tcrminnm I duda arcum IH 
iccat.ld porroprobacur. Duo Triangula A S I A S E , cum habeant 
trialaceracribus lacertbus iingula ilngulis xqualia , xquiangula func r 
angulus ergo S A E eft acqualis angulo S A I. Scd angulus S A I eft 
acqualisangulo R A H ( funccnim arcus R H, I B oftcnfi acqualcs ) cr- 
go xqiialcs func duo anguli S A E,R A H : qui ciim fint ad vcrciccm, 
vnica rcda linca ex duabus A R ( fiue A P ) & A E conflacur. Sicut 
ergo re<fla A P produda concurric cumrc^a O I produda in pundo 
R arc^sl H > itacciam E P produ<flacum cadcm O I in codem arc^ 
IH puncfloRcQncurrcc. Conftacergoetiam inhoccafu , inquoAxis 
ABininfinitum producij&inpundo infinitediftanti Quadracriccra 
fccareconcipitur, exquorcdaO I pcr cenninum Itraiicicurfecans in 
R arcum IH i eciam re<ftam ex eppofito tcrmino E Applicata: pcr P 
traieiftamaicumiH in eodem pundo R iiecarc«Quoderacprobauduii|< 

PROPOSITIO XWineortma. 

POfitis adhiic fimilibus circulo fcilicct ccntro A Quadra- 
tricisdcfcripco,quiQuadracricc fccctinl&E, pcrqua: 
^ttcatur Applicaca IS^ Tum piuiAo P in Quadricrice affiim* 
pco^lctalfiac ccntmai A angtflot P A O «qualis angulo. 
I A H, dudo radio A O, qui fecec quadracriccm in O in co- 
dcmcornu fupcriorc in quo cxiftii P. 

Dico. Si ex punOo O ad termiaum I Applicatae (upcrio- 
remre£bilineadncatutfccansin R circumferenciam circuli 
centro A clefcripti \ & ex altero pimfto P ducatur rcda ad aU 
tcrumAppIicat£ cciminumEthancrcAampcrR cranfituramt 

CemdQiOperlcirculasdelaibacur (ecaminG produdaxn Appli- 

- . £ i « catam 



catam I £, clrculum vero I H £ B in-F .-iefcribatur aotcm ceotr6 P 
per £ alter circulus, q ui per G 6£ F craiificaros^cft per Prop. 1 8. dticao» 
wtdemumrcaxFP,FG,FEiitemOI,0 F,FI. ' , 

Demnfirstio, 

Tam angdus FPE 
TriaogpU P £ F, ^uam 
angulnsF O LTnaaga- 
liOIFHuplos ^ an- 
gyUFG£.Pate(.NanE' 
aaguUi»^ F(j£ eft ad 
cncumfereotiam circu* 
li jG IF cenuro O de- 
fijripci .•id^Dique eftad 
circomfereotlam dica» 
li, qui centro P per E flc 
Fde(cribicur. Ergo per 
Prop.io. LiK 3.Elcm, 
tam angulusFOI.quanv 
angulus FPE c(l du|^ 
anguHFG £ jirdcxn ar» 
cubusFI, FE, quibus> 
ilii Aibtendaocor , iofi* 
flens^aequa!esergo fuor> 
aoguiiFOIi^FP£:e0> 
go ipfa Triangula funt 
zquiangula>cum habeanc circaxquales anguloslacera proportionaliay 
ncmpe xqualia : ita vt angulus O IF acqualis fit anguloP E F.Ducatur 
linea re<fia R F a puncfVo R, ad F,in quo latusO 1 Trianguli O I F cir- 
culumfccac : cric angulusRIFin rcgmentoR I E F. Atineodcmfc- 
gmcntocfic ncccfiecft angulum PEF,paiec^Nam,cum angulus PEF 
acqu.ilis angulo R I F , fic ad pundum E , pcrquod tranfit circulus 
R 1 E F i conueniant autcm duae lincx F l.,F E ad pundum F ciufdcm 
oirculi ; diia: reiiqua: I R, P E i quac cum linels F I, FE angulos R I F, 
PEF inter lea:qualesconcinencin codcmeiufdemcirculi pund^ocon- 
currcnt, vc vtcrque illc angulus aequalis R I F , P E F in ©odcm pofiit 
cfl[c regmento,ciimergo lineaO I lccec inRcirculum; nonin alio, icd 
in codcm pundo R linea P E eundem circulum fecare potcft. Si cnim 
in alio, quam R redle P E circulum fecare fiue cicra , iuic vltra R aflc- 
rcreiuri auc maior , auc minor anguloRIF dicendus forec angulus 

^ E F> vt potc ia miooicvcl aiaiorc^rcecaciuo ^ «^amilc fcgmcncum 
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KV^ V angulom capiens R I F , conllicutus. Quod cflet abfurdum : 
c-an lualesprobatifintaBguliRIF&PEF. Quare. Poficis adhuc 
fi.aiuiu.;:>. Circulofciiicec &c. Quoderacdcmondraadum. 

Propoiitionibus quacuor prxccdemibus/iaatuor diuerfos cafuscx:. 
pofui i in quibus iifdem poiitis, Applicacdoiini|?uinquacunque I £, fi 
ue caftacuaturexcraragtctain AC Qioadffacricis^icaTtaxemrecec vi- 
tvacemram A> vc fchemaca Propofidofium r^. to^iu refimioc > (tuc 
^ginam ipfam (eoet, 9l ceanon iocer , tc Verctcem Qu.adratricis io*^ 
fieriidacar> vt ioPropofittooeprosiffla %i, fiericooti^t. Pofitoettao» 
arcQ T X xquali arciri I Hf fiue aoguto T A X xquali angulo I A H> 
io prioribas doalras Propofiiiooibus i m- Propolkiope aucem i i.pofi * 
cus eft aicos SL Txqaalisascuil Hr & inPtop; % i . eidem arcai I H 
jBqaaIis«ftftan]CosILIE.Iis,iAqaam,poiidsofteodiqaacaorio diuei^ 
fis cafibos quomodo coocorfus duarom lioearam cx Qgadratrict» 
puodis 0&Pin.qaibas ^ radiis aicom aEquaIem.arcui IH co^ipfc- 
fteotibus Quadratrix ip&ieicatur, per Applicatat centioos lUE cra* 
ieftarom in ipsd exi(bccircumfereoci.ar circuli , qui ex ceotco A per 
Applicacx termioosdc&ribiturr Prim us cafuSfde qao agitur Pn>p. i 
a^uti^. eftciimdUopap^ka QuadracricisO £c P cadunt iBtracIrcu- 
lttm»fiuc inarcuQuadratricis ab Applicat4lEadryert;icemC abfi:ifie. 
Qu6 quidemio caiu neceileeA, vc horum punAorum duorum alte^. 
yom in vno Quadratriciscorooipxiflat > alterum ver6 in alcero : ct^m: 
arcus T X aequaliscfie debeat arcui I H > fi pu nibum T a pao^ I re- 
tefleric ).ct4am tanto fpatio pundum X a pundo H recedcre necc£[&' 
cfl j atque adco pun6lumP intaferiose Qiiadratricis comuceofiitui. 
CafQs lecundus ille eftqoi Prop. xo. exponicur :cum fcilicct arcus TX 
arcoil.Hxqualis,fiueaDgulus TAX xqualis angulo LA H radiis- 
cootinetur huiufmodi > vc altcr, nempc A X j fupra Axem AH^ fio^ 
intcrl & Hducaturjquo in cafu altcr AT vkratduccncluscrit>vtpa-? 
tct ■) ficqoe tiec vc ab iis idem Quadracricis cornu a vercIccCpcr I cx* 
tcnfum fccctur in O & P. Ad hunc autcm refcrri dcbet cafus tcrtius- 
dcquoagitur Prop. ii.Cumradiusquidcm vnus(quiin fchematccft 
AR ) arcumscqualem arcuilHcontincntium (latuitur inter I & H, 
&Quadracriccm fecatin P •. alter ver^^eft ipfc axis A B in infiiiicum 
produdus verfusB 5 qui idem cornu Quadratricis' a vcrcioc Cperl 
porreclum in infinicum in O fecarc ccnieri potcft : quo ctiam in cafu 
oftcnfuscft linearum pcr cerminov I^ £ Applicata: a punc^is O & P' 
dudarumconcurfus incirculumlH E incidcre. Quarcusdcniqucca* 

fii^ioj^.ii» dcclvatus fupiiooicradioscojKiueotcsarcum jcqpalcm' 
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arcui I H ( vt funt A X, A T ) fecarc Quadratricem in P & O vltratcr^ 
minum I Applicatx:quam tunc inter cencrum A SC vcrticem C axem 
fecare neccde eft , vcfcilicec anguhis I A H (it rc<flo minor : neque 
cnim alins pofTet fumi in arcu IB arcus X T arcui!! H xqualis,vt p^cec. 
Ad huDc autem cafucn pertinec ille , inquo termimis ipfe I Applicatx 
aflumeteturs nexeo arcuscqoalis arcui rHabionderecur inarcu 
IB. TCiacauiemiBiidipfiiinpuiiftaail efletpunAum GoncQrs^li» 
neantm A ledioiiibiis Qitadranrtcis per femiini» 1 6c £ AppUcataB du- 
Aarom. Kam ipuoAoladtetminum Elinea daci dcbcict» guae ip&> 
metfi>rct Applicatal B»gC 3^ fedionc altieci Qffdiatfids adApplicatag' 
terminum I ancraUneadaccrecur prioccm nique I E dudam in ipfi» 
ponftoldfculi I H £ icdttnt»In hoc porr6 cafii» qui Applicaum inter 
OBOtrum A Quadratridscld^ue vcrticcm Ccollocari poftolac » vt fic 
accoslH Q^dranccminori fioc angolus I A H fic acocos ; ica arcoi 
IHfumipofiec aEqoaltsinarculB$vtB fixecdostCiminus » 8c ipfe 
Azis AEaltcrdoorumfadtorumarcomarcoi l H scqaalcm comple- 
. demiom. Quo pofico idemcoQtiog^ret , quod Prop. ii. contigic,co- 
d^mqaemododemonftrarccnr^concotfissfialicecliiiearomi fd^ionc 
Qttadracrids pcr ccrminos Applicacx I E dudarum in eopundo dr- 
culi haberetur i ioqoo alter radius ipfum drculum fecarec s quemad« 
modum in fcbemacc cicatac Propofitionis concorfus linearum O I 6C 
£P cadit in ipfum circuU puo£lum R,pcrqoodradiosAR. arcom 
RBarcui I Haaqualcmabfi;indensducitiir. 

VnusfiipeiCKcafiiSyCuius nulia ^&a eft in fuperionbiis mentia 
Poteft fi:ilicet angolosaiigulo I A H fupeiiorumicQcmatum acqualis , 
fiue srcos arcuil H aequ^is ica confticiii : vtcum complcdeotcs Tadij 
Qiiadratrici oocurranc vlcra Applicatam I£ ; (ed ita vc vnus vnum 
Quadracricis.a>mua venice C per I cxtenfiim ,alceralccrum ab eo« 
dcm vcrcice pcr E tranHen^ interfecec. An igitur in hoc cafu lineae ab 
iis Quadratricis fe^ionibus per Applicatx terminos I & £ traie^se, io 
aiiquo circuli 1 H E pun(^o , vt in allatis cafibus contingere oftenfura 
cft, concurfurx liinc ^haud quaquam , cum enim , vc ex fupcrioribos 
aliquoticsrcpccitisconftac, pracfertim in generationecclcberrimx hu- 
iuslincje, 6c in fcholio z. Propoficionis 6, pars illa Quadracricis , qu« 
vlcra Applicatam ex vtraque parcc in infinicum excurric, gcneretur 
opc arcus I B E ab Applicata I E abfcifli, & opc Applicatx vlcra I & E 
produL^a: vfquc ad Afymptotos ,{iuedoncc toca Applicaca diametro 
gcncranti fic arqualis : circulus , qui ex quolibet pun(5lo cornu vnius , 
V. G. cx pundo O in proximo fchemacc , pcr Applicatac tcrminum I 
dcfcribi(ur|fccabic inG Applicatam vlcralfcodudam : ar vcco cir- 

culus 

Digitized by Googlc 



Uk III. Di Sl^aJratriee. 3 7 

cdtis ex pundo quQuis 
jk^Am m^na per tec- 
miaum E wineatos 
Applicacam (cAutats 
cu Tkra £ produdlam : 
qaofic^vt iii duo cir- 
culinequaquam poflinV 
aliquaiido> fecarc fefis' 
mocu^' io eodcm Ap- 
pllcatx punfto , ( quaue 
cft G Inlioc ichemace » 
inqoo circuli ceo^rtsO 
8c P ad idcm como 
pertinencibuspcrltc £ 
dudi fe interiecanc in 
G)w deficience aotem 
Jiac oonliiiuni hofom 
Jiiorum circulorum tc 
Appiicata: incerie^io*^ 
ne ; praercindicur «go* 
mentum , quo duorum 
Ti^angulorum OIF, PEF fimiliiudo, tique adc6aBqoalicasaagolo>^ 
ffom AIF, P E F concluditur : & cx colios angofos in codcm fegmcn- 
toexiilere*. vnde candem coUfgatur lineas angulos illorcquaiesad 
MiplieriamconiHtoentes fecnre fcieddicce» inipfis fegmenti angu- 
los xquales contincntis tcrminis. 

Oeterto. Ex hac linearumrper ApplicatsB tcrminos I & E cx Qya- 
dratricis pun^is 0-&P'iradetcrminatis, vr k mc dcterminata funt, 
tradu^arum fedionc mutua ad peripiicriam I H-£ fuo loco deducetur 
QpadratrictsfacultasindgDisrvcproptcrea illampaulo pluribus pro- 
fi*qui,&,quoad ^ Aiit, apert^exponcrc, opcrx pretium vifum fucricv- 
Sedecoe alia» qiiae iis oonfequomor 9 nott miDos obieru^ 




SiCBOLlVM S£CVNDVMi 
Cmterfi pojfunt proxtmd Propofitiones Im mmIk 

St ccQtxo A Qoadratriciscirciiios-defoibanir ipfatn fecanr 
inl & E : & cx punffis 1 8e E redc emictaBtoc fefi: in-R od^ 
WcuIipcriphexiamfccaotcSy^ux Qj^dracricem ipfamin O* 
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& P fcccnt } & pcrpun<i^a O , & Pa cenuo A wdij A T, A X 

cmittantur. 

Dico- Angulum T A Xacqualcm cflc Angulo IAH:qucm 
radius A Icum Axe A H continec : fiue arciim T X xqualem 
eflfearcuilFL 

Hic vnicum fclicma propono,quod 
ad Propofitioucm 19. pcrtinettin quo 
pundaO & P,in quibus Quadratrix 
fccatur a lincis I R, E R j cadunt intra 
circulum,vtfertcicataPropofitio : ve- 




riim nonminus rc^h dc cacteris caii- 
bus Prop. 20. II. 11. cxplicatis harc 
AfTertio ^x^tefl: enunciari : quam in 
hunc modum demonftro. Si arcus TX 
arcui l H minimc ficxqualis: fitTX 
maior, V. G. qunm I H> fiac crgo huic 
arqualis D Xdudo radio A D ,qui Quadratriccm fccet in F : ac perF 
cx pL)n<ftt)I rc<Jladucatur. HaeccumreclaE RcxpundoE per P tra- 
ieda concurrcc in pcripheria circuli I H E pcr Prop. 1 9.2 c.&c.Ergo iu 
punc\o R, in quo rcda E P circulum fccat. Sedin codcm puncloR rc- 
claeti.im I O fupponitur circulum rccare,& cum rcda E P conucnire. 
Ergo dux roflx l O R, IF R fpatium comprehcndunt contra Axioma 
1 i.Lib I L- ucl. Inaiqualcscrgo aficri non poffunt facla hypothcfi duo 
arcus l H ,T X,fiue duo anguli I A H,T A X. Qjiarc fi ccnuo .^.Qua- * 
dratriciscircuUis &c. Quodcratoftendcndum. ^ 

PROPOSITIO XXIII. Tiefiremi , 

SI Quadratiicis cencro A circulusdefcribatur ipfam inl <8c 
£ interfccans : ducatur autem chorda apunftolad.pun- 
£tum H in quo circulus Axem interfccar , qaa; in t Quadra^ 

tnccm lcccr_,6c ad S a ccntro A radius cducatur. Tum Idnc in- 
dc ab hoc radio A S duo alij radij A O, A V ducaniui, angu- 
las S A O) S A V ir rer fe arqualcs continchtes: ad dcQiquc cr 
pun Ao I pcf O & V re^emtcrannxr. 

Dico angulos S I O ,S 1 V elTc mccr Tc xav^ii^- 
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Yarii func Propodcionls huias ca- 
rusy'<luosquidem vn^ e^dcmque tra- 
«flatione, quac ad variafchetnataadhi- 
beri po^Tet, complcAi liceret : vertiin 
etfibreuicatiminus, atclaritati tanto 
impenfiusconfuItuQifLicric , fi finguli 
^ pcrcraclentur : quorura hic eflo pri- 
mus Suppofitis reliquis in ipfo Propo- 
fitionis textu exprefiisiduo radij AO, 
A V angulos xquales S A O , S A V 
cum radio AS contiucnces ita ftatuan- 
turs vtincra circulumlHE idemQu.adratriciscornuC I interfecenc. 
quo fuppofito } producatur rcdla I O donec circuhim fecet in R : ad 
quod punftum ducatur E R fecans in D Axem : producaturetiam IV 
eundem Axem fec^ura in codem pundo D , in quo re<fla E R ipfum 
fccuit ( vt ftatim dcclarabitur ) fe^flura vero circulum in T : ad quod 
pun<5lum iungatur E T.Ducancur demum ad puncl:a P,Z, X in quibus 
fccaturQuadratrix ^ lineis E R, EHjETjradij AP, AZ, A X.Qui- 
bus pofitis, oftendoduas rc(^as I VT, E PRfefemutuo fecare in co- 
dem pun(flo D Axis. Cum cnim duac xt^x 1 R , E R iunda: finc ad 
idem circuli pondum R i fecabunt Quadratriccm in O & P : ad qua: 
punclia, fi radij ducantur A O, A P i angulum O A P capient xqualem 
angulol A H , fiuc E A H per {cholium prxccdcns , per quodctiam ^ 
cidera angulo E AH aequalis crit aogulus XA V : Hncx cnim I T, ET i 
puniflis 1 5c £ egreiTae M idem drcult punftum T coQcurrunt4& Qua- 
dratricfem (•caDCin V & X t ad qux puo^ dudi fum radij A X, A V: 
ob quam-eandem rationcm angulus . S A Z angulo eidem I A H efl 
«|tralis. Ciwrcrgo angulus O A P arqualis fitanguloI A H : (i dema- 
titr communis angulus O A H > reltquus fia angulus P A H xquaUri 
anguio i A O. Sed ai^losl A O squdfs efi; angulo V A H. Nam cx 
angotis S A 1« S A H por Prop. 8 . xqualibus ablaci fum ex.ruppofictone 
YfQliofieionis xqualesS A 0,S A V 5 ^ reltqui BSCi funtl A O.VAH^ 
flBiqiiales. Ergo angoli V A H* P- A H fimt aiiqoales^ Ergo per Cordla- ' 
riom Prop. 3. redx A Y , A P ffincitiqoales. Triangula igitur I A V 
£ A P ciim habeantangulos I A V» E A F aequalesC detradi fiquidem 
fiimcxaequalibusl A H , £ A H> aBqualesoftenfi V AHP A H) 8c 
lacera A Y 9 A I bttobtis A P • A £ clica aequales angulos xqualia : 

F : eniBc 
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cront pcr Prop.4 Lib. i .Eoclai^ A I V, A E P xquales : & additif 
itqualibus A I E , AEI-iatqualcs crom fadli VIE, P EI. Quarc a 
producanturl V, E P : ncccffiiri^ felc intcrfecabunt in codcm punAo 
Axis A H,cum Axisbi&riam & pcrpcndiculatiterdiuidat in M bafim 
lE Trianguli adeam bafim habcntis angulos acquales Quarc,cum rc- 
aal T feccc io D Axciik- A Hi.duiidcmia ]>cciamiecabit rcdaE 
Irlocpolito. 

Duo Triangufa I D H> E D H cria 
latcra fingula (ingulis habent xqualia 
(JuBfrcnim Dt,DE>& H1,H E acqua- 
lia , latosautem D H comDiunc ) Ergo 
& angulos habcHt xquaks.Icaque cum 
IUangulus Dl H jcqualis fit anguIoDEH: 
/ fit autem angulus D E H^ Auc R E H. 
sequaliianguloRLH pef Prop.17.Lib. 
5 . Elem. eo quod cidem afcui B. H ad 
circumfcreatiam' infiftam : acquales 
crum eciam duoanguli H I R > H L D. 
Qjiucl hoc quoque modo concludi poieft. Vbi odenfum eft angulo$> 
D l E, D l I clFc vTf]uales s ex ea xqualicate eoncludidcbct arcum 
angulum I E D fuAtncnKm a-qualera eflcarcuiET angulum E ID 
fufiinenti. Cum ergo aicu^ H 1 , H.b fint ciiam sequales : fiexaKU 
H I arcus R I, & ex arcu H E arcus T E dcmatur j remanebunt areus 
H K,HTxquaIc.s. Ergo anguli H IR , H ETillisarcubus infiftemcS' 
cramxquales pcr Prop.z7.Lib.j^£]cm. Qued iohocprimo cafuprai. 
baudum^rat» 

CASVS S£CYNDV^ 

Pratpawtip>,f neconftrii^io €aiAs;lMtiuB fecnodiitai ti W L .MBt^r 
' po£tis, Quae in priorecafiiluppofitaAii»: oefim.ciBCHb>'I HfEfto»»' 
te QvaukaiftaeDarin L& E ,dndiqiicApplicattI£ : duaAcilasi lifd^ 

3BS QgadratrlccmfGcat inS^jadquod piuifttiiDaducaKur. ladituA Sc 
uMquoquo E.H imeWiBcaas QmdiiitriccflMhKZ y.ad)qttBd' ^mmat- 
fftdios h Z.i diuftbdtoi^iie A J A E.«<luaioiDmia > vt in prafnwkatlr 
cafitfe habcfit} (lattiaoiur €kio>ai^Qfio|ual6s S AQt&A.V kMC iodoi 
dxaifio A.S»jca«ftieda AO Qijadfatricwc iig n itM BQi i> hr o Ap ip ti fa t»" 
tenninoixil .'«-edaycr^ ArV akoriiin^Ctuadi-attici&aQoniCJwMiv 
Y. ToniiiiiateO pe£|rjcte«9BitMm01dU4^^ 
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pun(fto Irc(n:aducaturl V T.quibus pofuis anguli duo H I R , HI T 
probandi funt xqualcsiuxtaPropoficionem : ad quod hxc adhucnc- 
ccflaria cft pricparatio. A pun£koE pcr R 8C T , in quibus circulus fc- 
canir a lincisIO,! VprodudisjducanturlinexE R,ET: quarum il- 
la Quadratriccm in P ,hacc veroprodufta in X inceriecec : ad qtuB 
pan^ radij deftinennir A P, A X. His pcrat^is, 

CiimduarlinexRl.RE 
in eodcm pundo A circu- 
lum fcccnt j (cccnt vcro 
Quadrarriccm in O & P , 
ad quac pun<aa du<ai func 
radij AO, APjangulus , 
P A O xqualis crit angulo 
lAHperSchoI.i.Prop.ii. 
dempto communi PAI, 
acquaicscrumPAH,IAO. 
Quiaver6ex Hypochcfi 
Propofitionis duo anguH 
S A O, S A^VfuiitaBquales : (i ex tisdemantur aequales S A I , S A H j 
aequales ficttt teBqui j A O H A V, Sed I A O acqualis eft oftenfus an- 
gulo P A H. Ergo dooanguli FA H,V A H funt acquales : ac proindc 
per Prop. 3. Corotl. acquaies. fumliiiede A P , A V. funt autem etiam 
«quales A £, A I $ 8c angoli JA V,E A P, lacetibiis ^tis cqualib us com- 
^ preheafi,aBqoales((iiQtenimaiieuIi H AI6c H AEaBqualcs ,quibus 
adBuQtnr acqualesoftenfiH A V, H A P ) Ergo dnotriangula I A V . 
E A P inabeiit angulos A I V> A E P aBqoales perProp.4. Lib. 1 . Elem. 
Quibus fi addinturaequales A I E t AEI : arauales fient anguli MI V« 
M E P. Dux igiturliiiex I V> E Plefii ia eodem pundo D axis M H 
jnterfecabunt. Quo fit, Tt dooTriaoguU D I H 9 D E H tria latera 
^bos lateribus habeant aequalla 1 atque; adei cres angulos eribus an - 
galis. Aqgnlus igitor D I H xqiaalis eft angulo D£H. Ei|o arcus HR, 
H T« quibns Inbftunt,fDnt aequalesper I?op. »7. Lib. EleR).* Sed ar- 
eui H R infiftitetiam angulusH I R. Ergo angubsHIRxqualis eft' 
a&gulo H I T. conftat ergo in hoc cafu Propo{icuai. Quod hocetiaoi 
modocoIHgcrc liccbit. Oftcnfus cft proximi rattocinatione angulus 
M 1 D, fiue £ I T aeqoalts anguio M £ D^aut I E £rgo arcu$]R,ET 
' per Prop.i^.Lib.j.Elem.funcaequates : qui (1 ex seqoalibbs H I ^ HE 
atiferantur:xquale$ fient reliqui arcus HR»HT.Ergo«quaIesrumAn- 
^HHfi&iHET hisafCttbusifififteces,ndcpionftrandfi propoBebator.' 

/• ■■ • ■^* ■ -■ CASVS 
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CASVS TERTIVS. 




H^ic eadcm, vcl fimiliacon- 
ftituanturqux in fuperioribus 
conftituta func. Ncmpc fit 
Applicata I E , Axis A H, cir- 
culus ccntro A perl & E dc- 
(criptus , fubtenfa l H dufta , 
qux aQuadratricc bifariam 
fccatur in S i ad quod pun- 
(flum ducitur A S > quac ad IH 
cft pcrpendicularis. Hrc lunt 
huic cafui fic duobus prxcc- 
dencibus con mania , qux lc- 
quuntur,lincarumreliquarum 
ritum mucanc , iiuic cafui 
proprium inuchunt, Sumun- 
•**'jr turfcilicet anguli duo virin- 

- ^.V'* . que alinea AS acquales SAO, 

^r.»"**^ - SAV huiufiirodi jvtQuadra' 

(ricem vltra termiiiosI>&E (ecemradij A O , A V illos an^ulos cuia 
Kdla A S concijaemes.lain<fi iuxta HypothcHm Propofirtooiscx pun* 
^o O per I duca(urreda O I promota viqiicad L \ dutator auipiii tC 
ex punAoV» loquo radids<A V Qsadfairicem (ecac ,.adidem pon- 
' Aum I lincaV I : Demonftrandum Propo&io pofluiat duor angulos. 
M I L, H£ V efle jtqoales. Quodvt pcrficiator. Ducito radium A F 
ad Quadratricis pun&umPi in quo Ipia (ecatur i lioea E R ».qu^ pcF 
^ndum iD*quocirGulu5 fecator irc^ Q \ , naducitur. Dodto» 
•ciam I V i puD^o ladQttadratricis pundum V, inquoeam iecat itr 
dius V anguriimS A.V cum radio AS coDftitocBSsqualcmanguIo» 
S A O. Ducito deniquc cx E per T , vbi circulus (ecatur i xtGi^ W ^ 
SBAam^E T, quae Quadratficemredora.eft.aliquando ioX Tum fie 
4|^pmonftx»tioncm aoipicare. 

Do^ linex R 1, R E (e mutoo. iecant in eodem ctirculi pon6):a K 
Ibcant ver6 Quadratr icem in P 8c O , dudiqoe funt radi j A-O > AF^ 
£,rgo angolus P A O-eftaequalis angoloIA Hper Scfaol. Prop. 
qpx ad hunccaTum pertinec. Ec addico communi angulo P A I, a^qua^ 

kseMin&duoaDgoUIAOyPAH. Sedcx|u£poficionePcopoiiuonis 
. ' do<J' 
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Juo aoguli S A O , S A V funt aequaics. Si itaque ex hls dcmancur 
acquales S A I, S A H > rcliqui fient xqualcs I A O, H A V. Scd angu- 
lus I A O oftcnfus cft scqualis angulo P A H. Ergo duo anguli 

• H A P , H A V Ainc acqualcs : ac proin^e pcr Propofit. 3. Coroll. 

. sequalcsfuHC lincsAP, AV. func ver^ecijun xqualcs A I, y\ £ 
& ai^uli lA V, EAP illis laxeribo» comprcliean aequales (func 
enim anguH H A P , H A V oftcnd sqa^les } 6c ad angulum 
H A P angulus H A £, & ad angulurp H A V ang|i]ui|i A £ xqua- 
lis angulo H A I, addirur ) Ergo duo Triangula I A V , £ A P iiabenc 
«ngulos A I V,A E P acquaics per Prop.4.Lib. I . Etem.Qtti fi ab aequa- 
libus angulis^ AlE , A £ I ,demantur : xquales eruoc anguli reliqui 
P £ I, V I £. Chm ereo I £ bifariam & perpciidiculariter fececiir 
lA ab Axe,ie mucu& tecabunt in punSo eodem axis,ncmpc in D,dux 
linex P £, I V 5 vt TriangukimlD E Ifoiceles conftituanc. Hinc fit , 
y t duo Triangnki D I H, D £ H cria latera tribus lateribus asqualia,^ 
proindetres angulostribus aBgulis aequaies bjibeanc. Angulus ergo 
HID acqoalise&ac^IoRE D*. Sedangulo HE D itqualis eft an- 
gulus H I L(.vtmbx aperiam)Ergoduo angult H I L,H I V funt aequa'^ 
les, vc feit Propofiiio. Qsi6d autem aiigulus H I L fic aequalis angulo 
H E I>> ica manifeftum fiec Figura H I R £ Qoadrilacera eirculo in- ' 
icribitur, 6c eiuslatus R I producitur ad L. Ergo pcrea > quae demon- 

. ftracCllautusProp. ii.Lib. 3. Eucl. angulus H I L excernus acqualis 
cft mtemo 5c oppofitoQuadrtlateri angulo H£ K* Vera eft ergo qu9« 
uis in cafu propofito ( vixenim prxter hos crcs expofitos alius occur« 
rat)allaca Propbdcio. Quare. Si Q^adratriciscentro A circulus &c.' 
Qwxl erac demonftrandaau 

PROPOSITIO XXlV.Theorma. ' . \ 

Ilfckm pofitis qua! in prjtcedenri propofkione. Circulo 
licctccncro Quadratricis A defcripto , qui Quadracriccm' . . 
fccct in I&: E pcr quas pundcducatur Applicata duda itcni 
.iubcpnsalH , qux in S Quadratriccm inccrfccec^ ad quod 
' ' poaAum radius dcfiinctur A S. Tani duac ducantur lincx: . 
1 R, I T a^quales angulos H I H^ H I T continentes cutn fiib* 
tcnsa I H,& Quadratriccm fccantcs in O V : ad qux punda- 
centro A radj ducantur A O, A V^. , 
' Oico Ang^los S A O, S A V cilc zqusdes. 

' . ' . . ' Digitized by Googlc 



44 LiLlII. De §luadratmt. 

Demonftr/ttio. 

Hscc Propoficio conucrfa eft prx* 
cedeniis j quam vnico propofiro pri- 
mocaiu, eiufquc fchecnateclcclaro. 
Itaque fi hac ftacuta rupporicioncduo 
AnguUS AO,SA V nonfuntxqua- 
lcs, tic maior , fi ficri poteft , angulus 
S A V angulo S A O : fiac crgo illi 
xquaiis angulus SAZjSc pcr pun- 
clum Z, in quo Quadracrix fecacur i 
radio AZjCmiccacur apundo Ilinca 
IP. Quiaigicur duo anguH S A O, 
S AZfuntxqualcsjacpcrOficZcx Applicarx cermino I Hncxdu- 
cuncur: IRjIPerunt duoanguli HIR,H I P xqualcs perProp. au' 
cccedcntem. Scdcx fuppofitioneduo anguli H I R, H I T func xqua- 
lcs. i^qualcs crgo funt H I T, HIP. Quod eft abfurdum. i£qualcs 
ergo func anguli S A O. S A V. Quod erat prpbanduoi. 

CorolUrwm. 

Ex Propofitionibus proxime anccccdentibus facilis tutifiimaquc 
colligiturratiodefcribcndicam Quadratricis partcm, qux difficilio- 
rcm patiturdcfignationcm, eam fcilicct qux adeius vcrticcm propiiis 
accedit : vbi duarum Hnearum Quadratriccm motu fuo defignantium 
fc<flio c6tingitobliquior,quam vt faciscerco diftingui pofHt.Ecce enim 
in fchemacePropofitioDisbuiusncpun^ain VikveniceC nonlonge 
dlftans cerc^dengnandqm. Dacacur AppIicatftQQxlibet I£ ( qux i 
cencro A paul^itmotior (btuafuerit, aptior ▼taetar ) OeexcemroA 
perldrcalasIHEflercribatursdocatoretiancfaordAlH Quadra- 
. cHcem iecaos in S, ad quod puhaamiungacar radios A S. His para- 
tis» k oeiftro A radius edacatar per V Terdd proximum \ 19 qoo radio 
pandcumdefideratur, perquodQuadratrix^endaeft. Fiat angulo 
S A V asqualis ex alter^ parce reftx AS angulus S A O du^ ndio ' 
A O , Quadratricis partem il|amfecance in O > quac punAo I adtacec » 
•tutior^mque ioititar defcriptidnem. Tum perO extendatur linea cx 
ponAoIy qosB produfta ciroilum iecet in R. Sumpco aocem arcu H T 
aK]ua]i *arcui H R > ducatur re^a I T. H^ iecabit radfuiB A V in 
punao, per quod ateura eft Quadratrix i vteuideos eft ex paul^anc^ 
demonftratis. St itaque plorCs radij infra A S inter S 8e H ex A einic> 
tantUT in eorum fingulis veftlgia Quadracricis defignareiicebit, per 
qusB tranficura. eft. Quanquam auten parsQuadracricis inter S8c I 
pofitade(cribatar racione iaciscttti: tamcnqaiapanftapun£io I pro- 

xima 
' * 
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xima normam non fatis cutoobfpatium brcuiflimum dirigere viden* 
tur, vt ducatur rcif^a 1 R. Liccbit vltra I , punda O vtcunque ab I rc- 
mocaaiTumere : fed tunc pun^bum V rcperictur in altcro Quadracri* 
cis cornu. Tunc enim radioruro,quicum radio A S angutos scquales 
hiacindecontiocre debentrcum vnus vUralcadere fupponatur , al- 
cerum infraH cadere necetleeft > adc6que pun^um per quod in eo 
ducenda ed Q(uadratrix ad alterum cornu pertinerc. Verum pnndum 
illudfacil^ad cornu fuperius reponetur, fi radius^fuprarAxem A C re> 
ponacur eundem angulum cum Axc contincns : in quo defignecur 
panduro Quadr?tricis ad cornu fuperius fpcdans : aut cert^ omiilb 
£00^ I, lineique I H , adbibcacur puni^bim oppodcum £ cum linea 
EHi & retiqua abfbluaocor ^ vc prius. Qus ctlm euidenciffima (inc» 

CROPOSmO XJJV. Thimm^ 

S\ ad Tiiaoeuli Ifofcclis alccram duorum arqualiumtanr 
galorom,i(£aiccmtetnmiii'(» V itqui-: 
lesanguli. 

Di€o mieas , quiburhi acqaalcs anguli clauduncur » lacus 
Triangufi produdlruni ita fc^uras , vt crcs-fint conttauc.p£0- 
porciooalcs abfcilTjicliQcx cx eo latcr«» • 

Sit Triangulum Ifofcelcs ill H: 
outtif baifis^i H : & adeibsangu- 
1 m 1 6asc.€X Ylcaqite parte baHs 
1 H duo anguli zquale&Hi R,H1T. 
Dico latus A H produ&uoiitaieca- 
si in & in T a Imeii aogviosittoi 
acqualcs elaudcntibus ; virtres<ab- 
fciflflr liim irtaiiLi^T fiitt<a»»^ 
rinue profKmioMbs» 
Dtmonfirmkt 

THangoli HFKiacusBL U. producimr ver&us A . Ergo per Propof. 
ft«.Iib. i.Etem.anguluscxtcrnus A H Ijeqaali-s cft duobus angulis 
In yr rpK & oppofuii H R I , H 1 R. Ai angulus A H I cft acqualis e % 
Hypothcfi angi.lo A i H. Ergo angulus AIH xqualis cft duo- 
bu angulis H R 1, H 1 a Scd anguluv H 1 T cft xqualis pofiius angi.lo 
VUL ft Jlffo^ici^ptoaAg^lo U IT ca^ aogulo H 1 A> aet^uali* i ^mane- . 
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bit angulus A IT angulo A R I. Cum crgo duo Triangula A I R, 
A l T habeant duos angulos acquales ncmpe A communcm. & A I T, 
ARIjcruntipfaacquiangulajacproindc pcr Prop.^.Lib.^.Elcm. Ita 
crit A R latus Trianguli A I R ad Trianguli A I T lacus A I j vc laius 
AIciurdcmTrlanguliAIRadlatusAT Trianguli A I T. Suntcrgo 
^rcs lincx A R, A I, A T cominue proportionalcs. Ergo & tres A R , 
A H, A T proportionalcs crunt : funt enim dux A I, A H jcqualcs cx 
iupporicione. Quare. Si ad Trianguli irofcelis alterum 5cc. C^od erac 
odendeodum. , • 

PROPOSITIO XXVL The^niM. 

Sl circuli rubcenfain I £ bifarUai feoet diainerer A H ^ 2 
puofto I ducator lioea ad H : ex cuius yrraque parte fiaoe 
angutl ffqoales H I H I T : fiacaucem angulus R I O xqux- 

lisanguloEIT. 

Dico rcAam I O circulum cangcre iii putido 

Denmfirath, « ' 

Ducatur H E. Hxc crit asqualis re» 
AatHIpcrProp. 19. Lib.j.Elcm.dia- 
mcter cnim A H , cum biforiam dioi* 
datrubtenfam I E , bifariam diuidet ar- 
cum IHE. Quare rubccnfa HI eft 
acqualis fubtcnS H E. Ergo angulus 
H I £ aequalis crit angulo H £ L lam 
ciUn angulus RIO ndus Gt arqualis 
angulo E I T 3 fit autem cx Hypothcfi 
angulus H I R a:qualis angulo H I T: 
iiiiiiiin"*^^ critangulus H lO cx duobus angulis 

H I R, R I O conflatus, acqua'Js angulo H I E cx duobus H 1 T , 1 1 E" 
conflato. Sed angulus H I E xqualis oflenfus cft angulo HEI. Ergo 
anguIusH I O aequaKs cft angulo H E I. Cum crgo a pundo I cadat 
rc^alH intracirculum, quar abfcindit fcgmentuml E H capicnsan- 
gulumlE H xqualcmanguloHIO : rcdaOIper Prop. 31, Lib. 5. 
Eiem. conuerf\m circulum cangitin l. Quare.Si circulifubccniam&c. 
Quoderat pr^bandum. 

PHOP. 




V 
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Sl ex Quadratricis ^cntro A circulus defcribiitu.r , ipfam in 
J (ccans: fccans vcro cius Axcm inH: ad quod pundum 
ducatur I H ex pundo I : ex quo itcm ducacur ad Quadratri- 
cis vcrticcm C rcda I C. Tum angulo H I C , qucm ha^ dux 
Tcdx IC,IH concincnt,arqualisfiat AngulusHIR. 

Dico rcdlam I R Qiiadratriccm tangcrc in pundo L 

PrjtpArAfh. • 

Hscc cft hac in matcria obfcrua- 
tione tam digna, quam qujc dignir. 
firaa Propofitio : qua mirabilis ag 
planc diuinz huius curuac lincx 
proprictas prjc carteris infignis ad 
lcritur , & dcclaratur ; & vcr6 ex 
ha(5lcnus allatis facile probatur, 
hac priusftatuta prseparacione. Si 
redayi I Quadratriccm non tan- 
git in I, Quadratricem fccat vel vl- 
tra I, vt in priorc fchcmate , vcl ci- 
tia I, vt in po(leriorc»V. G. in pun- 
aoO. Ducantur Ergo radij duo A K A O. Tum angulo I AH fiac 
arqualis angulus O AZ dufto radio AZ Quadratriccm lecantcin 
Z : quod punifVum in priorc figura critfupra Axcni.in pofteriorc infra, 
vc pcr fcpatqc. Di catur demum reda IZ. Hispofitis, 

• Demonflratio. 

Cum in vtraque fchemate Anjra- 
lusOAZ fica:qualisAnguloTAHi& 
cx pundol duAafitchordalHjac 
dcinde pcr idcm pundil I Juq duclx 
finc iinca: O 1 R, & I Z : erunt per 
|H Prop. 23. djoanf^uli HI K, HIZ 
sequales. Sed ex Hypothefiduo an- 
guli H i R, H 1 C fi; nc .-cquaics. Ergo 
duoanguliHiC,HIZ funtxquales. 
Quod eftabfurdufNam in vtroquc 
fchcmatc linea IZ d fferc a linca 
I C. Igicurdici ncquit rc£lam I R dudlam , vc fuppuficio poftular fc- 
^ , O care 





cace Quadratricem in I>& cum ea in alio quouispundo O rurfas coii- 
ciirrcre. Quarc. Si cx Quidratricis ccntro &c. Quodcrat pro- 
bandum. • . . ' 

Sihoihm, 

* Hinciamiiiceiligisquo nixus fundaflieM allef«erira,toni4fi£pi» 
loc;o Exnm-nisQuadraturxjtumaUisifl ceniii parte Ekme mai w m 
Gcomciria: pradicxadlocum lincarem (pedaDce » Tetragonifiiiinii 
abfolutum iore t & acs poffic innotefcere 3 qul Geomecric^ ducacacto- 
Dca quocunque in pundo Quadracricem ecfi infinic^ porredacb coiw 
cingens. Sienim tn bacduplici figtirifuppoDacur rcdalineal R Qpa^ 
intricem tangere in pua^I :l»)tieek methodb Geonietrict ftati»- 
iiame£SkSiaiigtiioHtlCexa]terapaixefiataequalis aogokislilC^ 
^nftat vcrticem C Qu adractkb Geometric^deiemiiiian ; &u(»habl» 
habctttrftacimnoni<aiitjlim'4iiicareda circulari squalisi M dSam 
icftilineaiupprficies cqualis curuitinede. Sed kiec , ali^oeex his nem 
minMa )ine« ImiiM inyiM» ka£lenos ibrMft inaudita declaraie: 
pergo. 

PROPOSITIO XXVill. Theorems. 

Ilfdem pofitis. Pofita fcilicct in fchcmatc priorc proximx 
Piopoficionis iincal K Quadracricem tftngcncc in 1. 
.Dico incec tangentem ifC & Quadiatriccm nullam rG- ' 
Aamlinieamimmiccipoflc» <\ux Qiudi atricem non fcce& 

• - • 

Demonflratio. 

OftcoditEucLLibl^. Prop. 1 6. Elem. non tanttlm lineam', quac ad 
diamctrumpcculi in ciusextremopun^lo pcrpendicularis forct^circu- 
lumtangerc vlcd etiamnuUamaliam rcdam ad idcm contadus pun- 
il. madiungi poflTe, quincirculum fecct. Aliquid hk firailc demon- 
Arandum ceniui , nequid cuipiam viderctur defideiari j pr^fertim 
' c^m AppoUoniub agcnsPropol^j 2. Lib.i .de contadu linearum rcda- 
nim & conicarum, quas pru&ime Qpadrairix xmulauir > lianc fpccu- 
htioncm ncn omircnt. 

Ducaturitaque , fi ficri potcfl, linca rcftaTlinccr Qiiadratricem 
^tangcntemR l ita vt Quadratricemnon fccct AnguloH 1 T arqua- 
iisfiatanculus HIZ du^lalincs lZ,qua: Quadrairicem kcct in pun- 
^oZindq odadiungaturradius AZ. Ducacur ctiam radius AP ad 
piirdum P,in quocKordalHQuadratricem interfcca ,qu!bifariam 
^ad aPg^Wi»rc&j& casdem imcriccabii iiuuProp. 8. Quiajfgittic 

duo- 



immgAW T»H I Z ex vtraque pactelines l H pofici , funt intec 
^«qualcs : sqoales etiamditurt ftinper Prop, 14. ai^uliPAI>PAZ. . 
Scd anguli P A I, P A C func etiam ibqtiaks vcl pereaiKiei^ Prop. eo 
qu6d anguli H I R, H I C ponantot xquales : vel qnia radius A P ad 
- ba£m i H Trianguli ifofcclis lAH perpBDdicularis angulum c ius l A H 
wA reanttm Hferifi'* diuidit. Ergo du« atiguli P A Z , P A C func « 
«qoales^pars & tocum. Quodeft abfuVdum.NuIlaergofiaea T I iDcel 
ttageaicm Kil ^ QjfadriWi<y|[ii doct potcfl:,<quip Qttad^i^ttepi 
fccet. 

. Quodhocetiammodo concljjdipoteft. Si ducatur linca quappiam : 
T I ad punduml adiungi pofrcintertangcntem RI & Quadracricem, 
ita vt eamnon fecet. Ducatur a punAo E, in quocirculus I H E Qua- 
dracriccm fccat , ad pundiim T reda linca E T Quadratriccm in S 
inrerfecans, & quidem infia vcrticcm C : fi enim ducatur E R , ea in 
vcrtice C Quadratricem fecat i vt patcc : ergo E T ipfam infra C feca- 
rc neceflTeeft. Ducatur radius A S. Quiacrgo a duobus pundis I Sc Ey 
inquibuscirculus Quadratrice» fecat , duae linea: IT , E T ad idcni 
circuli pundum T adiunguncur : cacqucQuadratrici occurrunc in I 8c 
S jadquac pundaradij A I, AScmiHs funt:crit perSchol.i.Prop.zi. 
angulus I A S acquaiis angnlo I A. H. Quod cft abfijrdum. Nnlla crgo "» 
lineaTI pote(lduci quac Quadracriccm non fcccc. Quod cratpro- 
bandum. . « 

• PHOPOSITIO XXIX. Theorema. 

"... ' , * • 

SI Quadracrkein tangac in quoais puh I refta Unea R 
pcr quod pundtum I circulus ccncro A Quadiani' is dcf- . ' . ' 
cribatur cius Axcm fccaiis in Hi& iungaiur IH:ducatuc 
«Ciamadvcitiecm CrcctalincalC. . . 

Dtco Anguios H I R.» H I C «(iiiale& efie. 

: HscFcopoficiocQnucrfacft PropoficioDils ATquam fic yerafflefle 
demonftro. Si «qoaks mininib finc duo angdti H I K , H IC. SI t hfc 
itUmaior) aacminor. Fiacergo H I Z ipfi H 1 R aBqoaIt> duAl rc^l 
I Z Qoadratriccm rccantein Z : ad quod pundi m radius A Z dcfli- 
lictur:ducatur eciam radius ASad fcc>i;)ncm,Qtt.idratricis & flib- 
««BfiDlH. Quia 'giturduaelincac IRjIZ duosangu o RIR H IZ. r 
' cy vtrlquc parie fubtenfx I H xqualc» coOftitu u nc : dc ad pu nda 1 8C * 
Z » iftqoilMiS|Quadraictabab^l^ieca(itf da&i ^r radi^AI» A Z: ' > 

- c? * • ■ erit • 
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arcui I H ( vt futt A Xi A T ) (ecftic Quadcatricem in P 8c O.vkcltec- 
iniiiuin I Applka«t;qaamtuiic tnter cenmim A 9c Teuioeiii C «»em 
ibcare necefle eft , vcrdlicet angulas I A H fitredolmiaor : neque 
cnimali^ pollec fnmi in arcu)B arcos XTarcoiS H«qualis,Tt paiec 
Adhunc autem cafum pertinet sHe » inquo teiminus iinc I Applicatc 
afliimeceturs ?tcxeo arcustBqoalis arcni THdUctnaecetor inaicu 
I B. TKmc autemillod ipfum pundum I eflet pundom concurs^ Ii- 
neartim 1 iediociibiis Quadratricisper tetminos I & £ Applicacx <lii- 
ftarom. Nam sipunftoTMterniInum£lineaducldebefbt,qust ipfa- 
met fiwet AppUcata lEiU^ fedlone altec^ Quadransds adAppUcacsr- 
terminum I aneraUneadaceretur priofem vcique I E dudam in ipfi» 
pundoldicny I H £ iedura^Ia hoc pocr6 eda^ qoi Applicatam inter 
fientrum A Qaadfatrid» eidique verticem C collocari poftolat » vt iit 
nicosIH Quadrance minor, (lue angulus I A H fit acucus ; ita arcui 
IH rumi polTcc aeqoaUsinarcuIBsvtB fecetetustecminus , 8c ipfe 
Axis A&alterduorum radtorumarcumarcui 1 H aBqoalcm compte- 
denciom. Quo porico idcmcontingerec , quod Prop. a i. conclgic, eo- 
demque mododemonftrarecor , concurfus fcilicec Unearomi fedione 
Quadratrids per cetmtnos Applicatat I E dudarum in eopundo cir* 
cnliliaberecur s inquo alter rad iu s ipfum drculum (ecaret : quemad« 
modum in fcbemate dcacx Propoficionis concurfus lincarum O i & 
£P cadic in ipfam circuU puodum R,perquodradiusAR. arcuoi 
fiB arcui I H zqualem abfcindens duclcur. 

VnusfopereficaruSjCuius nulla fada eft in fuperioribus mencio. 
Poceft fcilicec angulusangulo I A Hfuperiorumichemacum aequalis, 
fiuc arcus arcui 1 H xqualis ica cbnfticui : vccum complcAcnccs radij 
Qiiadratrlci occurranc vlcra Applicacam lE i fed ita vc vnus vnum 
Quadratricis cornua vcrcice C per I cxtcnfum ,altcralterum ab co- 
dcm vcrcicepcr E tranfiens interfccer. An iglturin hoccafu linca: ab 
iis Qiiadratricis fe<5l:ionibus pcr Applicata: tcrminos I & E craie<5la:, in 
aliquo circuli 1 H E punifVo , vt in allacis cafibus contingerc oftenfum 
eft, concurfurac func ?-haud quaquam , ciim cnim , vt ex fupcrioribus 
aliquotics repecitisconftac,pracfertim in gencraiionecclcberrimx bu- 
iusHncae,fic infcliolio 1. Propofitionis 6. pars illa Quadratricis , qux 
vltra Applicatam ex viraquc partc in infinitum cxcurrit, gencrctur 
opc arcus I B E ab Applicaca 1 E abfciflli, & opc Applicatx vltra I & E 
produclse vfquead Afympcocosjfiucdoncc coca Applicata diamctro 
gcncranti fic jcqualis : circulus , qui ex quolibct punclo cornu vnius , 
V. G. cx pundo O in proximo fchemacc , pcr Applicacac ccrminum I 
dcfcribicurifccabitinGAppUcacam vlcralfrodudam : at vcco cin- 

culus 
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•r - coliis ex pundo ququis 

% /\^^ rainam E delmeatas 

Applicacam fedururs 
cu ▼Inra £ produdam : 
quo fic , vt hi duo cir* 
culinequaquam poflint 
aliquando fecare k(c 
mu€u&* in eodem Ap- 
plicacx poodo , ( quale 
eft G ioiioc (chomace » 
inquo ciiculi cen^isO 
& P ad idem. cornu 
pertinencjl>asperI6c £ 
dufti fe initriecanc in 
G) .deficience aucem 
hac oommuni hocum 
dberum circulorum €c 
Apf&abe ioterrc^io^r 
ne ; praefdnditur aigu- 
mencum , quo duorum 
TrianguIOfiKB O^IF> PEF fiorilinA tfeque ade6acqualitasangulo- 
iom Alf » P £ F condadicor : ic <x eohoi angnbs in codem fegmen- 
to>oiiftei€vmde candcm cottfgatur Hneas ai^los illos squaicsad 
peripheriam conftkuences recareferedebecctnipib fegmenci angu^ 
£isaequale& cootincncis cerminis. 

OeteHiHni Ex hac lioearomper Applicacas cerotfnos 1 6c £ ex Q]ia<r 
diacrieis pondis O&Fitadeccrminatis, vr imc dctcfminata func, 
cradu^um fcaioae mucua ad peripheriaml H£ fuo loco deducecur 
QiiadracridsBculcasInlignbrTCpropterea 01am paul^ pluribus pro- 
fequi,flg^ooad fasfoit, apcrte cxponercopcrae prctium Tirum fiieac^* 
SedemaUa>qiwe^iisoDa(^uumor»nonaiiiiasobicrua^^ 

SvCWOLlVM SECVNDVMi 

CoMterti fojffmt froxim^ Pro^ojitiones hoe tmdot 

SH cenno A Qaadrsrrtcischrcoios defcribtnir ip(am lcqmr 
in l & £ : & ex pundltis I Sc £ xtCtx zmtwixm ittt ih-R ad\ 
oj^wiiUj^iijjjhAuamrccaateSf^^ Q^adrauiccm ipfamin O 
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&Pfccenti&pcrpunaaO»&Pa cenuo A radi j A T» A X 

cmittamur. 

Dico* Angulum T A Xacquaiem cflc Angulo IAH:quctn 
radius A I cum Axe A H cominec : fiuc araim T X aequalcm 
clIearcuilH. 

J^emmfirslia. 

Hic TDicam lchema propono,quod 
Propontioncm 19. pertinec.ln quo 
pundaO & P,in quibus Quadratrix 
fccatur a lincis 1 R, E R > cadunt intra 
circuIum,vtfertcitacaPropofitio ; ve- 




riim non minus rede de cjcicris cafi- 
bus Prop. 20. 11.11. cxplicatis hax 
Allcriio poteft enunciari : quam in 
huncmodumdemonftro.Si arcusTX 
arcui IH minime fitarqualis: fitTX 
maior, V. G. qu.nm I H, fiat crgo liuic 
sequalii DXdudo radlo AD ,quiQuadratriccm fccet in F : ac perF 
cx pun(fh)I rc<fl:aducatur. Haeccum rcda E Rex punAo E per P tra- 
iecla cuncurrec in periphcria circuli I H E pcr Prop. 1 9.1 o.&c.Ergo in 
punclo R, in quo rcda E P circulum fecat. Sedin eodcm puncloR rc- 
clactiam I O rupponitur circulum rccare,& CLun rcda E P conucnirc. 
Ergo dua' icc\x 1 0 R, IF R Tpatium compreliendunt contra Axioma 
1 i.Lib. I Eucl. In.tqualescrgo aficri non poiTunt faclii hypothefi duo 
arcus I H ,T X,fiuc d uo anguli I A H,T A X. Quarc fi ccntro A Qua- ' 
dratriciscircuhis &c. Quodcratoftendendum. , 

PROPOSITIO XXin. Hewml . 

SI Qiiadratiicis ccntro A circulus defcribatur ipfam in I <Sc 
Einterfccansrducatur autemchorda apundoladpun- 
£k!Qm H in quo circulus Axem interfecar , qox in t QuadrOi- 

triccm (cccr^Sv' ad S a ccDtro A radius educaiur. Tum lunc in« 
dc ab hoc rauio A S duo aijj radij A O, A V ducamur, angu- 
los S A O, S A V ic rcr fc «qualcs conrinchtes: rtd dcaiCjuc «c 
fmnAo I per O 6c V rQdbeemicrantur. 

Dico angulos S.I O ,S I V cflTc intcr ic arr.'?; v;- 
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CASVS PRIMVS. 



J9 




yarij func Propoficionis huius ca- 
fus', quosquidem vna cadcmque tra- 
•flatione, qux ad varia fchemataadhi- 
beri poflet, complcdi liccrct : vcrum 
etfi breuitatiminus, atclaritati tanco 
impenflusconfultunifuerit , fi finguii 
pcrcraclentur : quorura hic efto pri- 
musSuppofitis rcliquis in ipfo Propo- 
(itionis ccxcu expreflTiSiduo radij AO, 
A V angalos acquales S A O , S A V 
cum radio AS continentes ica ftatuan- 
tur j vt intra circulum I H E idcm Quadratricis cornu C I interfeccnc. 
quofuppofitojproducatur rcda lO donec circulum fccct in R: ad 
quod pun<5ium ducatur E R fecans in D Axem : producaturctiam IV 
cundcm Axcm fedura in codem pun^lo D , in quo rccla E R ipfum 
fecuit ( vt ftatim declarabitur ) fe^Jlura vero circulum in T : ad quod 
pundumiungaturE T.Ducanturdcmumad pun^fla P,Z, Xinquibus 
fccacurQuadratrix a lineis E R, EH, ET iradij A P, AZ, A X Qui- 
bus pofitis, oftcndoduas rc^as I V T, E P R fcfe mutuo fecare in co- 
dcm pundo D Axis. Cum cnim duarreftaclR , E R iundx finc ad 
idcm circuli panftum R 3 fccabunt Quadracriccm in O & P : ad quac 
panda, C\ radij ducantur A O, A P i angulum O A P capicnt xqualem 
-anguloIA H , fiuc E A H pcr icholium prxccdcns , pcr quodetiam ^ 
efdem angalo fi AH xqualis erit angulus XA V : lincx eolm I T» £T e ^ 
puo(flis 1 5c E egreiTae sulideiii circuli pundum Tconcamint4& Qua- 
«iKttrlcemiecantio V&Xi ad quz punfta dudi fumradii AX, A V: 
^ quam eandem rationem angulus S A Z anguloeidem I A H c(l 
iiBC|lialis. Ciiorergdangalas O A P aequalis fit angulol A H : fi dema- 
tnrcomfoiinis angulus O A H>reliqaus fiet angulus P A H a»)ualis^ 
angu!o i A O^ Sed angulosl A O zqualis eft angulo V A H* Nam ex \ 
angulis S A I, S A H por Prop. 8. aequalibus ablaci funt ex;(uRpoficione 
^i^opofiuonis xqdales S A 0<S A V$ U reHqui &a\ funtflmVAH^'^ 
Ifeqoales. £rgo anguK V A Hi FA H fiint xiquaies. Ergo per Corolla*' 
rlnm Prop. 3* reax A Y , A P ftiirkrqaales. Triangula igitur I A V 
£ AP ciiinhabeantangolosl A Vi^S A PxquaIes(detraAtfiquidem ' 
fafieex aBqualibas I A M » £ A H, i^ales ofteofi V A H P A H ) 
Ifl^^ A^Vi AIlatedbi]s.AP* Afi dtca xquales angulos aeqaalia/ 
^ P ■ . eruBc 
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4Q Lth.llL Dc Qjiodrdtrice* 

erooc per Prop.4 Lib. i .EucUnguIi A I V, A E P xqualcs : & addiiis 
itqualibos A I E , A E I> xqualcs crunt fadi V 1 E , P E L Quarc ft 
producaniurl V, E P : ncccflario fisic intcrfecabunt in codem pun^la 
Axis A H,cum Axisbifariam & pcrpcndicularitcrdiuidat in M baflm 
lE Trianguli adcam bafim habcntis angulos xqoalcs.Quarc,c{im rc- 
dal T rccec io D Axem A Hi. ^undcm in DetiamfccaBic re<^E 
Ifliiepoilco. 

Duo Triangula IDH.EDHtria 
latcra fingula iinguKs babent acqualia 
tfuntcnim Dr,DE>& HI,H E acqua- 
llajatusaucem D Hcommune ) Ergo 
^ & angulos habcm xquaks.r«aque cum 
H^angulus DI H jcqualtsfitanguloDLH: 
^ fit autcm angulus D E fiu« R E H. 
^ afqualis angulo R l H pcf Propi i^.Lib; 
^ Elem.eo (|u6deidemaiciu BL H ad 
eiraun&reatiam' infiftaQH : «quala 
erum etiam duoanguli M IK. > H ^ I^* 
Quod hoc quoque. modo cendudi potcA. Vbi oftenftn^eft mifffAam 
DT£,I> E leltexqualcsicxeaapqualifiaieeoiKdiidiMMfrM^ 
angulum lE D.faftfiieacem) «quafem eAi'affcm&T aogulom' £ ID 
foftinettcl Cum «rgo araU6 , J^E fifli eiiam aeqoeles i. lleMaaD. 
H lareusRI» &eK aico,H£ afcos T Ede«iat;arifeBi«ieboociaMOflL- 
HJ9L,HTau)oales. ErgotangQllH lA . H£.t tttjaaMobosiofiAeoMS^ 
eroncxquaies pcr Prop. zy.Lib.j^filem. Que4 illllQflpi:imo eafu pren 
liaiMhMiEierai» 

CASVS S£CVNDVS. 

• t. • 

Pfacpaaaciot^ 

' poficis, qux in priore cafii fuppofiialiiot: ikom.eiiBolo/) IdiE fiDeaoK 
te QuadraiviaBmlo £ idoiftiqacA^fjicattlfi : du^ectam^U^ 
qoa Qjiadrairicemfeeat inSfjsdqiiod pmn^uaidbcaRur. vadinsA Se 
dttddquoqoQ E.M loiei^toas QimffttticcintoZ y.adqBod 4anor • 
ittdios A Z : dudisideoiqoe A.l A E. «qoaaoimiiisiv ^sm yracendcoti^ 




cafit fe- babcnc : ftatoaoaor.dkioranguliflQqvdes S A Oi SA.V Im 
iijradie A S»r»-wedaAOQpadratfiaoce o i ira c s s U^ 
eerminoml r re6ta ferA Ar.Vaiwnim ;QuadtacfkiiOonnnC£wooifl» 
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pundo I re^adncacurl V Xquibus pafisis aoguli duo H IR , H I T 
probandi run€aequale$iuxcaPropo(icionem :ad quodhxcadhucne- 
cedaria cH: pr:cparatio. A pun6loE pcr R. & T , in quibus circulus fc- • 
cacur a lincis lO, I V produdis, ducancur rmcat E R, E T : quarum il- 
la Quadratricehi in P , hzc veroptoduda in X' incericcec : ad quis 
panda radij dcftinennit A P, A X. His pcraais* 

Ciimdua:lincacRI,IlE 
in codcm pundo A circu- 
lum feccnt j fccent vcro 
Quadratriccm in O & P , 
adquac pundadudi func 
radij A O , A P } angulus : 
P A O xqualis crit angulo 
I AH per Schol. 1 .Prop. 1 z. 
dcmpto communi PAI, 
awjualcs crunt PAH,I AO. 
Quia vcr6 ex Hypothefi 
Propofitionis duo anguli 
S A O, S A V funt acquales : fi ex iisdemantur acquales S A I , S A H j 
xqualcs fient reliqui I AO H A V. Sed I A O Jequaliseftoftcnfusan- 
gulo P A H. Ergo duoanguli P A H,V. A H funt xquales : ac proindc 
pcr Prop. 3. Coroll. acquales funcline^ A P , A V. funt autem etiam 
acquales A E, A I i 8c anguHlA V,E A P, latcribus illis acqualibus com- 
. prehcnfi,acquales({«incenimanguli HA I& H AE xquales ,qnibus 
adduncuraequalesofteofiH AV, HAP) Ergoduocriangula 1 A V, 
E AP IttbencangulpsAiy» ABP«qaalesperProp.4. Lib. i. Elcm. 
Quibtts fi addamurfeqnales A 1 E » A£>I : «qnales fieat angull M l V, 
M £ P. Duc igicurlinex I E Picfo meode.m pundoD axis M H 
inrtcrfecabunc. Quo fit , vc doo Triangula D I H , D E H tria latera 
YribosIatenbDS habeanc sequalia $ atquc; ade& cres angulos tribus an - 
guIis/AQgulus igicur D I H xquafiseftangulo DBH. Erga arcus HR, 
H T,^ibasinfiftum, font deqoalesper Prop. 2 7. Lib.j . Eleai.' Sed ar- 
eolH R. infiftitedaro angblusH I K. Eigo anpulos Hl RsEqualis eft' 
angulo H I T. conftat eigo in hoc cafii Propomum. Qu od hoc etiam 
iQodocoUigefe. lieelMt. OAendis eft proximi^ ractocinatioiie angulus 
MlD,fioeEITacquaHsanguloME;DitAutIE R. Ergo arcu$IR,ET 
per Prop.i7.Lib.r|^Iera.runtxquale5 : qui fi ez aBqa:dibns/H l'i HE 
aiiferamuriaeqaaksfiemttliquiarcus HRiHT.Ergoxqodiesfiiniaa- 
-guHHmjfBT hisioeiifaus infiAtobvtdcmoQftNi^ propoaebatur.' 
• 'V * ..^ • CASVS 



CASVS TERTIVS. 



o 




Htc eadem, vei fimilia con- 
fticuanturquxin fuperioribus 
confticuca funt. NciTipc fit 
Applicata I E , Axis A H, cic- 
culus centro A pcrl & E dc- 
(criptus , fLibcenfa l H ducfba , 
quac aQuadratricc bifariam 
fccacar in S j ad quod pun- 
dum ducitur A S i quas ad IH 
cft perpcndicularis. Hxc func 
huic cafui 6c duobus prxcc- 
dencibus con^mania , quse lc- 
quuncur,lincarum rcHquarum- 
fitum tiTucanc , &: huic calui 
proprium inuebunc. Sumun- 
tur lcilicct anguli duo vtrin- 
qtic alinea ASacquales SAO, 
?7. "'*^ SAV huiufmodi ivtQuadra- 

tricem vltra terminos I.& E feccnt radij A O , A V illos angulos cum 
redla A S contincntes.Iam (i iuxta HypotheHm PropoHtionis ex pun- 
Slq O per I ducaturreda O I promou vfque ad L > ducacar aucem 8C 
expuii£fcoV,io quo padtUS' A V Qttadracricem fecat » adidem pon* 
' ^um I lioea V I : Demonftrandum Propofitio poftulat door angulos. 
H I L, H£ V efle aeqoales. Qaodvt perficianir. budco radium A P 
ad Qiudratricis puB^usnP> in quo ipfa (ecatur i liDea E K >qus per 
jiuDAum B. in*quo<ircuh]s (ecacor 4 refta O \ > traducitor. Ducito* 
•tiam IV A pundo lad Quadratticis pundum V> ioquoeam iecac ra* 
dius Av VangurumS A* V cum radio AS conftitoenscqualemangulo' 
S A O. DuciiodeDique ex E per T « vbi ctrculus (ecacur ii itQA IV ,» 
jB^lam^E T) qux QaadratriGeoifedura.eft.aliquando inX Tiim fio 
il^pmonftrauonem auipicar6.- 

Dux linex R 1: , R E mutu^ iecanc io eodem circuli pan£b> R 21 
Ibcant ter6- Quadratricem in P iSc O » dudfque funt radi) A O > A P. 
Ergo angnlus P A O eft arqualis angaloIA Hper Scbol. %. Rrop. xu 
qpsfc adhunccaTum pertinet. Et addito communi anguloP A LaCqua^ 
kseaDm4ttoangiiitlAO,.PAH. SG4cxfiip£oficimPiopofitionis:; 
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duo anguli S A O , S A V func xquales. Si itaque cx his demancur 
, xqualcs S A I, S A H > rcliqui fient «quales I A O, H A V. Scd angu- 
lus I A O oftenrus eft acqualis angulo P A H- Ergo duo anguli 

. " H A P , H A V font scqualcs : ac proinjic pcr Propofit. 3. Coioll. 

^ aequalcsfunc lincat A P , AV. func vcroetiam aerquales A I , ^ £ 
•& anguU lA V, E AP ilUs kceri&iii comprehcnfi xquales (luuc 
cntm anguli H A P , H A V oftcnfi a^qualcs } Sc aid angulum 
H A P angulus H A £, & ad angulun^H A V angulus.H A £ xqua- 
lis anguioM AI«addtcur ) £rgo duoTriai^Ial A V ,£ A P habenc 
Mgulos A I V>A £ P aEqualcspcrProp4.Lib.j. f tem.Qui fi ab acqoa* 
Iibus angulis AIE > A £ I .dcmantur : aequalcs crooc anguH rcltqut 
P£I, VIE. CiuncEfio I£ bifariam & perpcndicolariter fccccur ia 
Jiif ab Axe, (c mocu^ fecabonc in punfto e^dcm axis,iicmpe in D,duas 
Uiieae P £,I.V s vc TriaiigukimI>D £ Uolcclcsconlbcuaoc. Hlnc ficy 
vc duo Triangola D I H> D £ H cria lacera cribus kc<ribusaMualia,Sc 
protodecres aoeulostribusanguUs xquales hAbeanc. Angulus erga 
HI D aBqaalisclta^ioHE D* Scd angulo H£ D squalis cft an« 
golos H I L( vcmox apcriam)Ergoduo aoguli H I L,H I V fom aequa- 
les, vt fece Proj^ofiiio. Qu6d autcm angulus H I L flc aeqoalts angulo 
HE D', ica manifeftumficcFigura H I R.EQoadFilacccaCircoIo in. 
^bitur, fic ciuslaciis R. I produci cur ad L. Ergo pcrea > quac dcmon-^ 
. ftrac ClaoiasProp. ii L!b. 3 . £ucl. angulus H I L externus acquai^' 
cftincerno oppoHco QuadrtlatcriangoloHE R.Vera eft ergoquQw' 
oisincafu propolico ( vix cnim prxcer hostrcs cxpofitos allus occor« 
sac )aUaca Propbfitio. Quarc. Si Qgadracriciscencro A cicculos &c.' 
Qood ecar dcmofnftranduuL. 

PROPOSITIO XXlW.Theorma. 

Ilfdem pofittsquxlnpTaccedcnd propofKione. Circulofci;' 
licctccntro Quadrarricis A dcfcripto , qui Quadratriccm 
• fccct in I & E pcr qux pundc ducacur Applicata du<5la itcm 
' Jpjbcensa 1 H , qux in S Qjiadratriccm inccrfccer; ad quod. 
^ ' ponAum radius dcllinetur A S. Tum duas ducantor lincap: 
1 R, I T aequalcs angulos H I H I T conrincnres cuin fub> 
icnsa I H,& Quadratriccm fccantes in O & V : ad qux punci^a 
^ cencro A radij ducancur A O, A V. . ■ 

Dico Anguios S A O, S A^ V cilc acijiialGS. 

.. . . . ... J 3 Jl>em9njlra 
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X>emonJlr^tio. 

Hacc Propoficioconucffacftprx-- 
cedentis > quam vnlco propofito pri- 
mocalu, ciufquc fchcrnatcdcclaro. 
Itaque fi hac ftatutafuppofinoncduo 
AnguU S A O, S A V non funt xqua- 
lcs, {ic maior , fi ficri potcft , angulus 
S A V angulo S A O : fiac crgo i!li 
jcqualis angulus SAZj&: pcr pun- 
(flum Z, in quo Quadracrix fecatur i 
radio A Z, cmittatur a pundo I linca 
IP. Quiaigicur duo anguli S A O, 
S A Z funt xqualcs } ac pcr O &- Z cx Applicatx tcrmino I lincx du- 
cuncur : I R , I P crunt duo anguli H I R, H I P acqualcs pcr Prop. an - 
tccedcncem. Scd cx fuppofitionc duo anguli H I R, H I T funt sequa- 
lcs. i£qualcscrgo funtHIT, HIP. Quodcft abfurdum. i£quaics 
ergo func anguli S A O» S A V- Quod crac probandum. 

CorolUrwm. 

*Ex Propofitionibus proxime antcccdcntibus facilis tucifiimaquc 
colligiturratiodelcribcndicam Q.iiadratricis partcm, qux difficilio- 
rcm paticurdcfignationcm, camfcilicet quxadcius vcrticcm propius 
acccdit : vbiduarumlinearum Qjjadratriccm motu fiio defignantium 
fe£lioc6tinglcobIiquior,quam vc facisccrto dfflingui poflii.Eccccnim 
in fchematc Propofitionis huius fit punclum V a vcrticc C non longe 
didans ccrt6defignandum. Ducacur Applicacaauxlibet I£ ( qux ii 4 
ccncro A pau16 rtmotior ftatuca fueric, aptior ▼kiecur ) 8c excentro A 
per I circulus I H £ dcfcribatur i ducator «ciamdioida I H Quadra- 
. tricem fecans in S, ad quod pundamiungatur radius A S. His para- 
ds, ^ cedtro A radius educatar per V Tmici proximwn \ m qoo radio 
pofl&umdefideratur , perquodQuadratrixageiidaeft. Fiac angulo 
S A V flcqualisex alcera parte icCtx AS angulus S A O du^ ladio 
A O , Quadratricis parccm illam iccance in O , qux punAo I adiacet » 
cucior^mque forcitur deicripttdnem. Tom perO exiendatar linea cx 
• ponflol, qux produftacircdam (ecet in R. Sumpco acnem arcu H T 
xquali 'arcui H R • dttcacur redja I T. Haec iecabic raditif& A V in 
pun^, per quodabhuraeftQuadratrixsvceujdenseft expaut^anci 
demonftracis. Si itaque pluresradiiinfira ASinccr S & Hex Aemit> 
tantur in eorum fingulis veftlgia Quadracricis defignareJicelMt» per 
quas tran(itura,eft. Quanquam aucem parsQuadratricts intcrS&I 
pofitadc(ccibacorracionefadUcuci:tamenquiapun&apuiiAo I pio- 

xima 
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ximanormamnonfatis tutoobfpatium brcuifTimum dirigere vidcn. 
tur, vt ducatur rcda 1 R. Licebit vltra I , punda O vtcunquc ab I re- 
motaaiTumcre: fedtuncpun^um V rcperietur in akero Quadratri- 
cis cornu. Tunc cnim radiorura,qjuicum radio A S angulos xqualcs 
hinc iudc contiocre dcbentr citm vnus vltralcadere fupponatur , al- 
terum infraH cadere nccelleeft i adcoquc pLindum pcr quod in eo 
dttcendacd Quadfatrix ad alterum cornu pertincre. Vcrum punAum 
Utud&cU^ad cornu fuperiiis-reponctur, (i radius fupra^Axem A C re- 
poDatur Cttndem anguium cum Axe coniinens : in quo dciignecur 
pandcuD Quadrmids ad cornu fupcrius fpedlans : aui cert^ omifro 
pooAoItlineiquefH >.adhibcatur pundum oppodtum E cum linea 
EHsdCidiqua abfbtuantor,, vcpriik Qoaechm euidcntiiTima Hoc» 
phinhos noB pvofe^fuMt 

CaOPOSITIO XXV. nimma. 

iaoguli Ifofcelis alteram daornm arquatiumiaiir 
golorum)4itfkcoafiiiinniiif;c^^ jrquar 
lcsatvguli. 

Dko ldiicas ,qiiiburhracqualcsanguli clauduntur , latus 
Trianguli produ(^um ita fc(^uras , vt tics-fim contiiuic. pto- 
portioiulcs abfcilTa&iuicap cx co latcr«» • 

Sit Triangulucn Ifolcelcs h\}^ 
ouitt4 batiisiici H : & ad eiiisangu* 
. 1 m Ifiaat ex VHaque parte bafi» 
iHduoanguH a^qualcs H I RJilT. 
Dico lacus A H produdunucafeca* 
n in & in T a Imcis augvkis illos 
sequalcs claudentibus ; vc cres^* 
rciiTsr lineaB AJl,A.HMAhT.£iu<m» 
trmie propani«iMlds» 

THanguIi H I^Riacas^il H producitur versiis A . Ergp per PropoH 
3«.Lib. i.Rknkaogqtusexcernus A H I^i]ua]is cA duobus angulis 
inccrni^ & oppoficis H R 1 , Hl R. Ac aPguKi5 A H 1 eft sequaliscx 
|iy(HKhefi angi.Io A l H. Ergo angulus AIH aequalis eft duo* 
bu anguli^ H R 1, H 1 R Sed angulus H I Tcft arqualis pofi: us angi.lo 
HiiftJlr«>iciiipfoai^gulioH}Texaagulo.HlA»xqualik jr^anc- 
' ' • . ' bit 
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bit angulus A IT angulo A R I. Cum crgo duo Triangula A I R, 
A l T habeant duos angulos acquales nempe A communcm, & A I T, 
ARIicrunt ipfac-cquiangulaj ac proindc pcr Prop.^.Lib.^.Elem. Ita 
crit A R latus Trianguli A I R ad Trianguli A I T latus A I i vt latuj 
A leiufdemTrianguIiAIR adlatus AT TrianguliAIT. Suncergo 
treslincx AR, A I, AT concinuc proportionalcs. Ergo & tresAR., 
AH, ATproporcionalescrunt : funt enimduac AI,A H acqualcs ex 
fuppofuione. Quare. Si ad Trianguli irofcelis alccrum &c. Q^iod crac 
o(leudeiKium. • • 

PROPOSITIO XXV^I. rifwijM. 

SI drculi fubcenfam I £ bifariam fecec diameter. A H ^ a 
punAo I ducacur linea ad H : ex cuius vtraque parte fianc 

anguli «qualcs H I R, H 1 T : fiacautcm angulus R 1 0 «qua- 
lisanguloEIT. * 

Dico reaam I O circulum cangere in pilfido 1. 

DmmfhrMtn, 

Ducacor H E. Hsc eric asqualis te* 
ftxH IperProp. a^. Lib.3.£lem.dia- 
mecer enim A H » bifiiriain diui* 
dat fubcenfam I £ > bifariam diuidec ar- 
Gum IHE. Qttare fubcenra HI ell; 
aequalis fubtenfae H £. Ergo aogulus 
H I E «qualis eric angulo H E I lam 
ci^m angulus RIO ndus ilc xqualis 
angulo E I T) fic aucem ex Hypochefi 
angulus H I R aequalis angulo H I T; 
i!?^;'^ ericangulus H 10 cx duobus anguiis 
HI R> R I O conflacus, scquats angulo H I E cx duobus H 1 T , 1 1 E 
conflaco. Scd angulus H I E xqualis oftenfus cft aogulo H E I. Ergo 
angulusH I OxquaHseftanguloH £1. Ciun eigo apundolcadac 
reclal H intracirculum,qujcabrcindic fcgmentuml E H capiensanr 
gulumlEHxqualemanguioHIO : redaOIper Prop. 31. Lib. 5. 
EIem.conoerfam circulum caogicin h Quare.Si circulifiibccniam &c. 
Quoderat pr^bandum. 




PROP. 
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SI ex Quadracricis ccntro A circulus dcfcribatur , ipfjm in 
Ifccans: (ccans vcro cius Axcm inH: ad quod pundum 
ducatur I H cx pundlo I : cx quo itcm ducatur ad Quadrarri- 
cis vcrticcm C rcda I C. Tum angulo H I C , qucm hx dux 
tcdx IC, IH contincnt,acqualisfiat AngulusHI R. 

Dico rcdlam I R Qjiadratriccm rangcrc in pundio I, ' 

Hxc cft hac in matcria obferua- 
tionc tamdigna^quamqiisedignif:. 
firaa Propoficio : qua mirabilis ac 
;R plane diuinx huius curuac linesc 
^ proprictas prac csctcris infignis 
^ fcritur , & declaratur : & vcr6 cx 
haftcDus allatis facile pfobatur, 
hac priiisftatuta prajparatione. Si 
rc<flayi I Quadratriccm non tan- 
gic in I, Quadratricem fccat vel vl- . 
cra I, vt iu priore fc hcmarc , vel ci- 

A^r^ tcaI,vtinpoftcriore»V. G.innun- 

AoO. Ducantur Ergo rad.j duo A I, A O. Tum aoqulo I AH fiac 

xquahs angulus O AZ du^o radio A Z Qua.hatr.cc m (ccantein 

Z : quod punAimi in priorc figura critfupra Axai),in pofleriorc infra, 

vtpcrlcpatct.Di caturdemumreaalZ. HisfJofitis, . 

Demonflratio. 

Cum in vtraquc fchematc Anc^u- 
lusOAZ rica:qualisAnguloTAH'i& 
ex pundo I duc1:a fitchorda I H i ac 
R dcindc pcr idcm pundu I Juq dudx 
fint linens O I R, & I Z t erunt per 
H Prop. 23. djoanHiHlK, HIZ 
xquales. Sed ex Hypothefiduo au- 
guli H! R, H I C (rnc .xquaJcs. Ergo 
duo anguli HiC,HIZ funt xqualcs. 
Qnod eftabfurdiuNam in vtroquc 
fchcmate linca IZ d ffert a linca 
i V-. Igicurdici ncquic rc<5lam I R dutaam , vt fiippufitio poftulac fc- 

<? care 





care Quaciratricein in IJU com cii in alio quouis pundo O rurfus con* 
currere. Quare. ^ CK QniRlntrieis ccntro «c. Quod crat pro- 
bandum. « 

' Hincfam tntdligis qiio nbtus IbnilaMoM aftiiierifli« nmin Epi- 
, logo Exammis Quadnaorc » tuqi aliib tn tewA pane ESaBeMorM» 
Geomctrix pra^ieatad locum lineartn Ipedaote » TecragoniimQm 
abtblutum tore : fi ars poffic mnocefcere yqvtSi Geomecclc^ dacacnrlh 
nca quociinque in piindo Quadracncem ecfi infinit^ porieftam cob» 
tingens. Sientmm hacdupliafigiiriroppooaciir rcAalineai R Qpai^ 
diatricemtangefe1npun^I;fl£)tteexmecliodo6eomccricl ftaco- 
tomefle. Siai^fiio H I Kev akera pavce fiataequalis angulus Hf 
eonftat verticem C QtiadraiiicisGeometrtc^detefAtBain tquohabl^ 
fo liabecur ftacim nontaot&m&lea rc(fla circulari xqualiss Mrf e0*am 
■icftilineafiiperficies squalis curui^neae. Sed hxc , aiiaque cx his ne» 
minora lineat JuiiiM fflyfteiMi liadf nos fbicaife inaudica declaraie 
petgo.^ 

PROPOSITIO XXVm. Thearims. 

Ilfdcm pofitis. Pofica fcilicct in fchcmatc priorc proxinwt 
Piopodcionis iinca I R Quadratricem tangcnce in I. 
^Dico inter tangentem Ifl & Quadratricem nuUamre^' 
&3tm lincam itnmiccipoflet quae Qjiadratriccm non (cccc 

Vemonjlrntio. 

Oftendit Eucl.Litf.3. Prop. 1 6. Elem. non tantiim lineaia, quae ad 
diamctrum circuli in ciusexiremopunfto pcrpendicolaris forct^circu- 
lum langcrc • lcd eiiam nuliam aliam rcftam ad idem contadus pnn- 
A madiungi pofle, quincirculum recet. Aliquid hk iinaile dcmon- 
^randum ccniui , nequid cuipiam vidcrctur defiJcrari j prlfertim 
cum Appollonius agcnsPropol^j 1. Lib.i .dc contadu linearum rcila- 
ruoi& i.onicarum,quas prusUme Quadratrix xmulauir> banc ipecu- 
htioncm nen omifcnt. 

Ducatur itaque , fificri potcft, linca rcifla T lincer Quadratriccui 
^ tangentcmR I ita vt Quadratricem non iccct Angulo H I T arqua- 
iis fiat anpulus H IZ du^l:a linea I Z, qux Quadratricem kcet in pun- 
^oZindq- odadiungaturradius AZ. Ducaturctiam radius AP ad 
pun£kum P,in quo cKordal HQuadratricem interfeca ^quibifariam 
^ada^gul^rcdjscajadcm AUierrccabii iuxuiProp. 8. Qu^igicu^ 

diiO' 
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LibJlL T>e QMdratrice. 4j 

^MMIgyliHIT^HIZcxytraquepartelineazIH poficl , funt intcr 
fexquales : xqoalcs eiiamfuturi fum pcr Prop. 14. anguliPAl, PAZ. 
Sed anguli P A 1, P AC funt etiam xqualcs vcl per eandecni Prop. eo 
qo^danguliHIRjHICponancur xquales : vcl quia radius A P ad 
' bafimlHTrianguliirofcclisIAHperpciKlicularisangulumciuslAH 
ad venicem bifariam diuidit. Ergo duo anguli P A Z , P A C funt 
2cquales,pars&tocum. Quodeftabfurdum.Nullaergolinca T I inccr 
tangenieai Kj^ $c QuadMCviceai duci fioteft »<quifl Quadiatrij^ 
iccct. 

, Quod lioc ctiam modo concludi poteft. Si ducatur linca quappiam 
T I ad punduml adiungi pofreintcrtangcntem Rl &Quadratriccm, 
ita vt cam non fccec. Ducatur a pundo E, in quocirculus I H E Qua- 
dratricem fccat , ad punAum T rcAa linca E T Quadratriccm in S 
inferfccans, & quidcm infra verticem C : fi enim ducatur E R , ea in 
vcrtice C Quadracricem fecat > vt patct : crgoE T ipfam infra C feca- 
rcneccflccft. Ducatur radius AS. Quiacrgoaduobuspuncflis 1 6c Ey 
in quibus circulus Quadratrice» fecat , duae linca; I T , E T ad idcrii 
circuli pundumTadiunguntur:cacqa©Quadratrici occurruntin l Cc 
S ; adqux pundaradij A I, ASeniimfbnc:cric perSchoI.t.Prop.ii. 
angulus I A S xqualis angulol A. H. Q.uode|kabjiicdnm. Nuila ergo 
iioea T 1 poceft duci qua: QwKkactioeai aoD icocc. Quod erat pro- 
bandum. . 

^ P&OPOSITIO XXIX. Themm^ 

SI Quaidracrkcia taiigat in qooais-pohdo I reda linea R 
per quod pun^hnn Idfairarccncro A Qoailrarriris dcC> 

crrbatur cius Axem fecajis in Hi& iungatui lH:ducatur 
ctiamad vcrcicem Crcclalinca IC. 

Pico Aogoios H I H i C at4uale& ciTe» 

: jttecPropoficioconOArij^cftPcopofitto^ 17 quam (lc veramcile 
dcinoiiftra Si aBi|ualesminmi^ iinc duoanguli H I K , H IC. S<c hic 
illo tualor , aacmtnor. Fiacei|;o H 1 Z ipfi H l R aecjuali di da 1 cd^ 
I ^ Quadratricem fecameiD Z : adquod pundi m r;>.dius A Z dcfti. 
HCllir-: ducatur eciam radius ASad fedionem Qti.<dratric{s fub* 
tn&^ H. Quia Igiturduxlineac IR,I Z duosangu obHIR H IZ. 
'ex vtraquc parterubtcnfxIHjEqualcs cooftituunt : 5cad ptinda I8C 
Z » ift^ttUMi»<|Qi^adimubaUl^icca(iir « du&i Auir radi^AI» A Z : ' 

' - Q X crk 
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crtt per Prop. i4.anguliis SAlffffeiar 
Hs anguloS AZ , C^odeftmn^ 
duin» fiue Imca I Z fopra » fiueilifiA:. 
vercioem C Quadracrvci ocamac 
namS A leqoaiitelUf^akiS AH- 
Ir P®*^ Piop.S» fum ergo xqoales aago—. 
I -li HlR,HlC,^08cbordaH>: 
csm tangeme 1 R , &rediil C ai* • 
verticem C dudi codtinec. Qttaie*^' 
Si Quadratricem cangac iii qooili»* 
acc erat oAendcaduoii 

PROPOSXTIO XXX» r/;wtfi!»fc 

LTnca Quadratriccm tangcns cum Quadfatricis Axc vlu«. 
verciccm pi odud^o fcmper concurf 

Expofitio. 

Inrdi^ rnite fupcrioris PropQfitionis Quadratriccm cangat in T re- l 
fta R 1. Dico redani R I podudam concurrerc cura Axc produ^ 
vkra vcrcicein C) iiue ad parccs verticis^C. 

Fr^paratio. 

Centro A per 1 circulus dercribaturQuadratricem fecans rn E »cfe'- ^ 
catiirque Applicatal E: ducacur itcmchordal H > itcmlC > ac deni^ 
queradiusAl Quibus pofitis-.vc oftcndatur lineam tangentcm IR 
concurfuram aliquando cum Axe A H > oftcndi dcbct duos angulofr 
R I A, H A I duobus rcdis efle minorcs fic cnim per Axion^ i ir * 
Lib. I . Elem. coDdabic didas liocas coQCurruras ad partcs H- l lud cr* 
go probemus. ' • • - . ^ 

BttmonHrtftio. , * • • ' .\ 

Angolus lA Bexternos xqualiseft duobus angulis A HI > J^Vt^ 
0}ternis€c oppoiitisTrianguli A IH per Prop. 3 x. Lib..i. Elrai,. Im^ 
•ft, du plusfft anguli AIH Sed angulus A IH maiereft aiigutoHllL: 
^ctmm ex hypochcfi sBqualiseft angoloH IC > qur feinper .Mitwr 
l^r^t angulo HI A qu^d Q^adratrids^Fertex C ittier A &.H4iMBi^ 
jper iorereipiator, lioeique I C proinde inser lineas I Jt ^ IH^tiaUM^ 
japgul^mque A I H fenapcr dioidat. Tocns crgo ai^iHn A iS^ftt^ * 
jkr futumscft minordopb angoK A I. H hoceft aw^n-iAB^Qlpv 
BaddacurcomnMiois angulusl A H: iiejlkdno^anguii 1 A ftvl^H * 
I qulfiimaBqQalcsilooluis ie£s ) maioict doobatiiguBi lAAIf^iflU 



Quare, c2uii in duas redhis I R, A H inddatre^al A angulos incernos 
duobus reAisdifnores cumipds ccmtiaensicoiicurrem aliquandoli- 
nex I A, A H per cicacum AxlcKiia i i . Lib. i .Eleip. 

Hoc idcmotteiidi hdc eii«iiiilodopoceft.DemoD(batum eft Prop. 
% 5 . Kkieas, A C, A H, 6c eam , qua^ abfcindiior k lioeai , quac coro I H ^ 
angolimuBinialem angubHICcQntioccex alter^parte , quafis eft 
angobs H 1 K , eAe cres Biieas coniinue proportioiiales. Eft enim ' 
TriaogolumAIHKblcelnr £rgodtatam Prop.iUam coAuertcodoi 
fiduabus lineb A CvA H rcpcriatiir tenia proporciooalisy A cuius cer- 
sino ad pmitaD I refta lioea docatur : hacc cum H I angdom oomi- 
■dbic aiqQidemai^iiloH IC.^rgD per Prop. 17. ea linea Qmdratri- ' 
eBOicai^eciiii Icaqoe cjknrvoica canciUD lioeaduci poflic, quaeia 
puDftoI Quadratricem tangatudiafutura non edlinea illa, qoAm I R, 
ac proinde linca I R produSa , produdam A H (c^lura femper efl ad 
paraes H Qoare iinea Qijadraariceoi taogens fltc: Quod probandum 
erai; 

CvroffsrtMm. 

Ex bac icaqoe Fropoficione , eit&(quedemonftratione fecundo locv 
aUata, qnam Propuficio i^.fuppedicat} Sccx Phip.a9. prarccdcnte 
manjfcAum e(l Quadracricis faguram AC .radit mquemlibet Alad 
quodlibcc Quadratricispunftum I duftom, fiuc A H i &lineam quar 
intcr ccntrum A.&: tangcntcm IR. ad pundbum I dudam intcrcipicur, 
I ciTe coniinuc proporiionulcs. Ex qua Quadratricis , cimque tangcn- 
tium lineaf um foculcaic quid coniccucurum £c » deinceps oftci^ 
decur.r 

Monitum. 

HaSienMS necfMncdsnee fcitu omnino tndignas , nondum certe notas cete- 
Bfrrima huius injlexa linea facultates non fme aiiqud-, vt reor^ opto^queyani" 
wi voluptate es contewplatus : vt oper t hanc (n traifationem impenfa poS' 
nttirtdum mimmevideatur. Sichabeto nthdominus longe grautorafuperejfei 
qud tih operta effe nolim. Nortdum rationem cur ^adratrix , cur tit^ 
ft^wa. a primis eius t^uthorthus Dinofrato c!r Nicomede appeUata fieriti 
edoffus es : aut fi qua vel ex Pappo vel ex CUuio ttbi innotuit , qui nomm 
hocjortitam afferunt , quod ad ^adrandum circulum adttum aperi/it pla- 
mfimum : leuiustamen qtittm huirtf Argumentidtgnitasferret , etfifubttlff' 
fimadeeoahiistradita fit demonfiratio^rem hanc tot^m perfirinxerunt 5 : f 
fwidaiH tsMthm eius rudimentum tradtdtffe videantur : cum cafum tantu 
JfhtgitUrtmfropofiterintomifsAviUuerfsdiiqua/r^^foiutam difciplinam decct, 
Wiffmime, Siia , vt ad psmlo vheriorem > necur/ttiwimqMe cognitioncm 
Vfm ftirmffrimm e;cfo»ciU0wfseJt:smii dtmceff^iuth^ i£m^g»^ 

G $ mtntm0 



f»eS0mmftisth.Hdc a CUuio liKiUefui§m^ jmwmftiitfiki^ik: fm 
f^iHmm mfarm^m adfcrihoy meiseigfr4^mfv<flds: mmtmk 
vi.ad frofafitimm |. ol/frHAui , fem«mmmkittndeeJ^,$mAm 
dfstricis farte , f imw drcali M^^^a^sgmma » & mflitiHim : 

PROPOSITiO XXXirhtonm. 

SAgiua Qg^atrid& A C.candem habotmctonin wAt^ 
diiun A I : quan radius A i babee ad Quadmitii I PH 
pcri phcriara. Hoc cft, trcs fiiiex A C , A I, I F H fun.c CQnti- • 
. nucpioportioixalcs, 

Demonftratio. 

Si fagitta A C ad radium A Icandcm non habct racioncm quam ra- 
dius A l habct ad arcum IF H : alia aliqua hnca maior , vcl minor 
quam fagitta A C eandcm rationcm habcbit ad radium A I, quam ra- . 
.diusAI habctadarcumlH. Poaaturprlmo linea AB maior quaa». 
f«gittaACitacirca^radiumAl5Vt*Ale{lad arcum IH. Dcfcriba»* 
tturcCDttoAlMrBaivdus^ecansinOQuadratriccmriumcx A per 
O radios emittator AF. DucaBtur ctiam lincx OD, OP, iila ad ^m m. 
A H|.]uBC ad radmm A Ificrpciidicularis. H is poOtis. 

CtottafitarcosIFH ad radiumAU 
vt radios AI ad radium A G , vcl A B cx 
Adocriariasiitavtemvtradius Aladra- 
diom A G s iiaarcusIF H adarcum GOA. 
Itaeritarcos IFHadatcumGOB, iRteft; 
ad radiumAL Ergoradios Alxi^ualls eft 
arcui G O B per Prop.^.Lib.^. EIcitt.Qu»! 
vero ex Quadratricispupdo Qid^f^UiMi^ 
A ducitur periKaidieulacis OP:.ka(9^^ 

arcus 1 h H in F d radio cx A pcr O traducT^o , vt couftat cx^Q«adM». 
trKris jrencradone : ita vtitafc habcat radius AIadPI,vtfeiStii»/ 
cus H I I ad arcum F I. Scd vt arcus H F I ad arcum F I. jta'MttML' 
B O G ad arcum O G. Ergo vt A I ad P 1 , ica eft atcusB 'QG alZI 
cum O G. Et conuertcndo. Ita crit A I ad A?,' vt irdisB d&M^^' 
cum O B. Cum crgg oftcnfusiit odiwiAla^iiualtf «CttiMi^v^ 




Lib, 1 1 LDe Qu/idratrice, 5 3 

Ih eciam crit rcfta A P arcui B O pcr Prop. i^.Lib. 5 .EIcm.Efl aatcm 
rcdaO DacqualisredarP A. ErgorcdaOD xqnalis cft arcui OB. 
Quod eft ab(urdum.Nam rubtenfa arcu fcmpcrminor cft.Ergoetiara 
fcmiflis fubtcnfa^O D minor cft fcmiflrcfubtcnfi arciis OB. Quod ab- 
furdum cumex co fcqiiatur , quod aiTcrtum (it rcdam A Bmaiorem 
Quadratricis fagitta A C , 5c radium A l , & pcripheriam 11 Hcflc 
comiDue proportionalcs :conftat nullam rcdam maiorem iagitta A C 
circ poflc cum radio A I » & arcu I F H continue proportionalem. 

Dicatur fccundo lincam A D fagitia A C minorcm, fic radium A l 
cum periphcrla I F H cflc continu^ proponionales. Oftcndcturetiam 
cx ca Aflcrtione abfurdum fequi hocmcxio. Ccotro A per Dcirculus 
P Z L dcfcribatur : ducatui: itcm pcr D liflCi Axem pcrpendicuta- 
tisoccurrens C^^ckatrici io O x cum pcpO radUtt clBil!ca«ir A F> do- 
casur etiam O P ad A I pcrpBnclicuUris \ ac ^aiqcie (>er puodum £ 
«glKor perpeiidicaUuris XY ad radiom AFs qulBifiEdt^uill fiangc^ 
miceaildem taa^'ctii D re^a O D. His pc^ist 
' f Oftendecor eodeia modo quo priiis accus LZ D Hftqualis radio A i 
Nam^vc radsos AD ad fadium AI i iu eft arcus D Z L ad crcoiii HFi 
Sed vcradiusADadradiumAUica eftradiusA I ad accuibflFI. 
Ergo vc radius A I ad arcum H F I > ica eft arcus D Z L ad etindem 
ftfcnm HFi iEqoaksergpiuncdus quamicaces DZ L & A I per 
Prop.9. Lib.^. Elem. rurfus quia pcr Q^adracncis ponAom O agiciir 
radius AF } fic reda O P ad radium gcoerancem A I pcppendicuMs : 
fCa erit pcr Quadracricis,.gcncrntioncm arcus H F I ad arcum F I , Vc 
ladius A ladeiusparccm P I- Scd vc arcus H P I ad arcotaF 1 , icaeft 
lircus D Z L ad a*icum Z L. Ergo vcradius A I adeius partcm P 1 5 ita 
efl arcusDZ L ad arcumZ L. £t conucrtendoi ericvfradius Al ad 
A P 3 ita atcus DZ L ad arcum D Z. Cum crgo radius A I & aro» 
D Z L, priraa iL tcrtia quantitas , acquales fint oflenfl } arqualcs etiam 
eruntpcr Propif^.L b.^.EIcm. rc6Va A P, fiuc hulcacqualis D 0,fiC 
arcus D Z, quantira^ fecu nda 5c quaria. At abfurdum hoc cft.Eft cmm 
arcus D Z minor duabus rcclis lincis V Z, V D arcum D Z ambicnti* 
bus iuxta Axioma ab Archimedc ftatutum Lib. i . dc fpherfi & Cyh'n. 
C|uo conftat. St dttic imfd in fUm eojdem hnbefint terwipcs fintque in eaf 
dempMftes cand^ comprehendentem ccmprehensa MAtoremeJJe.Eil vcro rc- 
^ba D O duabus fimul Hncis V Z , V D : maior probatur. In Triangulo 
O Z V angulus Z rccbus cft ex luppofitione, atqucadco maiorangulo 
Z O V iqui pon nifi acutuscfte potcft per Propij 1. Lib. i Elcm. Ergoi. 
latusQ V maiuseft qu^m lams V Z perProp.i^.Lib.i. Elem quarc (i 

w ^J^MitfMBaHUMsYDymai^i ecic muQD doabus iimul 
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VZ, VD : multo ergo maior crit rcdaOD arcu DZ. At cidem «qua- 
lis oftenfa efl: cx eo, qu6d rc(fla A D ( minor pofita quam fagltta A C) 
& rcifla Al,U pcriphcria I F H ^odtx ilnc tres conuDue proporcio- 
nalcs. 

Cum crgo duabus lineis , arcui nimirum I F H , & radio A I tertia 
proportionalis nequc maior,nequc minor eflc po(rit,qu^m fagicia AC. 
erit ipfa A C tertia illa proportionalis : adc6quc trcs lincx A C, A I & 
pcriphcria I F H erunccontiuueproporuooales, Quod erat demon- 
'Arandum. * * 



. Haeceftab Aoiiquioribiis HlisiineaB Imiiit Autfaoffibas trtdics pro- 
bacique Propoficiosqua nihii fubcilius agnoictt CydoinmM.. Yenim , 
vcfiipi^ meminuteniuQis papl6 aDgufttoribuseft ciicumfoipta : o2im^ 
.adbqpc vnicum cafum alltgecnr» in quo radius A I ad Axem A C per* 
fendiculartseft : nec ip(a bseclinea curua vltral eicmdi poflc fuppo- 
. natur. Quare nunc i Diuinu illis meotibos apert^ vA oon paul^ nu* 
oeriaUus, Theorema proponere licebic : qood & huoc ^om (ingula« 
tem cafom »'6c teliqoos « ad qoioOibec radios ipeAantes.coff^kftanm' 
Quodicaenoncio* 

PROEOSITIO. XXXII. Tbe$rema.^ , 

SI cx ccntro Quadratricis circulus quilibec Quadratriccra 
fccans dc(cribatur.& ad fc<Si;ionis puni^umducancurcum 
radius, tum Applicata.. * . 

Dico fagictam adradiutn candero habcre ratiohem,()iia» 
habec Applicaraad ar.cum £irciili defirripti^ incer Axem tc 

dium interccptum. 

• •..•,.» 

Expofitio. 

Sit Acentrum Quadratricis , ex quo dcfcribatur circulusfccansin 
I Quadratriccm, ciufquc Axcm in H : ad puudum I rc^ionisducatur 
radius A I i & pcr idcm ducatur Applicatal E.Probandum proponitur 
fagittam A C ita fe haberc ad radium A I j vt Applicata I E fc habe^ 
ad arcum I H^^ui iqter radium A 1, 5c Axem A H infercipicur. 

Demonftratio. 

Si fagitta A C non eandcni habet rationcm ad radium A I j quam 
Applicata A I ad arcum I F H : alia aliqualinca vcllongior, vel breuior 
quam fagitca A C eandem habicura efl racionemad radium illum A Ij 
^uam habec Applicaca I £ adarcum IF H.^Djlcacur^crgo pr.imo liQcam 
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AB maiorcm fagltta AC ad radium AI didam fiatiarcmionem 
Cencro A pcr B circulus dcfcribatur G O B Quadjracricem in O, & ra- . 
dium AI in G intctfecans. Ac pcr O radius AFcraiicfiCttr : ducatur 
item O D linca ad Axcai pcrpcndicttlaris : axi aotcm paiallcla O P. 

Hispoficis. » - . " 

Com ucvt radittsAB 
radiom A I i lca arcos G O B 
adattom &A fimycm I F 
luxM Prop. t r. Lib. 5. Col- 
ie^ Mathcm. Pappi: nau* 
tcm A B ad AI > icaponatuc 
ApplicatalEadarcamn Hs^ 
«adcm eric racio arcib G O 9 
adarcucAlF.Hi & Appiica^t 
^ . ^ tx I B ad eiiadcm arconi 

3fe y A I> C B H IFH : nempc ratio AB afl 
AI. Ergo per Prop.9.Lib.5.Elem.atcas GO B «qualis erir Applkatct 
I £. lam ver^ ct^ pcr pundum O Quadracricisducatur cum radroir 
AF*mm re^OP Axiparallels^, fiucad AppHcacam I E pcrpeiidicQ» 
ij^is : Ita eric pfer gciieracionem Quadracricis » per ea quse Prop. €, 
expofila func , Applicata E I ad futpanemp 1} vt e(l arcus H F I ad 
ai^m F I. Scd vc arcusHF I ad arcum F I , icaeAarcus BO G ad ar- 
cum O G ( funt enim tam arcus H F I, B O G i quim arcus F I , O G 
iimilcs ) Ergoiucft Applicaca £ l ad P I i vc arca$ B O G ad arcum 
p G. £c conuercendo. Ita cft Appiicaca £ I ad £ P , vt arcus B O G ad 
arcumBO. Eftaucemprimaquantitas £1 aEqualis tertias quancitati 
B.OG. Ergo perProp. i^.Lib. ^.Elem. quantitas (ecunda £P eft 
aqualis quartx B O. Ergocum duac re£bx E P, D O fint acquales , erit 
ce^aD 0> xqualis arcui B O. Quod efl abfurdum. Abrandum (iqui« 
.<lem'eftaficrerechordam,cuius iemifTiseftredaD O , asqualem efle 
accui , cuius HcmiiTis eft arcus O B 3 atque adc6 redkam ipiamD O 
squalem effc arcui B O. Quod abfurdum jf^VBa ex co fequatur , quod 
afTcrtum fit lineam A B fagicta A C maiorem itafe habere ad radium 
A 1 > vt Applic.ua E I fc hnbct ad arcum I F H : conftat ficri non pode^ 
ncc pofTe aiTeri rcdam A f adradium A lita iebabere » vc AppUcaca 
Eladarcum IF H. 

Scdncqnc r^^ila vllaminor qnam fagitta AC adradium A leandent 
■ rationcm haberc poteft , quam habct ApplicataE I ad arcum I f H# 
QnxCil akcra pars Dcmonftratlonisexponenda. Dicaturcrgo rc- 
A D fagitia A C nuAoiem ad radium A Liu iciiabcre , vi ic ha- 
V ; , ' ■ * .be^ 
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bet AppIicacaEIadarcumlFH. CemroApcrQclercribatur areiirs 
D Z L : icem m pundo D ad Axem ducatur perpendicularis DO 
Quadracrici occurrens in O : per quod pun£tumemiccatarradiasAF, 
& ducatur O P ad Applicacam perpendicularis: acdenique per pun* 
^um Z, in quoradius A F arcum LZD incer(ecac»ducacur ad ipfum 
radium perpendicularisZ V. Cum igitur iea.cflc dicatur A D ad A I, 
vt A pplicata E I eft ad arcum I F H- Vt aucem eft A D ad A I , ita fii 
arcus L Z D ad arcuro HmilemlFH : icaeric Applicata £ I ad arcunt 
I F H) vc arcus LZ Deftad eundem arcum I F Fi. Ergo per Prop.9. 
Lib. 5. Elcm. arcus LZD acqualis cft Applicaiac E 1. Iam,cumper 
■ pun(flum O Quadratricis ducaturtum radius A F, tum ad Applicatatn 
E I pcrpendicularis OP: itaeritex generatione Qnadratricis Appii». 
cata E I ad fui partcm P I j vt arcus I F H ad fui partcm I F. Scd vt ar- 
icusIF Had arcumlFita eft arcus LZD ad arcum LZ. Ergoita eft 
arcus L Z D ad arcum L Z, vt Applicata E I ad (m paricm P I. Et con- 
uertendo. Ica crit arcusL Z D ad arciim Z D, vc Applicaca E I ad re- 
£Vam E P. Sed Applicaia E I eft arqualis arcui L Z D : ergo etiam E P 
ajqualiscrit arcui Z D per Prop. 14. Lib. 5. Elem. Cumautem D O 
xqualis llt rC(5l<T EPicric etiam D O acqualis arcui Z D. Quoddici 
non potcftpropcer candemrationem,quam in fccunda partc Demor^ 
ftrationis praccedcntis Propofuionis adduxi. Quia fcilicec arcu'- Z D 
IncardcmpaTtescauiiseftcumlincis VZ , V D : qux arcum Z D in- 
ciiidunt,5ccum co habenceofdem cerminos Z & D : quo fit iuxca ibi- 
dctn citatum Ardiiniedis Axioma Lib. i.Jc fphxra&Cylin. vtduar 
rcclxV D, V Z fimuimaiorcs fincarcuZ D :quibusadhuc maioreft 
xcCtA 1 ) O : maior fiquidcm cft rcvfta V O fubtendens angulum maio-- 
rcm ("» 7 V Trianguli OZ V , quam rcda V Zfubtendcns eiufdcnt 
l'rianguliminorcmanguIum V OZ.Ergoadditacommuni redaiinca 
V D : toca D O maior eric duabus fimul lineis V D, V Z. Ergo rauU 
maior crit D O arcu Z D ; Scd & cidcm oftenfa eft arc^ualis. Quod 
dici non potcft. Ergo nec dicipoteft lincam A D fagitta A C mino» 
rem, eandcm habcre rationem ad radium A I : quam habet Applicata 
E I ad arcum I F H. Sed neque vlia lioea A E maioc quam fagicca A C 
ad radium A I eandem, vc ofteiidim eft, radonem babere poccft:quam 
liabec Applicaca E I adarcum I £ H. Ergo ipfa (blafagitta A C icacrtc 
ad A I, vc Applicaca E I ad arcum I F H. Quare.Si ex cfiomi Qgadcap 
iricis citculus (^upd erat demonibaDSQm,. 

Nimc demuat pacet euideatilBibi ex Prop. praecedeott » eHUque 
^Qbfttimieimemia^quxeadmeficum dcmonfiratloDe Propoff* 
' • .V ' taonisji. 
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tionis 3 1 . ^ Pappo peciu > VeteruAi Quadratricem » vt aliis memini, 
npux huiusparcemtaatuuiiquandame0e , eidfqueiottciiifll reamquc 
piopriecacem nobtliffimam , n fi^cta A C > radius A I ad Axem per- 
pendkularis, 6c QnadrantisaricusIF H fintodficinue proportionales; 
cafomraiid^m efle ringularetn in hoc j^CKcerts cliuerruiii:qu6d in hoc 
. cafu c»Sfca A I, tbm fic ad Axem perpe^icularis , iit Applicata fimiilr 
8c radtus: Quo ficyVchxcresHneae AC> A I &arcuslF H finc conti« 
nu^ proporciooal^ » medii A I duainm ^rtces gerente , radi j fcilicet 6c 
AppUcacae : csieriim cafiuhic eadem vniueriuiPropofitione 3 %. pro- 
xim^ allad^ non mincis quim caBteriomfies, comprehendactir, vc paccfi 
^ fi his cerminisefosuor nuio cafui accommodatis. Sifxeenti^ A ^u^h 
. drMrit^eimUm iefaritMr S^^i^^rUm feemtsin /, quAm fe&iwem 
immnurmmr^tMm A l^swm AfplicAU A l : SagitfM A cifs em m^r^- 
^mmAHvtAfflkmttAlefiMdmmmifHinierAxem AH& rmUmm 
,A fimerieBmm, 

• « 

PaOPOSITIO XXXUI. Thimma. 

Sl ceacro A Quadracricis circulus I H dcrcfibacur ipfao) ia 
I.fecan$» &p<9rpimftum I ducacur cam radius AI, cuni* 
Applicaca I E ; ac demam <;encro A « radio A G » qai'«qua(ii 

(ic Applicacacl £ circulus G L delineccofv 

Dico fagittam A C, Applicacam E I fiac ci xqualcra A G, 

& arcum G L incer Axcm A H > & radium A I inccrccpcufltiA 
cfleconcinae prbpoccionalcs. 

j>emmfrmio. « 

" • ItaenragitcaACadradiiim > 

^>r " ' ^-m^ A li vc Applicaca I£ adaraim 

I ^ ^^"^s^ I H pcr Prop. 3 2. Et permutan* 

^ do.Ica eric fagicca AC ad fedaiit 
A G Applicatx lE arquaJcm j vc : 
radius A I ad arcum I H. Sed vt 
radius A I ad arcum I H i ita eft 
radius A G adarcum G L arcui 
J[ I H fimilcm.Ergo.Itacftfagitta 
ACaciAGi vcAG, fiueAp^ 
plicacaj £ ad arcum GL. QuareiicentroAQ^adracriciscb^os£cci 
, QiLoderacdemonilranddm. ,[.^ ' 

. . _^ PROP. 
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Iirdem poficii. Si pcr G ( pofita A 6 xm^i Applkatt I E ) 
ducarurad Applicaram I E pcrpcndicularis GP occurrcns 
.Quadracrici m pundo R ^ & pcr cducacuj: radius A R . c[ut 
[^rodudus (ececin V arcum I H. 

Dico lagictam A Q» ladium A aicum V H eflrc in con- 
tinua proportionc 

Vemonflrstio. 

' ' ' C^mofteDfum (itPropofitb* 

' — ^""'""^**^^ Dc anwccdciitc fagiuam AC» 

^ - Applicatam EI, Cc accom.GL 

«Oe Goodnu^ proponloiialestfi 
arcuf V H probccor ; aequalis «r* 
coi G L I liaud dubtum qoin ca- 
dcmiagittaAC ', ApplicataEI, 
. arcos y H fint cdam contimi^ 

C ITH. proportiiwialcs. lUudcrgoitade- 
daramr. Vt fcmidiameter A I 
ad remidiametrum A G j Ita eft arcos 1 H ad arcum G L per Pcop. 1 1 . 
Lib. 5 . Pap pi. Sed vc A I ad A G, due ad I E ( fiinc enim «quales A G 
-BTEIex liipporitioddjita eftEIadEP. £rgo vceftEIadEPnta 
dft arcns 1 H ad arcum G L. Sed per geoecationem Qu^dracricis » vt 
eftApi4icaMEI«aidEP|tcaeftarcnsIHadarcumVH. Ergovceft 
€ I ad £ P Mcaeft arcusl H tam ad arcom G L, quimad atcum V H* 
^quaibiergo fiint arcus G L & V H. per ^.Lib. 5-. Elem. Citan ergo 
Agitta AC » radius AI > & arcusG L fint concinu^ proporcionaks % 
Cootinueetiampropot tlonalcs erunc» A C» AL& atcus V L Quate 
iifdem poiitis. Si per G dcc. Quod erat pfobandtttn; 

CorolUrium* 

£x dcmonftracaone ]iutusProp.iequitur arcus lllos circulorum io»- 
qoalium, xquales cfle \ quorumradij angulis , qutarcubosillis ad cen- 
trum infiftunt vd arcubus ipnsfunc reciproceproportionales. Nam in 
eodem rchcmate ex eo quod fiunidiamcter A I ad remidiamccrum 
A G eandemhabeacratioficm,quamangulusIA H Habet ad angu- 
lom V A H i nuc quam arcus 1 H habct ad arcum V H : colledum eft 
arcum I H ad arcum V H,8cadarcum G Lcandemhabererationemi 

itBnidiamctrinn AC» 
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ic, vt arcus illi V H G L fint atqualcs pcrProp. Lib. j. Elcm. pa^ 
jKicem angulum I A H, fiuc G A L, qui infiftit arcuiG L, ad AOEuhua 

V A H infiftcntcm arcui V H eandcm habcrc rationcm j qut^ 1». 
bcc rcciproc^ fcmidiamcter A I arcus V H ad fcmidiamcirtifli A 6 
ardis G L : adc^ vt vcrum fcmpcr fic , fifucrit femidiameccr Almak 
ioris circuli I H ad fcmidiamctrum A G minoris circuli G L| Vt ▼idiL 
fim angulus G A L affumcns arcum G L minoris circuli , ad angulum 

V A H , a qno arcus V H maioris ciicuU. aiTumicur i aflumptpf arcus 
iliosGLtVHeil^iACcrlcxqualcs. . 

: VKOVOSlllO XXXY.Theorema. , 

SIccntTp AQjudratricispcr cias vctciccmC drculusdct 
cribarur. 

bico cius Quadrantis B C pcriphcriam arqualcm cflclinca; 
rcdac A I ad Axcmpcrp.cndicukri,(juac a Qiudracricc abfciq- 
dicur. * 

•t.^ t Ccntro A pcr I circuli Quadrans IH dcf* 

cribatur. Oflcnrum cfl Prop.3 1. rcftai A C, 
A I & peripheriam IH clle continu^ pro- 
portionalcs. Cum ergo, vt cft radius A C ad 
A I j ita fic arcus B C ad arcum fimilcm I H ' 
cxProp.ii.Lib.5. Pappi. Sitautem Alad 
arcum IH > vt A C ad A I : cadem eric ratio 
rc<5la: A I ad arcum IH i quae cft arcus B C 
ad eundcm arcum I H.Ergo pcr Prop.^.Lib. 

5 .Elcm. rcda A I & af cus B C lunc acqualcs. 
Itaquc fi ccntro A &c. Quod crat probandum. . 

Scholium. - 
; ^PropofitiohaiccoIIeaacfta Clauio ad finem Libri Euclidis cx 
tthabili illl Quadratrrclsfacultate ab eius primis Authoribus demou- 
imdtqua conftat candcm cffe rationem Quadratricis (agittx A C 
«^rcdam I A ad axcmpcrpcndicularem, & ad pundum I Quadratri- 
Cwterminatam : qux cft rcaac I A ad arcum I H. Vci um Qucmad- 
, ■*wm tcrminisanguftioribus Quadracrix ab iilis fuerac circumfcri- 
J»> vtpotc intra circuli Quadrantcm coilcaa : & ex ca ita dcfiniti^ 
ecdaA^m flicrat trcs lineas A C , A I & arcum I H Quadrantis c(£z 
WllliHic proporcionales ; ^ui cafus quidam lingulaiis tantum cft Pro- 

a } policionis 
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pofidonis vniucrfalis ad omncs radios &: Applicatas pcrtincntis , vt 
Prop, 31- fupcriorc decUratum cft -.Etex hac fiugulari proprictatc 
dcinccpscolleaumcftrcdam AI xqualem cffc arcui B C Itanunc 
iuuat candcm proprietatcm fua donarctotaamplitudine , &carum 
hunc fingularcm hac Propofitionc expofitum ad vniuerfale Princi- 
pium reuocare. Quod fequeptc Proporuione coaficio. 

' PROPOSITIO XXXVI. Tbimma. 

SI cx centro Quadratricis A pcr eius vercicemC circalus 
B Z C dcfcribatur: Tum radius quilibct A I educatur cir- 
culum BZ C fccatis ia Z, (Juadratriccm vcro m I : vndc Ap- 

plicata^QcacarlE. 

* Dico hanc Applicataml E:equalemcffcarcuiZC, qucm 
radiusAIabfcinditadpartcsvcrticisC ' 

« 

' DemonfifMtU» 

Cemio A per l ctrc^idusIH 
4e(cribatur. Qina igitur per 
Prop. > r, itaie l^etia^tta AiC 
ad radium Alivt fe habet Ap^- 
pUcata I E ( aut eq'am Appiicata 
I A <> vccaiiini praBcedemem hk 
furCus com^edar » ia quo AppU- 
caucum radid concurrit.) adar- 
^ ^ — i — 1 il A cumIH.VtaotcmfagttuACad 
:BB A £ C HH «•radiumAIjftaeftarcusZCai 
arcum I H fimtlem Ergo Applicatal E,£c accus Z C eaodem habem 
lationem ad atcum I H Quare per Prop.p. Lib.5.Eictn. aeqoales fam 
ApplicataIE|6&arcu&ZCinierradium AI,&Sagitiam A Cincerce- 
ptus i quiiquis taadcm (lacuacur radiiu A L Ergb vnioerfallcer Tcrum 
eft, (^j^ fi cx Quadracricis ccmro A dcc^ <2£pd eratdeOKiiiftmp^ 
^um. 

E^demfa^ruppofitione 6crchcmacis conflru£bioUe»piobandum 
cft Applicacam 1 £ xqualcmeflcrarcui ZC abfcinro per radium A \ 
Ducacur4pun£koI id diametrum gcnerantem A Lprodudam .icda 
IPperpendiculoris. Cumigicur apundoIQuadrakricisducatur rS'- 
diio»iA»6cIP«l daapwtrnm genemiitcm ATppr p eiwii c n to 

• * crit 




Digitized by Google 



Lih.lll. Qjiadrdtnce. 




crit per gcnerationcm Q^adratricis rcda 
A T ad redam A P, vt angulus T A C cft 
ad angulum I A C. Siuc vc arcus L C ad ar- 
cum Z C Scd pcr Prop. 35. arcus LC 
a:qualis cft redac AT. Ergo arcus ZC 
xqualiscrit rcdae A PpcrProp. 14. Lib. y. 
Elem. quaconftat, fi cjuatuor fucrintquan- 
titates proportionalcs j vc proporcionalcs 
funt A T . A P } &: arcus L C, Z C Prima- 
quc L T fit tcrtix L C gcqu.ilis : fccundam 



A Pacqualcm quoque fore quart^x, qua: cft arcus Z C. Cum ergo A P 
■ xqualis fic Applicata: I E pcr Prop.34.Lib. i .Elem. arcus ctiam.Z C ci« 
dem AppUcaix 1 £ as(^ualis eric. Quod crat probaudum. 
,"^V> " ■ CorolUrtnm. • 

HxhacdcmonftratiorTcconftac. Sicirculus BLC m partesquotcun- , 
queacqualcs fecctur ) & in totidcm lccetur diametcr gcncrans, cuius 
quartapars cft recla AI rpartes fingulas circuli fingulis partibus dia* 
mccri aequale^ ciTe i yc cocus circuluscft cocidiamccro xquaiis. 
: . Monitum. 
; Cemis, opinor, exprdcederitibu^ , qud derttirabilit \h$iiu4 injlexd line.t fo" , 
iultAtibus demonfiratafunt nonmodo mninanem a metibijiiperiiies datam 
fdem,fed etiam prdfiitam citmulate dum illa eius prope dtuma profrietoj a 
frimis illtus Authorihtis pra cateris obferuata , qud conHat ditalus re^is 
lineiSi nimirum Sagittdy drprimarid Applicatd , arcum J^adrantis circuU 
ftrterminumeiufdemK^pplicatddeftgnaiumtertium cffe proportiwalem^ 
vt Prop. 3 1 . retuli : ofienfm efi Prop. }i.sd ^uAfvis Applicktas eodem iure 
^ fojfe pertmere, (^fermMtsndorMthi^temhoMehsid ilUPftfofiti^ti. 
affeOst^s Sdffits sd ftummsAffliemtsm bt^Mekm rstimem s qums hs* 
hetrsiim sd mvms ehreMliferrMdij dr ^^s^sirieis feBioitem defcripti 
^fnteriffimrsMstmti^ AxmtnHreefti, DmitProp.iy Ofiendi fagittam, 
jipplieMtmm, mtemm tx AffUeatdtanqu/tm fnmdimitetro defcriptum» 
fmirem$dmradmm & Jtxmkiterceftmit , effe cmthmk frofertimales* 
THtm Prop. 3 4. anmm mRiim arm fridkio aqualem fuhfiitui quifiret Ssmtm ' 
ia & Applicdtatertiasfrofortioiiaiis, ZhimProp. y6, dmonfiraai rmmm 
qpemlihhaifmdin iXHfcuh ter vertiem ^adratrieis defcripte srcmm 
»qmiimii,qitaiidmrMdhm(iur^itur, AppiieMta: fnd ^ymptms itfefi 
Afflicatd fierMiMffinmiStVtprop.} 5. expofui, quatmdtMmetrogenermh 
Seemtidit , d^ferenmrmtrmsfit.Sxhis , inqmmt* tiKen^MtqMmitMMi' 
viterm Umef Mm MgmtMtm, Ueh iam mom mediocrm, fiat accejfto. fe^. 
• Jnmtmnt ttUMm sdkm itnge aptfliorm fieri comferio ex ^mdmit » ^iml 
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i^mitiiftir&iiUnmHUm Jrchimdem Heiitm mimi4ht imm0Hk: 
ptA imimfhiimi fmtk immM Oimarimm^ Gamiiridfn eitifws U9t» 
ftnpUm. 

Rmrs &fr£idtirifi ^uihstAimiiiiSpirAUsUtUMfiKi^MdhtMUl^^im 
- immiriiiiM9wd$imidipi^svifAfemferfitiiy qi^ mmm drmtmtmU^ 
iMb# ns uBm dfimJmiim Amkorjirtkimidesbmm fheorefi Arekinn- 
dfifitperioremiertii : dm re&mmiptemit emdmm^^mmdefmit^ etrmU feri* 
fktrid, dfimimdemmjfntt ahfeindiJ^Ugea , ^ud Heiicm qmuis in pun&9 
eemtittgmt, Vhhtt^nmtmmrii fertiffe ettMmmsim ndmrMimie digmm 
t^tfpifm cenfemhmte^pmmverfmm Unimm £iMdrmriem . dmnk 0- 
Uat.Himit Tmigeitte enrmm reOs Uttesdfimim rntitne lenge pUmori frd 
fikrhtxhiheri emiemfUAitm \ ne demtB/nttieiiieBiitlitUkt im bmimfi 
tmdi.The9remmihiisrmmtmbtndmeB , midmiirfrdtmii emtf.§riet.giid 
vttimrim profeqiutrmethodoy ^rofmeitdMiitfriims^mdetitrHeUeis generm* 
em ^uddrmrieis fuferim expofttAgener0ime eeufireitdM zexedfi- 
, fmitm vtriufque huius Uned eriginei qiid mfriittk dfims efitVtriufque mtt 
difimiiesfdeMitAtesnmfite voluftate Uemt.deineeft eentemfidrtjrqnmt^ 
quam , vtemfidbit^fuis ^ddfdtrix ita emientdfit ^ Vt dUenis dhHeUen 
'fititis edrerefdeiti foffit.Hde efi erpHeUeis IsteMter tMfenenddgenerdiie. 

1 PROP.OSITIO XXXVII. I>€/foi/ia. 

HElix, Voluta jfiuc linca fpiralis > eft curua quxdam li- 
neai quam ciraiii radius in orbeqn ciroa immocum ceii* 
rrum vniformi motu conuerfus donec adjinftinum ^cum 
itftitaamr & punAuma cemroillumcundemradiamcpdem 

tempofis fpatio dccurrcns defciibunc, 

txfofttio. ♦ 

Sic circii^l radius A B > qui circa centrum A quieuim cooaerti ino^r 

bcm conciputur allos & alios ciufdcm circuli radiosdeinceps occupSs » 
donec ad fitum priftinum, vndcdifceflit, A Brcftituatur :dumcodcm 
tpmporis fpatio puudum A radittm illum dccurritmotu vniformii it^ 
Ytad alterumciiirdem radij rerminura Bcodcm momcnco pcrueniat, 
«juoradius A B curfum fLuim ahloiiiit ,& ad fitum A Bpoftllminio re- 
greflTuscft. Eomotu pundum Alineam inflcxi ij AIFB vcftigiisfuiy 
dQfignabit a cenrro A cxortam, 8c ad mctam B tcrminat.im : qua; He- 
lix, liuc Spira Arcbimcdisin piano defcripta( aliae^ioieA^is ioMo^ 
.fiUeX^yiindro, auc cono esaiaca } nuncupari fokc . 




Hxcporro fplra vltra B 
prbduci potcft > fi radiui 
AB rurfus In orbcm aga- 
tur , motumtjuc fupcr co 
puodum curfum codcm 
modo peiagac, faftaquc ra- 
dij incegra hac couernoue 
Uoeam xciBeiirum fuerk 
pnoriiuiex AB xoualem t 
cunc eium fecQiida fpirx 
coouerfio I Sj^ perradus 
atkolii^ %erit j quam m 
iioc (cliemflce produdam 
vfque ad X iocueris 5 nec 
aUter tetria.» quardtve &c 
dei^iuui poteruDC.m jn^- 
liitiioB. ^ f 
' flabeshelids deicriptioocm mente conceptam : quim ^4 ft^txm 
haud xgrereoocare licebtc, ipfamquc defigtiai^eVf flt ra^im A k 6c 
. ' circolum, in parces «qoales vtrioque mulritadine pares diaiicris.tuni 
primo radio poft radium A B particulam vnam radij A B, radio (ecunn 
do duas, tres radiotertio &c.aflienaueris $ doncc tandememen(bor* 
be, numeriSqoe radiorom psuticolas omnes radi j A B exhauferis, 6c ad 
extremu.m cius cerminum B deuencris. Tunc enim pcr (Ingula fingu- 
lisinradiisde(]gDatapun£bacurudmlineam lcnitcr deduces, vclincas 
huiufoiodi anomalxcuruitacis dcducifolcnt, du<fl£mquececois hocin 
fchemace. Dengoationis huius ratio.apertioreft , quiim vt piuribus • 
expitcari dcbcat. Quo enim tempore radius A B partem primam cir- 
cuUemenfus eft, eodem puo^tum A partem primam radij primi 
cmcnfunnelleoeceiiecft : vttandem poftradios omnes dccurfos, & 
ad priftinum locum, vnde difcctrcrat, reftitiuo radio A Dimobilepuo» J 
Aum A vlcimam jparcem cadij A B «cciDgat , & io vitimo cius termino ' 
B conquiefcat, 

Radiusporro ABiure dicatur radiusprimarius,autradiusgcneransi. • 
fiue, vc quibufdam placct, tcrminus reuolutionis • line.xaiucm rcliquc 
A centro, fiuc fpirxortu A ad eius pcriphcriam ducl.T , radij cx morc * ' 
diccndac funt. Atquc hxceft fpir.x gcncratio, harc ciufdcm ex gcncra- 
tionis modo inftituta delIgnatio.A.ccipcnunc primaaicx ciMsgeocra*./ 
rioocdedudam propiicucem. 

/ . • • ^ ' PROP. . 
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PROPOSITIO XX^Vttl. ThewnM. 

SI a fpirac ortu A duo quicunquc ^ucantuir radij A I, A F ad 
[fitx periphcriaoi : eadcm crit ratio radaj A F » ad radiam 
AI:qua?cftanguIi» quem radius AFcum radio primariD 
ABconnner,ad angulum I A Ba radp akeco AI>&eoden| 

radio primario A B conccncum. 

Fiaec eftprknarpir^» 
exdus gene^atione imBie- 
diat^ dertuata propriecas : 
ex qua facil^ innotefctc* 
Cum enim eodetn temporc 
radius A B noocii voifbrmi 
circuium decurraciquo mo- 
biiopun^um A motueti^m 
V niformi racMum ipfum AB 
d um conuertitur > decucdc»- 
Qus fueric racio cempofis 
impenH ad cooueriioiieai 
radij A B dqnec ad radtum 
A F pcrueatac i ad cempus 
;i;>;t. impenfumad ciufdcm radii 
AB conuerfionem vfquc 
dum radium A I actingac : 
ctdem crittam arcfisiijcerradium A B, vnde motus iDitur,& radium 
A F intcrie^ki>adarcumintcr ABUc radium AI intcricaum :quam 
Tadij[ A F» c^i pars eft decurfa tocius radij A B , ad radium A I partem 
item radij A Bdccurfam.Sedcadem cft arcuum, 5^: angulorum arcu- 
fcus infiftentium ratio per Prop.3 3. Lib.(J. Elem. Ergo eadcmeft ratio 
radij A F ad radium A I : qux cft anguli F A B ( hunp liceat hoc in 
cafu anguliimappelbre etfi nullafuinciinatioliDcarum ) ad.a»gulufl:» 
. J A B. crac oftendendum. 




PROP^ 
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Lik 1 1 1. De ^sJfMnee. €§ 

PROrOSITlO XXXIX. Defiait». 

QVadratrixHelicicuipiamcohnataca dicituncuibscir- - 
culusgcncrans idcm habcc ccntrumcum circulo Hcli- 
cisgcneranccygcncransvcio diamccer aequalis c(t piimi^uo 
Heiicisradio» . 

Bxfofim* 

In eodem Diagranunaceeeiuro A circulus DF E icleicrtbanir fiim- 
ptft.eiusfemidiamecro A D fltqaali iemiffi radij A B «quo Helix geniu 
eft : vel cerc^ defcribatttr per F in quo Heiix radium A B produdDm- 
ioteriecac $ Eft Hquidem A F femiflis r»ilj A B,ciim mobile pundum 
A (emiflem radn A B decurriile debuerit» dum conuerfus radius A 1 
iemicircalumeuemenrus. Eric crgo drculi iltiusD F E diamecer D E 
aMjoalis radio A B : acque ade^intocparcesaBqoales diuidi pocerit » in.. 
quot diuifus eftidem radius A B:8c (imiliccrcircufus DF Eincoc ecia^ki 
diufrusfuertt>inqtiocdiuidicurcirculus Hclicisgeneranss &quidem 
pereofdem radios ^quibus Hclicis circulus diuidicur. Icaqueiemidia-? 
nsccer A D ( hscc cnim fufficic adfuperius Quadratricis oornu dcfcri- 
bendum,deqao.fblodeincepsmeDciofict ) in dcbicas partcs Z Z di- 
ftrib.uatur > perquasre^ae Axi A B parallelx , Hue ad A D pcrpendi. 
cularcs agancur^radios ex A emiiTos fingula^ fingulos fibi refponden- 
fes in O interfecantes : pcrquas fediones Quadratrix dcducehda crit. 
Hanc igitur Quadratrtcem , cuius diameter generans D £ acqualis eft 
radio Hcliccm geheranci AB,& gencrans circulusD F £ circa diamc' 
crum D £ aequalem eidem radio A B defcribitur : hanc,inquam»Qua- 
dracricemHciiciconnatam ad aliarum didindioncm» quarum idem .\ 
quidemcemrum A foret > iidemque radij circulos earum diuidences 
exiilerenc} fed diamcccr radio A B forct in:tqualis 5 nuncupandam 
cenfeoproptcr illam diametrDm D E , 8c radium A B a:quales,8c cir- . 

. cuIumDF £ codemccntroA defcripcum , &abiirdcm radiisinpar- 
tes aequales diftribucum^i quibusHcUcis circulusgenerans diikrl- ' 

. buicur. 

Cacterum, vc hjec harom duarum linearum affinitar., cariimquc gc'« 
ncrationisfimilicudoplaniusconcipiatur j expcdic paulo aliter quam 
Propofitione i.cxplicacumeft,linearum Quadratricem gencrancium 
mocum ordirl. Itacnim cicaca Prop. infticuitur, vc Arymptotus DK » 
. Icniimperdiamcuum gCDcrautpm D.£dedua(>donecadeiusccrmi- 
■ . / a nujp 
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6 6 Ltk lII.De §luaJratriee. 

num inferiorcm E perucncrit reodcmquetemporc femidiamctcr AP 
circuli gcnerantisconuercatur (ur{um versus doncc emenfo orbetoto 
ad !ocum AF pril^inum reO-ituatur. Quibus lincae D K , &radij AF 
fic inrtitucis mocibus fic , vt Qu.adratricis initium ftatuarur adfpatium 
inHnite diftans,ad quod fupcrius ciuscornu pcrcingereconcipitur, Cifi 
cut 8c infcrius , ablolutis mutibus. At quia (pirx dcfignatio inchoatur 
radio gcncrante A B furfijm vcrsusconuerfo, fpir.tque principium in 
coftatuicur : eciam apcius ad rcm noftramfuerit initium Qiiadratricis 
in clus vcrricc C (tatuerc : ica vt idcm radius A B fiue A H vtriufquc 
hncx camCiuAdratricis quam hiclicis dcfignationicodem cemporc in- 
{cruiat,dum vcrsusDconuercitur. Tuncautcm Axem F HQjiiadra- 
tricis parallelo femper fcruato ficu furfum fcrri per fcmidiamctrum 
A Dcontingctdonccciusicrminum D attingac, fitumqiie Afymptoti 
DKoccupcttradius vero AH coDucrfus codem iDflami ad axeqai 
A F fcmicirculo H D F emcDfo pcriicniac , cornuque Quadratricis 
perius long^toBinis immcDfx, ad cuius cerminum dux iineac paraEelx 
A^ympcocus D K, & Axis A F coauciiitcdicantur«exaracum fic.Qtia 
tempore exaracum eciam eric HeUds (egpoencum {upertus A IF. Vc 
vero cornu inferius Quadratricis amcinuaco illo motu dcngnetur, ra> 
dius A F deorrum versus conuercecuci^eodcmque momenco* Afym* 
pcotus D Kadakerum diametri ^coerands cermtnum £ cranfiiolabit» 
a quo vfqjuediun ad A perueoenc furfum fevecur ac candem^Axem 
. A C occupabic s dum ad eundem eodem momento perueniec radius 
A F pereurio femieiceulo F E H, ioojaique A Hf vjide prim&mdi(ee^ 
lerac , occupabic reiordem autem radij mocamobile puoftum A de^ 
firencis deicriptus erit inferior fpicx acGua». 

PRPPOSITIO .XL. Theorems. 

quiliberradius AG Hclicis producatur donec ootinatamt 
O-Q^iadxaciiccm (cccciaO a puniSbpO A[)plicaia duca^ 
^fOS. • 

' Dico hanc Applicatam OS xqualcm cflc Hclicis radio AG , 

Bfmonjfratio. 

Ducatur a punAo O ad fcmidiamccrum geDcrantcm A D perpcn* 
dicukri^OZ, fiue Axi parallcla. Quiiigitutpcr Prop. 38. eadcmefl ; 
ratio rndij A F Hclicis ad eiufdcm radium A G : qux cft anguii F A H., I 
( quicflduobus re(?lisa:qualis) adanguIumG AH: fiue .quaccftlc- | 

aucircuU F D H adarcum X JQ iii Qutae autem latio cft iemicircu f i j 
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ft radios AF ad radium AG, vt cft AD ad AZ. Sed AD eft 
tiqnays radio A F. Ergo A Z aBquaUs eft radio A G. Smt auccm A Zi 
& Applicata O S in r^angulo O A asqualcs. Ergo cquales eciam fy^ 
tnrflB raitt OS 8c AG. Quacc. Si quilibec radius &c. Quodcr^ 
.oAeadeiidnin. • . ,^ 



PROPOSITIO XlLriwrmn. . " 

Slccntro connatarQuadratricis A pcc ciurdemvcrciccm 
circulus C Y dcfcribatur. 

Dicpomncsr^diosipirx, vclut A G> abfcindere cx circur' 
lo C Y arctts ad parces C fibi «quales : ica vc airus Y C fic ra- 

dio AGxqualis. ^ 

Ciini Prop.j^.odenfum ficarA 
cus circuli C Y a quolibct Qua- 
dnoricis radio A O abiciflos^ 
xqiiales efle Applicatx O Sjk 
quxadradium adiungitur in puQf 
^Oitnauo Quadracricem fccac^ 
proxiina vcro Prop. Singulis Apr 
"ilVplicatis O S aequales oftenfi fiojS 
finguli radij A G r patct (inguloij. 
lK>(ceradios A G abfcinris arcubus YC acqualcs eile. £rgo. Sicencto^ 
«>nnacaB.Quadracricis &Cf QuoderacdedarandonL 

PROPOSITIO XLir. Tbmema. 

SI Quadratrirfpiraquc connarc Jcfcribanttir . 
Di o fcfcmutuo cangcrcinmcdio fcjnidiamctri Qia-^ 
dcatriccm gcacraocis pua^o.. 

Pr^pAYatio ^ Exfojitio, 
Sit fpira AIG, ciquc connata Qiiadratrix C lO.Conftat quidcm in 
prrimis vtramque hanciineam tranfirc per idcm pun^tum I, quod tne- 
dium eft femidismetri gcnerantis A D i ita vcinlhifariam ab vtraque 

iiaccuru^lioeadiuidatur. NamvcradiusAlicoAuerfus, dumad ra- 

l y dium 




Digitized by Gopgle 



6 S Lih. II I. De Quadratrice. 

dium AD, quifemicirculumF DH gcncrantcm bifariam diuidic, 
pcrucnit j italincaFH fitum feruans parallclum admcdiumlcmcdia- 
mecri A D eodcm temporis momcnto perucnirc dcbet, ac fcmiflem il- 
Uus dccurrcrci atquc axleo eandcm bitariam in co pundlo fccare dcbct 
Qaadratrix.Scdannonctiammobile punflum A , fpir^mquedcfcri- 
bcns medium idcm pundum attigifle debct j cum radius primarius il- 
lnd deferens ad radium A D pcrucnit ? tranfit crgo vtraquc haec linca 
caruapermedium punAum 1 fcmidiamctri A D.Probandum crgo eft 
ambas lUasUiieas ita in pundo Iconucnirc,vt in alio nullo pundo con- 
ueoiam, iiMlab inuiccm abfccdancDucatur radius quiiibct A O Qua- 
dratricis tam vlcra quiim cltral :6c4 pundo O ad fcmidiametrum 
A P duqacor perpendicuiaris O Z : acdenique cemro A per Z circu- 
lusdcferili|Ci|r,Isiieceilari6 traniibit per Hclicis punaom G , in quo 
caiiiilpdiftmisAO. NafflperPcop.40. radiusACvfpirx, xqualis 
eft Applicatz per O dote : qux^cqualiseft redat A Z. Ergo circulus 
perZ exceoao Adduieatiutianfic perG. His poficb. 

Radio qoocanque A O ad 
QuadiacrtGcm diido j 8e i ptliv- 
doO Id diametrum gcneraatem 
A D duAil pcrpcfidicdlari O 2L$ 
vt Unea A Z Applicatae pcrOdo- 
Bx aDqaali& definiatur : (emper 
radh» AO inTriangoloredaD* 
gulo A ZOmaior erit lateie AZ - 
Sed AG «ouatis eft4ateri A Z,; 
thm fic Ap(4tcatx per O dudae acquaUs. . Eigo nuRume&poceft Q|]»<' ' 
dratrids^pupdom • qood cxtra HeUcemnoo cadat^ Vnicum ergo eft 
vtfiqoe commune punduml» inqaoambas.iieGeirari^ conucnire 
pcbDacameft.Ergoineofcrcmutu^ cangam^ooiraotem fccanc : ciim 
Q^adracrix,vbi ab eo pundodi(ceditur>tota extra Helicem abfccdac 
Qttaie.Si Q<aadratrix»rpirilqoecomiataB &c.Qiiodecac probandom. 

PKOPOSITIO XLIIL 7k«r«j»iS. 

SI duorum arcuum B C » D F ladij A 6 , A D ^ ita iotcr £c 
fuerintivc reciproGe duo anguli D A F,D A £ iUis arcuboi 
infiftcmesi 

DicoarciisiUosB C^DFefle«qualG& ' 




Digitized by Google 



Hocipfuiiiqiiidem Corollario Ptop. 
34. obreruatiun eft. Sed, cilun vfbiiioa 
V mediocri foturum fic io iequencibus, jpe* 

culiari propoficionc cxponcndum vinim 
eft. Icaque cum Ac A B ad A O > vc angu» 
lusD A F ad angulum B A Hue ad an< 
guIumDAE : fic aucem v( angulus DAF 
adangulum D AEiicaarcus DF adar- . 
cum D E pcr Prop. 33. Lib. 6. Elem. ic« 
cric arcus D F ad arcum D E, vt radius A B cft ad radium A D. Sed ve 
radius A B ad radium A D i ica eft arcus BC ad arcum D E. Vc cx 
Pappp Prop. 1 1 .Lib. 5 ,colIed. dedodtur. £rgo per Prop.9. Lib.5 . Elem. 
zquales func arcusB C» D F. Quz «qualicas hoccciam modo colligt 
poccrit. Producacur A F donec in G arcui B C produclo occurrat. Ehc 
angufus D A F, fiuc B A G ad angulum B A C:ica ex hypochefi radius 
A B ad radium A D. Scd vc A B ad A D ita cft arcus B G ad arcum 
D f : vt aucem angulus B A G ad angulum B A C > ita idcm arcus B G 
cft ad arcum B C. Cum crgo fic arcus B G ad arcum D F , vc cfl: ad ar- 
cum B C j aequaies crunc duo accu&BC>D F pcrProp.^. Lib. j.Eiem.. 
Quod erac probandum. 

PROPOSITIO XLIV. PoJluUtum. 

POtcft datus quilibcc angulus ad alium qucndam angulum 
daram habcrc racioncm ; Acuc & arcus circulj ad aiium 
eiufdcm ciiculiafcum. j ■ ' . 

Exj>ofiti9. 

Minusacquum prima fronce vidcacurhoc PoQulatum.Si enim Au- 
gulus rcdus , verbi gracia , proponacur 5 qui ad alium angulum racio- 
ncm dcbeat habcrc fub-fcxtuplam : quifnam fimi us cft ille an^ulus 
rcfti anguli fcxtuplus,cum fpatium ad plani alicuius pundum^confti- 
cutumquatuortantum rcdisanguii5,quosduaelincae fefc in eo pundo 
perpendicularicer decuflancescontinenc,acquiualerc pofiic ? nullus er- 
go angulus reAosracionem ad alium qucmpiam angulum babcrc po- 
ceft miaotemqu^ fub-quadruplam > velcpDcr^ nuTlus angulus ad re- 
Aumt ratiooem maiorem qu^m ad (ummum C^uadruplam. A (Tcro ta- 
niea «quiflimum eile Poftulatum hoc , 6C vt euidemlffimum^ £ rcde 
iociellsg9tur> in Principiorum jMimenimicfaKi debeKC* 

Notao. 




70 Lih.IlLT>e Qu^dratrice. 

Notaiidum igitur non parem angulorum , fic rc£larum lincarum 
ciTe rationem. Rccla enim quxlibcc linca ad aliamaliquam,datam po- 
tcft rationcm habere abfquc omni cius vel totius, vel alicuius eiufdem 
p.irtis rcpetitionc; quseinangulisncccflaria eft. Difparitatis ratio in 
eo vcrfatur : quod rcda quxlibet jinea poflit in maiorem, & maiorcm 
fine tcrminolongitudiuem produci,e6quc modo itadctcrminari,vtiii- 
icgra 6c non concifa ad alteram rc(flam> rationcm quancunque dacaai 
h3)cat.At Anguli, huiufmodi incrcmcntum non admictunt. Cum ao- 
guiorum amplifllmus quatuor rc£bis ( fi tamenangulus jdici queatillc; i 
qui lineis linearumquc omni inclinatione caret) fic jtqualistVcrom tt» I 
men, fi angulus quilibetrepetatur,quid obftatqainita , quoties resfe- 
rct, rcpccitus ad alium datum angulumdacam ratuMiem habcac ? H6c 
ergo fcnfu pofitum Poftulacam aSfenfum meretur , nec reiici^otcft. 

Pareftarcuamcialdem ctrculicao(a : neque enim poierit aicay 
quilibetdacusad.aliom eiofilem drcoli avcum quamlibet datamr acio- 
nem fen3are»nifi tepetatur,vel«otas ip(e drculus, vel quaed^ eius pars: 
vcfi iextacircolarisperipheriac parsdebeac fub-decuplatnL racionem 
habere ad aliameioulem drcoli peripkeriam : id abiblaenlt, fi toti pe- 
ripherix ( qaaciextuplaeftdatxparcisrextz)addanturquatuor panes 
\ item fextx, vt fiac arcos decuplos pards (extae , ad quem pars Cexu cir 
tionem datam (ubdficoplamhabere poffic £ft ver6 inter angulos & ar- 
cuscircuibrom difparicasqoacdam. Nam drcuU cuiufuls arcui, vel 
eciamtotidps peripheriac veiremel vd plurics fumptaB dari poceft 
xqualisfg;COsalteriascircuU,vdaliam quamlibetad eum rationem 
h£ens,vc Prop.43.proximc ancecedente declaratum efl quod angoltt 
non conoenic: Quilibet (iqu idem angulus fua in fpccie in6ma icacofr* 
fticuicor 8c completur per difFerenciamtdis aattali^duarum linearuffl 
eamcon(lituentiuminclinationis,autearum motoi ad inoicem ficdsjn 
aliusnuUusabe<^diuerruspo(&tciefiiQ£milis:contraqu4m in circulis, 
aut circuloru m ar^cubus conttngac \ omnes enim circuli,circulortoque 

Eeripherix (imilesiunt, &earumarcus , varios habent aliorum circu- 
>rum arcus (imlles , qui acqualcs non funt , fcd quamlibetrationcm 
incer fe habere po^Tunt. Atquc cx hoc Principio confcquitur, vt ad fi- 
<Turarum planarum rcdilincarum fimilitudincm, vt cx Defin. i . Lib.6. 
Eucl.conftat , requiratur ratio laterum xqualis 3 qux eadem in lateri- 
■ busvalde inxqualibus fcruari poteft : dumangulorum icqualitas rc- 
qoiritur.eo quod nimirum nullusangulus alium fibi f milcm agnofcac 
prxtercos,qui fibifunt xquales. Atqueitafigura ad figuram iimilitu- i 
dinem pcrfcclam habcti fiomnia quibus vtraque conftat f quxalia 
non funt prxtcr: aogiUos ^ iaccraj iim fimiiia .* anguli fcilicet fmt 

acqualcs, 

'* I 
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xquaies>£c Ucera proportionalia. Qox {IncoUccr>6c cxoccaAonc 
dida. 

PROPOSITIO XLV. PwtoufA 

DV6ta quacunqoe linea ad Quadratricem ex eius ccncrOj 
cique adiunfta Applicaca : deicripld icem ez eodem 

Quadracricis ccntro,per fc6lioncmciufdcm,du^iEc^uc linca:, 
circulo : rcperirc arcum circuli opc tum Quadratricis, tum ci 
connacae Hclicis ^ ad qucm ica fc habcac arcus dcTcripci circu- 
U tnccir Axem&dodlam ad Qoadiacriccm lineam inccrce- 
ptuis i vc (e habec Applicaca ad dodam illam lincam fiue ra- 
dium, cui adiunda cil. 

» 

, Sic in figura 5 1« ihftar omiiiam Quadratrix C I O » eioue comiaca 
Hepz A I G : cuios ladiusgeneraos iic A L^idcm qui eft Qoadratricis 
Axls. Ducacur autcm exoeocro Quadracrtcis A ad ip&n cadius qui- 
• Otnqoe A O :cui adinogatur Applicaca O S ad Axem pcrpendicula^ 
'm : ac dcntquc ceotro Apcff O circulus' deicribanir Quadcacricis 
AxemfecansinL. 

: Quxricur arcus huius dcfcripci per O circuii,ad qQCm icaie iiabeac 
arctts O L iticer Axem 5c dudum radium A O incercepcus j vt fe ha* 
bec Applicata O S ad radium A 0:qoflBrtcor aocem adliipicsi cum Qua« - 
dracricis» comHclicis oper^. 

ConftrHiiio ^ DemmftrMiu. 
£x gcneracione Quadracriciscra^ac^shuius micioexponc^colligi^ 
tur vniuerfaieProblemajCiufque (blutlo: quo poccd impcrari , vcdaca 
quacunque racionc duabus rc&is lincis exprcfssl, du(fl6que quouls cir- 
culi arcii ; arcus inueniacur , adquem dacus arcus dacam haDcac racio« 
ncm. Sed hocicavniucrraliterpropoficumProblemi ad hajic hypo- 
thcfim rcduci ncceflarium eft. Vc quac deinceps ad eam pcrttncncia 
veniunc cxplicanda , racilius , clariiirque & tradancurficpercipiancurs 
ca prxfertim, qux Heliccmintec & Quadracricem eft ruauua con- 
fcufio. 

Etfi porr^ poflicadProblcmacIshuiusrolutlonem intcgraQuadra- 
crix fuo duplicicornu ininfinicumproduiflo conftans adhiberi j vni- 
cum tamen ex fi:micircuIo gencrante,6c gcnerante rcmidiamecro [«ro . 
du«flum,quod .fuBpUcitts cradari eomodo resjooibra videacur, nec 
. ' , . . . ^ 0 K . Tcrumquc 
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vcroiiK|ae illud coma exig^t , adunio. Sic itaque Quadcacrlcis (eiiii« 
diametergetierans A D» quam quidem Applicaca nuJla O S poceft ex' 
cedere. Vlcimaenim(^adcatridsAjppIicaca,qu»iafiQitolpauo di- 
fbc, xqualls caocikin' efle poceft httic femidiamecfo A D. Ac ver6 ra- 
dius A O breuior,vel lon^oreile poceft ,.prouc ad Quadracricis pun- 
&umaliquodyeitidpropius,vel remodusadmouetur. Poceritergoin- 
cerdomradto generance-Ai^effi; breuior,alii$eia:qaaIis,sltiseodenr 
bngior. 

Prim& itaque (ic radias ifle A (> 
minor Hdio A D:8cperZ ioqoo- 
circulns^r O du&as(emidtame- 

trum gcncranrcm fccac , ducatur 
iineaAxiparallela ZT ^^dcar 
criccm rc!cax^ii&T:pcrqiiio3|ida<- 
dum T cducacur h cencro A ra- 

^^J^ — Q ' ' -i diusfccans inV drculuro pcrO' 

' dcfcripcum, aceomAxcALtn- 

lerdpiens arcum V L. Dico arcum hunc V L,cume(3e qui quxricur: 
ad quem fcilicecarcus OLica fe habec $ vc Applicaca O S fe habec ad 
radiiun A O. R.acioapcrcaeftex generatione Quadracricis. Nam Ap- 
plicata O S percinec ad arcum O L i re£ba vero A Z aequalis eft AppU- 
catas, quae per T ad Axera duceretur perpend iculariter. Vc auccm fc 
h.abcnc Applicatx, fiuc AppHcatls xqualcs O S, AZ fiue A O \ ita fc 
habent arcusLO, L V illis Appiicacisdebtuper Q^iadratrids gcne- 
rationcm. 

Quod fi addcccrminationemeiufdemarciisV L fpiram vclis adhi- 
berc: cccc quam cxpcdicn fitilliusope dctcrminatio. Circulusjcnira- 
illcccntro A pcr Odefcriptus fplram fccac in puncftoV, ita vt nrcus 
L Vab Axe Q.uadratricis tnchoato (qui idem efh ctiam radius fpirx 
gcncrans ) 8cin confequemiaHclicis tendcns vfqueadfcd:ionem V 
circuli & Hclicis, ita fic ad arcum L 0)Vt cft Applicara O S ad radium- 
A O Quadratricis. Ratio cft : quia radius A G Hclicis , qui ab ipsi- 
abfciuditurexQuadracricis radio A O, xqualisefl Applicatx O S per 
Prop.49. At pcrProp. 38. ex ArchimedisPropofitlone 14. petitam, 
itacflarcusL Vadarcum LO» vc cft radlusHelicis A V ad eiuldcm 
radium A G,hoccft , AOadOS. Itaquchoc inprimo calu: in quo 
fupponicur Quadratricis radius A O rainor femidiamctro A D Qua- 
dracricem gencrante, rcclc deflnitus eft ope tam Quadratricis, quani' 
Hciids^ Arcus qui ^scrcbatur. Idcm ia reUq^iis ^ra^i|^us. 




Liher 1 1 /. de Quadratrke, 

Sccund6. Radius AOpro- 
poni potcft huiufmodi , vc gc- 
ncranci fcmidiamctro A D fit 
a:qualis. Qi^o in cafu afleroar- 
cum L O ita fe habcrc ad fcmi. 
circulum gencrantcm LD 
_ vc cft A pplicata O S ad A O, fi- 
uc A D. Nam fcmidiamctro 
gcncrauti AD, vtcx gcnera- 
tiouc QuadratricisProp. i. velProp. yp. expofitaconftat, rcfpondet 
{cmicirculus totus gcncrans : & vcr6 id vel ex co patcc , qu6d fi per D 
ducatur rcda Axi parallclaiquac Afymptotuseft, dcbcat fccarcradium 

A V produdum, vthabcaturpunauni vltimumTQuadratricisquod 
infinicc diftat, 6c cx co Quadratricis pundo duda ad Axem Applict- 
taacqualisforcc gcncranti fcmidiaxnecroA D. Cum ergoarcus L D O 
ad arcum L D V ita fc habcat} vt A pplicata O S arcui L D O dcbitam 
adfcmidiamctrum ADfiuc AOAppIicatacacqualem, qux fcmicir* 
culo LD Vdcbctur : patctitacfi^carcumLDOadarcum fcmicirculi 
L D y i vt cft ApplicataO S ad radium A O , cui adiungitur. In hoc 
crgofccundo calu , mquoradius A O ponitur xqualis fcmidiamecro 
gcncranci A D, ope Quadratricis dcfinitus cft arcus L D V ^d nn^rv. 
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e|urdcmcircu!iducatur,eius diametereft, &femicirculum L DV 
ablcmdit. Idco autem Hclix pollto radioAO squali fcmidiamfrr!. 
gcnerami A D cum abfoluto l^emicirculo L D V concurrit : quia ci^m 
radms Hclicis Quadratrici Connats ex Dcfinitionc debcat efl-c eon? 
I,s D.ametro gcncranti Quadratricis : eritfcmiins radii illius j",": 
fcm^,am=tro gcncranti A D , fiue A V. Quare cx conftruaionl fp 
rx, mobilc punftumfpiram dcfcnbcnspercurriircdcbet fcmiircmra 
dij fui, fiue diamctri generantis Quadratricem iquandoconuerfusra" 
dios in orbem fixo eius termino Afemicirculum percurrerit Ounl', 
vt Hclix Axcm fccet in V,in quo cum fecat fcmicirculus; atquTadeA 
fclc mutuo in eodcm ptinao V.fcmicirculus L D V,& Helix intcrf 
cenr. Qi.o pofitooftcndetur, vt in priorecafu.itacircarcum L DO .ti 
^micrculam L D V * vt Applicata O S cft ad radium A D, Le ? V 
Nam fpira cx radio A O Quadratricis, radium A G abfcindit «aua' 
lem ApphcauO S perProp.40.Scd « radius A Geftad«diumA v] 

K 
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iticft arcus L D O ad araim LDV fcmicircularcm pcr Prop.jJ. 
Ergoctiamvtcft OSad AOiitacft arcusLDO ad arcum LDV. 
Qjurc in hnc ctiam cafu , in quo radius A O ponicur zqualis ixxa^ 
diamccio gcacraoci Ap,iiiuciuus cftquxiicus arcus. 

Tertio radius AO 
ad Quadratriccm c 
ccntro A cmiftus , ma- 
ior fic lemidiamccro 
Quadratricis gencrantc 
AD , atque adco pcr. 
punftum O defcriptus 
produftam (eipidiaiBe- 
2 trum generaatem AD 
fecec m Z. Hac erg» 
ftat;ut& hjpothefi Pcp- 
blema loluecar ope 
Qnad ratrictSitum adhl^ 
bici Hclicc. Exceflu» 
D Z , quo radius A O fcmid iamccnim generantem A D fuperat » ta- 
pcr cadem rcmidiameiro AD rcponatur cx ccntro A vfque ad Y : pct 
qnod pundum agatur Axi parallcla Y X Quadratrici occurrcns MlX*' 
Dcniquc cx pundo X per ccntrum A lincatraiieiatur occurrcns in V 
circulo L Z O V. Dico arcum L Z O ad arcum LZO V candcm ha- 
bcrc raiioncmiqiiam habei Applicata OS ad radium AO.probacur.Vc 
(c habcc fcmidiamcccr gcncrans A D ad rc<flam A Y xqualcm cxccf- 
fui DZ radij A O fupra fcmidiamccnmi gencranccm j ica fe habcc 
femicirculus L Z R ad Arcum L P. Probacur,quia fi circulus ipfe gc- 
nerans, qui pcr Ddcicribcndusforcc rcipsadcfcribcrccur : cius fcmi- 
circulus ad arcum , qui a lincis A L , A P intcrcipcrccur , ica fc babe- 
rct pcr Quadratricis gencrattonem i vc fc habct A D ad A Y. Scd 
cum dreulusLZ R flccirculo genefanc» conccncricus , (uBiiiter fe- 
cacurinP«vccirculusgeiieransiecareniriceftaAP. Ctecrgo ie» 
ITcremicirculusLZRraarcnmLP, liueeixqualemR. V oppoiicum> 
▼ceft ADad AY9 fioe ei xqualem D Z. Conqponeiidob Ica erie 
AZadDZiwarcusLZR. Vad arcum RV. £c per coBnerfio* 
nem ratibnis. ka eric A Z ad A D » n arces L Z R. V ad femidreolt 
peripheriam L Z R. Eft aucem A D ad Applicacam O S » vc femtctr> 
cu]iLZR.pcripheria ad arcum LZOci geaeratione Quadrairicts.. 
£rgpexae4°alicat& Itaen^AZadOS^vtavciifiLZRVad arcum 

JlZOw 
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. , »> . ■ t LZO, yt hociclienia tdttL Ec inuertendo.' 
AZ LZR.V Imeric Applicata OS ad AZ»fiuead fiSKliaor* 
AD LZR. AO,vtarcusLZOJttlarcumLZR.V. Reft^ 
O S L Z O igitttr hoc modo repercus cfl; arcus L Z R V $ ad 
. qucm ica fc habct arcus L Z O > vt AppIicataOS 

(c habctadradiam A O. Quodope Quadratricis praeilandum erat/ 

Scd hoc ipfum nanc perHdioeminueftigenius > €c quidem via lon- 

gebrcuiori. 

Dcfcriptuspcr Ocirculusfpiram fccetir^ V. Dico arcum LZV 
cum cffe , c]ui quxritur t adqucm fcilic^t ita fc habct arcus L Z O j vc 
applicataO S fc habetad radium A O. Nam cx gencracione fpirx 
Prop. 37.dcclaraca & pcr Prop.38. ex eadcciu(5lam. Ita fc habcc ra- 
dius A G fpira: ad radium A V j vt arcus L Z O a radio A G produdo 
ab ciflusadarcum LZ V. Sed radius A G xqualis cft AppIicatseO S, 
& A V acqualis radio A O. Ergo , vt O S ad A O i ita cfl: arcus L Z O 
ad arcum LZV. Siuc cciam ad (emicircuIumLZR. vnacum aicu LP 
iuper lemicirculi L Z R drcuaiferenti& repedio. Acque ica cxhibce 
fpira eundem arcam L Z V qaaefitum. 

Hace^ldemmethodafemper inquiretur arcus iHe LZ V femicir- 
^culo maior adhibiti tum Qjaadratcke tum fpiral doncc ad alceram (e- . 
mtcircalum excreuerit :quod fiec per Quadratricem excefiu DZ» 
fiue A Y radij A O fupra iemidiametrnm Qaadracricis generaacem 
A O (empercrefcenteilonecY actingacD , & radius A O aequalis fic 
iduplaefemidiamctro gcneranci A D, fiue aK^ualis toci diametrogcne- 
riaiici : quo in cafu Hclix cmenfo orbc integro p^imam periodum ab- 
fblueritj Scincodcm Axispun^oL concurrenc , fcfequc incerfeca» 
bunt ipfa & circulus ccncro A , & femidiamctro A O ,quz fit gcnc- 
ranci Quadracricisdiameiro» fiue priourio Hclicis radio xqualis , de- 
fcriptus. 

Qu.artc>. Si radiu<; AO exciterit maior,quam dupla fcmidiametcr 
gencrans A D , fiue quam coca diametcr , aut radius Helicis primarius 
AF ad qucmterminacur primacins rcuolutiotvc habeacur quxHcus 
arcus ad quem ita fc habcac arcus LZ O i vt applicaca O S fc habct ad 
radinm A O : non alia cft inftitucnda raciQ , quam quac proxim^ tra- 
ditaeft jcumradius AOmaior proponitiir gencrantc fcmidiamctro 
A D- Sumcndus fcilicct cft cxccflus , quo radiui A O binas iam pcr- 
carfas fcmidiamctros A D fuperat , & fupcr fcmidiamctrum AD rc- 
ponendus a pun^o A vfque ad Y *. A quo punAo ducacur reda ad 
' ipfaoxi^emidiamecrum AD pcrpcndiciiiarisjfiue Axi parallclajqus 
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in X Quadratrici oc- 




currac : turn pcr X cmit- 
tatur cx ccntro A reda, 
qua: in V circulum 
L Z O M fccet , & ar- 
cum L V cum Axc in- 
cercipietj qui addendus 
critadduos iamdccur- 
fbs (cmicirculos , fiuc 
adcotamcirculuai LZ 
O M » n iiac arcus 
LZ M L V drcalo ma- 
tor } ad qucm arctis 
LZ O tca ieliabebit» vc 
feiiabecAppIicau OS 
ad radium AO.Eadcm' 
autem cft , quac priusin tcrtiocifu allataeft dcmdnftfatio. 

Eft fcUicec Applicata O S ad duas iemidiamccrosgcDeranccsA O 
vni cum AY (hoc cft,|ad radium AOjquiduabus fcmidiamc- 
cris AD,&lincxAYxqualis ponitur) vt arciis LZO Applicar» 
OSicfpondens^adfcmicirculosduos intcgrosjqui duabus fcmidia- 
mctris vclut AppUcatis rcfpondcnt j & practerea ad arcum LV Appli- 
catx A Yrefpondentcm^hoccftad arcum LV vna cum toia pcri- 
phcrla totlus circuli. Licet enim circuius L Z M > circulus gcncrans 
non fic , ncc ad hanc Quadratricem pertineat : Anguli tamen ad cen- 
trum A abhislincis conftituti , vtriquc circulo fiint communesi &, 
vtfupra iaro monui , rimiliterfccanturcirculi omnes circulo gcneran- 
ciconccntrici. Augeturcrgoinhoccafucircumfereniia totius circuli 
LZMadditisarcubub ad ipfam, vtaddituseftarcus L V ca rationc, 
qua radius A O longior fic , longiurquc a ccntro A Quadratriccm fc. 
cac ; Qui quandoduabus conftiteritdiaaKtrisgencrantibus , fiue qua- 
tuorlcmidiamccris A D ihabebuntur Avo circuli LZ M incegri : ad 
quos aicos LZO eandem rationem habebic i quam Applicaca O S 
luibitoraeftadrailiam AO. £t 

itaininfinitum) vtaugcri poceft ra- 
4nit AO>augebitaraicasper KpetidiaiiefficitciiULZM^ad qucm 
itaie]iabetaicnsLZOinAppIicataOS&,hdbetad radium AO. 
Atqoe eadcm leoiper methoda arcos tOe qajcfitus umotefi^t opc 
Q^dratricis. 

Acope Helidsideiiiatctn L Z M Y tnuenietur prodadl/pir^ vltra 

priauisi 
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primamruamperiodamadixi5pQ0dttm F abrolucam ,donec circu. 
lumperOdccripcumfececui V. Icfteiiimeum feduraeftrvc arcus 
L Z O adaccam L V rufflpcom verfbsconfeqaeotiacam wtk circum- 
fecemi&LZMeaiidemhabeacracionem>quam]iabaApplicaca 
ad radtumAO 9 fiacHelicUcadias A G ad cadmm A V^qui doo ra* 
di j doabas UneisO S > A O fanc cqaaies » naliqaocief iam eft explica- 
cum. Acaoeeademfemperfucuraeftcum ceaftraftio per Hdicem, 
cum ei us dcmon (Iracio » vc 6raftra aliis caiibus , qui repeciciones plures 
ciiculiLZMpoflulanccxponendisdiucius immoremur. Voum ca« 
- men , qui non nifl iemel occurric , acciDgere necefle eft. Is cH: cunar 
. A.pplicaca,6c cadius ad Quadracricem du^us fimc aequalesiun^ ambo 
' ma cadt^mquclinea. Boiilum. 

In fchcmacis omnibus proximc allacis ( fecundum refumo) fcmidia- 
mccer gcncrans AD ad Ax^ in A perpcndlcularitcr dudla, Quadratrl- 
ce fccat !nI',quoin pun<fto H -lix ipfam cangit,vtProp 41 dcmonrtra- 
cuefl. Hoc crgo incafu cade linea Al &radiuscfl: Qiiadratricis,& ad 
illum radium adiun^^a Applicatai radius quidem ,quia a ccntro Aad 
Quadratricc duciturjApplicata vcr6,quia ad Axcm pcrpcdiculariccr 
ducitur a pudo I in Quadratricc a^rumpco Hoc crgo in cafu^fi dcft ri- 
ptLis fbrct e centro A circulus pcr 1 ( dcfcriptum concipe ) fi ficrec vt 
Applicata AI ad radium AI» ica ar<;usilliuscirculi inierradium AI,& 
Axem A C incerccpcus adalium arcum-: haud dubiumquin ille idcm 
arcus haberecur, ftue per Quadracricem , fiue per fpiram ineatur 
conftrudio^ Nam arcus il]pi^ram in I rol£km (ecarec $ & arcum incec 
Axem iDfimimec pun^um I Helicis , qai Problemaci facis&cece de* 
Bec , non aliam i priori arcu diuedfum exhiberec. 

Du£to ergo quocunque Quadracrids radio AOarcum LZVexld'- 
buimus,camperQuadracricem,cum per Helicemiad quem ica 9e 
habec ArcUs L Z O a radio A & ab Axe inteccepcus} vc habec AppU- 
, caca O S ad radium A O. Qaod przdandnm erac. 

Sch^Um, 

la Propofiuoaishuiusdecurfu qoacdam occammc , quae obferuaf- 
fe non pcenireat , qaasquead planiorem eorum > quae vei ha^enus al- 
laca funt, vel func deincepsaftcrenda, cognitionem aflequendam non 
mediocriter conducunt. Primum cfto , Quadratricis radium AO 
nullum vnquamtantac fore longicudinis , quin circulus cx ccntro A 
pcr eius alterum terminum O dcfcripcus , connatam Helicem multi- 
plicatis g\'rationibusexplicatamaliquandofccet. Etfi cnim Quadra- 
triciscornuredaquaiiviain in£nic^mporrigacur>Hciix vcro con- 
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qriin varias rcuolutioncs col- 
liganvtcoe tamcn gyrationibus 
poterit promoucri,cum plu- 
resecpbiresiiiiri nihil obdct» 
vt de puiiai alicuius ful diflan. 
tili cencio A Cttm Quadra- 

ttw» oottteiklac. Sccundum, 

C S radiorum Quadra- 

cridsApplicacas ab Hdicede- 
fiiuri,nrupriProp.4o. odcnfum eftseamque eiSe omnium maxi- 
mam,quaeex Axeab Helice abfclndicur : quam ^equalcm e0econfiac 
iemidlamcciogeneramiAD, ad Qttadratncispundumpcrdnece;. 
inqao.fecacurab Axe>quod nufquam fieri potefl. Tertium ctrco* 
lum centro A pcrcxtremum radij cuiufuis terminum O dcfcriptum, 
H wlicem fedurum in punclo , quod fit terminus tot Hclicis periodo- 
rum ,qnotdiamctros generantcs continet Quadratricis radius AO. 
Quod fi prxter diamecios prxcifas, aliqua pars adhacreac ciufdcm 
diametrigcncrancis3 periodorum numeroarcus proportionalis addc- 
.tur. Acquc ica fi radius A O jcqualis praccisc fuerit diametro i^enc- 
ranti circulus,cuius fcmidiamctcreft A 0> Hcliccm fccabit in iplo vl- 
limoprimx pcriodi tcrmino,qui in Axc rcpcricur. Si vero radius 
A O prxter diametrum generantem , quartam , vci bi gratia , & cius 
partem contineac j clrculus pcr O defcriptus non ant^ e(l Hcliccm of- 
fisnibrus, quam poft pcriodum incegram,6c quanam inchoacx fc- 

Suencis periodi partem. Eodem modo fiduabns» cribus., quatuor &:c 
iamecns gpnerancibus conftec radius A O , HeUcem (Mabit duab us, 
cribus, quacuor &c. periodis abfi>]nris : addidt eciam ieqoencis reuol u ' 
cionisarcu proporcionali» fi practernumerum praBci&mdiameccorum 
generanclum radlus A O parcem aliquam diamecri conrineac Qwe 
oinnia ex proxim^dicHsProp. antecedenct apercaioncfaldib camen 
menciinfigenda^n fi^QC&tibusinfeniiantaaqtnBniiBcpefgo. 
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SI centro A Quadratricis circulus dlefcribaair connatai 
Qua(iratricem & Hcliccm fecans illam in O , hanc in 
Axcm vcro in L : 8c ducantttt ad V &0 radij A V ^ A O ; quo- 
fumbicadQaadracncispundum O dud^us HcUccm focec 
ioG:«cciuidcaiperGcirciilusR.GPdefi:ribacar. 
' Dico huius circoli arcum R G P inter Axem A P » ae He* 
licis radium A V intcrccptum , «qualcm cfle arcui O £ L 
€cc Axcm A L » & Quadraccicis radium A O intcrcepto- 




Tkeorema hoQ 
ad omnes iUos di- 

oerfbs ca(iis » qi]| ^ 

propofitioDC antcf " 
^deciexplicaci su^ 
extendi aebcc , 
qise illis omnibus 
incelligi i (luc circu- 
lus in O Quadratri- 
cem fecans H;lici 
■pccurrat in V antc 
ab(blutam primam 
giracionem ( qualeoi 
caium indar ca:ce* 
rorum omnium ht^ 
adhibeo ) (iue pod 



icademenim cft omniui^ do- 



1*- V*, 

i3^>(bJlMtam , Gue poft l^gcas 
quAm iicniftiaia 
Quam fa^ooom habec arcos LE O ad atcom L£'0 V ; eaiH 
dcm babet arin* PFG aicum PF OR • hi eoim^aicas ittis fooe 
:&igaIi4ogiilii^ttiles. Sed vt arcos L£0 & lubai ad arcom 
it.BO Vi iiHLie.habec saih*ln AG H)(H<^^ ad <^«lractids 
diom AO>TcexpraBoedeoceProp.cob(faci£f^iae& aicosPFQ 
adarcomPFGR,acqQeadeoper Prop.33. Lib.^. £lem. Aogulos 
.P.AQt^aogolomPARineftradiosAGadndtomAOL Hinc 
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fic»vtao|diisPAG»fiaeAoguIusidemLAOicafefaabeav a<l an- 
sulDmPARsvsrGCiprQC^huitisangaliFARfadios AG>fiiielanss 
alcenim.ipriimaiigqlomPARooiiriDeiis^feliabec ad radiom AO 
•ngukim LAO condnenteaL £i^perProp.43.«qaaIesrunc arcus 
LEOfficPFGR.. Quod idem tca ctiam concludi poteft. Ica eft 
arcusP F G R ad arcum (imilemLEO Vs vt eftiUius radius A G ad 
huius radium AO. Sedperprxccdenccm Prop. vt cft A G ad A Oi 
ka eftarcusL E O ad arcum L£ O V. £cgo ica eft arcus PF G R. ad 
ftrcom L E O V 5 vt ad cumdem cft arcus L E O. Ergo pcr Prop. 9. 
Lib.5. Elcm. arcus PFG R, 2c accus LEO funt ioccr fc xquales. 
QStte. Si cenuro A Qc^adcacricis &c. Quod erac probandum. 

rROPOSITJO XLVIL TiraivaM. 

* 

Iirdem poficis, Dico arcus P F G , P F G R > flue ei proxime 
ofieolbs arquales arcus L£0> L £0 V «efic coHtinii^ 
proporctonales» 

' - ArcttsPFGfca 

eft ad arcnm.PF 
GRjVcarcusLEO 
adatcumLEO V 
( iunc enim arcns 
(imilesad arcus fi» 
miles. ) Scd arcus 
PFGR oftenfuf 
f: cftpr^cedeccProp. 
sequalis arcuiLEO. 
£rgo ita eft arcus 
P F G ad arcum 
■ LEOi vc LEO, 
fiuc P F G R , eft 
jc ;. ad arcum LE O V 
' luntcrgo arcus illi 
continue prapoccioiialcs. Xcaqoc. lifilem poficis to. Quod crac 
pcobanduaib 

PROP. 
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Lib. 1 1 1. De Qufidratrice. ii 
PROPbSiTIO XLVIII. TUmiM fir4npgnc. 

S\ cotinaiae Quadratr» & Heliz defoiptae (inc:circalu(qiic 
LO V ccntro A dcfcribatur vtramquc fccans , Quadra- 
triccm quidcm in O , Hclicem autcm in V :ad quat punda 
cadij A O , A V ducaDUit :ducatar demum ad fadium A V 
^rpeiidicalatis A B. 

Dico» Sia puo^ O linea O D Quadracricem cangens 
duceretur \ eam ez produOo Ajteab(cifliiram ceAam lincani 
A Dvariccommcnfuratam iuxta varios caliis fcqucntcs cir- 
cumfcrcntiae LEO V:cui ctiam xqualcm rcdam lincam 
A B abfcindcrec ez reda A B ad radium A V pcrpcndicuiarip 
lineaVBHeliccmtangensinV. . 

Demmftratio. 

'fot (fuitPropofitiopis hoius calus, (^uocfum Propofittone fuperio- 
ri45.cnumcran : quiomnes vna eadcmque ratiocinattonc demon- 
ftrari poiTent. VerumquiaArchimcdescafus illos ad Heliccm pcrti- 
jaentes didinxic > fingulifque (Ingulas probationcs ecft eafdcm, auc 
proxime fimiles anTignauic : illum in pari causa , £c vc manifcAius ap- 
pareatvtriufquchuiuscurux lineas commercium,imicandum racus^/ 
varios cafus citata Propofitione adduftos , figillatim tradabo. 

Primoquidem lococafus ille fcfe ofFert ,qui fimplicitate & facili- 
tate cxtcros anteccllit , co ctiam nomine commendandus : quod a 
primis Quadratricis Audoribus , caeterifque deinccps Gcometri^ 
cultoribusfoIusfuericobferuatus,obeumquevnumapud ipfos fum- 
mo inprecio habica fcroper fueric haec infiexa liaea* Hanc cxpofui 
vlcimo loco Prop.45. Ica ver6 habec imtu hypocbefim (lac Propofi-' 
tione (latutamtcuiasoomjBzcuscaBteris cafibos conneDkiis«vt liuic 
etiamaccommodecur,quxdamicfaemattspUDfta duplici cfaara£feete 
faeredefignandas cum winvimiifcodde&aoryqi^ ditieria 
fiint. 

Simitaque<»ontt2de(cr!pixQiiMr^ix 8eHell3^»qoa6fe(e mor 
tu^ cangant in puodo Oiin qoo vtraque generamem diam^um 
AOadAxcmperpendicolarem ioKerfecat , vc odendi Prop 4x- de- 
icribamr ver6 centro A per pundlum QuadracricisO dvculos L £ Os 
quicMamHelicem recat io Y squod idem eft cum O materialicerv 

L a . Dembn^ 




Demondrarunc , & quldein iolcr* 
liflTime Quadratricis Audorcs ar- 
cum O E L cflc duabus lincis , fagitr 
i2E A C , & Applicatac A O , tcrtiam 
proportionalem. Nunc ergo vi- 
dcndum , an linca O D Quadratri- 
ccm tangcns in O, & Axi occur- 
rens in D excodcm Axc abfcindar 
^ ^4 « rcdam A D : quas fit duabns lincis 
AC,& AO> fiuc AL,ccrtia proportionalis. Conftabic enim tum 
dcmum arcum O E L acqualem cflcrcdcC A D per Prop. 14. Lib. 5. 
£lem. tunccnim eadem rc^a A O dicetur eandem habere rationem 
ad arcum O E L , ad re^am A D : eam (ipilicet , quam habet A C 
ad AO. Iliud autem eaideDciffimiim eft , & in termiots ipfis ciedara- 
tumProp.15.5c coToU. PrQpbficionis 50. Tbi probaeur ▼nluerfaliter 
fagitcam A C « & radium AO ad Quadracricem dudnm ( fiue A L ) 
& reftam A D 1 Taneente incerceptam , eile (emper 8c in omni cafu» 
continu^ propordonaues. QuareTeriffiatum eft inhoccafu tangen- 
temin O Quadratricem > abfcindere in Axc reftam A D «quSem 
arculLEO. 

• Qttia verdr Arcbiniedes Prop. x o. inquic. Si Imenm ffirdem^ AGT 
ImeM reS^M conmgMt in Vtton in temm ffimd esrmUtitms > <^ i eoiHMBB 

Fad principium fpifd A te&tk dMcstur VA : ^ centro A irtteruttBo A Vetr" 
€ulm.VBL defcri^Atur : itemque i principio fpiralis A ducatur linea AD 
sd anfftUsrf&oslined A V, qua a contaBu V ad A dulla efi. Erit Uum 
A B inter contingentem VS , (jrinitium fpira A interieifa , aqualit cireum- 
ferentid L E Vdefcripti circuli , qua efl inter conta£fum Vt pun{ium L 
j0ionie , qud defcriptm cmulus L E Vfecat principium reuolutionis , hoc 
cft,rc£kam AB vndc motus incipit, circumferentiam fumendo verfiis 
fracedentia k pun£io , quod efl prmcipium circulationU i fcilicet a contadu 
V verfiisL,qualis eft circumfercmia V E L. H.tc Archimcdesciia- 
ta Prop. quai ad cafum hunc pcrtinet. Ciim ergo Helix , & Quadra- 
trix refe contingant in eodcm pun^lo O vcl V : ( alias Rituraium di- 
ftin<^la hsrc duo pun<Jla , qux hic coalefcunt ) vnam & eandcm lineam 
reftam cflc ncccflc cft , quae vtramque curuam lincam contingar ^eft . 
fcilicctreftaOD Quadratriccmtangcnscadem cum linea VB fpi- 
ramtangenteread^mque prxtcrealinea eft AD abfcifla cx Axe a 
tanj^cntc OD Quadracriccm j & linea A B abfcKTa i tangente VB 
HcUami i ablciua > in^uam , cx linci A B > non tc Axis cft > (cd vc 
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eft perpeoiiicularis ad Helicis nMUoffl A V ad concadlum' V duftum. 
Euiaeusergoed inhoccafu vcraque PropofitioBis huius pars. Ve* 
rumicilicec efl redam O D , qux QuaA»<ricem tangic in O , abfcia* 
liereexeiusAxelineam AD zqudcmarcui L£V i pundlo L^ia 
quo Aycm fccat» inchoaco , 8c ad punAum V , inquo Helicem feCK» 
produ6lo. Verum iccm cft lineam , quz Hcliccm cangic in V • in que^ 
pundo cam fccac circulus L E V } abfcindcre ex rc^^a A B perpciidi- 
culari ad radium A V , rcdam lineam A B xqualem arcui L E Y incer 
concadum V,& prtncipiam circulauoAis,iiue radium primarium 
ABHclicis. 

Sccundooccurricillccafus, inquoradiusA O Quadrairiciscfldia- 
mccro gencrantc , atqueadc6{ qui illieftxqualis ) radio Hclicis pri- 
mario quacunquerationcminor,cxccpco praeccdense calu iam cx- 
pofito : ita VI circulus pcr O ex ccntro A dclcriptus antc Hclici occur- 
fac in V , quam perucnerit ad primx periodi fuac terminum , qui eft 
Axis Quadratricis , vc Prop.45 . declaratum eft. 

Icaquedefignato ichemate > vc ferc Propc^tioon hypochtfit: de* 
icripco Kcflicet drculo L£ O V fecante Quadracricem qaidem ia O, 
Heltoem vero in V : dudifque ladiis A O^ A V ) quorum iKe Heliceiii ■ 
fecee in G , per quod punftom ddcribacur circulus PF G R c duftl 
deiiidera6»AB.«dradiuili-AVperpendiculari. Oftendendum eft, 
fi ducamir liiiead D Quadtacricem cangem inO »eam ip Axe defi- 
oin; redam AD aBquatem arcui L £ O V i atque adc o aBqoalem t^&k 
A B , quam Ilnca V B Hdicem cangcns in V abfcindic ex re^ft, A B^ 
qux abfcifla linca eidem arcui L £ O V eft aEqualis , vc probac Archi- 
medeseitat^Propoficione lo cuius veibaruperi&s reculi. iUud ergo 
probo , & quidem oftenfiua Demonftracione huiufmodi. 

In hoc diagrammate ducacur ex punrto O Quadratricis Applicata 
O S ad Axcm perpendicularis. Huic Applicatx O S aequaiis cft He»- 
licisradius AGperProp.40. quoporitoficratiocinor. Pcr Prop. 33. 
qua racioncm habet lagitta AC ad Appllcata OS, fiuc ad radium AG 
Hclicisicandcm habcc ApplicataOS,fiuc AG ad arcum P F G:con(lac 
cnim pcr cicaum illam Prop rc^as AC, AG,& arcum PFG cfTc couci- 
iiu^ proportionalcs. Scd vccft AG adarcum pFGjitacft radius AO ad 
arcuLEO arcui PFGfimilc,vc cx Pappo Prop.i i.Lib.j.collcft.dcduci 
folcc. Ergo ica cft fagicca AC ad AGjvc radius A O ad arcum LEO, Et 
permutando. Ita eric Sagitta AC ad radium AOi vc AG cft adarcum 
L E O. Sed pcr Prop.34. arcus P F G R acqualis cft arcui L E O. Er- 
gpita eft fagiua A C adxadium A O i v( A G ad arcum P F G ^ Sed 
• <r K ^ n 
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vt cft fagitta A G ad arcum P F G R > ita cft A O ad arcum L E O V 
arcui P F G R limilem. Ergo ita cft fagitta A C ad radium A O > vc 
A O eft ad arcLim L E O V. Ita vt hx trcs quantitates A C , A O , ar- 
cus L E O V fint continue proportionales. Atque in hac harum crium 
quinticatumcontinua Analogiaveifatur totum Argumcnti momcn-' 
,ium. Eccecnimvtex ca propoiicum Thcorcma conduditur. Per 
Prop.t^. & jo.Corollcres redziinexragitta ACradius A O (fiue 
A L ) & reda A Dablcifik io Axe ioierceacrum A 6c ip(am 1 angcn- 
«emO D»roocoQotioo^ proportiooales 5 ficuc 8c cces A C , A O , & 
«rcosLEOV ooociou^ foot proportiboales,vt proziai^, oftenfum 
eft. Chm ergo io vtrique ferie ewm finc duae priotes A C . A CNr 
etiam retiqaaedusB»aicosrcilicetLEOV»&fedalioea A D, oeceflario 
fiicoraB fiiot aequaies pcr Pvop. i4.Lib.5.£lem. Icaq> quoad hooceciaiii 
c&fum manifcAa eft prior Propofitioois hoios pars. PoHerior aucem, 
5)o6d fcilicct reda A B iatefccpta a linca , qux Hcllcem tangit io V * 
«qoalts fitre^at AD, quam oitcndi zqualemciTe periphcriae LEOV, 
eaideof eft excitataArchimcdis Prop.io.inquaprobacrc^m AB ci- 
dem arcui L£0 V a pud£Io V inchoaco, & verkis fpirz prarcedeocia 
promocodoncc adradium A L Hclicis primarium , fiue limicem cir* 
culationis perucnerit , acqualcm ctiamcirc. Ergo non poterunt non 
cGTe azqpalcs re^dua& A D > AB viiccuoda parte Pro^ficioois aife» 
ritur. 

Non alia vnquam futura cft Demonftratio Propontionis huius, 
quicunquc tandcm Quadratrici^ radius AO ducaiur,& quocunque 
in pundo V circulus centro Aper O defcriptusgyrantcm fpiram aflc- 
quaturjfiuc pun<Jlum illud V fucrit vltimum primx rcuolutionis, fiae 
fecunds , tcrcix 6cc. auc prxccr n u ilutionem primam , fecundam, 
Mrtiam , auc aliam quamcunque , fpacio aliquo promoca fueric Hciix. 
Vthuic repetendx pluribu^ immorandum mioim^ viderccur, ni(i 
iUeGeomecrarumapex ArchiiBedes aliier ceofoifiet » variiifqoe ali- 
oooc variorom-honim cafiiom fingulares PropQficiones pnneaitni 
niifiec^ Coios veftiglis fi iohaeieto » qois yicio fercat ? Acoedtc> qo&d 
exTanorom^iofiiiodicafiiomexponcione apercior eoafiira fit hft- 
rom doarom caroarum conformicas c6 (ane magis fiifpicieiuia« go& . 
maior earom videcorefiedifiimilicodo : dum voa^vil qoafi reda in 
iofinicom porrigicur$ac akera in gyros multipliccs ctrca primom fuom 
ortum reuoluitur , a quo non nifiaegr^ recedere videacur. Hic ergo 
pfimolocoquidde fpirafua pronoociec Archim. attendcndum eS: 
..ciim^otddc.Qttadraccioe .nolba^cooonciaadum fitydcdaraodum. 
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lohscergo prop^veriMideHeliGeioqaiiiu: Pcop. iS. cuius fenrum 
mofico ^ieiiiace expooo. 

S$ fpiralemexprimdcir' 
€iimu9lu$ione ortam A lll, 
reSfa }inen VB tetigerit in 
termino fptra L (hic L & V 
vnum idcmque pundlum 
func , fcd L pertincc ad 
tcrminum (piix , ac V ad 
intcrlcdionccirculi cum 
Ipira , qux hlc in ipirjc 
tcrnaino L contingcre 
iupponitur ; ) apun^lovC'^ 
ro A , qmd efi Primifitm 
,fftrs% ^^K^tillMK^eKmttii^ff^ 
-^^jiUtil^^^S&^^ anguhs 
Vi^^.^''^?^*'. 1 I ' 9$8i^fkiei^qudeftfri- 

. '^ ' i^..*^:.-- r-/ . mipim ^n^im i Mim\ '- ' 
3 mM2rl^0ii «M^^ ABi ^um fsrs mi^imiiff^ 

tangeMiemyS^fnmipiumfpird Aitteii^ AB,MqttMlisem'f eriphen0^i- 
circuliL EOF:ai\\is(ciY\c^t (cm diametcr AOeft xqualis diamctro 
QuadratricisgeDeranti. Illa Archimedes ipii4.£M!ar> &: prolxlt. 
lliBC egode quadfaferiopdeio., ac«aeiKio. ^ 

Tertio hoc itaque caTu , in quo ponlcur radios Quadratricis A O 
xqualis generanti Quadracricis diamctro , (iue coQuatx fpirae radio 
primario: ita vtcirculuscentro A pcr O defcriptus LEO V fpiram 
non'antefccctinV,qo^m ad vltimum puncf^um L primse pcriodi, 
quodeftin Axc A L , pcrucncrit : aflcro iuxta Prop. meam,iineam 
cangenccm in O Quadracriccm ( qualis fupponicurO D ) produflum 
Axem feduram in D , & abfciffuram A D , lineam xcaialem periphc- 
rixtotiuscirculi LEO V :atque adco x^ualcm linex recfia: AB; 
quac sirc(^a VB Hcliccm taDgente in V , abfcinditur «qualis cidem 
jj>criphcri*cLE O Viuxta Archimcdem. ' 
^ Pcr punftum G, in quo radius A O Qiiadratricis fpiram intcrfecar, 
circulus deicribatur fecans in R radium A V ad cooimuncm fcdio- 
aem V circali & fpirx dudum(hic parem linearum & pun^orum 
concorrampereo(demcbarateesde(igno , qui infaperioribus ca^- 
Inisa^ibki&mmpaiemiioofobtt tebBS»jed'edam yetbis racio* 
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eftiamti0ii(emeI,aequaIisc(lHelidsradioAG. Hispoficis. SIcDe^ 
monftratfonem ruperioris cafus in hunc cranslero. Sagicta AC ia- 
cftad ApplicatamOS,fiuc ad radium AGivt AG cft ad arcum 
PFGpcrProp.53. ScdvtcftAGadarcum PF Gjica eft AO ad 
arcum L E O fimilem arcui P F G ex Pappo Prop. 1 1 . Lib. y . ColIc<n:. 
EftcrgoitaragitcaACadAG, vt AOadarcumLEO. Etpcrmu- 
caudo. IcaericfagitcaAC ad radiumAO, vc radius AG ad arcum 
LEO. SedarcusLEO jcqualis cft arcui PFGR hoc cfl:, cotius 
cifculi P F G R pcriphcrix pcr Prop.34. Ergo ita eft A C ad AO i : 
AG ad pcriphcriam PFG R. Sed vccft AG ad pcriphcriam P F G Rj ; 
itaeft A O ad periphcriam cocius circuliLEO Vpcriphcriac PFGR 
fimilcm cx Pappo ciuto. Ergo trcs lineac , A C , A O , circuli totius 
L£ O V periphcria , fijni continu^ proportionales. Vcrum pcr Prop. | 
|oXoraIl.tres€CiamUne«AC, AOvelAL,&rc<aaADpertan- < 
getem OD tb(cii&>(i]nccontinuc prapotcionaks.Ciittneigo in vcr^q^ ' 
ferie trium proporiaoniIti]mdaaiprioi«sAC>AOfinc ft^^ 
cciatn cerriaterdaB aeqaalisteric finltceccircfiferttttia L£0 VaBqoaUsm. | 
' AD^ual caogens io O Quadratricem abii:indlc ex Axc prodadA 
: ' 'HaBC eft prima Propofitioois pars ;<|ud ftoeutl, fecoqda eft maniiefla? 
fbilicet rcdas AB, ADjquarumina a taogete VB Helicem ab(lindiiaci 
hzc vero abODtangenteQuadracriccm in O , efie interfe acquaiei» | 
itqualis namquecftvtraquctoticirculi L E O V circunfcrcntiaciprior 

quidem AB,vt probat Archini6deidtataih»p.i8.pofteriof ver^AO 
vt hig cftofteofiue demondratum. 

Quarto. Radius A O ad Quadratriccm du£bas efte noteft huiud . 
. • modi , vtgenerantcm Quadratricis diametrum , fiuc raaium Hdi^it 
primarium A T, in quo prima eius pcriodus terminatur,cxcedat : quo 
fit vt circulus ccntro A pcr O dcfcriptus connatam Hcliccm A II fc- 
cetin V vltra primameius pcriodum in T abfolutam in lccunda ab 
codem pundo T inchoata. Tunc autcm nihilominus iuxra Archimc- * 
demlincarc^a V B tangcns Heliccmin V abfcindct rcclam lincaai 
exca,qux principium fpirx Aducitur perpcndicularisad radiom A V, ' 
qualis cft AB:qux fit xqualis arcui LV cum tota circunfercntia 1 
L E O L , fiuc, quod idem cft,circunfcrcntix L V E O LV ( arcu L V 
repctito. ) Huic autcm eidem circunfercntix aficro xqualcm ctiam 
cflc lineam A D : quam linca O D Quadratriccm in O tangens ab- 
fcindcrct ex produ^o Axc A L iuxta Propofitioncm.Quod noa aiicer ' 
probatur , qo4m alij fuperiorescafus hoc modo. 
Ccim0AperC>inquoraditts AO rpii:amiecat>cijx»hig defe^ 

bacar • 
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baror Azcmfi»;amiaP>nuliutnTer^AyHelids inK. Eft etgo vc 

Helicis radii» 
A G ad alceruni' 
eiufdemradiuai 
A V i ica arcus . 
L E O a radio 
A G produdo 
abrcilTusex coci 
circuferetia cir- 
culi per O dc- 
fcripci^adarcum 
LV cum coca 
circuferecia per 
Prop.ij. Archi- 
rocdis dc (piri. 
Vcl per iProp. 
4^.ruperioreni^ 

.: iuxca quam iu func eciam inccr fe iidem arcus L £ O > 6c L V ^ni 10..* 
ti circuoftreocil i vc Imier fe ruilc Appltcata O S , f^^^s. A 0=» n 
tbidemdedaracameft. Quo pofico ArgumenntSdiBq^lbperiqg^ 
tnaUtscafibuiWarpacamreSimereiicecbalufinodi^ ' 

Sagicra A C ita eft per Prop.3 3. ad appUcacam O S , liue ad Heli« 
cis radium A G ) TC A G ad atcam PF G. Sed vc AG ad arcum PFG^ 
icaeft A O ad arcum arcui PF G fimilem L E O , vc cx Pappo Prop. 
1 laLib. $ . Collcd. deducicur; Ergo ica eft A C ad A G i vc A O «i 

.arcumLEO. Ec pcrmutando. Itaefl ACad AOs vc AG j|d ar- 
cam L £ O. Scd arcus L £ O xqualis ed arcui P F G R compbfito 
cx tocacircunfcrcntia,&arcus PR repecicopcr Prop.34. Ergopcr 
Prop.9. Lib.5. Elcm. ica cft A C ad AO 5 vc AG ad pcripheriam 
PFGR. ScdpcrProp. Pappl citacam , vt cft AG ad periphcriam 
P F G R i icaeft A O ad peripheriam fimilcm L E O V coaipoficam 
excotacircunferentia&arcuL V. Ergo tres lincx A C , A O Ccar- 

vCusLEOV func continue proportionalcs. Continuc autcm pro- 
portionalcs ctiam funt llneae trcs AC , AO, fic rcclaAD acangcntein 
Ot^adratriccmabrciflracxproduclo AxcAC. pcr Prop. 30. Co- 
roU. Ergo pcr Prop.9. Lib.5. Elcm. xqualcs func incer (e rcda A D 
&arcusLEO V :qux cftprimaPropoficionis pars. Vnde fccunda, 
quS aflericur redam A B abfcifram i tangence HeUcem in V , «equa- 
km eflcre^ ADabiciilx k cangence Quadracriccm in euadie ' 

M maDifcfta» 
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manireda. Hoc ergo eciam io xa(u , in quo iradias A O fupponkvr 
maipr generaote Qaadratnds diametrq , etus tamen doplsi mtnor» 
▼era eft Propodtio. At fi A O fberit diametro generante dupU, t r i- 
pll 2cc. prscisl^ maior i Quid concludendum videtur ^caTu teqivnti 
qainto 6c vlttiTio manifeftum fiet. 

Quinta itaque 
€2(0, in quo radiu» 
A O diametrum 
QuMlratricis gent- 
nocem , fiue gcnc- 
ramcm fpira: ra- 
dfum bis,tcr»qua- 
ter &c. prxcise con* 
tincre fupponirur*, 
non minus quam 
5 praccedcntibus cx- 
pofkis cafibus vera 
. cft Propoficio. Ccr- 
- tum fcilicct cft (con- ' 
, .fule fchema cafii» 
' tertij , 8c hi o> fuj^ 
|K>n&(piram-ab(bIutis duabns &e. perfodisf adradiom primarium efle 
rcgreflam : raditoque ipfum A L , qui zqualis ell radio A O Qua- 
ilratricisefledaplum ,criphim &c.geiieraQtisdiac)netriQttadtatrici5.} 
Certum , inquam rcfteo in ca(b re£kam,qux in O Quadratricem 
cangic , abfcindere ex pcodudo Axe A C re^am A D atqbalem ^u- 
prac , triplar&c. peripberias totius circuli pcr O dercriptiivw verkoy 
totics fumptac , quoties A O radiusQuadratricisconiinctgencrantcm 
cinsdiametrum. CuiperiplieriaEduplx, triplx&ceft «qjualis Fe^a, 
^ux a reSa VB Helicem tangens in V pod duas , tres &c. periodos 
abfcinditurcx reift.i ABad radium A V pcrpcndiculari , vt allcrit 
Arcliimedes Prop.ip.cuius Aflrcrtionisdcmonftratioeuadct libiapcr- 
tiflima i fi in iehematc pr.Tced^nris caffisquarticonciplas an um L V 
qui cftcxcefiTus pcripbctia: L VEOLV fupra peripheriam circuli 
JL£ O L ira promotum cfle , vt cmcnfo loto circuitu Axcm AL aui- 
gcrit , ab/biuta fcilicet fecr.nda circulatione , cuius in co fchcraate ar- 
cus illc L V, initium tantum cft:eadem cnim ratiocinatio , cifdcm- 
que vcrbis conccpta inftitui poccrit jfiuc arcus LV in mcdio curfu 
periodi fccund^ hacfcric , vt in cafu qjLiaru) concin^ic , fiue ad vltimam 
. ■ . mcum 
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mecatn L pcruencric emenfo circuloiecunda Quod quanquamdaru 
£c,ne quid hacia celebri Quadracricis cum Helic;: collatione,(uper(ic 
obrcuricacis:accipepaiidsalSium(u[>erioruai huicapplicatam demo- 
. ftracione ex fchematecasiiscercij > inquo fuppono iam pun^il V c(Ie 
lerminil fecundscpcriodijradiiimqi AO, vel AV ei acqui'cm,c(rc du- 
pludiamctrl gcnerantisQuadratricis , ficut & Hviicis radij primarij. 

Sagitca A C eft adradium A G ( xCjU ilcm AppHcata: O S ) vt A G 
cft ad arcum P F G( hicctiam ,vcincerciocaru , ad fcruandatn cnn- 
dem demonftrationisformam ,idcmpundlum dupLciciiaraderc no- 
cari ncccfte cft. ) Sedvt AG cft ad arcum PF G i itacft A O ad ar- 
cum (imilcm LEO. Ergoitaeftfagitca A C ad AGivt AO ad ar- 
cumLEO. Et permutando. IcaelT Sagicta AC »d AOj vt raJius 
A G ad arcum LE O. Scd arcus L E O a:qualis cft arcui P F G R. , fi 
tamcn arcus illc ( qui eft coca circuli peripheria ) bis fumacur , vc fcili- 
.cet ita fe habeac ieinidianiecer A G drculi P F G K ad femidiamecrum 
drcaliLE O » ▼creciproc^fe habec angulos L A O ad angulum , qui 
quacuorreAos toci circanferencix circmtPF GR iniiftenceS} biscoii- 
cinetjficuc AO> fiue ALi aat AV bis concinere fupponitur in hocca& 
diameitruBi Quadratricis generantem , (tue HeHd; radium prima- 
jrium.diunetroiUi aequalem'( hUremfe <tpfm\mm9iH^ txaiAma fMs 
h$ bmn rem Prop. 3 7. exflmmtA funt ) A rcus ergo L E O coci drcumfe.- 
tencix PFGR bisfump^ae eft hic arcjualis pcr Prop. 33. & ad hand' 
circumfercnciam ita fe habct radius A G , vtfe habec ad arc im L E O. 
Vc aucem AGfe habebac ad arcum L £ O > ita fe habcbat A C ad 
AO. Ergoica eft AC ad AOi vc AG ad peripheriam PFGR. 
bis fumptam. Sed vt AG ad pcriphcriam PFGR. bis fumpcailii 
icarehahccAO ad periphcriara circuli LEO V fimilem bis fum- 
ptam. Sunc crgo trcs lincae AC, AO & circumfcrencia LEO V 
bis fumptacontinue proportionalcs. Sed per Prop. 30. Coroli. funt 
etiamcontinue proportionalcs A C , A O ( fiuc A L ) & rcda A D, 
quamin Axc abfcindiclincaODQ^adratricemtangensin O. iirgo 
per Prop.^.Lib 5. Elcm. acqualcsfunc pcriphcriabisfumpca L EO V, 
&re(n:a A D : atqueadeoreda AD arqualis cric rc<fta: AE dcrinitx 
pcr tangcncem V B Helicem in punclo V : quam probat Atchim. ci- 
dem circumlerencix L E O V bisfumpcat xqualem. 

Epdem modo ratiociiiabeiefi radios A O cribus, quatuor &c. dii< 
dietris geDerantibos conftec $ atque ade6. circolu$>per O d^fcriptus 
HelicemiececfDpufldo V vkimo cerriie^quartx iu* periodi, fiue 
feudbcloius. SempcreiiimcamieiftaA&iiraogeiiceHelicelki>qoam 

' M t reAa 
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re^ A D itangome QuadmHcem <ietermiQatae, zqualesmatjpn- 
guTs ^«trcumfercntiie drculi L E O V toiics Aicnpcae : qaodcs eius fc- 
midianicter AO diamecrum gencrancem Quadratricis cQntinebtc» 
Vcl , quod in idcm rccidit , .quoc pcriodos Helix abfokieric : rmgMlis 
cnim pcriodis , qu« in Axe Ciuadrairicis A C produdo tercninantur^ 
pun^kijmmcbiic Hclieem dcJcribens pcrcurrk radium primarinm, 
quiconnorx Quadratncisdiamecrogeneranti cft aqoalis. Qpod fi 
i»dius AOQtLadratricisdianr.ctrumciurdemnon prxcisc contincar, 
patct ex cafu quarto,quid,& quomodo concludcndum fit, Qui- 
cunquccrgo cafusproponatur , Scquifquis radius A O Quadrairicis 
ducatur,autquirquiscircuUisQuadratricem in quoiiis puntlo O fe- 

cans dcfcribatur j oftcnfiue demonftratum cA. tangcntem Quadra- 
triccmin punclofcaionis , rcaam lineam in Axc abfcinderc circuli 
dcfcripci circumfercntix varic inxta varios cafus cxpoficos commen- 
fiiraram : ciqiiexqualcm in Heiiccquod fidem fupcret , cxhiberi: 
■fiquoinpunaoHclicem/ccat idem circulus , dtxcrctur linca ipfam 
contingens. Quare candem fi connat;t Quadratrix , Hdixdcrcri- 
ptxfinc&c. Quoderat demonftranduni. 

£x proxima,a]iii- 

Sjae aliquot Prop. 
upcrior. fcA; ptom 
dicfumnia iUa.He- 
licis & connatiB 
Quadratricis con^ 
ueniencia U fym*- 
bolizacio tanta, vt 
lincis Jiidcm (blo 
Hcu dircrepancibas 
fuos illosrancmFi"a- 
'•• biles effc^lus pro- 
T^*ducerc naca: fint. 
( iu figura 37. in- 
ftar omnium ) vt 
aequalibus vcriuf^ 
qnepoficisra(Tiis, AO Quadratricis , A VHelicis asqualcs rcdx li- 
near A D , A B intcr fe , & a:qualcscidem peripberix cirful^i LEOV 
abfcindantur Aredis curuas illas tangCDtibus ad cxtrema radiorum 
punc^O & Y. £cce,vt Qi^drat;^gis. A^li^^ cx 
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quolibct Quadratricis pundo O ad Axcm pcrpcndicularkcr infiAcns 
arcjualis fit Hclicls radio A G , ab Heljcc, «Itcrcepto ia Q^adratricii. 
radio illo,quiexccntro Aad punAu^ O jdiqingiuir > vode Appli- 
cata dc O S dcdu^a eft. Ecce vt cadMirtit taUA Applicaix O S ad 
Quadratricis radiam A O i e^lids radijt A G U^v£Acik Helicb 
radium A V » iiixe fianidiaiiMarumcirffuli ccniffp A|tftQdrrcri{iri , 8e 
Helicem fecamu io V i«)uz ^ft ardb L£0 ad ^RMmL £ O V circola 
coto vel maiorem,vd minoremjvel ci xqualei|i»vt in v^riorum cafiiom 
icliemttibus raperioribusexplicacumcu sptcfeitim cafu quarto Pro- 

r^fidonis 4>f . in Sna arcus L £ O V exce^rtperipheriam tQtlus cirooli 
£0 L arcu re^icato L V i ficot radius A O , aut A V excedic gen0- 
rancem Quadr^cis diametrum re^ A¥> &primarium Hclicis ra- 
dium ( qui diamccro Quadratricis gcncranti yiqpsils bA ) .re^ A P 
«quaUofteosa-reto AY. Hisalix (imiles harum liaearum conue- 
nienrix , d accurariiiu eas icrucari luberec t obleruarcmiir. Nc porri 
mirerc camam hafce tnter lineas (imilitudinem imercederc. Gcrma*^ 
nx func fororcs iilclem ambx parentibus progcnitnp. Vtraque (iqu!' 
dem , vt cx vtriufque gencratione pacec , producicur i dum idcm cir- ^ 
culi radius ,cius ad centrum iisercnce puodo ,conuercicur : tum, vt 
fiogacur Hclix , radium illum dccurrit pun^flum mobilc i ac , vc Qua- 
dratrix gencrecur, linea Axi parallclaeodcm cemporis fpatio per dkh . 
mecrumgenerantem fertur , radiumque conucrfum pcrpctuo fccat; 
vc non inepce Hclicem vocaucris QuadratriccmcolLe4am>Quadrar 
triccm autem.cxpanfamHcIiccm. ' * . : " / ' vr ^ 

PROPOSITIO XLIX. Tbecrcma. 

• 

DV(fio ad quodJibct Quadratiicis pundtum O radio AO: 
dudlaqucad idcm punAum rangcntc,qux produ(5to • 
Axi Qccurrat io D:(ia pua^o D ducacur pcrpendicuiaris DQ^ 
adradiuraAO. 

Dico redanr illam D Q pcrpendtcularem A O , arqoalem 
cille arcui L £0 circuli cencro A per O defcripciinccr radium 
A O > Axcm A L iatcrccpto. 

Demonflratio. / 
Duda Applicata OSjfpiru juc Quadratrtci connata , dclciipca, 
qu«Lcii^umL£ Oin V interiixetiad ^nod pun^um ckicaturradii^s 
. . . , 3 ' ' AV.. 




Ltb.IlLDe^iidmrlct. 

n Erit pcr Prop. ' 

48. rcda A D in Axc 
i, tangeDte OD ab(eU^ 
fa,xquaiis arctii LE 
O V : crftquc prjcicf- 
^ eapcrPiop.38.radtos • 
^ A O Quadtatricis ad 
fpinB radium A G , G* 
uc ad AppUcatam OS 
(pcr Prop. 40. radio 
A G xqualcm ) vt arcus L E O V ad arcum L E O. Sed vc radius AO 
ad Applicatam O S > ita eft A D ad re^aro D Q ( fuDC enim duo 
triangula AOS, ADQ^xquianguia propter angulos duos S & 
redos arqualcs , apqualcsitcmduos S A O , QJV D ad vcrticcm ) Sed 
ADacqualis cft pcr Prop.48. arcui LEO V. Ergo per Prop. 14. 
Lib.5. Elcm.D Q xqualis crit arcui LEO. Ergodudoadquodlibcc 
Qwuiratricb 6cc. Quoderac probandum. 

Altter. 

Incodcmfchcmatcccmro A pcr Quadrarricis vcrticcm C circu- 
lus dcfcribatur fccans in Z & P radios A G , A V Hclicis. Quia igi- 
tHrpcrProp.41. radius A V aequalis cft arcui C Z P j radius autcm 
A GacqualisarcuiCZ: Itacritaicus CZP ad arcum C Z i vt radius 
A V ad radium A G j fiuc vtradius A O Quadratricis ad O S Applica- 
cam ( acqualcs fiquidem funt AOAV,ScAG,OSpcr Prop.40. ) 
SedvcAOadOSiiueftADadDQ:_£rgoicaeft AD adDQ^s 
▼tarcusCXPadarcumCZ. SedTcarcusCZPadarcumCZstta 
cftarcusLEOVadarcumLEO^ Ergoicaeft AD ad DQsn ar^ 
cusLEO VadarcumLEO. Sed arcus L^OV eft sBi|ttalis teAat 
ADperProp^S. ErgoreAaDQ^SBqualis cll; arcui LEO* Quod 
cracprobaQdum. 

PKOPOSITIO L. Theanms. 

IlfcUcn poficis. Ccntro fcilicet A dcfcripco circulo CIZ 
pcr Quadratrids vcrckem Crcirculo icem LO.V , qui 
QuadratrtcemiS^cec in O » & Heliccm in V , ad quz punda 
radij cducancur A O, AV : duci vcro concipiancur cangcnccs 

tumQuadiacriccaii vc O D, cum Hcliccmi vcO B > quamm 
' V / ^ illa 
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illa abfcindct cx Axf rctfilam A D «qualcm arcui LO V j ha:c 
vcro cidcm arcuixqualgn AB cxrcda A B ad radium AV 
perpendiculad : Tum ducarur cx pundo O ad viBrciccm C 
Qoadracrids xtCtz O C ^&cx pundo V tt€c2, ad pun£him I» 
in qoo drcoluiC I Z fecator a re6fca A Bad radiom A V per- 
pendtcoUrL 

Dico duo ficri criangula A O C , A Y I duobus triangulis 
AOD, AVBrimilia. 

Pcr Prop; 30. Co- 
roll. Ita c(l Sagitca 
AC ad AOj vt AO 
ad A D. Duo crgo 

triangulaAOCAOD • 
habcnt duo latcra AC,' 
A O duebus iaccribus 
A O , A D circa cun- 
,m \m ' • ^ dcm angulun O AC 

■Jl ^ * 3Di -v-f ^ proportionalia. Ergo 
«qnlangulafumpcrProp.^. Lib.6.Elcm. atquc adco fimilia. Quia 
ycrh radius A V xquatis radio A O i item A I fagittae A C i ac dc- 
nique A B aequalis UStx A D rerunt eciam cres te£tx A I , A V,, A B 
continu^ proponiooales : critquc vt AI lactts Trianguri A V I ad ehjf. 
• d.-m latus AV } ita lacus AV trianguli A VB, ad A B eiufHem triaoeolf 
htus.Efgo luecduoetiam triangula AVI»AVBper clcatam Prop.ninB 
fimilia. QuareMfilcmrdcc. Quod erat probandum.. \ - ' 

ConUMmm r. 

Ex Euios Prop. Dcmonftrarionc colllgere Hcet , (i ndca Babeatur 
Q^ulracricis (a|iua AC,nocum haberi angulum jqui ad hidfuni! 
tum Quadrairicistum fpiracacmgcntibus conflituitur. Cto cnim" 
•AenTumfictrianguIum AOC criangnlo AOD cffc arqiifangplam^ 
crtt ▼tique angulos AC O angplo AO D ad radium A O a taageiice 
OD conditutoacqualis. u^qualis itidcm eric aii^ulus AI V an^]o> 
A V B , qucm fpirac radlus & (piram tangcns V B egntincnr. Vndff 
prxterca fcquitur cuidcntcr ( quod ctiam cx prjcccdcntibus Propo/ir 
tionibns cuidcntcrlicetobferuarc ) data altcrutrius harum curuarum- 
aangeaie>,fdtcuuscangememdari. Habcs aiamdu^is in diagram<- 

mac» 
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94 LihAIL De ^uadratrice. 

tnatc lincis O L , & V E i tam angulum C O D quim angulum' I V B 
bifariam diuifuni iri per Prop. 15. forcnt eniiii Triangula AOL, 
A V E Ifofcelia , & lincae trcs , A I , A V liuc A E , & A B continuc 
proportionales ; ficuc continue proportionalcs funt A C , A O Huc 
A L , & A D : illae enim tres his tribtis (unt xqualcs. Quo deincepi 
fit , vc C O tca & habeac ad caagentem Quadratrtcis O O > vc I V (e 
habec ad (pirar cangeniem VB per Prop.6.l!E>.^.£lem. U permQcaticlo. 
ycCOadlVtitacangensODadtangentemVfiw Quz6ca(ianoB 
pauca vel haAenus expofica,vel reponenda deinceps adicom aliquem 
adlinear reterircttlariaeqnsdis inae(Ugationem aperire polfe viden* 
tar : fin min^ > cerc^ mechodum ezhiTCnc illud ipfum praeftandi qol 
nec iocundior, nec eiegancior , ne^imior ,nec prxdfior tnnotefoeie- 
poced. HM^mus varim $tmnr€uUires , Wtm ft^as linegs , vel sd 
dratmitgenerMMiemem^arMiMyvel ex Mm gmiim frofrcutus fum, 
•■yJ^tuuUmMme MSMurue pmfiVt ffere^mik mgMt» , eputrnd fifmfieiem 
feptrmemt» 

PROPOSITIO LL Tikmm^. 

V QlfucrictriangiilanircSangukimC AjF) cuitis vnam la^* 
" C^iACdrcaaogiiloairei^aiyfQem asijualc radio AD 
.iedoris cutafiiis D A E ; alcer imi vero clus lacus AF circi eoni* 

. dcm angulum , xqualc fiieric arcui D C E ciufJem fc(floris. 

Dico criangulum iUud CAF > a^quale cfle 4pfi fcAoii 
DAE. 

SitreaaAGxqoaii$4(». 
miperipherixctrcQlari BG 
£ & iongaqir ra^a C G. 
Eric criangalnm CAG 
acquale femicirculo BCE 
NS vttlcmonftrat Aithim. 
Prop. I. Lib. de dimen^ 
ar6 triangolom rcAan- 
gulum caius .vnum la- 
cus circa angulum rc(flum cft circuli radius, akcrum vero cft toci 
.^«ificulu^ Eigo ii alcet«B»iacus circa ai^guium. rcAuni focritfcmi- 

ci<coli 
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circuHcirctmfcrcntia icrit criangulutn iUud cquale rcmicirculo per 

1 rop I. Lib.^.Elcm.ruiicenimduoillatriaiiguU, quorumcadcrocft 
altitudo , ita mtcr fc vt bafcs : bafls aucem vnius , altcrius cft bafcot 
dupla. CtuodcumicafitritaerittrianaulumC AG ad triangufum 
C AFivcbalisAGadbafim AFpcrProp.i. Lib.<J. Elcm. hoc eft 
▼t rcmiQrculi B C E pcripheria, ad pcripheriam DCE ledoris D A e! 
Scd vt fcmiciraili B C E pcriphcria ad fc<floris periphcriam D C Ei 
ltaCftpcrProp.3j.Lib.6.E;em. ipfc femicirculus BCEjfiue femi- 
drcaloxqoale iriaogulum C A G , ad fcdorcm D A E. Ergo c^m 
crfangolom C AGeaodcm habcac rationcm ad triangulum C AF, & 
adfcaoremD AEtcrfepcrProp.^.Lib. 5.EucI. triangulum C AF 
aBqualcfcAoriDAE. ciixarefi fiicrlt triangulum &c. Quod erac 
probandum. 

In figuri Prop. 48. in qu5 fefc 
QttadratrixHelixquc iiutu6*tan. 
^ gunt , dudtur r?:aa O B ▼trimquc 
nngcnsin 0:8cpcr Prop.48. ab 
hac tangence abfcinditor leda A0, 
vcl A D «qualis arcuiLEO. Erao 

Jl perhancProp. triangulumtcaan. 

JL C i ^"^""^ O A B , fedori O AL (qut 

• ^ r . Quadrans circuli ) xqualc 

Q^'^ vero ficcntro A per Quadratricis vcrticem C circulos" 
CGFdclcribaturiarcusCGFxquahs eft radio AOHclids oCc 
Prop.4i.codcmiurc triangulum redangulum C A O , cuius.-vnim 
laias A C circaangulum rcftum , eft radius fe^oris F A C i altcruni 
vcrd A O, eft xquale ciufdcm fcftoris penphcrise F G C • ^cqualc crit 
. feftoriFGC. Sed pneftat vniucrfalc Theorema in hunc modum 
proponcrc,quodfcaoribusoM^^ Hanc tamcn,qui 

. folus i (iuadiatncis Anftoi^s obfcruabatui , placuic figiJlacimdc 
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Ltb. Jl 1. De Glmdiralrke. 
PROPOSITIQ Lll. TUtrau. 



REfumpcis qua: in fchematc Propofitionis 4^ cooftiwta: 
funticentrofcilicct A Quidiacrids dcfcripto ci«1q 
OELiquiipfaminCciafdcmvcro Axcmm ^ rc€Ct:du. 
diitem iincaOD, quacQL^dratriccm taiigat m O , Axi au- 
tcm occurrac in D : pcr quod pun6h»m dcducatur ad radmm 
O A , ctiam vltra A cura opusfocriti vt bc coatmgit » pio- 

duaum perpendiculaiis ^ ^ ^ ^ . . rkVtf 

DicouiaiigulumAODxqualccfrcfeaonAUt*-^ . 

■ Cum trianguh 

7 ' AODbafiiAOfic 

radiiis AO arcus 
OEL, cmfquc alti- 
tiido fic D Qj 
per Prop.49. xqualis 

cfk arcui OEL • cric 
pcr Piop. proxime 
antcccdcntcm trft»* 
gulum illud A O D 
"«qualc fcuWi A O E L. Quod crat dcmonftrandum. \ . • ^ 

SCtDeadcm figur^ 
d:aci coDcipiatur • 
fut»ao O ad Qtti- 
dratrids vcniflem C 
rctta OCiTt rcipf* 
infigurapropofitionk 
jo. hic rcpctita duda ' 
cft : crit trianguluit^ 
AOGfcdori AZC 
_ acqualc. Cum cniia 

triaDeotom AO C fimile Cttriaogulo AOD pet Prop 50 ratio tria». 

to»h«ii»oIogP* AO iriaiigiili AO D |« Piop. 19-^6. £lem^ 
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Sed iedor AZ C ad bdtoxcm fimUtni A O L liabec etiam nuionem 
duplicacam radij A C ad radium A O. £ rgo ica eft criangulijm AOG 
jadtriaiigulum AOD,vc (edor AZC ad feaMm AOL. Qum 
icaque criangulum A O D xqualc fic oftenfum fe&ori A O L : eciata 
triaogalum A O C zquale erit fcclori A ZC Quod idem e£dem 
jnecliodo probaci poccd , qua probaca e(l hzc Prop. Nam duAa O S 
ad Axcm pcrpcncliciilaris efl arcni C Z xqualls pcr Prop. 3 6, Cuat 
. crgo crianguli A O C alticudo O S xqualts fit arcui C Z , sitquc cius 
radius A C bafis criaaguJi i eric per Prop.51. triangolum AOC acquaie < 
fedortAZC. 

PROPOSITIO LIIL Themnu^. 

SlexcelicroQuidracrich' Acircalus deftcibatur ipfam in 
O (ccans : tc ad idcm pun€him liaea cam cangens apu^ 
cur , quar Axi ocicurrat in D : A pundbo vcrd D linea quarlibec 

DI ducacurad QLiadratriccm: &ad idcm punifium I radius 
A I dedinctur \ qui circulum primo defcriptum fecct in F. 

Dico fedorcm F A L aequalcm cfTe triangulo A I,D : quod 
cxabfcifro Axc A D a cang^nte > & cadio AI Quadcaccicis» 
lineacjucDi confticuicur. 

* - • 

DmmfirMSo. 

A pun<;h> 
O Applicai^ 
OG i & » 
puncbal Ap- 
piicacalB ad 
Axcipcrpcn- 
dicularis dc- 
inittacur. Dc- 

. /cribaturctia, 
fi lobct , Quadracrici connata Hcl;x,quam radius A I fccct in Vi 
radiusver^.A O recct in Z. Conflat in primls pcr Prop. trian^u- 
lum A OD squale cfTc feaori O A L Qu a vcro duo triangula 
AO D , AID^QdemKbrtica diQc.bafini A O: ita erunc intcr fc j vc 
iplommaltitsodiiWsQ;G»tB. C*wnergocxipi.a Quadracricis ^enc- 
tattblie, vt Applicau OGeft ad Applicatam IB > ita fic angului 6 AL 

* N % ad 
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ddangataoi FAL s aut etiam , fpira defcribatur, Ita Hc angulissOALfH 

•a d angiilum F A L > vc radius A Z e(l ad radium A V ( cfl cnim radiui9{} 
AZ Applicatac O G >^6c radius A V Applicacac 1 B xqualis per Vwf^ , 
40. ) vt autcm efl angulus O A L ad angulum F A L > ica cft pct : 
Prop.3 3. Lib.6. Elcm. lc flor O A L ad rci.^orem T A L. Ergo ica eft v 
triangulum A O D ad A I D criangulum } vc fcdor O A L ad feAo- 
rcm F A L. Scd fcAor O A L xqualis cft triangulo A O D. Ergo fc- 
- .ftorF A Lxqualis quoquceft triangulo A ID pcr Prop. 14. Lib. j. 
. Elcm. Icaquc. SicxcentroQuadracricis Acircuius&c* Quodcrat 
dcmottftraDdum. 

Coroll/trimn, 

Cum linea Quadratricem fccans , cam diucrlis duobus in pundis 
ncccflario fccet : vt lineam D S 1 tn I & S ipfam fecarc conftat : da- 
£{is radiis A 1 , A S fc(5torcs abfcindunc F A L , T A L : quorum ille ' 
aequalis cft per hanc Prop. triangulo A I D i hic vcr6 triangulo ASD. f 
Hiuc (ic vc criangulum A S I -acquale (Ic icdori F A T. Si cnim ex 
criangulo A I D > tc(t^att F A L xqualibtis demantur aeqaana,oem« 
pe triangulum A S D & fedor T A L ; reliqtiam triapgulom kS\ 
reliqualeAori F A T aiqualeefle necefle eft. Cotifht0rsBcere4tria»». 
Eplum tqtum A I D « iudud triangula ASI 1 ASD djuiai propbrtioaa- . 
fiter , vt arcus F T L tn T diuiditur : iinea eQim I D ( quat eft bafit - 
triangulorum) ica fecatur lo S» yt conftabic {»er Pfop.j(4. vc acci» FTL ; 
&cacarifiT. * ' ' • ' 

PaOPOSlTlO LIV. ^fMmsk / 

IN Akc Qsgidratricis afltgoato quouis punAo vbni ttuf ' 
verciccm re^lani UneaiB rpectttatiue » qux Quadcacricem 
tangac^excoducerc - \. ' 

CorfftriiSih . 

Sit defcrlptac Qiiadratricis Axis A C, ciufdcm vcrtcx C: vltra quem 
in Axcprodudoaflignciurpun<flum D -.exquoad Quadratriccm U- / 
scaduci dcbcat j qux ipfam tangac. Intcr (agittam A C , & rc^a» '\ 
A DmcdiaproporiionaHs inucniacur A L. Tuni centro A pcrL cip> 
«ilus defcribatur > qui Qindracricem reccc in O . Deniquc i ungatur **• 
«eteDO. DicMcAamOO>Quadracricemcat^ereiopuDA6(X 

Dmmjhmth. 

StDcgecttricftaOOQuatlracricea iAOtaogcre;aliaiqQ«ip^^' 
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in Otangcrcc,ducipo{ret:eaque Axi occurrcrct vel citra vel vltra 
-D , vt in P : & abfciOa A P foret pcr Cor. Prop.30. duabus lincls AC, 
A L tcrtia proporcionalis. Scd cifdcm duabus lincis A C , A L , reda 
AD cfttcrciaproportionaIis:inucntafiquidem cft: AL media pro- 
. porcionalisiDteFAC& AD. Ergo xqualeslunt A D , A P. Quod 
cft abruntoin. R.ea:a igitur O D tangit Quadratriccm. Qupd qu«- : 
vebitur. 

PROPOSITIO LV ProhlemA. 

IN Axc Quadratrici$ aflumprarmnguli bafc qualibcr,qu* 
fic fagicca Q^adratricis niaior : ciufquc Trianguli angulus 

bafioppofltusadQuadratriccm ftatuatur, Sc^orcm circuli 
*TriaoguloiUi«<jualcmrcperirc. . ' l 

Sit triangtf» . 
li* AID ba- .v 

fis A D ia; 
AxcQuadra-. 
tricis afligna- " 
ta.maior ciiif. 
dcm fagicua 
AC : fic vcr6 

^ . . angulus I ba- 

liopporiCusadQuadratrici8fN3iia»mL Statuatur rc<aa DO Qua- 
dratricem in O oontingem. Tolii cemco A per d drculus dcfcriba- 
cur lecans in F latus A I triangcili eciam produftom , fi opos fit. Dico 

iiuiuscircuUieaorcmF ALabAxe AL&triaoguli AIDIatere AI 
produte comptehenium «qnalem efle dato triangulo A I D» 

Cvim cnim rc<fla O D Quadratriccni tangat In O , Axkjoc Qceiir* 
rat in D , vndc ad Quadratricem ducitur rctla DI : cric per Prop.53. 
triang ilum A I D arquale feclori F A L. Daco icaque criaDguIO) cuio* 
bafis cft pars Axis A D maior fagitta A C , & angulus I bafi oppofitoj. 
cft ad Quadcatricem i «qualis-eft inucntus icdorf AL qui inventev» 
4us ecat. 




lob Lih. 1 1 L Dt QHodrdtrice. 

PROPOSITIO LVL ThemmA. 

SIcxHclicisprincipioAcircuIus dcfcribatur ipfam in O 
fccans, & ad pundum Oducatur tum ladius A O, tuni. 
Hcliccm tangcQs linca O D ; qua; occuruc ia D rcclx A D ad 

t* A ]• I • 1 !• ' 



quaeucaa raamm a i pcrp< 
A H xqualis rcdar A D , ac demum iungarur I H 

Dico Triangulum A I H a^qualc cfle fcdtori i A L , cjuctn 
A^s A L , & radius A I complc^unuir. 

jyemonftrAth. 

Quje proximis Pro- 
pofinionibus circa Qua- 

iiifrjdidcm, m fipl. 
liil litSici ^^coi 

niunt ^ vc iji hls 'ccidi 
yq^im ik iiairnm 
Tuxa i^ucuaruin affijaj^ci, 
.li<eSdtt lotueri. Sic «jb 

'prc^^tiim ThcorcSi 
CODcludo. Ciim rccla O D fiipponatur fpiram tangcrc in O r erit 
rccVa arqualis arcui LF O pcr Prop. 48. & pcr Prop. ^ 2. crian^nluiii 
AOD aEqualceritfccVoriO A L. Quiavcro triangalum AIH ba- 
fim habcc A H xqualem bafi A D triatvj^iili A O D : ita erunt inter fe 
duohacc trlangula per Prop. i. Lib.6.Elcm. vt inccr (e funt eorum ahf- 
tudinesjhoccft, vcintcrre funtradijduo AOi AI ( hi enim radij 
cum fincad bafcsADjAH pcrpcndicularcs, ilioium triangulorum 
fr.ntalcitudincs) Aipcr Prop. 14. Archim. dc fpiia vcl Prop.jS.huius, 
fc habcc radius A O ad radium A I ; ita fc habcc angulu' O A Lad an- 
guinm I AL,r»uc arcus DFL ad arcum FL.Sed vc arcus OFLiad arcum 
FL/icacft per Prop.3 ;.Lib.^.Elcm.fe(^>orO AL ad rcdorcm FAL. Er- 
go icacft criangulum A O D , ad criangulum I A H J vt (c^or O A L 
adfredoremFAL. SedfeaorOAL xqoalb eft criangulo AOD. 
Ergo per Prop. 14. Lib. 5. Elcm* triangulum AIH aequak erh 
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ieAofiTAL. <ium fickprindpio A Hclicis && Quod demoa- 
ftcandani. 

CF9fiM , //ww fmgvkim tmnuL hmm mptM exfefitgt fstultMtes 
t^meA mm^xbm/hmjMferep wferito eenferi feiermt. Btvei^ totius 
kiiimewteK^^ieMitexitumMffeieUm^defef^ 
tftioqMdiUmfkfiremit hifee meu PropofitimHm i me iimmfirmtM fmfTe 



TheorematA : ii^gr qud , ^ ^Mudmm ^ JDr /«Mlir SottetMeis mjtrM 
Ceometr4»oHvui^sridemorifiratM;n$e^femiefmks»re»iVer/^ fi, 
lf4um Geometriumfrdfeftrente de centrogruuitmis fmtimmCiniili&EB- 
ffis,intercederet ftmilitudo ; qus^fftsfieretmiiqua , ud hme etimm tetrs» 
gpnifmi inuefiigundi methodum fer ftaticem .fucultates nh hm ime^ 
qunndo tam inuudita exhibere foleret , frofeituras. ' vmsdm^ m ve^ 
raforetpenitius cognofcendi cufiditute incenfm udems demt» exemiemdmm 
acrtt er animum adteci i nec fme contentionis , oferst^ue fretio. Dum enim 
mcntts ncicmad fm^ulri vupcr Jlabiltta Theoremata conuerto ^ & fingula 
ferlujhoj ecce primumintermfcans qtt^dnm fpecies occurrit : qM luee fes^ 
fimferfiifa coftofiore , euidenttjjime tandem cum non mediocri med volufta- 
te , nec admirattone mtnori demonjlrat nullum circuU , aut fe&orem,aut fe- 
gmentum exhtbcrt poffe ; cuius grauttatiicentrum compendtarid ,flartd<jue 
methodo affignarc nata non fit £luadratrix. fyod quomodo pojjrr abfolui 
fi.mwi-exponam ivbipaucis de centrograuium^quando in etus met:tionem 
ineidi ^ dijferuero itotiiifque fiaticesfundamentum ohiter fuero contcmpla- 
^ifiemmUremmeamyCuiflufqumn fatis eft ,fi hacienus admtjjis 
i» ed dtfcifliisA nite^r , ea traOio minimi necejfaria vidcatur : quia tamen 
,mitjmltismttimmsgrauifimaeiresfPrineifium, quomotricium fotcntta- 
fmestetidfque MeehmumsmrMs$sffe0us demmBrmi folent^orta e^, 
yee^mdiremf^difceftattoim^ digreffio, 
f^^nmmBmeseffaesmn^liSMtiU^d^i^^^ 

thefimfrdlegertmuUidetmhn^trMdidi, exfmkMSiUiquidfortaJfelucisfro' 
'11/:^^-^'. -ru feUmrnm efi { m emm viris non imfe^ 

• l: V ' ^ ' . r titis memini non difflicutffe ) quo m^ 

X'^ - I ; - ■ hie fclutimtm mmeifci fstiShl 

A l ' Jl ' ^ lfl f^ £fi ^t*tem huiufmedi. . . j 

W^f^A'^-^-;^y \ ^prttMeehsmiees^mens jhehU 

I . ^'^f^Liif.i.rrtf.€,dtJBqm^. 

ranttbus. si duA grauts msffdtndimi 
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lOi V Lih. 1 1 1, De ^airdtrtce. 

aigrauitatem f; eam reciproce habeMtdiJmttia CB fujpenftomsgraititttk 
la, tun^ofrmituikik C, addifieufHem CA eA eodemfrmitudinis funiio C 
fufpenftonis grtmitMfts G : tmrt UkrMmA B m fitn ibii9 mquiefieredfMsli 
vtrimt[uefreffdsi MqmUbriuwtietefmnMtMm» 

HmK Affertmkmtim eji , auivtverifmem &^iim4imUi es^weutik 
temfrehMtMm mnMimittMt:feiMBittmitMh eius AmhmfitoliMtieuemluMi 
feri^ eenfem eimtesvermit.hums dfmtifrjf tMsfmH Mffgmire, n^tihm 
bum okferuMuit frimus , exfofmt enuUtiJltmo in ofrffuU fftU^ Htf \ 
eferikm nmMhfimU ( tui Noua de Muelnms PhiUfcfhiM nemen.ieiit, ) 
gjtMmfmm , & tumemmm difciplinarum , tum Mmhefeos in frimistfw 
eultate excultijftmus R. P. Nieelum Zuehius ^ Sceietnte noBri , iu RotuMtu 
eollegio olimPfofeffor MMthemAtices , de qui tmm bint^qnkm fi eftmi 
poffea meritusefi editis in ofticum Phiiefofhiuminter curMgrMuifiuas ie- 
^iffimis lucubrationihus. Hic itaque cum non tantum quid , qudmveob cm- 
fum in Archimeded ratiocinutione minus frobaret , exfofuiffet s fed ettm 
Princifium explicfl(Tct , vnde aquipoKderationisitlius ratic peti debere if[i 
videretur-. eius fententtam amplexifunt aliquot non imperiti Geometn: 
nec tamen defuere Alij , qui Archimedeis Placitis ftbt inhAreidttm cenft' 
rent. Vtriufq:tc partis rationes , obieEidfque vtrimque difficultates hic ex- 
foninon patitur breuis ab in/Htuto digrejfio: cui vt fpero ^ finem non antem- 
fonam , quam lucis aliq nd ad huius qui*m gr.i:/ts , tam tucandt difceftatit- 
nis folutionem fiatuendam ex ed colle^um fuerit. ^od ve confequar fnti' 
iius,fMUCMfremittoprd»ofce»dMferuMtMProfofitionumferie, - 
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PR.0P0SIT10 LVll Tkoremn, . 

Viufuis magnitudinis grauis, grauicacis cjuoddara ccn- 
ccumdacur > idcjuc vnicum. 

Bxfofitio. 

MagnicudinisgrauisQominenoinlblj^ teitia quancicacis rpecie^ 
(blidumrcilicecquodlibccgrauicaceclonacuin ; fcdeciampriina, 
cuoda » Jioc eft , linea & (uperficies , iofielitgcnda venic. . Lic^c eoiin 
-qnancitates huiufmodi a roIidaquancicacefeparaaB nequeanc reperiri: 
concipi camen eas nihil vetac , deque ica concepcis varia dcmonftrari. 
Aflcritur icaqoe hlc quamlibcc quantitatcm grauitate donari poiTc 
( quid obftat?) tc grauitate donatam, ccmrum quoddam nancifd 
grauitatis fuae, hoc cft, pundum quoddam mcdium, vnde xqualis vn- 
dique e£Fundacurgrauicas ; vcl, fi mauis,.perquod fcda plano aliqu^ 



Lih.lU. De Quddratrict* io| 

ad libicum grauis qaaotitas , in duas parces fcmperxquales (tluidacQr. 
Hatc eft eoitB huios vocis itmri vtf ,quz a circulo , 6c fpxra mntuata 
adcxteratqiialcuiique quanticates crauflaca e(l. Dixi pl^ino fccart 
debere giauemquaiiticatem,etiain(ifueric(upcrfictes; ne alioqui fat- 
piasieqoetecur partcs tam quantiracis , cum grauitacis ex (t£i\onc aH* 
ter i qu^m pcr pianum fada genicas elTc inacquales , licet pcr mcdium 
illud puticlum quantitas grauis diuiderccur. His declaracis »in quoJi- 
becgraui grauitacis cemrum , idquc vnicum dari prubo. 

Demon^rMio. 

Centrum huiufmodi grauicatisinquolibctgraui dari tam cuidcoi 
ccnluit Archimedcs, & rehqui dcinccps j vt co ruppofico cius defini- 
cioncm tantum cradidcrinc. Nihilominus,vtcniaUhacde rcdubitan- 
di raiio^pr-ercindatur, id itaconfirmarehccbit onuiegfaucy Btfiafiquo 
impcdimentocxtrinrccoprohibeacur , coto mfu adccncrumgrauium, 
^uod idcm ccncrum cfl vniuer/i , conccndic > illi&dque occupat , 6c in 
«O , dom araualis vndique graoMas vrget , conquicfdc. Qux qoiei 
miUaeenosftaliitttipotiBftsnifimediuro ali^nod grauitatis Ullus pun- 
ftiim ceBtrograutu» afwecur ^ vndequaquc acqualiter premacitiv 
ac in cocohibeanir. Quo prsecere^ fic , vt vnicum poffic eHe IM- 
dtum iilud gratttcatis pnnAuai : fi «nia duplex Ibreei giatiios esr parte 
akeriustUtttsttedij^poadi pondus incuniberec eenucUerec ooiiifi« 
fleinnam. Atqoe fcio an atiud dari ptffit ai^umeilttim > quo 
conflctin qualibec figiar^,fiue fuperiicierum cuiuiuis gencris, fiuc 
roiidonim, teperiripondumquoddammedium figurz tocius,quod 
proinde cencrum figurasdicacur, verepcriri vulgo fijpponitur. Qttis 
cnim facile fibi pei kiadeat in figuris irrcgulariffimis fiuc rccunda: fiue 
ccrtix fpcciei quanritatis ulcdariearum quanticatisccntrum ? Ac dari 
nemo non agnofccc cuidcnccr , fi figuram quamlibct grauitatc ccqua- 
licer fasa conftare , & centri)m vniucrfi occuparc fupponat. Ciim. 
enim tuncceutrumgrauitatis figurx centro vniuerfi coaptetur 5 non 
tantiim in grauitace ccntrum dari concludcturj fiid etiam ccmrum fi- 
gurac, &quantitatis,quaiKloquidcm grauitas vniformiter quantita- 
tcm comitatus. Sed hocobiterexdataoccafione. Nuncadrem. 

Cum igiturquantitasquxlibetgrauisinccntrograuium pofitaccn- 
tropociaturi quisexcra ilkidcam centrocarcreiuredicac?£rgocuiur«> 
Vtsmagnitudinisgrauis&c. Quoderacprobandum. 
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PROPOSlTiO LVIII. Theorema, 

1 

SI grauis iiMgnitudinis ccntrum , vcl fufpcndatur, vd fu- 
ftcntcrur : dacum qucmliber (uum ab cxiiialcco agcntc, 
fidditcr confeiuabic magnicudo. 

• Demonjlratio. 

Sic Uqcx grauts A B ( idem efto de foperfi- 
cie , idc m de (blido itidicium ) ceotram graui* 
catis C :Quod vel rulpendatar liocjt pmull 
C F , vel lubiead firmi linei C G fuftemetnr. 
Probandum eft eam Quemlibet fitum^datom, 
autHorizomi parallelum, vt AB » aut ad Ho- 
rizopcem obliqoum , vt £ D > & admiiTuranii 
& conferuaturam. C6m enim xqualis fic 
▼trimquc grauicas , qusc xquali vcrimque nlfb 
ad centrumgrauium fertur : quouis in ficu (iue AB,nue £ D ftatuacur 
dacagrauislineajdicendum omnino eft eam indaco (icu permaofaram: 
n'jlliimcnim cft mociis aliud principium incrinfecum , nifi grauitas 
hinc,qiiam incle,maior j Quod foretconcraruppoficionemjcum C po- 
naciir graifitacisccncrum, vcrimque arqualigrauitatc prcflum. Quarc 
Si grauis aiagnicudinis &c. Quod crac probandum. 

.PROPO&ITIQ LIX. TheormA ftr4nf$gne. 

SI duo inarqualia pondcraX , Y,iugo cuipiam RSappcn- 
dancurrquod inT ica fecccur» v& eadcm ratio fic parcis 
T S ad partem T \ quas eft rcciprocc pondcris X ad R ap- 
penfi , ad pondus Y appcnrum ad S. 

Dico. Si iuguni in pundo T , ve! pcndula linca T Z fu- 
fpcndarur, vcl hrma TC^ufl-entctur, duopondcraarquipon- 
dcrarc j & luguoi R S ^ dacum qucmcunquc iicum obieiua- 
curum. 

PrdpsTMth. 

Per- infignc , inquam , cft hoc Thcorcma , vt pote quod fundamcn- 
oiinooinpledatur cotius ftactcesiciiiua quibi-iuciidafii; coi^mplacio, 
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conrtat cx motriciLitn 
-p _ : * - facuUatum tradacionc : 

— ^ quam vcr6 toti Gcomc- 

triac vtilis,vix;poccft enar- 
rari.ConluIc Antonij La- 
Jouerae c Socictatc noftra 
Eiieinenta Tctragonirmi* 
cft>& CyclokBca in qut- 
bus non fine volupcaie & 
adnuracione obMriiibis », 
qu^:imika iasnidita 
ram Pcoblemaca vir flra- 
diflimus cx ftatidl baye- 
ric,&(lenion{lraricl^Uimal,Mi^ac4MreuiiDma mcthodo : quorum 
pauca alij quidamnonvulgaresUeomecrx vixrandem ali^ infiften* 
tesyiademondrarepocuerimt. Quiavero,ecfi per-infigne Theo^ 
lema hotrtam obfcure traditum mngni nominis Gcometris vifiim eft» 
vtfupra memini , vt fi minas de cius vcritate dubitarint ,cius tamcn 
probationcm,non vt legitimam admitti poflc rati, aliam cxcogitarinij 
aliam & ipfemcdicacu.s f um ,qux Priocigip|)cr (eiiociilimoiMci-yjdj^ 
tur. Hac autem cgcr conQruclionc. 

Lincam quandam grauem homogeneae grauicacis afllimo AB. Qua 
diuisa bifanam in C, perpcndicularem cxcito CF : pcr cuius pun- 
£kum quoduisF lincam duco D E ad ipfammec C F pcrpcndicularem, 
fiuelinez A B parallclam. Tum ajpun^boF lincam fumo F E quam- 
cunque ,dummod6 minorficicmiUeC Bcotijus liuea: A B : fic, excm. 
pligratia, zqualiscedcCL Ab eodem ver6 ponfto F fumo FO 
aEqualemreliquae IB» ica vccoca D £ fic cocios- A B (emifli stqualis. Ac 
deoique ex pundis D 6c E lineasddco D H , £ 1 ad A B perpendicu- 
lares. 

Hac abfoluta conftruftione. Mantfeftumeft redam HI scqua- 
iem efTe femiffi cocius A B : e(l enim H I in R.edaDgutoD I xqua« 
Ms vtAx D E , quz pofica cH: rqualis redac C B. Efgo duae ceriqine* 
parces H A , l B cocius A B , limul fumpcac func ctiam cocius A B (e- 
mifTis. Quod fi fumatur H Gxqualisrc(axHA, rcliquam Glxquttc- 
lcm efle neceflceft re^VxlB : hxc cnim vna cum rcA^ H G acqualis 
cft fcmini H I totius A B : atqiic ica cam A G , quam G B bifariam di- 
4jiduntur illain H ,hxc in i alineisD H, & EL Ergopcr Prop. ly.. 
i4b.$^.£lem.ica fcjbabcbicHG ad Gii vt illiusduplaA G ad tiuius 
' t . .0 z duplam 
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•lo^ Lii.IJI. Df Quadratrice, 

duplam GB.ScdFE .Tc;ualiscflrccla:HG,5cFD xqualisre(n:ac Gl(po- 
iica fiquidcm cft F D acqualis redac 1 B , Tiuc I G : itaquc ex cotius AB 
icmilVibus acqualibus D E , H I rcliqux F E , H G i\inx. xqualcs) Ergo 
itaedEFadFD j n AG ad GB. His iia dcclaracis , quibus nihil 
aperuus •did pcKeft> Proponcioius probationem niliilo «wicuriorein 
Kcipc. 

. . . Si Hoea A B niiKuvuter grams ad iugum D E< quod omni & gn- 
wcace^ 6c leuicace carereluppono ) appendacur lineis pendiculis D H> 
^lt^tugomipfum DE tn firmirudints pundo F» qood eraoicads 
'cencroC oxiasUaes A B pcrpendtculactcer imminec , vel fufpcnda- 
Cnr i vcl fudencetur : baud ddbium > quia tam iugum D £, quam liiiei' 
tou ABoooriftaQCk Su(Hnctur cnim iprumgrauicacis lineae Afiom» 
tnMDCmcdiantelineadiredionisFCtperquamrolam iabi mncft 
. totagrauicas A Bdocicc ad ccncrum grauium omnium , centrum elus 
Cappulcrit. lamconcipiatur graiiis hajc linca A B fecari in C , ita vt 
in copurx^o toiuacur ciiis concinuiias, Tunc partis AG grauicatis 
cciKrsmi cric H j partisautcin altcrius G Bccncrum erit I : cft cnim 
tam A G in H > quAm C B in I bifariam diuila. Cum crgoccntra ha:c 
lineis pcndulis D H , E 1 lincam dirc^flionis occupantibus a lapfu pro- 
hibcantur : in codcm plane fitu pcrmancbunt , ctfi nunc tantum con. 
tiguac , in quo ante continuicacis {olucioncm confiftcbanci lugum- 
que ipfum in F fufpcnlum , vel fuftentatum, a fitu dato minimcdccur- 
babicur a penduUs Hneis D H , E I eadcm grauicacionc , qua amc fc' 
Aionem linese A B inGfliftam , ipfum afficiencibuf ' 
. Hcc ica ciim iint. Quid euidenciusquam graoicacem AG ad gct* 
nicaiem G Bica iehabete i nreciproce ie bmc Itnea F £ , qux eft 
diftaociarorpenfionisgraoitacis GBi panAo^rffiicodinis F»adiiiieam 
F. D > iitte4iftamiam ab eodem lirmicodiois pimdo (bfpenfion is graui» 
ncis akerius A G } oft^nfum nquidem eft proximb eandem e& ra« 
cioaemlineaeFE ad linearo FD,fl( iineieAGad GBlinearo. Acc|Osp 
cacioeft lioearura AG, GB,cum grauitas vnifbrmicerdtftuiaitippona- 
tur per cocam lineam A B ; caodem eiTe rationem graoitatum necc^. 
cft. Qttia ver6 graois coioflibec quamtcatis figoia nifail in ein^ grauf- 
tatem inuchere poceft mutationis : loco graotom Uneariiim AG,8c 
G B alia quxlibetcuiuruisfigura! quantitas eiofclcm cum liods AG 
6c G B grauitatis/ubftituiconcipiatur : iugum D E eadem, qui priiis, 
granitacione vtrimquc affcclum priorcm fitum fuum cucbicur,flcuc 
&j|ucmUbecaUttmaba§ejiceexcfioicco iiatum ,adaittctc » iucrig uc 
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tiacon) eft. Supponsunascrgo , vc ad Hypotbcnmiwniamus , pondus 
^acquale eflefoodeni linete grauis AG > pondosaatem Y xquale^ra- 
bitaci GB >nccnon iugum R S lugo D E atquale cfle , & vtmmqiTc 
flmiliterinT & Fdiuifum,eaqucpun(f^afmtfn vtroquc pundla fir- 
mitudinis : haud dubium quin lugum R S , acquc acDEdacum quem- 
libct fitum fcruare nacum fic Quarc candcm ccrto ,tut6queconclu- 
di poccft. Quodiiiiuo io«qualta poudcra X£cY Quod onc 
demonAranduBi. 

Habcs erj^o pnmom & immcdiatum , ac pcr fe notifliiTiuni Princi- 
pium jcquipondcrancisEduarum grauicatum inxqnalium , quandoea- 
rumraciocadcnicft cumrcciprocaracioncdiftantiaruma pundo fir- 
mitudinisrufpeDfioQum. Quiaiciiicecamhariim ioaequalium graui- 
tatumX & Yin allato fchemaie ootnmiioe ^ceiMraBi graukacis tunc 
ttnt^iafurpciidicur, velfitileacaiiir^TtadsquipQiideranciMN oecdP 
fariumeft ) ctorectpcoca iUa fttio pondercHn X ^ Y , 6e dUbocia* 
im TS > TR i&pondo T firn^dmis pendolaram jinearumSY 
nbleniator* Hac enim foislatd jcdpreca raciene , oencnim ilktd cora- 
mtsnegranicacomtton cohibecor a lapTn , nec proinde potiunc ipfx 
aBqoi!ibrium,aocdatam<ioemHbec ficum obferuare. IHemini tporr^ 
duarom graoitatum inzqualium aeq^alibus filencio prartcrmidis , noo 
quod eadcmprobacioeciam aeqoalibos oonciMMieniac: (cd quia pofi. 
ds grauicatibus xqoaHbi» , vc reciproca ratio ponderum 3 & diftantia- 
rumrurpennonumreructnrjaequalcsctiamdcbentcflediftaBciae. Ac 

* cocaiu pofito Principiomeft per fc notum grauitatcs a:quiponderare; 
quod Archim. Lib. i . ^^quipond. fupponic : iicc4ebattl^r-ope(iciont 
immifccri , quK probationc indigcbat. 

Obferua praetereactfi lincas pendulas R X , S Y , ficut etiam D H 
&ciaequalcs ftatucrim , vt facilius texerctur tota ratiocinatio,brc- 
uiufqueconcludereturjid tamcn non eire neccflarium. Sicut cnim , 
lincx hniufmodi longiorcs, & breuioresad libitum efle poflijnt abf- 
queponderum mutatione jitactiamad arbitrium inaequalcs intcr 
polluntconftitui immutata grauitatione : ad cuius xqualitatem fcr- 

^ uandam facis eft , vc in aliquo loco lineae dircdionis cencrum grauita- 
is repcriacor. 

Adbsec. ObferdiiallatampdDdercRninflmaflfianlMn^ 
deramiam ob ponderomlBc cBAamiacom «qoibus corum fn^peniiones 
il ptinfto fiiinif udtnb reGedoitt,feciprocam racioiiem,n«a cantjmo, 
adl-iivnni^euamad veifte^ 

' 4> 5 ' aiquili 
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jcquilibniim ponderuiii X 6c Y ftatultur , fiuc firmitudinis punAuai 
T iugi R.S fufpeudatur linca pendulaTZ> vt in Libra contingit > fiue, 
vc vedib cxigit, fullcntetur luppofito hypomochlio TQ^ Vel.vt 
habct fchema in Pracparatione dcmonftrationis conftruduni ,quod 
ad vcAcm adhlbcri immcdiate potcft : xquilibrium (eruabit vcdis 
D E , duabus grauibus lincis A G , G B } vel carum loco duobus pon- 
dcribus X 6c Y oncratus mediuiKibuspcnduliilincis DH >E l: fifiil" 
cifDCDco C F lincam diredion i s occupance fuftineacur. "* 

CorolUrium, 

£x eiufdem proximi Theorematis demonftratione ortus edmodiu 
nMxricis pocemiac vices io quacunque datai ratione per Libram & ve* 
ftem augendi i autjpoiijks vires debiliores ad maiorem qujSm ipf^e pcr 
ie folaB poflem>efledum per didas macbinas qomparandi. Qttkl 
cnim pondera,qu^ mpcricesquedam pocemix runt^rubftinieiflTo» 
perioreve^eR S ponderi Y pocemiam quandam grauiuti Y aeqiuh 
ien^:quxicilicct ipfa pcriefola« &omniirachini dcftituta poodoi 
Yc^ada cpofllt , 8cfufl;incre: capotcricin vcclis extrcmo S pofita, 
pondusXconcra ntrcndofuflinere •&dup]o« &triplo , ^ quauisalia 
ratione raaiusquam Y 3 (1 vcclcm icadiuidat hypomochlium^ TQ^vt 
pars ik altcra parce T A. duplo vel triplo > aut alia qoauis rflnoDCi 
,maior. 

Cxterum. Cum vedis , fiue Libra R S appenfis ponderibus X & 
Y in R 5c S , quorum eadcm fit ratio ■■, quac cft reciproce diftantiarura 
TS ,T R.appcn(ionum a firmo punclo T , ad qucmlibet ficum fit in» 
differcns , & qucmcunqucdacurotucri poflic: non vidcturpotcntiain 
Sapplicata raaiori virtutccgcrc admouendumpondus X, & in aiio 
ficu vctficm , vel librx iugum. R S conflitucndum : quam qux fufficit 
' ad acquipondcrantiam j quac fciliccc conatum cxerac praccise a:qua- 
lcm conatui fiucgrauicationi pooderls Y. Ciim cnim vcdis , autlibr» 
ponderibusX 6c Y comparata fit ad Hcum omnem admictcndum^ft 
coniernandumjper mocum aotem ad varios tant^ 'ficos codein ion* 
per ponderum conatu perleoerame dedocamrrqoid eft>quodad 
mouendum requiratur prster ponderts Y vtrtutem , Sc decermioatiAi 
nem.potentias admouendum, citifque appIicacionemKiuibus noooiii- 
tacur ,c^ extrinfeca (int , & per aocidens aduenientia , & pomfei 
rumconatusadaBquiponderanduminquoconqoefitu diippfitos per 
inamipforum^ ta fufpenfionumreciprocam racioncm. 

Habetur cx di<fVis ha^misquo nicacur Principio Libra & vedis:^ 
qao,quatex veftc4cducmy ur i variis cuagi co c hle »p viie^ AcTra- 

• cbica 
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chlcaaliquo alio cgeci vt quod motrici potcntiae pracftac adiumcntum, 
dcclarctur. Quod noa parum a ve^is , Librxue Fundamcuto differ- 
xe videcur: neci^cisapert^ Aathotes aliquot ( pauci(nmi enim funt, 
qukid ieruatifuerim) Uludezpofueruoc En itaque Theorema , quo 
oon parumlucisadhuius MachituBincplligentiainacsceirurum eft. 

PROPOSSTIO LX: Titmms. . 

SI lugo cuipiam D £ , vel doabutpendulis tineisO VE 
vtrjquc cius extrcmo D & E adhibicis fufpcnfb , vcl duo- 
bus hypomochliisD H, E I fulienrato iacunibac poadus C 
CK puiK^^oF iugi illiusfufpcorum. 

DicograuiratioDcm qua pcndula liaeaDO>fiuc fiilci- 
mencum D H afficicur » eam habete rationem ad grauicatio- 
nem, quam paticur alcera pendula linea V E > (lue alcerum 
fulcimcntum E I : quam rcciprocc habct hnca FE,qua: cft 
dirtancia pun6ti cxrrcmi Eipnusiugi afirmo pundtoF ,ad li- 
nc2un F D» iiuc diflanciam alcerius excxemi pundbD ciufdeoi 
iugiabeodcmpundofirmoF. ^ 

Prdfsrsfh, 

Q , Exponatur iugum D £ cuffi ap- 

^ . V pedb in F eodem poiiidere C » fimul 

' \ 9 • cumpendalisIineisDOfE Viugum 

I Y Ie ^ ^ pcndete C ^nc fuftinenf ibus 

I i ~ I ( eattem forec rauo fuldmentorum 



pH, EI ad veAem ipe£bantium:quo* 
H I ^ 1 X rumhicbreukacisAc daciiacis gratiat 

mentioncm omicco:qu3ecnnque emm 
<y circa Libram condadentttr ,.cadem 
1 • vc£ii coi^ueniuntyvt ex praecedente 
i Prop. manifeftum c(k. ) lam ipfx 
dux pcndulje lincac D O , E V alliga- 

tx concipiancur alteri iugo OV^qiiod 

I C 1 priori D E parallclum Cii : quo ficc, vc 

linexDOj EV,qua: pcrpcndicula- 
res fuppoaunuirafi tugum •quodiuiUneac > D£ i fim ae^vuic$>a;qualc 

itcm 
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itcm lugum O V priori D E. Ad bxc O P Ibinpca «quali lincx D ^ 
fiue VP asQuali lineat £ F i fufpeDciauif ttsguiD OV pendQia liDca PZ» 
quxncce(Iari6»(lproduciG(Kictptan]r>.touooncurreccaiD lioed di> 
redlioQks F C »10 qo&ccBtcuoi grauKactir poiidaris G repakor. His 
poiius. 

Demonpratio. 

Cum linea pcndula PZ ccntrum grauicacisgrauisquamicatis C fu- 
ftincac : iui^um O V,quod mcdiantibus duabus pcndulis lincis D 0>. 
E V , pondus C fuftinct , confiftct in xquilibrio. Ergo grauicatio,qua 
iilud afficit pcndiila iinca D O , ^equalis omnino cft grauiiioni , qua ab 
altera pendula line.ii E V afficitur ( id enim ad acquilibriura , nccclfa- 
rium eft ) Ergo pcr Prop. antecedcntem ica fc habct pondus lincae 
O D , ( quod aliud non cft quam vis ipfi illata a pondcrc C) ad pondus 
lincx E V , fiuc ad vim quam pondus C ipfi imprimit j vc fe habct re- 
ciproce reda P V ad P Oj fum aDcem P V , P O acquaics rcdis F E, 
F D. Ergo pondus , cjuodfuftinet linea D O , ad poodus k linea E V 
ruftentacuintdttnn ambxiugumOEpoDdeceC oneratum iuftin^m»' 
Jcaib lMbet>vtre6ipmiMAaF£(ekabeiSadfeftamFD* Quarc- 
$i iogocoipiamDE»«eI&e. Qttod eratdemonAramiiiai. 

Sfhoiimm. 

. Cvimyn fiipramonui , eadcm fic ve^ltSyae Libne ratio;patetcoi' 
(iindamemo ntcacur fecundum illud vc^isgenilsjcuiasatterterroiniis 
pundofirnu)in(iftic,dumaltettU«»iiopocencia applicator ad mo- 
iieDdm»poodnsmedium.iotcr Dotemiam ic fiilcimcncum eoenim 
noa miniis iuuatuV potentia , quam pr ioris generts vede $ in quo po- 
tCttttave^is vniim extrcmum cradat, alccri vcr^ extr^mo pondos 
incumbitpoficointer vtrumque cxcrcmum fuicimenco. In vcroqde 
/iquidem , quopotcncia a fulcimcnto magis reccdit , co facilius pdn- 
dtis moucc,vc ex vtriufque demonftraciooe conftat» cooftabicqne 
euideociDBCx fcqueise Pr opofiucdnc^ 

PROPOSlTiO LXL Thcorcmd. 

IN vtr(X|ue vedtis gencre* jdctn pondusxquahccr ab by- 
pomochlio ceccdac* 

Dicopotefifiamexfreiiiovc^Us appHcatam xcfizlim ad 
poodwiiliid tBOiicifdttin vcAe wmtL 

PRO 

» Digitized by Google 




Lilfir JII.de QH4dt4itrice. n , 

YcdisCBfubmcnto ^ mfifl^t . ^ 
autcm potcnfiii io fi-^ <kio «equalia mw». 
dcra C , D : quorum ccntra io ipfo ve4lo 
Aacuantur( lic^t id non nifiaddarlorw 
dcnionftracioncm ikn«l^0ariuir4 xqujfc- 
li binc inde a ruIciiiKspto ^ diftanfij. 
OflendcndumeftpotcntiamB vedc «qualitcr iugari , fiuc moucrc 
dcbcac pondus C vlcra hyporaochlium A poficuoi} fiuc pondus D in- 
tcrA, &poccni.iamB confticucum. Quod vc euidcmiffim^ confi- 
cianii iuucritobreruarc, vcgraue D in arquipondio ftatuatur duas 
potentias concurrerc : vna ccnfecur fulcimcncum.altera cft potcntia B 
mobilislocum altcrius fuicimcnti occupans. AtvcgraueC a-quili- 
brctur, vnica rolumpotentiaBcxcrcecur, vc paccc : ea cnim fola a la- 
pfu cohibetgraiic C. Ad hacc. Vt poio|Jtia B ad queme unque fitum 
«Idocac, & tn eo comiDcat graue C i vcdis cxtrcmum B , cui appli- 
^iur^traftac dcprimciidoi quodaiioBtodotraaare dcbet.cum trrauc 
.Dadfinimqocmpiam ftabiliendtim cft, Supponcndym iiaqiTc cft 
aBqualesvttes apoccmii impcndi «.fiacdcprtmeDdo, fiue acollendo- 
«a fiquidcmdcprcffioiiis , vetclationisdiKercncitnpllam parit maiol 
fcm , vcl minorcm difecolcaccm , src ad cam fnpcratidam maiores vi- 
les , vet minorcspoccnciae fint Dccc0arix. Suppooo ctiam vcrii^ue 
J^uis C & DccDcrum grauicacis in vcacipfocoDiycui ad clariorcm 
dcmonftrationemialias id minime ncccflarium cft, fiifficiteDtm yccx 
iifilempuDaisper peDdulas, &libcraslincasfMj|peDdanM^.^^ 
claracis. ■ • v. " -f^^' , ■ V^-^- . 

Vtacquilibrium ftatuatur opc potcntiae B : caeft ratio lincjc BD 
ad lineam D A 3 quac eft padlu^t grauitationishypomochlioaducnieii- 
tis i graui D ad grauitationcm,quam ab codem graul D patitur poteo^ 
tiaB pcrProp.antecedcntcm. Ergo componendo. Ita.cftBD cum 
D A , hoc cft , B A ad A D j vt aml>ac fimul graultationcs paffiuse 4 
pondere D duobus fimul paticntibus, fulcimcnto A, & potcntix B 
aducnientcsad grauitacionempafriuam potcntiae B. Scd dua: fimu| 
grauitationes,qu2:apondcrc Dfulcimcnto A & potent;^ B adue- ' 
niunt,eft ipfa tota grauitacio , qux a pondere D poccft cmanara 
Ergo hasc tota grauitatio cmanans ab Agentc graui D ita fe habcc ad 
grauicatioDem, quam patitur poccncia B i vc fe habct rcda B A ad AD 
Scd VI B A 4d AD i ita cft B A ad A C ( ^iuit enim xquaie& cx h ypo". 

thcfi 
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ehefi A D 9 A C ) Ergo vc B A ad AC > ica eft tota ^aii.itatio k gnnA 
D m fixlcimentum A & po^ennam B emaoajisMgrauitationem qaainr 
padtur potentia B. Sed vt B A ad A C nta cfl per Prop. 49. grauita- 
tio 4 graut C (quod eft aequale graui D ) eidem pocentiac B adueoicna. 
ErgopoicnciaBsqvialeni vim pacicur,nue graue fuerit in Difioe 
fueritinC. Qj|aceaKquaUbusviribus^cadsquilii>riurnper vedem 
hypomochHo incumbencem , ftatoendum > fiuc grauc vedi adhacrcat 
^ ui C vicra Fulcimentum A, Hue cransferatur in D 3 modo elusdiftao-. 
cia AD a fulcimenco aequalis (tc didancine AC. £rgo. In v^coque ve> 
.di&generefiidem&c. Quodcracdemonftrandum. 
. . CoroRnrium. 

Ex hoc Theorcmate colligitur racio , vt fu- 
pra memini,quoinodo per Trochlcam vel fimv 
pliccm , vel mulciplicem, fiue Polyfpaftum po- 
centise moucntis vircsaugcantur. Sicnimhoc 
infchemate graue Dmcdium vcftis A Bpun- 
(^lum occuparicipotentia B pondcn.s D fcmir- 
sc taucuni lufliact.dum femiflis hypomochlia 
A incumbit. Ciuod idcm contingic in Tro- 
^2 chlca,pcr cuiusccncrum fcmper ducitur iinea' 
dire£tiontsrufpenfi ponderis. Sic enim trc^* ' 
cblea, ciiiu'! diameter A B»dc D eius centranir 
ex quo pcndec graue G : fUnis autcm , qut in 
trochleam.indoitur,nt HABEs qui in H 
firmicer hasreat. Si itaque in E ftatuatur 
pocenciatrochleam cum fuo pondete G fufti- 
nenSf auccerc^, (qudd fieri folcc non ad au- 
gendas quidem eius vircs , fcd ad carum vrum 
commodiorcm pracdandum ) circimdu(flo f*- 
ne in aho orbiculo ad pnndum F alligato , (la-> 
tuacur in I :eric diamecer A B Trocblez , fe- 
cundum vedis genus proximo Theoremate denionftnicum % cuius h/'^ , 
^pomochlij A viccsgcfitfunis HA fuftincns vc^lis cxcrcmum Av 
alcerum aucemeiufdem veclis extrcmum B (uflinct potentia E , vel,fi 
niauis , I. Quo fic , vc potentia I dimidiam lantum partcm poudcris 
G fuftincatj alteravcroparsafuniculo H A fufpcndatur. Eft enini 
vc A D ad D B i ita reciproce potentia B ad potcntiam A , fiuc ad par- 
tcm ponderis funiculo HA vcluc hvpomuchlio incumbentem , vtJ 
Prop.bac dcmooilratum cil. (^6dft plurcs u-OGhles agu^ conilrur 
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Alone in capfulis componantur i iuuari poterunt potcntix motriccs 
ad grauiora tradlandum pondcra > vniimque ac idera crit omnium hic 
^xpofiiumfundamentum : ve<ftisfcilicct, fiue Libra eius gcncris, vt 
• grauc in iugo ftatuatur intcr duo fufpcnrionum , vcl fuftentationum 
punda , qux funt ciuldem iugi cxtrema. Atque ad hoc quidcm vc- 
^is Libracuc genus varias Trochlcis vtcndi artcs reuocat Guidus 
Vbaldusin Mcchanicorum Libro. Quiatamcnlongcaliamftatuitra- 
tioncm facultatts potcmise raotricis ad graue fuftinendurajqudm fit 
Ratio reciproc^ quam obferuat diftantia pondcris A punfto firmo iu- 
gi , addiftantiamciufdem ponderis a pundo.cui applicatur ,adha5. 
retque potentia i quam proporcionem neccflario obfcruari hic dc- 
monftratum eft:ideo cautius legcndus cft,quacdam cnim ex falfo 
Principiodeductavidcnturad vcritatcm minus accommodata. Qux» 
& alia non pauca ,qux ex dcclaraco Principio, probatifquc Thcorc- 
matibus proxiniis , pluribus profequi non patitur brcuis ab Inftituto 
digrefllorqux vt fuisnumcrisablblutiorprodcat,adeam fcquens Scho- 
lium dcbecadhucacccdcre. Scholium. 

Mcmini fupcriusobiter fundamcnti illius , cui inniti omnifcio Zu« 
chio vifacftmotricium facultatum ars vniucrfa : ad cuius inueftiga- 
tioncm pcrmotuseft , vtcicatoopercdc noua Machinarum Philofo- 
phia ipfc refert, iutj quia aliquid in Archimcdis demonftratione, qu^ 
Propolitionem 6C7. i^quipondeiancium probat , dcfiderari vi- 
debatur > tum maximc quiancc Archimcdcs ipfc, nec vllus poftcum 
alius mcntioncm fccilTcc vcclis illius fecundi gcncrisiin quo grauc 
mcdium ftacuicur inccrduo fu'cimenca ipfum fubftentantia j cx quo 
camen machinarum aliquot artificium , vtoftcndi ,colligi neccfle cft. 
Illur crgo Principiumidem,cum fubiilitateconftct fingularii nccom' 
ni tamen obfcuritaic carcat : paucishic ex mcnte Authoris dcclaran- 
dum recurritivtquidconueniencix,quiddifcriminis(fi quid latcat) in- 
tcr hoc 6c illud, quod a me ftatutum cft, cuidcnter innotcfcat. Iiaque 
in hunc ferc modum fc^l. 5. & 6. cxponit Author ingcniofiffimus 
fuum illud nouum ftaticcs fundamentum aflumpto primi gcneris vc^- 
<5le,quod ad fccundum, vt patcbir,penndc pertinet i ficut & ad vtriuf- 
que generis Libram , vt ex fuperioribus colligcrc demum licebit. 

SitvccHiis C Bicadiuifusin A , vt pars A Bduplafit partis ACi& 
pun<?lum A firmum ftatuatur, fiue puniflo A applicetur hypomo- 
chlium : ve<ftis autem extiemo C appcndatur pondus duarum Libra- 
rum i alteri vcro eiufdem veclis cxcremo B vnius tantiim Librx pon- 
dus, fiuc potcntia , qua: abfquc omni vc<flisroachina pcrfe fufficcrcc 

P i ad 
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ad pondus vntus libnBrafttiieDdom » m etiam fKnniUHl nK» lAv&^ 
his 5 Vtfdiicet motottiiiwtcpoflSc ( adqucm motum inctindum crfH* 
fofficcrctifi>vclpondusCnonnihilduabus Hbris minus ftaxeieittiM^ 
Velpondus B vnlus Librac minimum longiiis a punfto A tcnsoucrc 
tur,)quifiioirifupponatur»pondurqucC ad locmn G dcfcrrii co- 
dcm tempoiepondus vcl potentiam B ad H conftitui necclTe cft : quo- 
cruciure non potcft nifi pcr arcum BtH, qui duplus cric arc^is C G 
pondcrc C dcfcrlpri pcr Prop. 1 1 . Lib. 5. Colledionum Pappi , qua 
conftatcirculorumcircunafcrcntias,autcirculorum arcus fimiles(qua- 
fcsfunt arcusCG , B Hproptcr angulosC A G , B AHad commu- 
nc ccncrum A a:qualcs ) ica ciTe iDter fe i vc inter fc funt circulorum 
fcmidiamctri. Cum crgo pocentia B contra nitens pondcri C mouea» 
turpcr arcum BH ,dum codcm ccmporc pondus Cmouetur pcr ai^ 
cum C G , qui fcmiiris cft arc^s B H :conftac poccntiam B dodbrt» • 
potcnriis xquiualcrc jquarum vtraqipondusvniosltbrxmoucniiCI^ 
pax forctjdum vna poft aliam moueret m atcoBHpofita perfpatiolD 
«qualcfpatioCGsipondcrcCvniasIibtKdcctirfo.Petiafccnimt<k ' 1 

£ue dux potentiac, aequalcs poteottac Evna poftaliam^iioefllci^-iBKKi 
^per areum B H inftitotum promoneant j fiiae iHa ipfa potenti^ B /qe^ 
motom incboaah^ctmdemeontifioecpeteandeaa-aicotx^meadem 
fiiotiendi ftcutraseias tntegra perfaieretsapt^iqoe ipifafi>kperi0dei& 
IjKitiiiBKrpatij CGdoplom codg^tempocccmeiiri,quo grauc cttre» 
moalieriCappofitOjdccurritfpaiiumCGi atq; rdc^motu duplovc* 
]bciori,qua fit mocos,quo graiic C fertur ad G . Quod cum inqoalibct 
paiticolimot^ ponderis,! uc poc€ti q B,& mot^s ms^nitudinis grau^ 
C fempcr obfcruerorrmanifcftum cuaditpo«»SB,.qu«vnius tSt^m 
Xibrxpondus moaeaf^abique ▼c<^eibtctcapatpvedcadKibito^ eiqi 
rifijpniam ^hitfy^ ft^raiynfc pnnrlm. mrnar iw»> np>rm fettiito 
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i$tVL primo , & aptitudinc ad mocum cxcrccndum, tum in a(5lu fccun- 
do , & ipfo mot{4S cxcrcitio > fi tamcn ( quod fupcriiu tnnotatum,hic 
mcminilTe oportci ) pondus C vna libra nonnihil minus fu pponatur. 
Hiscrgo ita fuppofiiis & dcclaratis , patct quomodo pcr vcd:cm iuue- 
lur potcntia. Potcrit fiquidcm potcntia B , qux fola finc vedc vnius 
Libn pondus moucrc poflei i pondus duarum Libranim , aut quid 
minus,ad Cpoficom moucrc: atqucadc6 cadem feruaia proporci#- 
nc potcntiaB dimidixlibrx pondusmoucndi capax j ad vnius Iibr.T, 
aut quid minus, pondusmoucndum ( fi ad C ftatuatur pondus ) apta 
cuadcc. Ita vt potcntia B ad diftantiam a pundlo firmo A duplam di- 
ftantix A C pondcris pofita , duplicctur, & vt didum eft , duabus po- 
tentiisxqualibus acquiualcat j quarum fingulac fucccfilu^ poft aliam 
vc£kiscxtremum B agcrctpcrfemiflem fpatij B H,hoc cft ,pcr fpa- 
tium a:quale fpatio C G. 

Quacunquc igitur adhibita machina qua ratioBc potctitta maius 
fpatium .quamgrauc codcm tcmpore dccurrcrc dcbet , roaioriquc 
proindc vclocicate jcadcm maior euaditeius faculcas grauc moucn- 
di i c6 quod totics rcplicctur, fiue tot potcntiis fibi asqualibus arquioa- 
lcac 3 quoticsfpatium ab ipsa decurrcndum continct fpativim ,quod 
a graui decurri dcbet i fiuc ctiam quo velocior cft potentia; mocus, 
quam ponderis moti. Quac ratio fpatiorum , fiue motuum , eadcm 
fempcr cft cum racione diftantiarum quibus potcntia,& grauc rcccduc 
a puuiflo firmoicui innicicur machina:qux racIo( vcdcmonftratumcft) 
ipfifiima cft ratio i quam grauc , & potentia cum diftantiis rcciprorc^ 
obfcruanc.Adco vtaugmcntum virium potcntia: moucntis pcratur ex 
maiori fpatio, ac maioriconfequcntcr vciocitatc potcntiacquam pon- 
dcris. Quodnontantum in ve(Jlc,aut Libra prioris gcncrts locuai 
habcti fedetiam pofterioris , 8c in machinis cx ipfodcdudis. 

Nam dum in fccundo ve^lc potcntia B dccurrit fpati^i B H » & 
grauc D transfert ad G : arcus D G dimidia tantum pars clTarcus BH, 
dupl6que vclocior cft motus potcmiae B fpatium B H dccurrentis, 
quam motus ponderis D arcum D H eodcm ccmporc dccurrcntis, 
Haeccx mcntc ( fi cam fatisbcnc fiim aflecutus ) potiusquamcx vcr- 
bis laudaii Authoris rctuli , quibus Dihil acutius> Quibus addo cx co«> 
dcm citata (c6i^, ad calccm . 

Si poiidus C {in fchemate ^e^is pyioris ) duarum omnino forct iibra- 
rwn ,nihil6quc minus : aut ccrti vnius quidcm librsc forct i fcd po* 
tcntiae B facultas abfoluta forct femiflis vnius librae:tunc iii vtraquc 
hix. foppoficionc ) quia neplicata potemiaB (qust duplicataforet ) ca- 
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pax prxcisc forct rcfiftcntiae ponderls C contranitcndi j ratioquc 
tcntiae B ad pondus C cadem praxisc forct j qux rcciproce cft 
diftantiae AC pondcris C a pundo firmo A ad diftantiam ABpo- 
tcntiac B abcodcm pundlo : lunc ncutro pracpondcrante confiflemia 
fluc xquiiibrium intcr graue motriccmquc potcntiam ftatucreiurj 
ncc vllus inirctur motusj adquem requiritur quxdam ponderis,8c 
potcntiacinarqualitasjvc altcrum altcri prxpondcrare qucat,atque 
adco raotum cicre. Atque hadcnus nouac dc Machinis Philofophi« 
..Principittm fuilu Yulcor jcomplexus , circa quod hxc obferuanda vcr 
iiicfiit. , 




Prim^ qtridcm nihil verius ,ccrtiufquc cflreconftatiq^uammotricis 
potcntia: machina vicntis moucndi faculcatcm ca ratione clfe maio- 
rcm facultatc, qua omni machina dcftituta poilct : quam obfcruat 
eias a puuiflo machinx firmo diftantia ( omnc cnim quod n:oiicfur 
Aucliorc Ariftotele in Q^iixfl. Mcchan. quicfccnti cuipiam , ac firnio 
niti ncccflre eft ) ad ponderis, quod niouccur ,diftantiam ab eodcm 
punfto firmo. Quactiam rationc ( qux cx ea diftantiarum rationc, 
vco(lcnftyen;,neceirari6fcquitur ) fpatium amocrice pocentia de- 
carilimexcedit (pactum , quod eodcm tempore mocum per nachi- 
nam poficlusemeticur :.aut etiam ( quodetiaim iode ieqoi osct&tSt) 
<\\ii ratione motus potentiae velocior eft mocu ponderis. Adeo vtfulh 
tilidimi nouat de Mlicliinis Philolophix Auchoris ratiocinatio Vni> 
«erfalis fic, &ad M^tchinasomnes po(Gt applicari. In iis fiquideffl 
omnibusca rationemotrix potcncia rcplicatur>eii!ifqu)C ad moueo» 
dum graueTires augencur ( vndeiic vtdcbilior poieocia per banc i& 
plicationemgraiiiori ponden mooendo par eoadaci ^ qua fpatiuni 
quod decurric,maioseftrpacio,quodpondus eodem tcmpore cinc* 
citQr} v6icciam,qoa cacionepotenciaB mouemls velocitas*nx>cipoii* 
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dcris vclocitatcm fuperat. Scd vt hxc ita fint j attamcn. 

Sccundo. Ingenuc fatcndum mihi cft me nunquam tam aper- 
alTecutum efle rationem illam>qua laudatus Author acutiffimiis 
rephcationcm potentix fieri aflcrit , licet cam piuribus exponat , vt 
omni amota caUgne mens ei potucrit acquiefcerc. Hxfitandi harc 
occurrunt argumcnta. Si in eodcm fchemate vc<5lis prioris ad cxcre- 
mumcius Cpondus ftatuaiur duarum librarum j ad ahcrum vcro 
cxircmumB, pondus vnius libra: poficadiftantia AB , diftantise AC 
dupla i confiftunt , vc ex Authore retuH , in xquihbrio duo illa pondc- 
ra , fiuc poodus C , & potcntia paris cun^ pondcre B facultatis , cius lo- 
co fubftituca. In hoc crgocafu xquilibiij dici vix polfe vidctur juxta 
Prlncipium nouae de Machinx Philofophix, faculiatem fiuc pondc- 
ris , fiuc poccntix B rcplicari non tantum in a<flu lecundo 6c cxcrciro, 
fcd n^cinprimo , 8c apcitudine ad motum duplo velociorem motu 
poixieris C ineundum , cum ad quietcm , & confiftentiam tam pon- 
dus C , quam pocenria B , finc hac fcruaca ponderis ad potcnnam , fic 
potcntix a pundo A firmo diftantix ad pondcris C diftantiam rcci- 
proca ratione, oninino comparata abfque omiii ad motum qucmcun- 
que infita habicudine : vndc ncc (patium maius quod a potcncia B 
{ fi ab aliquo agence cxtrinfeco ad motum cieatur ) xquilibrancc 
peic.irritur i nec maiorciufdcm potcntix motiis vclocitas quidquam 
maioris facultatis potcntix confcrt, vt ponderis C obnitcntis refiften- 
liam.xquandi capax euadat. Sienim potentia abfquc omni ad mo- 
tumordine xquilibrum cum pondcre oppofito conftituendi, lue.iiii- ^ 
quccapax euaferit : multo minus fpatium quod per accidens mota 
dec irret , vel eius motiis velocitas ,qux motui aducniunt , nec ipfi 
funt elTentialia ; ad acquilibrandum potenciaftacultatcm exhibere pof- 
func: Sed aliundeei obuenirc diccndum videtur, Vndc porr6?cx 
cofcilicetqu6dProp.59.demonftratum fitintcrduo pondcra C,&: 
B,fiuc inter pondus C,& potcntiam B ponderi xqualcm, xquilibrium 
conftitui,fiuc potcntix facultatem pondcris rcfiftcntix foreparcm : fi 
diftantix pondcrum C,B a pundo firmo A fuerint rcciprocc propor- 
cionalcs,vt ibidcm cxplicatum eft Hac cnim pofita rcciproca propor- 
tione, fit vt ccntrCi grauitatis vcl cx vtroqj pondere, vcl cx pondcrum 
Altcro,& potentia aliqua altcrius poderis,viccs fupplcntc copofitc fu- 
fpendatur,vel fuftcntctur:Centro autem grauis cuiufuisquouis modo 
a lapfucohibico > ipfum graucin xquilibrio confticui necefle cft per 
Prop.58. atqucadeo adomnem fitum , finc difciiminc occiipanduni 
ficri paraium. Vnde patct rationcm adiumenti , quod potemix mo- •. 
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tricrpr«ftantmachinac, videri pcti debcre non ex co, qu6d rcplicetur 
cius robur,ips£qiie opc machina: Fortior cuadati fcd cx co,qu6d in tali 
a pun£to firmo , cui nititur machina , diftantia cxiftcns grauc vdjI cum 
ponderccomponaticuiusccntitimgrauitatis fic vel ipfum punAum 
firmum,vcl cidem pun<flo fiimo^ireifle immincat,aut dire^^ ab 
ipfo fufpendaturjcx qua centri graurtatis conftitutionc fequatur «jq«i- 
librrum , parquc poildcris maioris punjflo firmo vicinioris ipoiKic» 
rifquc , fiue potcntix minoris ab eodem pundo rcmocioris ad graut 
tandum aut ad fuftincndum faculcas. 

Illuddemum, cuius aliquoties iam ineminii edaBi ooDftaie vide- 
tur. Nimirum,conftltutoa5quilibrio,ircais,V.G.CBprioris gc- 
neris poceBtiamB ,iiullaaKa maiori fa<;dcace ^re ad monim ineon- 
* dum • & eonrinQaiidiim ,quamqu£ei fofficic ad aeduilibrium. Ckm 
enim eapar fic refiftenrix ponderis , & ad omnem bcum , qui motum 
(equicur, indi^rens{ nonfiKSulcas maior ad mocum , led caociiiD ajp> 
plicacio,& vftispocencis acccderc debec : ad qoem ;^ens fluc rationc^ 
iiue (enfti cantiun dudum fcfe per fe decerminare poccft. Acque hzc 
de ftaciee ex occafione eorum qtjs confequuntur , facis; Nttnc.adio- 
ftitutum. 

PKOPOSITIO LXII. nmtmM. ^ 

SI trianguladuo A BC, D EFaeauaies habeanc duos An- 
gulos A D^quocuimvterqae diiudatiir in daosgi^olos 
vtrumquevtriqueacqualcs, nempeGAB , HDE^&CtAC» 
H D F : ciiuidancur ddafes C B , F £ proportionaliccr ^ illa 
in G , hacc in H. 

Dico aeqaiangula c{Ic duo illa criaDgula»& iimiiiaiimi' 
' licerque pofit^ 

DicQ pranem Bullam liocain in aliGni(f o chici pofib 94 w-, 
tcra triangulorum terminatam \ qux (imilitcr fecctur a liM 
angulos diuidcntc \ vt bafis BC diuifa cftin G, ^uc bafis E F 
H» nififiicrit hifcc baiibus parailcla. 

Si fimiiia ood fiintduo triaogula A B C, D £F ) aogolus A B C vd 

malovcft,Tclmiixiraiigolo 0£F»fi cnin dpo illi aDguli A6C> 

DEF 
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DEFforcnt xquales: 
iam tum fcqueretur 
pcr Prop.4 Lib.6.Elem. 
ilimilia cfTe duo illa 
triangula fiat crgo an- 
gulus ABI xquaiis an- 
gulo D E F : erit trian- 
guium A B I fimilc 
' criangulo D E F ; & fe- 
cabirur bafis BI io L 
rimlliter,vtEFfeaa«fttoH>fiaecaibypotliefi, vc-BCin G. £r- 
goGI^anMieftperP«op.i.yb;:i^ liiMHB CLs^^ eftabfur- 
dDin : Conaefuaix enim GI.^ CI in A. Qaaredioendum eft an* 
gu!os A B C , D £ F / efle «qaales : acque adeoSuo criangula A B C , 
D£Feile(iniiliaperProp.4.1ab.^.«£Iem.fimiIic^^ Quod 
erac|primo loco ptobandom'. 

DemwffrAf/ofeemnUfMrtis, 
SiquzpiamlineaRTvfpiam in akerutrotriangulorumduci qoeac» 
quxitafcccturin lineiAG»vcBC fcdaed inG,nec camen fic 
linex B C parallela : ducatur ei per B parallela BI $ quam in L ieoec 
reda A G. Itaque B I fccabitur in L , vt RT ei paralieia (ecacur m 
S. ScdBCcx hypothefiita rcc2rturinG,vc RTfecacur in S. £r- 
go B IJn L , & B C in G fccancur fimiliccr. Ergo pcr Prop. 1 . Lib. 6, 
Elem. lineac G L , C I , funt parallcla quod cfi: ahfurdum , cum in A 
conucnianr. Quarenullalinca, quac non fit parallcla bafi BC,aut 
E F duci poccft in his triaoguKs , quac fimilicer fecari poffit ^ linca AG, 
aut D H vc B C fecatur in G , auc E F fccatut in H- Ergo fi triangUto 
laduoABCDEF xquales &c. quod erac probaadum . 

rROPOSITIO LXlll Thcerma. 

CViufuis fcdtoris circuli ccntrum grauitatis a ccntro cir- 
culi mious diftac » quam duabus fcmidiainecri ccrtiis 
parcibos. 

' Sit circuli quicunque fedor A £ F : qui bi^riam dluidatur a fcmi- 
diaraecroAD:ericK(floriscencraiii.grauicati$ in bac biiecante linei 
ArD , vtperiepatec. Dicoaaceoi.centtamiilud grauicaus > qqicu»> ^ 

^ qae 
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quc tandcm fticrit feftor, minusdiftarc i circuli ccntro A ,quam fint 
duxtert-stpartesradij A D. Hoceft , diuifb radfo A B in tres parres 
jequales , quarumdiias compfecfbatur AG : punftutn illud G nulliu* 
/edoris clle polfe ccntfum gratiitatiss fcd oi^Hiium fe(lo<;uiD idgB* 
ncri* ccntrA grauiutis cadCK; inter G 6c A. \' : »\ 

PefpHndum D i> in qno ratdius A D 
ttreuinm lccat , dticaHir ckculum 
.langen'! ,fiue ad A D ^crpendi^iikiris: 
quam duo (cdVorts latera A£ , A F pr(»- 
4iiBtM feCfnt in Rlc C. £ric tskauh 
Utm ABG Kb&sks , feBC.e;kiiiiv duq 
anguli DA&>D AC» 6c duo AD3 
ADC x^Usi ex liypockcfi^ Eigo 
ai<liK>-itlK)MiB^i^ C, ad bA(im fimc 
z^uales : vnde per pB>p. 6, Lib. i . Eleifi. triaogulum A B C KoiccleS' 
eOenccclIc e(l,quo pofito. Cuni cemrum cuiufais trianguli per 
lhx>p. 14. Lib. I . i^quip. Archim. Ca in line» bzQm inlecaate ifit oa- 
tem ctiam in linca bafi parallela % quae latera tc»ic6ac , vc pars angulo» 
sdhxrcnsficreiiquxpartisduplapcrlem. Commandiniad Prop. 15. 
l.ib. !. ^quip. dcmonfVratum • trianguli ABC centrum ncccflario 
cft pundum G. Namlmea A Dbihiriam (leatbafimB C in Dj&r 
fi per G cii^crctur baii parallcla,iccaret latera , vt fccfta cft AD in (j. 
Cum vcro ciiam ntcG Jjcutneclinca A D vnquam mutetur 3 licet 
iduolatcra A B, AC mutentur, vcl ad A D propiiis accedcndo, &: an- 
-gulumB A C fcnipcr minorcm contincndo, doncc cum ipfa A D am- 
bx coaicfcanti vclab eadcm AD rcccdcndo , maioremque angulum 
B A Cconftiiucndo , doncc ipfac A B, A C fibi in direclum compo- 
naniur omai carum cuancfccnte inclinatione , & angulo r& lcdor 
iprecuadatfcmicirculusi fic vero fcftoris cuiufcunquc ecntrum gra- 
ttitacis , vc mox aperiam , centro A vicinius, ouam grauicatis ccBcram' 
jCiBiu(euiK)t}c Ifoitelis criangul i A B C :.maniKftum eft . leAoris cuio» 
icunquecentrum grauicatisii»n^sdiftareabangulo A fiuc oeDtradr- 
culi^quamduaBustcrtiispartibus AGtocius IkieA AD ^Iiue iemi» 
diametri cireuU , vt ferc propoiitio. Sed oftciidi dcbec eeniCtiitt 
iiicacisicAorisftmper eUe cencro Aficinias,.qt]am^encnim G cnan- 
guti. Hocauiemmanrfirdumcftpef Aliomft^b- Libr 1. 9N|oip. Ar- 
chimcdis rqMoeflftatyfr^ gnR3ittiBgnicudine»n triai^lo AB^ 
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gL\h D ft E , D C F » vf fcliquuj fiatfedor : ccntrum Qrauitatis in op- 
poncam parccm («ccdccc rCfiCiiit : crg^ a cciuiu G cnangitli cuiufuis 
ABC , ccncrumcuiufbisicdoris A£F vcrsiis A ,e«quc Hc propius: 
mio4lqiieahe<)(i^cqu^d^abv) ^ijs AG (cjnidiimetri circuU 
pacdbiis. Quare culufuis (ederis 8cc. quod eracdemoDftraaduoi. 

Hiac iequhur omniasijcirGuK fe^loram > quostioea A Dibi&riam 
lccet f &micircclio tum maiorom «tum minorum cencra grauiuus le* 
feririinlincaC Adaasccttiatfiaitesccttius fcmldiamctri AD comi. 
Aenw : ^oque^MdbiitciMMttti Aticiniora , qu6 niaiores exciccrinc 
£bdores i dAattCcandem ad conuum ▲ ceilus drculi oemrum 9i gra- 
tiiatts » fc iingiutnjimi diucmiinir. 

PROFOSITIO LXIV. Thmms. 

Sl e% quouis qufitlt^tricis pundo I reda ^ucatur ipfHifcor'- 
nu vcl.fuperius , vcl inferius (ecans m B ; Axeia rero A C 

jn D:ac pcr B ducatur radius AB > fccliurus in H circu* 
luin ccDcro A pei; i dcfciipcum. 

Dico rcdlam I D ica recari ia 
B aQiudrarrice : vt ita fc ha- 
beajc l Uad B O i vc fc.habec anr 

S^ulus I A C ad AAgulum B A Q 
loc , ^t ^cus I G ad arcutn 
HG. 

Dempnjfrafi^. 
Ducatur apu-irto B adappllcatarti 
IF perpendicLilaris 13 E , fiuc Axi 
A Cparallela. Secacur 1 D in B,vc 
IP fecaturinE) funt enim in trian* 
giilo I F D dua: lincx F D , E B pa- 
rallcla inter fe. Scd pcrconflrudio- 
ncm Quajratrici^ , vc fc habet I F ad 
£ F i ita fe habet angulus I A C,ad angulum B A CjHuc arcus IG ad 
arcumHG. Ergoetiam, vtID>cft ad BD:ita tam angulysIACj. 
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ad angulum A B C qu^m arcus|I Geft adarcum H G. Quare ii ei 
quouis Q^adracrtcis 8cc. quod«fiC demooflrandum. 

PROPOSITIO LXV. Theorema. 

Slnt duo Quadratricis radij A I > AB ; (juorum ille fic ab 
Axe AC rcmotipr, quam iftc. " . 

Dico A 1 maioicm cfle » quam A S. 

Dmopfir/ttio. 

Si A I miiomoDcft qu^m AB» eric ilb 
«qiMlis , auc co minor. Dicacur zqualis. 
* CcDtro igicur A per I defcriptus circulus 
crandbicper B: Ducacur per 1 & B re^a 
fecans in D Axcn-. : circulus pcrl & B dc- 
fcriptu^ fccabit Axem inter D & A, vt in 
L. Icacjuc jCumpcrProp. pr^ced. iia fit 
IBadBDi vcangulusl ABad BAD:vt 
auicm angulub I A B ad B A D i ita fic fe^flor 
A 1 G B ad feaorem A B H L : Ircm pcr 
Prop. I. Lib. <j. Elcm. ita triangulum I A B ad criangulum BAD: 
Erit fcflor AlGBad lcifltorem A B H L,vt trianguluml A B ad trian- 
gulum B A D. Scd fe^or A LG B cft major criangulo A I B. £rgo 
•6e fe&or A B H L maior eft triangolo A B D. Quod tft abrurdum: 
ergo AB non eft «qaalis Al, muk6 minas cric nutor. £rgo 
cft minor aflercum eft. 

PROPOSITIO LXVL Theorema fer^infigne. 

SI lin^a quzpiam B & Quadratricem in B tecigcrir> Axcm* 
quc fecuerit in D : (umacur aurem D Eo-qualis fcmilG li* 

ncac A D a tangcnrc B Dabfciflai : ccntioque A pcr E circu- 
lusdc(cribjtur,qucm in G fecet radius cx A pcr B cicClus : ac 
dicmum fumpro aicu G F xquali G ducasur radius A h 
vt fiat fcdoi inceger A F G £ j qacm bifariam icdtia A G p ci 
Bada diuidir. 

Dico punAom B QuadtatrictSi cflc ccntium grauicac» 

^0115 A F G £• 
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Si B non eA centrum grauicacis fcdoris AFG£:eru fakemcemrum . . ' 
grauicacis (edoris alicuius,{imiiis buic fcdori A F G £ , codem fcdo* 
rc AFG E vcl maioris , vclmlDoris>Sc£borcnim qullibcc fimilis fc- . 
£kon A F G E cencrum grauitatis in rc(fla A G bifariam illum fccan- 
tcforticur. Sic ergo primum pundum B centrum grauitatis fe<floris 
AHLI maiorisleclorc A F GE. Quo fuppofito crit eius femidia- 
meter A I maior , quam (cfqui altcra redx A D ; cum eius fcfquialte- 
tcraexconftrudlione fic AE (eftenim pofita D E xqualis femifli re- 

A D i atque adeo A E fclqui-altcra rcdac A D ) quod cum ita fir, 
dari potcft aliquis (odor cir u!i H L l,cuius centrum a ccntro A fpatio 
diftct xquali rcdx A D pcr Prop. ^x. ciufc|uc Coroll. vbi oftenfunx 
cft cencrum erauitiuis caiafccinque ie^oris caderie infra jpun^um ra- 
■ dij (e^orembifartaro diuidcmis , in quo poQdoradins iue ita (ecator « 
in partes inxquatcs j vc parsceacra A adbxreos^dupla iit retiqoc. Sjc 
crgo &dbor illc AMNl : quobifariam diuiib dtidl kmidiamctro A N» 
in e^ fumacur AO aeqoalis redae A D i Tt fit punAum O cemtum gra« 
tritatis redoris A M N I*. Tum fumpco arcu N IC aBquali arcoi VL da-* > 
catur A K : cric , vc patec arc js L K orqualis arcui N I , vcl N M : eric 
eciam an us KM xqualis arcui KHi Nam ii ab oDquaiibus arcubos- 
hXi X H demancur acqualeb IN , LK 5 «qualcs rcliqui fi^nc ar- , 
cus KH> LN. Sed arcus L N xquaiis eft arcui KM:eo qu6d , 

ad arcus zquales L K , M N addatur communis arcus L M } 
acqualcsfiant arcus K M , L N. Ergo xquales ctiam funt arcus KH» 
XAL Vadc fit vt ccnuumffawitaiUictois A H KM^lu in iinca 
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A K ipfutn birecantc. Quarc ii ex fcdloris A M N I centro O doca- 
turperBccmrumgrauitacisrcdoriscocius A HLI ,linca O B V lc- 
cansin V rccVam A K : crit V ccntrum grauitatis fcdoris A H K M 
pcr Prop.S.Lib.i. Archim.dc./£quiponcl.clcniquc ducacurcx pundo 
B per pundum X, in quo refta A O Quadr^itriccm fccat , rc£ka B Xi 

Sux Ax^m fececin P. His ita pofici$ , coUigtcur Thcorcmacis deaioQr 
ratk) 2i priorecp partem rpe^ans. 

DmmfirMHo. 




B fit ccmrunilMitius fcAoris A H L I > fciH^oris autcm AMNI 
centrum Cn O > ^ fcdoris A H K M ccncrum Ht Y j du^aque fic lifllOi 
O B V mKtiilacafiiieAeiis :{»cr am 7. Ub. 1. Aricbijn. aoc 
per Prop.4S. fuper.kaericOB adB V sntf€i{)foc^ied»f AHKMi 
cuittscemnim eft V » «I icftorem AMNI, cutus caocrum eft O. Efp 
pc r Prop. 1 5 .Lib.5.Ekai.iM eciamecic OB ad BV s vc fedor AKM > »- 
roiffis fpdoris A H K M i ad feaorcm A M K, oe ad ANI. aut AKL 
feihi^iemiedoids A M N Sed per Prop. 3 3. Lib. 6. Elem. vt fcdflr 
A K M ad fcAorcm A K L j ita efl: angulus K A M , fiuc L A N ad aD- 
gulum K A L. Ergo ica eft O B ad B V j vt angulus L A N ad angu- 
nsa K A L , fiuc ad aogulum N A I aogulo K A L jcqualcm. Scd vt 
nnc^uUisLANadangulumNAIi itacftpcrProp. 64.refta BX ad 
X P. Ergo ita cft O B ad B V i vt B X ad X P. Ergo pcr Prop.^i duo 
Triangula O A V , & A B Pfunt fimilia. Nam angulns V A O xqv^r 
lis cftangulo B A P , & cx vcroque angulo illo jcquali egijcdiuncur li- 
ncae A 3„ A Xconcincntcsangulos B A V , X AP acqualcsiac dcni- 
que io eadem Cunc racioBcO fi , B V i , XP. Cumjfii^go > vt di- 
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Lih, IIL De Quadratrice. 1 1 5 

> Aumcft, TriangulahxcOA V, ABP fint fimiliajfit vt Trianguli 
A O V angulus O i acqualis fit angulo A B P Trianguli A B P. Quod 
i ciim ita Duoctiam triangula A OB AB X, cum habcant angu- 
i ium B A O communcm j anguii autcm A O B , • A B X oftenfi 
\ fint xquales: crunt & ipfa , xquiangula & fimilia. Quarc iia crit 
, A O ad A B , f t A B cft ad A X. i^cd A O acqualis eft ex conftru- 
ftionereclac A D a tangcntc BD abfcilTa:. Ergo ita ctiam eft A D 
ad A B, vt AB ad AX. Scditaciiameft pcrProp. 30. CorolI.A D i 
tangcnte abfciffa ad radium A B i vt radius A B ad Quadratricis fagit- 
tamAC. Ergoper Piop. p.Lib.^.Elem.acqualcs funt radius AX 8c 
fagiftaAC. Quod cft abfurdurti. Nam perProp.65. fagitta AC om- 
iliutn radiotilm Qnadratricis brcuilfima eft : reliquorum vero rcmo- 
tioi- a fcigittji , propiore femper maior cft. Pundum igitur B non po- 
tcft e(fe ccntrum fcftoris A H L I: cuius fcmidiamctcr Al maior fic 
femidiametro A E fec^oris F G E : quae eft fcfqui-altera lincac A D in- 
ler ctntrum A & lineam BD, quae in B Q^adracriccm tangit. Qnod 
primum crat demonftrandum. 




CPR D I £ 



Dicatur fecundo punftum Quadratricis B eflc ccmrum grauitatiS' 
icikoris A H i L , fcdorc A F G E minoris. tia feccturin R cius fcmL 
diametcr A l > vt A l fitfefqui altcra re(^\x A R : fit njmirum pars AR 
partis Ri X dupla. Tum duabeslineis A R, A Btcrtiaproportionaiis Z 
imieniatur. Haccinaior neccfflario futuracft quam Quadratricis fa. 
gitta A C. Nam cum A B fit ctiam pcr Prop. 30. Coroll. mcdia pro- 
portionalis intcr A D ^cangcntcB D abfGiffam , & fagittam A C : erit 
Qaa^'^UQilmcx A fi «^ualc caoi ccdangulo linci& AD , AC > quam 

rc^langa 
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il6 Lil^, II L De §luadratrtce, 

rc<flangulo A R , &.Zcomprcbcnro. Cumergoduo hjcc reAangula 
finc xqualia ; Ita erit pcr Prop. 1 6.L\h.6. Elcm. A D ad A R } vt Z ad 
AC. Sed A D maiorcftquam A R- ErgoZmaiorctiam cflc dcbct 
quam lagitta A C per Prop. 1 4. Lib.(J. Elem. Quare fi ccntro A , & 
rad:o Z nrcuscirculi dcfcribatur: is let:abic Qu^adratriccm in aliquo 
pundo , vt iiS pun^boX. lam pcrXducaturtum a putK^lo B rcdafe- 
cansin P Axcm, tum acencro A radium A N : deindc arcuiN lacqua- 
lisr^inacur N M , it^mque L K : dudlis eciam lineis A M« A K : deni- 
que (umpta A O redae A R squali , ex O per B ttaiicbair lUiea icda 
fadiumAKfedurainV. ' 

Hac ab(blutal cooftruftione , conftat vc in ^rscedeoce caTu , aicns 
K M, K H incer zquales : atque ade^ teftotcin A HK Mbi&- 
riam diuidi i radio' A K , 8c in radio A K centnun grauitatis reperiri 
fedoris A H K M. Qoocodcm iure fefloris A M N I erauitacisoeD- 
crum in redi MN Tedorem bifariamiecante reperiridebet. 

Ad hzc conftat tamdnotriangula , ABO , AXB, qu^mduoABV, 
A XP effc nmilia.Namcx connrudione AO a:qualisc(l red^ARift 
AX redac Z : inter quas cft A B media proporcionalis.CiSuii^ecgoicaiic 
vt AO ad ABiita A B ad AXsqux funclacera circacommuoem angu- 
lum A : crunc duo Triangula A B O , A X R xqulangula pcr Prop. 6. 
Lib>(}. Elcm. Eft rcilicetangulusA BOangulo AXB azqualis. Ergo 
&anguli iisdeinccps pofici,ncmpe ABV, AXP,ille percincns ad 
Triangulum A B V j hic ad Triangulum A XP jfunt a£qualcs,a:qualc$ 
autcm funt ex conftrudionc anguli B A V , P A X. Ergo & hafc 
duo Triangula funt xquiaugula , 6c rimilia pcr ,Prop. 32. Lib. 1. 
Elem. 

Qj-ia: cum ira finr. Latus B O Trinnguli A B O , Ita erit ad B A j vt 
IatusliX,Trianguli ABXj adciufdcm latns AX. Quia vero duo 
Trlangula A B V, A XP ortcnfa func cfle fimilia ica cft A B ad BViW 
AX ad X P. Ergocx acquoica ericO B ad B V i vc B Xad XP.Scdn 
B X.ad X P i itacd angulus L A Nad angulum N A I per Prop. ^ 
£igoitacftOBadBVi vcAogulusLAN ad anguliim NAI:vei 
vc anguIiis^K AM^^ad angulum MAN ( funt enim hi duo daobui 
ilHs stquales. ) Ergo eriam ica erit O B ad B V 1 vt angulus H A M 
guli K A M duplus , ad angolum M A I anguli M A N duplum pcr 
Prop.t y. Lib.;. £rem. Ergo eciam per Prop.j 3: Lib. 6, ica eric 0 B, 
adB V ,vtreaorAHKMadieftorem AMNIseademenimeftia- 

riofedorum , &ip(orumanguIorum. 

• Quare cto tocius fedoris A H L I ex duobusilieAQribus A H K M 
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Lih. III. De QjiaJratrice. ii.f 

& A M N I conflaci ccntrum grauitatis afleratur cfTc Quadratricis 
punAiim B : ccntmm autcm fccloris A H KM rcpcriatur ncceflario 
in radio A K irum fcclorcm bilccantc j ficut & grauitatis ccnirum (c- 
doris A M N I in radio A N ipfum bifccamc reperii i debct : ac de- 
mum ducatur rccfla O V per grauicatis ccntrum B tocius fccloris 
A H L I j quain B fecacur In rcciproca rationc parcialium lcdorura: 
nec aiia puflicpcr Prop.^i.duci pcr B lincare<fla,qu3c in eadem racio- 
ne fccccur : ncceirarium vcro fuper Prop. 6. Lib. i. ^quipon. Ar- 
chim. cam in ca rcciproca raiione (ccari , qux per ccncrum grauis co- 
tius & partium eius ducicur. Concludendum omnino eft , & V ccn- 
trum clTc (cdoris A H K M , & fedoris A M N I cencrum efleO. Vc- 
rum fcifutn A O pofita fitxqualis lineac A R ,quac duas tertias partcs 
cx hypochcfi continet (cmidiamccii A Iconcincbic & ipfa AO duas 
tercias parcesiemidiametri A N. Ergo fcdoris AMN Icentrum gra~ 
uicatis O diflat a circuli ccmro A duabus partibus tcrciis. Quod efl; 
abfurdumrciim per Prop. 6}. cuiufuis fedoris centrum grauitatis, 
munusquam duabus tcrtiis partibus femidiamctri ab ipfocirculiccn- 
tro dillare nccclTe fit. Ciim cri;o puncflum B Quadratricis non pof- 
fic eflccencruin grnuicatis lecloris vllius , cuius fcmidiamecer vel ma- 
ior iitquam fclqui-altera lincx nbfcillie atangcnte Quadratriccmivcl 
ciidem uiinor : dicendum cfl efle ccntrum illius fcdoris i cuius fcrai- 
diamcccrelt abfcifljc illius a tangente, fclqui-altcra. Quare. Si linca 
quacpi.im B.D fivc Quod crat probandum. 

AUa Dcmonjiratio. 

lL:u.it ad Propofitionis tam exi- 
mix firm us ftabilicndam, & apcr- 
tius cxponendam veritatcm, aliara 
cius dcmonftrationcm inftituerc ; 
qua:cx Propofitione 3 i.operisini- 
tio laudaii de ccnirograuitatis par- 
tium circuli & Ellipfis ab cximio 
Gcometra loannedela Faillc Soc. 
Icfulucubrati colligitur. Si cnim 
habet ex cius (cnfu, & pcne vcrbis. 
Si cjuoltbet circuti feBore AHOC 
hifariam fe^o irtO ,u latere eius A C velut iafi defcrtptum fuerit trtartgu- 
lum A B Cy dimidio feilori AO C dquate , communem cum fedore habem 
eum angulum , c^ui ad centrum A circuli efi : deinde a vertice B triangult ad 
bajim frodu^i/t itnea B D , qua priori triangulo ABC fimile triangulum 
V . . , R ABD 
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iiltfdem Mf^guUeumdfiipfeBKrc AHO CieMiiuiMm Atft fefqur-sUenim 
U0e£ A D , epu imiereeuirMmtf^^ A eMcu^fim D , tinfd BD^ ver^ 
. $$ee <Md td freii^mB hmfim A Cinteriieitur. TriAnguU 4 B Cvertex B^, 
. ..trittemrmmffimitstisfe^ensAFGBfofir^ deferip lau^ 
> diui Aticbods Proponcio, quam acute, accurat^quc probai ex Pjtjiiici- 
•piisflft) iU<|uapego,adhibuUlongediuerns : cx qua italicec argumen'- 
' tafi. ^J^udo-quocLinque Quadratrici«radio AB cx putnflo B dux ' 

• jjucanturlincjc BC,BD,illa ad Quadratricis^vmicem C;hxc Quadra- 
^cric^ fangcns in B:duo conftituuniur triani^ula B A D ,B A C liniilia pcr 
-Prop.^ o. Ad hacc. Si centro A pcr vcrticem Quadratricis C circulus 
•4crcribatur-.cftfcc1:or AOCtria[;ulo ABC acqualisper Prop.5 i.Quod 
^cura icafit:cernis,opinor, hic obfcruatam omncm citati Authoris 
' ruppoficioncm. Ex qua eandcm fcqui conclufioncm neceflc cft. 

Nimirum. Si A D biFariam diuidatur jciufquc fcmifii arqualis pona- 
curDE , pofiiaqucfcmidiamctro AE fedor AFG^ conftituatur: 
■ critcius redorlscencrumgrauitatis punclum Quadracricis B,quodeft 
vcrtcx trianguli A B C. Nibil ccgo.vtfriqs , quam puncaum quodli- " 
bet B Quadratricis cflc erauicattscemnimfedoHs AFG E: cqius ra- 
dius A E cft refquiwalcerTitiex h D vbxck cencrom A , & H|i«im B D 
Quadracricemcangemepi inccrce(Kx> &b4ecm^Ptopoficiq a^^^ 

.Mmdtnm, . ' , • • \ 

'Ufiiitisfmii^firi lASor\ que feqmmtitr iim CoreMs^imm Sehilis 
tx ffof^fttione^r^ieHieieiMBa. ^mt^nmemm es ehferuMtione 
{gnijfmM eenfumftu nm duhitem j fcito iimeennennifitmrdiks^ Mifokiofel^ 
^ atei hoeio/o ofufeulo a me fuijfe okjeruata 3 vix vt fatis iemfori ^fofrs' , 
fhieis oferis trMnfmittifetuerint : vi mmmk mirere^ fineque ho Frofofiik-. 

* mtmferiem^ frovt futffet aptius , comfoimtiiiri pejfue MdfequewtiittfroW 
mm fifteem^en^o interdum fiert fotuijfei , exfopeudM MdkihcMntur ] fuHd^ 
mmhm^mrei ^faeiU Uubit aiucrtere CMffirrl fimfmedifiuit ^ftfe^ 

. \ . Corollarium i . 

^ ' ' RepeiacucTbcorcmatis prxcedentis non-nihil mutata conftruvflio 
tobuncmodum. Supponatur rcda BD Quadratriccm tangere in 
B'^ Axiquc occurrere in D:tum fiac AE fislqui-alccra redx AD, 
. '<iuamcxAxeabfcindictangcnsBD:ccncro porro A per B circulus 
•; defcribatur j qui alterum Quadracricis cornu fccct in 0,pcr quod 
, ' pundum cx centro A radius cmiccatur : eodem ctiam ccntro A circu- 
'lospcrEdcfcribatur radiis AB,AO produaisotcurrcns inG&F.Hi$ 
- oo(ius • e* pracccdcotc Prop, fcquitur pun<aum L ccncrum ciTe, gra^ 
. . • : «iww 
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uiucisiedorts AGEF. NaniiuxtacainPro{>oiiudnem purKflum B 
cftccncfum giauitatis (cdoris, qui componcrecur cx fc£tore A G E; 
& altero fcdorchuicarqualiex illccraparrc radij coftftituto: cui 
toti fciflori arqualcm cflcparct fcdorcm AGEF. Ergo {Tcut B cco- 
trum cft grauitacis prioris illius fccloris cx cuata Prop. Ica L , quod 
xqueac punctum B dilbt a centro A , cfb centrum grauicatis fecloris 
A G E F. Acquc hoc quiiicim pii^^^i^ sjpcrcuiu eft^.Wo^. porr6 

' ■ - Si ftatuiitu^-PTcrqQi-altcra 
A L ( ■quac cft diftancia 
' l^jCencri grajyiicacit fcAoris t^Hus 

t c1u»f*fc|Ic c£i|triini grJuit^tis. 

: \arcus fefiij^ GEE fdl^orem^^ 

G^Ef coAftitucntis. HuFiiS 

iiertiofiis vocitas pm cx 

^ieorcmat^ p aeccd^illif ram 

exWadam GuMi|ii ACfSri Pro- 

pofick^nc dcduciturV^juam rc-' 

Fcrt , ^S^^||crit6 miAim in mo- 

iH(lum cofxmiU3ciat infignis & 

'ipfc Gcomctra Aficqnius Lalo- 

uera noftrq iccm Sociecatis Lib. 

^5.prop.2 i.CoroU-i.operis inau-' 

" diii dcGycloide. H<cergo rc- 

fer^ab illo dcmonftratum , ii 

cUiullils arcus GEF ccntrum 

grauitatis notum habcatur,no- - 

tuin ficri fcctoris ipfius A G EF 

ccncrum grauitatis L : ft vc tcr- 

rtarids ad binarium , rta fiai; ccntri grauitacis arcds G E F diftantia A P 
i * - j « . , . - - .... 






^ . , •^-«.«•^ternacipmjHa 

' A Ldiftantia ccncri grauitati- rcAoris AG EF4<%mro Aad Alf ,lioc : 
• cft , fi A P fiac fefqui - alrcra rcclie A L jcrit P centrum gunitatis ar» 
cds GEF, cuiangulos llcloris infiftit. Conftat crgo quomodo ex ■ 
praccedcnti Tlicprematc, & Guldini A iTertiorienqtom euaderd qo^ ' 
acotrum^riaDii^usarc^s cuwfcuqquc.^^ 
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Si cencro A Quadratricis dr- 
cqluiqnicLTnqucdcrcri^atBrrc- 
cansin Bfu pcrius Quacirairicis 
c<5rnu , infcrius 3u:cm in 0,& 
A xcm in L:ac demum Quadra- 
tricis fagitta A C ita diuMarur 
in I , vt ipfa fit fux pariis A I lef 
qui-altcra, fjuc , quod idcm cft, 
fitCI lagitca: AC pars tcitia. 
Dico pundum I cflr ccntrum 
g'auitatisfciflori.s ABLO.Quod 
l:c o£^6ndo rcpetito : /iipcriori 
Tcb^m^te. . 

^HZum Ji ^ V ■ rc^ liiD } U 
A C , rcaa^A^fit^tx hypothc 
n rcfqui-alter^^ HcdaDgbluai 
priniA A E SC i^uan^ A^coqi* 
prchcn^uni xqualc cft Rifdan- 
•^b (ecunda A D 6c tcctii A C 
conrento.Scd RcAangulum ful> 
A D t A C xqualc cft Quadra- 
to A L, fiuc A B (funtcnimtrcs 
lincr A D , A L , A C continue proportionalcs per Prop. 30. huius ) 
t rgo ciden: Qnadratorcclx A L xqualc eft Rcciangulum rc<5lis AE, 
A 1 contcntum. Eigo ita eft A E ad A L , vt A I. Scd A Left diftan- 
liacentri L grauitatisfcdons A G E F accntro A. Ergo A I diftantia 
cft ab eodcm ccntro A centri grauitatis fcdoris A B LO fimilis , fimi- 
literquepofiti fcclori A G E F j ipsumque pundum l,cum in fc(florc 
^-A BLO fimilitcr ic habcac , vt (c habctccntrum L grauitatis fctloris 
A GE F , crit grauitaiis ccntrum eiufdcm (edoris ABLO pcr Axl^ 
Lib. t. dc ^.^uipond. Archim. Quod demooftraDdum hk crat. , 

lifdcm pofitis , Vercex C Qaadratrids cencnim graoicatis ardb 
B LO tCui inififticeiurdem fcAoris ABLOanguIus. Idapert^ cofi* 
ftatcx probationc CoroHarij primi : eft eaim A l diftantia ceoMi ff^ 
' ultatis leclforis A Q L O a cencro A adiAC , ▼tbinarios ad temadvim 
Ergo C eft cencnim grauitads ardis B L O. 

Qutcunqoecrgo circulus cemro A Qp9draikicis4eicritoiirftnitt* 

qtic 
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Lih, III, De Quadyatrice, 151 

que eiiis cornu fccans ( fccabit cnim , cum fagitta A C fic omnium r;; 
dioriun QuadratricisbrcLii^rimus , rcliquorum autcm fagitrx prop.iv 
t^uior rcmociorc breuior fempcr fit pcr Prop.^^^. huius ) vc in B 5c O, 
ccntrum grauitatis icdoris ) qui ex centro A ad rcclioncsB & O edu- 
radiis confVituitur > fcmpcr cric punclum I : punclum vcro C vcr- 
icx Quadratricisjfcmpcr erit ccntrum grauitatis arciis BLO> fiuc 
baleosciufdcmfcdoris. Qua Quadratricis facultatc h^uJ (ao .in a!ia 
aliqua vel ipHus , vcl alius cuiufcunqueciusgeneris curuarum linca- 
rumadmiracionc digniorobfemanqueac. ; 

^Hinc£idIincgotio'(blatcarProbleina,<)uod paul^ grauiore folu- 
tnincftinferius( redibimonitiiuperiorismeinineris) eft autem Iit]< 
iufinodi. DMii iUMfris fe&mi jtGEF { fchemace vtar codem ) cen» 
^ntmgrsuiistis , ims cttm ceniroArcus , cui inftftit « defnire. 

Angulus G A F dati fcdoris bifariam diuidatur : ciufquc (emj{n ad 
puhAum A Axis A C , fiat xqualis angulus G AC dudo radio A G, 
quiQttadratricem(ccetiBB. TumcencroA per B,circulus defcri- 
pacttrfecansinO alcerum Quadracrlcis cornu,ciurque.Axcm in L.. 
Iim conftatcxpi-JCCcdcntiCoroll. punftum 1 ccntrum eflc grauitatis 
lecloris ABLO fimiliscx conftrudionc fcAori dato A G EF; pun- 
c^lum autemC ccntrumefTe grauitacis arcus B L O , qui (edoris ciuf- 
dcmbafiscft. Fiatcrgovt radius A L ad AI,ita radius AE ad AL 
( cx fciiematis huius conftrud:ione A L cafu cft radius ipfc prioris fc- 
doris ,alias aliter contingct ) erit L centrum grauitatis dati fci^lori.s 
AG E F. Similitcr} fifiat vt idcm radius ALad AC , ita radius A E 
ad A P : erit P ccntrum grauitatis arcus G E F. Vrumquc conftat ex 
aliato fupcrius Axiomate^. Lib.i. iEquipond. Archimcdis. Tam 
cnim duo punfta f , qu^duo C P in fimdibas figuris , feaori- 
-lios. fciliccc A B LO » A G£ F » fimtficer func pofica. £rgo L P 
' func ea qax ioaeft^andaetaiic^entra graauacis in dacoquouis fc^ore 

AGEF. : " "w*--' " ^ 

lii codemrchematetaogacBX>Quadratricem inB,Axioccuncn9 
in D : fi ccncro A per D arcus H D K defcribacarfedorem A H O K 
conftituen.s fimilcm fedoci ABLO :Cric Lccncrum grauitatis arefts 
jHD K,idem quod Prop. antccedence demonftracum cil cfifc cen- 
. 4rum grauitacis icdloris AG£FsCtttciscadias A£ poficus cftieTqui-alccr ' 
cadij A D. Quod oftendo. 

Tr«»iioex A D ^ A B iiue A L > A C eonciou^ fuac proportlo- 
. ' " 1 oalca 
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nalcspcrProp.^o.huius. CumcrgoficACad AL,¥t AL a(^A D > 

punftumC fimilitcr conftituitur in fciflorc A B LCciiifvc arcu BLO, 

vc conftitutum cft punclum L in lcclorc AHDKjCiufque arcu 
H D K.Sed C cft ccncrum grauicatis arc{is B L O per Coroll.j.Ergo L 
cft cciam cencrum grauicacis accus H D K pcr Axio.6. Lib. i . i£qui- 
pond Archimcdis. ' : • 

CorollariMmC. - • . 

Ex co vcro quod quilibcc arcus ccntro A Quadracricis defcripcus 
cam^ucfecansjquaUs oft arcusB LO , ruaecemrum grauicacis in iplo 
Qu idratricis vercice C naiici(caccir ( ecce nouain.^ Quadcacricis che- 
raurodcpromptam ptecij non exigui genunam ) coniicicur planam 
ipfam fuperficicin Oue Lunulam BLO.C arcd drculari BLO>fc 
Quadracricis arcu BCO circum(cripcam>ittud ipfum oenctum C nan* 

^tilcigrauitacisrua&i • 
" HancPropoficibnem haud xgrc admifluri (iim , qui quantitacem 
exindtuifibilibasconfiarifibi perfuadcnc. Conftarec fcilicec Lunula. 
iHaarcubusinnumei^iscencraAdetcriptisrquorum omnium vnicum 
cft grauitatis ccntrum C,& vnicum perpendiculum ad Axcm in pun- 
€lo C redum. Neque vcro multo xgrius candero func admifluri , qui 

■ cx laniorc Philofophia Quantitatis cx Indiuifibilibus compofitioncm 
illam rciiciunt. Noruniquippe hanc pcr indiuifibilla argcmcncandi 
methodum ,ctfi pcr fc fola ad allcnnendum minus cuidcntcr cogat 
intclleclum j rcduci tamcn poftc ad vcra, & a Gcomctris vfurpari 
folita Principia opcralicctpaLiio longiore jcui maximocum compen- 
dio paiciciir , vbi per indiuifibilia agi poflc conftiterit : ca fiquidcm 
methodus, fi minus Propoficum colligit, cft camcn fignum ccrcrffi- 
mum,&: characler manitcftus vcricacisjdemonftrandsc : quod ad aflcn- 
fum (ur]\ ic , vt hic fufliccre mihi conc^i vclim , vbi objcer tanc&m 
hxc Coroliaria obfenianda fuTcepi. yhum camen^uidojnaioris cxpo- 
fitionisgratisl. . . ' • • ^ ' * 

' \. Memini in mencem veniacrdt^are , qain caiuiuiscireutaris (tiper- 
iiciei cencrum grauicacis (tc ipfum cikcuti cencrum : ^tius euidcqctx 
A rgumemum ex indiuifibiliam miechodofacile poceft explicariifi ni- 
mtrumeiu/oinne&diamecriaccendancur ccn,trumidcmcum circulari 
ipsa fupcrficie poiHdere, oir ncs fiquidcm in co bifariam fi^cancur. 

- Sed aptius idem iuxta caikm indiuifibiiiudiY-Principiaconcipies : iS ^t» 
tendasciicLilos numeroinBnicosexeodem prapo/icicirciiliccntro in» 
craJpfum deicribi:<)uorum pmnium peri^bersas idcm cft ccncrum 
grauicacis } acque ade6 cociu^am ipfiiuclrcuUris lijux ex huiufmo- 

*. ■ • ■ ' ■ ■ • - di 
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<ii pcripheriisnumero infinitiscoDdare iHxta indiaifibjlium media- '. 
dum fupponitur. Qnhd Gl iitcenclatur orbicularis pboa fupcrSci|^ 
*9ue corona imcr duos concentrlcos circulos interccpta > non alidd, 
qu^m circulus il^fc totuscentriim obclnebic grauitatis propter eandKm 
rationcm. At huius Lunuls B L O C cum iotegro circalo B L O par 
eft omnino ratio t omncs cnim arcus centro A intnUia^c lunulam dc-.' 
fcriptiiC Quadratriccm fccances vcrimquc , ccncrum' grauitatis nv 
Quadratricis verticcC obcinent. Ergo ipfa fupcrficics lunaris BLOC 
iuxcaindiuifibilia idcm fibi vcndicacgrauicacis ccncrum C - Ncc aliud 
ab iilo foret grauicatis ccntrum fupcrficiei , quam duo arcus ccn- 
tro A dcfcripti, & ad Quadratriccm terminati intercipcrent ,c]ucm- 
admodum iu xoiA circulari coroni concmgere pr-ula ancc dt^clara- 
tum cit. • 

Ccxccrumhicnccmirari, ncc moucri adco c^uifquani dcbcc,qiiod 
ex FaUJi quantitaciscx indiuifibilibus compoficione fuppofita , vcritas 
colligaturGcoraccricacPropoficionisitum quia , vt iupcrlus monui, 
per fc , fcd vcluti ex charadere, fignoqueceftiflimo Propontionis 
Italpiaibdi YCficas ^icilur ope indtuifibilium > ceduciquc pocci^ ad 
methodum verit Geometricam per illam i^ita trgumentatio : »um 
4cHavtyc,iianonrar^aUdsex fuppodtione veram concljunp- 
aem. cdUigefe nouit Geomecria. Quis in dubium vocauit aliquando 
ArchloiedjsratiociDationestquibasperLibramsPafabolam in Q^a*^ 
<irarnmconuertit?Qnisnonmiratur, ample^irar inaudica Theorer 
aiata,quqLaloneranoAertum in Elcmcncis Tctragonifmtcis,tum prc- 
fercim in Promotil vetenim Geomccrii Archimedem fecutus adhibu 
tis Ltb rx Principiis demdnftrautt ? An non tam ' ambe Ltbra vtuntur 
«mninb falsa , dum ei appenfa grauia ad graulum centrum ferri fup- 
ponuntpcrlincasadLibraeiugumpcrpendiculares,acqucadco intcr' 
fc parallclas , quas tamen in ccncro concurrere ncccffc cft ? Scd ha^c 
•biccr dehacindiui^biUum mcchodo cx huius. Coroilari] opcaiionc 
4id»funto. , ' 

CorolUrsum^. 

SiccntroA Quadratricis circulus dcfcribatur Quadratriccm fc- 
cansin B , & 0 i ciufquc Axcmin L.'cx demonftratis pacct ccntrura 
grauitatisfc(5lorisABLO Kabcriinpundol Axisj fi fagitta AC ica 
diuidaturiu 1, vt AC fcfqui-altera (it reclse A I. Hoc vero (latuto 
Aderatertiam partem Quadrati ,quodpoteft femidiameter A L , ita 
i0^beieadledQreffl»ABI:t vc & liaDec ;AI ad Applicatam Bl>» 
£iieddfiatt«iieftomai:ai5BL>iiueis.Eierkm^ Qua-- 
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1 5 4 ^^^' Qjiadratrice. 

tlr,inic circuli , aut ipfi arqualis : quo n cafu Appiicata crit BA G^m 
touis , puDclmnquc Dcum ccntro A coalcx^c. 

Alicrtjonis huius (iemonftratio hac c^ct 
pra;paracione. Centro A per Quadracr cis 
vcrticcmC circulus defcribatur Itcani in G 
Applicatam primariam , qux fcilicec eft ad 
AxeminccmroA pcrpeudiculans. T<undu« 
camuriedxGl , G C , BC. Quibus pofios 
patec criaoguhifi^ G I eile pei Prop. i Xib.i(* 
Elem. duas teitias partes triaoguli AGC 
Quod cuoi fic , remiffi&C^ttadraci (emidiame- 
tri AC, erit triaogulum AGC»pars tertia 
Quadraci huius. Hisita paracis Propi^filuOI 
coniigoio hur.c modum. 

Trlangulum A G I ita efl ad triangulum 
A BC ) vt illiusaltitudo A 1 ad huius altitu- 
dincm B D i cumilliuibafis AG iichuiu^bad 
ACarqi aliv Sed per Coroll.z. Prop.5 0. huius,triangulum A BCeft 
fe<ftori ACP (cum angulus B AC fccloris rcdus eft", P congruit 
pundo G ) xquale. Ergo triangulimi A G I iia fc habct ad rcdorcm 
A C P ) vc A Ic^d B D. Scdtrianguium A G 1 cft tcrtia pars Quadraci 
iemid amrtii AC lirgoita cft A I ad B D > vt tcrtia pars Qiiadrati 
icmidiametri A C ad (cdorem AC P. lam , ciim itafit A C ad ^L> 
vtcftrurfus A C ad A L i erit ledor A C P fupcr priman^ AC ad fc- 
aorcm fimilem A LB fupcr (ecundam A L > vt eft Quadratum fuper 
tcrti. m A C ad Quadratumfuperquariam A L perProp. 11. Lib.6 
Elem £c pcr Prop. \ 5 Lib.5. Elcm. vt tertiapars Quadraci lerttx AC 
adtcrc-ampartemQu^drati quarcx AL £c pemxutanda Ita ent 
Teaor A C P ad tettiam panem Qoadratt iemidlametri ACivik' 
etot A L B e(lad tertiam partem Quadrati (emidiametri A L. Et tO' 
uertendo. Itaerittcriia pars Quadrati (emidiamecri A C adfei^lorcm 
ACP> vttcrtiaparsQuadraci (cmidiametri A L ad h&Jbttva ALB. 
Sed vt tcrciaparsQuadracifemidir.mctri A Cad fc^orcm ACPjiia 
eft oftcnCa rc<fla Ai ad rcdam BD. Ergo ita ctiam cft tertia pars 
Quadrati fcmidiamctri ALadfcdorcm ALBrVt cft rccla AI ad 
.ledam B D fiue fignum rccflum arciis B L , aut apguli BA L. Quod 
eratdcmonftrandum. Eadcm plane futura eft dcmonftratio ciimcou- 
tinget fe<^lorcm AL BciTccircuh Quadrantem,mutacls tanciimCha- 
fa^cribus G in P A in D» aut f ocius vcrifque eidcm pundo n fHx is. 

Sihoiinm 
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Lik llLDe ^aJratrice. 

Scholtum I . 



Qux proximo Corollario cxpofui , inc- 
dicanci mihi , in mcnccm vcnic nc n linc vo- 
lupcacc fingulari Propoficio Vicefima &. vlti- 
ma Lib. 3. Elemcntorum Tctragonilmico- 
rum infignis Geomccrx Lalouerx noftrii 
nec minocc Forcaflc ipfc, auc quis alius Lc- 
(ftor capictur , vbi aducrcec quam alicnis a fc 
inuicem Principiis , mechodifquc eandcm 
veritatcm Ambo coHcgcrimus : vndc hifcc 
noftris Gcometriciscxercicacionibusnon pa- 
rum fidci ,auchoritacirquc comparctur. Eccc 
vt fonec cicata Propoficio ad fchcraa 
meum appofice. 

Ft fe habef re6la A I , centrum circuli A , 
centrum grauitatis ifemictrculi A B LOcon- " 
neSiens , m(1 femidiametrum A B j ita tertia pars ^adrati ; quod poteji 
diameter B 0 eiufdem circuU , efi adeiufdem circuli aream. Ciim er^o 
cadcm fic proporcio rationis Quadraci , quod potcft diamctcr BO, 
ad tocum circulum i & rationisquarcae parcis illius Quadraci ad quar- 
cam parcem arex totius circuli hoc cft , Qiiadrati , quod potcfl: fcmi- 
diamctcr A B , ad circuli Quadrantem , A B L ( ficut cnim Qijadra- 
cumfemidiamctri AB cft (ubquadruplum Quadrati diaractri BOj 
ita fcdorfiuc Quadrans A B Lcfl: fubquadruplusarcac totius circuli ) 
fit iccm per Prop. i ^.Lib.5. Elcm.eadcm proportio rationis tcrtiac par- 
tis Quadrati,quod potcflfcmidiamctcr A B,ad arcaQuadrantis ABLi 
& Rationis tcrtix partis Quadraci , quod poteft tocadiamcter BO , ad '. 
areamtotiuscirculi:conflacre£tam AI ad reclam A B fcmidiamccrum 
eirculi,fiuc finum cocum icafc habcrcjvc fc habcc terciapars Quadrati 
firmidiamecri AB ad circuli Quadrantem A BL iuxta Anchoris laudaci 
mcncem. Conftaccrgo in hoc fingulari cafu , in quolcclor A B Left 
Qiiadrans circuli 5 & Applicataad Axcm pcrpcndicu!aris,eft fcmi- 
diametcr , fiue finus lotus A B , de quo folo dificruit clari(Timus Gco- 
mccrajquam bene confentiant afTcrtioncs noftrx, licec ea,quani-; 
Corollarioproximocxpofui ,ad fc(florcs omnes xque ac ad circuli 
Quadrantem pertincat, 

Scholium z. 

Non finc voluptace contcmplacurum fpcro fludiofum Gcomccram 
confonanciam miram; qux imcc ea incercedir, qux hadcnus cum^ 
.^, ^ S hac 



i 



1 3 6 Lth. 111, De Quadratrice, 

hacProp.^^. tum prxccdcncibus cx ca dedudis Corollariis dc ccDtro 
grauitatisarcuum fedlorcs conftituenciumexpofui i 6c inccr ca,quac 
de codem ccntro demonftiauit acutiflimus Laloucra , in primis Pro- 
pofitionc z 1 . Lib.5 . dc Cycloide i cum prxfcrcim obfcruabic mcdiis a 
le inuicem cam alicnis candcm metam vtrumque noftrumfuiflc affc 
CLitum: vt propterca confenfloncm hanc pauio planius explicare(ncqi 
cnim cft adco obuia j non abs rc videacur. Acccdic quod cx eo non pa- 
rum ccrtiiudinis&: cuidcmlac Aifcrcionibus vtriufquc coDciliabicur, - 
& Q|.iadracrici noftr.T non pai um comraendaiionis , vtpocc qux non 
fo!um .-»n:iqua: Hclicis Archimcdscx primariisfaculratibus , vt cx fu- 
peri )ribus conflat , fit infignis i (cd ncc iis carcacquibuv prscftat rc- 
ct-nt ius cxtogiiaca minor Cycloidcs. 

Primo icaque fi ccntro A Quadratricii per; 
punifVa Ii& 0,in quibus gcnevans diamctcr 
a Quadratricc ftcaiur defcribaiur lemicir 
culus B LO : vertcx C Qu_adratricis crt 
ccntrum grauitatis arcu-, (cmicircuiari- 
BLO vcCorollario 3. dcclaracum cfl» 
& Qiiadratricis fa^itta A C eric ciuldcm: 
ccncri grauicati.'; C diftauiia a cencro ipfb A^ 
fcmicircuii. En vc hoc iis confcmiac ,qu! 
citata Prop.2i. Lib. 5.dcC>cioidc aflcrun 
tuialaudato Autborc, 

Aflcrit cnim centrum grauicatis lcmipc 
riphcrixB L O diHarc accntro A , vudc dc 
fjripcacftjduplo cerminifccundi Progrcflio- 
nis, quam vccac, fnhfidiun&x. Mihi igicur incumbit dcclnrarc fa- 
gictam ACipfumuict cflc terininum illum fccundum bis fumpiu 
ProgrcfliGnis/f/^>ii////;/(7rf. Quod conficio , fi prius quxnani ni Pro 
greirioiiia tam adiuncVa quam lubadlunc^tajexpoiuero iuxta elu 
idilumad initium Libri 3. dc Clycloidc propofitum- Ait igicur, 
incacurquardam progreflio,cuiusprimus cerminus lic circuli femidia 
mctcr, (ecundus vcro ciufdcm ctrculi fcmipcripheria, 5c iuxta hanc 
rationem cxccndacur Proi^rcflio : ca cft qu.x AdimfiA dicicur. Quocf 
ficodcm fcruacocermino primo ,radiolciIiccccirculi , alceraProgrcf 
fio inflituaiur, ita vc Itcundus ccrminus ad primum , neiiipe ad ra 
dium circuli j icafc habcat , vt ipfe rsdius fe habct ad femipcriphe 
riam ,5cficcxtcndaturad quoccunquc terminos Progreflio : ca 
quse ab ipfo vocari folet fubAdimci^. Quibus dcclaratis , fi in Para^ 

digmatc 
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«ligmatcnoftroradius AL ftacuacur primus tcrminus , fecnndus au- 
^ tcm fcmipcriphcria BL O : ca eric fecundus tcrminus ProgrejfionU Ad- 
yhrtdd. At vcro fi , vteft radius A L ad femipcriplicriam B L O i ica 
"stfiataliustcrminusadipfumradium A L,crlt aiius illc tcrminus ,ccr- 
m\n\is fubadmn^AProgrcljionis. Oftcndcndum itaque raihi nunc eft 
ragittamQ,uadracricis ACcflc duplum ccrminum fccundum fubad- 
'■lundjc ProgrcfTionisvfic cnim conftabic candcm cfte vcriufque no- 
4 ilr^m Aflcrcioncm. Id porro fic oftcndo. 

.Quadracricis fagicca A C , radius A B , & circuli Quadrans B L funt 
tpcrProp. 31. huius, concinuc proporcionales. Ergo Rcdangulum 
fagicta A C , & Quadrantc B L in rcdam conucrfo concentum a:qua- 
ic cft Quadraco radij A B , fiuc A L. Scd Rcdangulo fagitca A C , & 
arcu B L in rcdam conucrfo xqualc cft Rc<ftangulum fub dimldia fa- 
gicca AC , &duploarcuB L, hoccft,femicirculo BLO conccmum 
pcr Prop.14. h\b.6. Elcm. fic cnim func horum duorum Redangu- 
lorum rcciproca laccra. Ergo Rc(ftangulum hoc dimidia A C , & fc- 
micircuh arcu B L O in rccftam conucrfo conccncum , cft cciam Qua- 
drato radij AL acqualc. Ergo ica cft radius AL ad fcmipcriphc- 
riam BLO ,hoc cft,primus ccrminus ad fccundum Admnifx Pro. 
grejjionU iVz dimidia fagictac A C ad ipfum radium AL , hoc cft , ,y - ' 
vc ccrminus fccundus Progrcflionis fubadiundac ad primura. En 
igicur vc Qiiadratricis fagicca AC dupla fic ccrmini fccundi fubad- , ..\ 

i««<f?ie Pro^rfjJwwAfiacquc vt in aflignanda diftancia ccncri grauitatis fc- 

mipcriphcrixBLO ab ipfocirculi ccntro A Ambo concurramus via . ' 
licctlongiflim^diucrsa infiftcntcs. ' . • ' . * 

Sccundo. OftendiProp.ji.circuIi QuadrantcmBL,radium AB, * 
fagiccam A C cfl^c concinuc proporcionalcs. Hoc ipfum Laloucra Pro- ^ . * 
-poficionis ciufdcm ii. Lib.5. partc fccundadcmonftracc fuis Princi- . ."" 
piise ftaticadedu(fVis. 0^c\\iiit cn\v[\(ccur\Auvc\fubadmn£fa Progref • '* ^ ' '. 

tcrminumbisfumptum ( qucm itafumptum a:qualcm cfle Qua- *•' •'.*'*-. 
dratricisfagittx ACproximcdcmonftraui ) Scradium AB,&arcum * - \ 
B L cfle continue proportionalcs. Qux maior poflic in hoc confo- ** • 

nantiadcfidcrari? ' " ' 

"5? ' ' Tcrti6. Siccntro A per B ,vbi radius gcnerans QuadracriccmTe- - 

cac , QuadransB PLdefcribacur : cum rcJla ducacur BL j hacc bifa- ■ 
;j* riamfccacurinRaQuadratricciuxtaProp. 8. huius , 5c pcr Prop. 3. 
'■ Lib.3.Elcm.iun<n:aAR pcrpcndiculariscft ad ipfam chordam BLi . * " 

ciufdemqucfcmifliRL cft xqualis propter angulos R A L, RL A ' . . ' : 
't fcmircdos jcqualcs. lamficentro A pcr pundum Quadratricis R ♦ i 

S X arcu» » • - < 
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1 3 8 Lib, 111.7)6 Quadratrice. 

arcus dcfcribatiir R Z S : conftat per Coroll. 3. Quadracricis verticcm 
C cOc arcus illius centrum grauicatis : c^uo habico liccbic per Coroll. ^.-j 
ccntruin grauitatis, cuiufuis arcus arcui R Z S fimilis , hoc cft, circu-] 
hcuiurcunqucQujdrancis(cftcnim RZS circuli Quadrans) ccn-i 
tri^m grauicails dehnire j arc{i. , vcrbi gracia , P L T : fi nimirum fiac ' 
vtradaisAZad radium A L, ica fagiica A Cad A Vrcricenim V ad 
arcum PLT fimiiiccr pofitLim,vt poficum eft Cad arcum RZ:^ : Ou.i-^ 
rciuxca Axioma Lib. i.^quipond. Archim. vc C ccncrunT^ft 
grauicjcis arcu. R Z S , ita V ccntrum cft gr.aultati.s arcu^ P L T. ^ 

His pUne conrentiunc, qux a Laloucra, 
Coioll.i. Propuficionis 2 i.Lib.5. allcruntur. j 
Aitcnim. Si fiac vt latus Quadrati ad ciusj 
diamctrum ica fecundus tcrmiiuis bis fum- j 
pcus (Libadiunclx Progrcflionii ad rcctam i 
aliam lincam :crit ha:c recla a ccntro iplb j 
circuli dirtantiaccntri grauicacis an us, qucm \ 
abfcindit.rcc^a circulo Applicata ca condicio- j 
ne ,vr parsradij ad AppIic.Kam pcrpcndicu- ] 
laris inccrccntium Scipram Applicatam in- ' 
ccric<51:a,ita lc h^ibeac ad tocum radium , vt | 
latus Quadrati ad cius diamecriim. Atqi.-i ; 
cafushic alius non cfl,qi:am qui cft a mc 

, P'oximecxpofitus. iiccccniminmco fchc- i 

mace i Appncat.i B L ablcindcns arcum B P L , ica abicindic in R ra- i 

dmmAPad ipfampcrpcndicuIarcm,vtcius pars A R ica Te habcat ' 

'"^Z^^l^tr ^/^'^^T ^''"-^ diametrum: J 

•fincR A paccccam i 

^ n V c '^i'-'"^ ^ ' A R ad A P , fiue vc radius A Z ' 

] r u ^ ^ ^ ''"^ P L T i ica faJlus eft A C fc- ' 

cundns lubadiunaxP.ogrcfiionis ccrminus bis fumpcus ad A V di- - 
aann.,rn ccm ri grauicacis V arctis P L T a ccncro ipfo A circuli. Patec 

adcircul, Q^:adranccm,,dcm obtmcri ccntrum V i;rauitacis arciis 

PLTtumLabuerx,cummc.^exQuadracriccpccitamechodo. Ar- 
ciis vcrocu.ufu.sd.ticcntrumgrauicacis inucftigandi racioncm vni- ' 
ucrralcm quam Corol|.4.exporui,cum idcm pr.tflandi mcthodo 
ciuamlaudatus AiithorCoroII. 1. Propoficionis x ,. Lib. c. pcci poire 
inonct ,cum,d(acisp!anum& expcditum mihi non vidcacur , con- 
fcrrc plunbus non immoror. Id ego quidem iurc vidcar pronuncia- 

re 
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• re vix aliam poflc huiufmodi centra grauitatis arcuum quorumcnn 
qucdetcrm.nandi viam iniri pofTc vcl brcuiorcm,vcl tutiorct^TuTm 
proxime citato Coroll. a mc cxplanatam. '""orcm,quim 

: Qiiart6. Nonmirumfiha:c,pluri.^iieaIia,nu2 iHo infipni f..^ 
. .in opere laudacus Author dc Cycloidc^commemltus cft . S 
,c. quoquo modo conucnirc compcriantur. Sic cnim habctS onL' 

• qucmadmodum Qu..dratricis gcncratio H.Iicis Archimed^x ortui 
affims fupens eftoflenfa . & cx ea affinitate ncc paucas nec tgMs 
Hcl.c.sfacultarcs fibj vcnd.carc Quadratrix dcmonftrata eft:itactiam 
candc propter candc gcuerat.onis cum CycloVdc affinitacc non paucis 
gauderc hu. us ornamcntis. En paucis in quo cluccat dida ilia affinitas 

^ ^ „ ^'QH^^ratrixBDCipercuiuspunj 

<aum D quodlibcr, omnium inftar , fiuc ' 
jHud ctra B ( vbi diameter gencrans 
Quadramcem fccat) fiuc vltraB fuma- 
tur i tum radius A D , tum rcda D E 
Axi pcrpcndicularis ducantur. Dcindc 
ccntroA pcr Quadratricis vcrticcm 0- 
circulus dcfcribaturradium AD fccans* 
m I ; pcr quod agatur rcdalO ad Axcm 
A C pcrpendicularis occurrens iu F re- 
• j <^txDE. Dico pun<5tum Feflrcad Pu ' 

clo.acm m.norem cuius circulusgcnitoreftCI. A.que iu ,i p£- 
hu ufmod. punda F rcpcriantur , pcr ea deducctur Cvclo^^ 
Jerfa "T" C. B • ericque cius pars cicra B ad f^tn- 
uerfa al> eodcm aucrla vltra B. Quod oftendo. Pcr D duc?tur' 
DGadAxemreaa:Eaeftpcr pro^jfi. huius, arcui IC mI 
AtFO.qux pcrl duciturparallclarefli DG ipf.D G rft IT 
Ergo F O eft xqualis arcui I C. Ereo ex eenerlri^n. r ^ 

Quadrau-,c.svert,ccmCdc/cr,pto. Vndepatetradium AD & re ' 

^l"read'cvcTo-th'^^''"^'^'S-"-'-''^ 
currereadCycloid,shu.usgenerat,onemvnica tantumduc-lS de no 
uo rec-Va l.nea F O per punflum I , in quo radius A D ga"itorcm c^ 
culum fecat redx D G parallela. Ex his cer.,i5quantum hafce dun- 
.ntcr curuas l.neas interfit commcrcium : vnde colligas q,,im mlx' 
vtr,quecommunes facultates ex eo poflinc deriuari qual fi^l.TrrK^'' 

grediar. \ndc.giturdedi?Jauit.e6cutfumtcftituamus. 

3. 
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140 Lib. IlI.De §lHadratme. ' 

PROPOSITIO LXVII. VrohUmn. ^ 

TRibus lincis A B , A C , A D fcfc in A fccantibus , pcr 
aliquod in earum aliqua datum puniStum lincam tranf- 
ucrfam,&adcxtrcmas AB,AD tcrminatam duccrc-.quac 
a mcdia fccctur iuxta datam quamlibet rationcm. 

' ' ■ ' ' ,"• ConsiruSiio prior. 

Data fit ratio EF ad FG t datumquc pri- 
mo punAum B in linca A B pcr quod duci dc- 
beat linea tranfucrfa B D,qux a media AC iu ' 
fccctur in C i vclut E G fcdla cft ia F :Secctur 
A B in I i vt in F feda E G : Tum per punaum I 
ducaturlC parallela lincx AD,fccans in C li- 
neam mediam A C Deniquc cx puncflo dato B . 
pcrC inucntum,ducaturrcda B D. Dico BD 
itafccari inC j qucmadmodum data linca E G fc- 

VmonfirAtio. 

^ Ciiai lincal C parallela fit rcdac A D in Trlangulo A B D • I» cft 
pcr Prop.i.Lib.^.Elem.B C ad C D i vt cft B 1 ad I A. Sed B I ad I A 
itaeft,vtGFadFE:fiueinucrtendo, AI ad IBjvt EF,adFG. 
Duda cft igitur rcfta B D , ita fcda in C j vt E G feaa cft in F , vi 
primo loco quacrcbatur. 

Conflrulfiopojlerior. 

Datum dcindc in mcdialinea AC fit punaum C : pcr quod duci 
debcat linea re£U ad extrcmas A B , A D terminata , quac in C ita fc- 
cetur i vt E G fedla cft in F. Pcr pundum C ducatur re^fta C I paral- 
lela linc3c A D : Tum fiat A 1 ad I B i vt E F cft ad F G : ac dcmum cx 
B pprCagaturrc(ftaBD. EritDCadCB,vc EFcft adPG. $ ' 

Vemonjiratio. 1 

EftDCadCB,vt AlcftadlB. SedAIadlBcx conftru(fHonc | 
ita eftivt E F ad F G. Ergo vt cft E F ad F G i ita cft D C ad C B Dato 
CT<yo pundlo C in mcdia trium Tinearum du^a cft rcda B D ita diuifa , 
in e i vt in F diuifa cft rec\a E G. Quarc tribus lincis &c. Quod ft- 
ciendum crac. t 
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Lih. III. Dc Sluadratrice. .141 
PROPOSITIO LXVIII. Theirema. 

Irculi cuiufuis daco quocunquc fc(5l:orc : cius ccncrum 
grauitaris rcpcrirc cft opc Quadratricis. 

Fr^fnratto , ^ DemonUrntio. 




p^^^fc^ii^^^storraircctir hxc Propofitio , quac Problcmatis nacuratn 
"lapic,.in modum tamcnThcorematis cnuncictur. Quia fcilicct cum 
lincii Quadratriccmtangcns ad Problematis folutioncm neceflaria fic, 
cuius ducendx , ecfi aliqua , non taracn abfoluca ars nobis innoccfcit: 
minus apcc Problema propofitum mcriti cenfcrctur i cui dcinccps 
minusbcne fiicisfiercc. Dico icaquc opc Quadratricis definiri poflc 
grauitatis ccntrum in dato cuiufiiis circuli fizc^orc quocunque : qualis 
cft fc(flor H L K circuli H I K T. Sit cnim Quadracrix , cuius ccn- 
trum ex A Axis A Ci ad cuius cxtrcmum A , fiue Quadratricis 
ccntrum fiat angulus F A E a:qualis angulo H L K fc<floris dati : vtro. 
quc autcm hoc angulo bifariam diuilo dudis lineis LI , A G > harc 
Quadrarricem fecct in B:a quo punclo duci potefi{quid enim obftat?) 
linca Quadratriccmcangcns BD. Quod fi bifariam A D feccturj 
partiumque altera aD vfque ad E fupcr Axc rrponatur i ac fcmidia- 
mctro A E circulusdcfcribatur rcdac A F occu-rcns in F i ac fccTorem 
AFGEfedoridatoL H I K fimilcm confiituens : cric confiituti fc- 
ctoris ccntrum grauitatls punfflum B Quadratricis pcr Prop.(j(j. fi igi- 
tur circulus H I KT icqualii. fuerit ciicnlo FGE i radio Quadra- 
cricis A B ex centro L circuli H I K fupcr fcmidiamciro L I rc- 
pofito , cric dcfinitum grauitatis ccntrum dati fc(floris. Ac fi cir-. 
culus F G F circulo H 1 K fucricincequalis , vt hic j ita fccetur in R fc- 
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midiametcr L I » vt fcmidjamcter A G lc(fla eft in B ; crit R grauitatis 
ccntrumdaii fcdoris LHIKifimilcs enim figiirx , cuiulmodi fum 
hi duo fcAorcs , grauitatis ccntrum nancifcuncur fimilitcr pofitum per 
Axioma 6. lib.i. Archim dc jcquipond. conftat autem fimiliicr pofi- 
tacfle duo hxc puncfla R 2c B fuis in fcdoribus. Ciim igitur quocun- 
quccirculodatoIiccatpundlumReodemmodo dcfinire , conftat cu- 
iufcunquefcdoriscentrum grauitatis poITc definiri ac dctcrminari. 
Eigo. Circuli cuiufuisdato &c. Quodcrat probandum. 

Sch^tium. 

Si fcdorproponatur ,cuius anguluscxtrorfum vcrgatifucrit fcili- 
cctfedorfemicirculo maior ,quaiis cft hic fedor L H T K : faciliiis 
habcbitur cius ccntium , fi ccntrUm icperiatur fcdoris L H 1 K dcin- 
ccps pofiti fiuccumipfocirculumcompkntis. Inucnto cnim ccntro 
Rminorishuiusfcdaris:G fiat vt fcdor LHTK,ad fc<florcmLHIK} 
itaR L,adLS: cric pcrProp.S.Lib.i. Archifn.itquipond. pundum 
SgrauitatisccntfUmfedorisLHTK. Eft cnim ccntrum L circuli, 
ipfiusetiam cifculicentrumgrauicatis cum crgo duo fimul fcclorcs 
circulum totum complcant : crunt punda fingulorum S , R , a centro 
communi L amborum diflita iuxta rcciprocam rationcm ipforum fc- 
dorum , corundem centra grauitatis. Qjiomodo autcm habcatur no- 
taratiofc<florisLHTK,adfc<ftorcmLHIKi vtfiat R Lad LSjvt 
fcdor L H T K ad fefkorcm L H I K : conftat cx Quadratricc i cius 
enim ope habentur rcdx lincar,qux ira fc habent ad inniccni ; vcar- 
cus H T K & H I K, fiue anguli illis arcubus ad ccncrura L infiftcntcs, 
auc eciam fcdores. 

Vcrum , idcm ccntrum S facilius obcincri pofte videtur : fi produ- 
fcmidiamctro I L , blfariam fecctur fedor L H T K cum vnius c 
fadis fcdoribus , vc L H M T , centrum O repcriatur : quod in rc- 
dam LNadPrcponatur,acdemumhxcduoccncraO& P rcda H- 
nca O Pconnccftantur j quse redam LT fcccc inS. Eritenim Sccn- 
irumfedoris L HTK femicirculo maioris. Ccncrum cnim totius 
fcdoris in cadem rcda linca rcpcricur , in qua duo ccntra O & P rc- 
pcriuncurperProp.8.Lib.i..^quip. Cum crgo idem cocius (ccloris 
ccncrum rcpcriacur ctiam in reda L T cundcm fcdorcm bifccanrc • 
critnecctraii6communisfc(flio SlinearumO P , LT ,ccntrum cotius 
fccloris L H T K. Quar induftria in fcqucncibus poccric cciam facpius 
obfcruari. 

Vcrum idcm ccntrum grauitacis fcdoris cuiufcunque fiue minoris 
fiuc maioris fcmicirculo, aut ci xqualii ■ifT'^' ^ liccbic mcthodo lon- 





faciliore^qaain exhU 
bcmdecfudaex Propoii- 
tione 66. Coroilaria. Sw 
enlm {c£tor quicunqiie 
H T P minor , .niaj'6rve ' 
ieni:c:rwiilo ( vcrumque 
criin Mcm charadcri- 
busdcfigno)qui Mfaiiani 
diuidaciir rcd^ TK>bi- 
fariam fecantcram arcum 
HKP , quam anguium 
HTP. Conftat in pri- 
mis centrum grauicacis 
fctfloris huiiis in rctH^a hac 
TK ncceflario repcriri. . 
lilud porro dc definictur. 
Dcfaripcahabcatur Qua- 
dratrixaliqua.cuius ccn- 
trum fic A , vcrtex .C , fagitta autem A C ifafecctur lii I , vc tota A C 
reiqtii.alterai]tpartis Alffiuc ( quod tdem efl j iiat CI tercia pars 
rocjus A C. Tum flat an^us C A B «qualis angulo KT H , nem - 
peiemiffi anguti ieAoris j refta autem A B Quadratrici ocia -rac in B. 
Denique tc A B eft ad A I } ita fiat T K ad T R. Dico pundum K 
cSc centrom dati feteris. 

Nam fi centro A perB circulus dcfcribacur alcenim Quadnicricts 
' cornafccaos in O , ducatiirquc radius A O : (cdor B A O fimiliiS eft 
ie&oridacoHTP. Ergoper Axioma 6. Lib. i. Archim. dei£quip. 
centrum grauitatisviriufquc huiusfcdoris fituni in vcroque fi>rcicur 
fimilcm. Cum crgo pundum I cicato loooofteafom fic ccntrnm cffc 
fccloris A B LOipundum cciam R ccntrum erir grauicacis fe^ris 
T H K P. Ciim cnim ita fic cx conftruciione radius T K fe^florcm 
bifariam diuidcns , ad T R } vt A B , fiue A L bifariam cciam fcdo- 
rcm alccrum diuidcns , ad A I : conftat punda I & R fimilicer in fccfto- 
ribusfuis cfTc confticutaj atque adco ex cicaco Axiomate ccmrum 
grauitatis feclioris T H K P occuparc definitum pundtum R. 

Hoc codcm modo licebit ccntrum grauicatis arcub H K P definire: 
Ci nimirum vt eft A B , fiue A L ad A C 5 ita fiac T K ad aliam fupcr 
T K A ccncro T reponcndam. B^cio dara efl cx dcaci& nuper Cortiila- 
riisPropolitionis ^^. 
- = - . r * * PRO 
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PROPOSITIO LXIX, PrMfmiL . 

DAcis duobus cuiufuif circuJi fc6bohbus fibi adiacencibus 
dat6que alcerucrius ccncro : ccmnim tam alcecius» pim 
exvtroqoecompofici (eAorts repe/irevaoc datoet vtroqoe 
conflati (cAocis cemro, ocntra vfriufqac Jecetmmare. 

ConfituiHo, ' ^ 2 

Dicrdiikfe. 

aores OY M 
Q.,OCiJN 
(tbi adhftrpi- 
tts > qut Mi> 
riam diuttan- 
toc dadis rsp 

^MsOliaT: 

totus ctlam fc- 

AorOYNbi. 

fecctur raiia 
duaoOH.Ti» 

ad ccntrum A cuiu^iam Qnadratncis,eidrque Axem A £ fiat aik 
gulusF A E sequalis angulo YONi qui in angulos diftribnacor fin- 
gulos fingulisacqualesnnquos diftributus cft idcm angulus YON, 
dudis radiis AL, AG &c. Quadratricem fccantibus crgo potcrit 
feftorreperirr per Prop. 68. cuius ccmrum fit pundum B Quadra- 
tricis , in quo eam fecar radius A G , bifariam fecans angulum F A E. 
Slc iiaque B j^rauiratis ccntrum fccloris A F G E cx duobus fcdoribu» 
A R S E , A R L E, qui fimilcs funt duobus fcc^oribus datis O Q T N, 
O Q M Y , compofiti. duc^tur pcr l,inquo radius AS angulura 
R A E bifariam diuidcns, Quadratriccm intcr(ecar, linca B I P. Tum, 
pcr idem pundum B ducatur linca V B Z ad duos radios A L , A S 
terminata , qua: ita fecatur in B pcrProp.iy. vt B P fecatur in L Dc- 
nique linexO M , O Tiecencur inK& XfimilNer^ vcradi) A L, A S 
lecanuirioVlcZ. ErkKeemAm graiyiaiisr^ftaris OYMQj£c 
XccDframgnttftatbfesftorisaltflriusO QJFH 

Certomeftper Axioma tf4Lib1.de aequip. Arohtm. PnS)k K 
Xcemraeft grauitacn feterum OQM.Y»OQTN/i moroo 
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{imilium ARLF,ARSE centra fucrint V & Z. Hoc auccm fic 
oftcndicur. Conftat primo cencra illa rcperiri in radiis A L , A S bife- 
cantibus fccflorcs ARLF,ARSE: cum enim radij illi diclos feclo- 
rcs bifariam diuidant, non nifi pcr ccncrum agi poiTunc. Conftac 
itcm pcr Prop. 8. Lib. i. de ^quip. A chim. lincam connedcntcm 
cencragrauicatisduorum feclorum ARLF, ARSE duci pcr cjn- 
crum grauicacis B fc<floris AFGE cx duobus illis conflati. Rcftat 
icaqu>:probandumlincam V BZ , cjuac ica in B fecacur j vc B I P fcca- 
turinKquxquidcmvnica cffe pocefl per Prop.^i.) rect^ definire 
(cdorum illorum ccntra. Quod ita oAenditur. Vt fc habcc lcclor 
A R L F ad fcctorctn A R S E , vcl illiui femiffis , fcdor A L R ad hu- 
ius fcmifrem , fcAorem A S E j ita fe habct per Prop. 48. rcciproc^ 
diftancia ccncri fecfloris A R S £ a ccniro communi B fcdoris A F G E 
cx duobus fcdorlbus illii coaflaci ,ad diftamiam ab codcm cencro 
communi B , cencri fcdorls A K L F- Sed ita cft Z B ad B V i vc fc- 
dor A L R ( qui fcmiffis cft feaoris A R L F ) fiuc ci acqualis A G R S 
ad fedorem A S E , fcmiffem fedoris A R S E. Ergo V cft ccncrum 
(CiftorisA RLF i &Zcftccncrumfc<ftoris A RS E. Probatur Affum- 
pcum. Exconftruiftionc ita cft ZB ad B V } vtB Icft ad 1 P. Scdpcr 
Prop.(>4. vt B Icft ad IP i itacftangulus G A Sadangulum S A E : 5c 
vt angulus illc G A S ad angulum S A E i itacft fedor A G R S ad fe- 
dorcm A S E. Ergo ita cft Z B ad B V j vc fedor A F L R ad fcdo- 
rcm AS R E. Quarc V cft illiu< fc<ftoris grauitatis contrum i ccn- 
trum vcrohuiuscftZ. Quodciim ica fit, etiam Kcentrum grauita- 
tis eric fc<ftoris O Q^M Y > 5C X ccncrum fec^loris O QJT N. Ergo da- 
tis duobus cuiufuis 6cc. cencra grauitatis rcpcrta fuut. Quod crac fa- 
cicndum. * 

Scholium. 

Eadem fcrc mcthodo Problcmatis huius folutio ope Quadratricis 
colligcrctur : fi primo loco non ccntrum B fcdoriscxduobusdatisfc- 
doribusconftaci inueftigarctur, {cd alccrutrius eorundcm datorum 
redorum:ex eo fiquidem ftatuto cencrum tum totius ex duobus com- 
pofiti fedoris in linca A G , cum alterius m iinea ipfum bifccante de- 
finiretur adhtbita linc^ B P > qua: in I fccatur iu racionc , quam icdo- 
rcsdati intcr fc obfcruant. Porro aducrtc fc<3:orem,cuius ccntrumin- 
quiritur,Axi AE adiaccrc dcberc, Axcmquc cfTc vnum feifloris latusj 
Dcque cnim alitcr > vt conftat cx Prop. ancecedence,& aliis fupcriori- 
bus , poteft dcccrminari fcmidiameter iedoris, cum in folo Axc a iinc^ 
Quadratricem ungence detcrminecur. 

r 2 PRO 
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PROPOSITIO LXX. PrMmM. 

SEcrmenti cuiufcunquc fiue minoris , (lue maioris fcipicir- 
culo,ccntrum grauitawsinupftigarc. 




Datum fic fcgmcmum qnocidam X MY abfciirum cx fcclorc 
N X M Y : qai primo fic fcmicirciilo minor. In cliCLilo ,cuiiis ccn- 
triim lic A idcmcnm Qiiadrarricis cciuro , rcperiatur per Prop. ^8. , 
kcUr: > V G E ijmiiis lcdori N X M Y , &: ciuu.s i^^rauitatis ccnirum 
iit , inquo piindo radius AG Qiiadratriccm intcrrccac. Tum ex 
codcm pundo B ducntur B D Qu.uirncriccm tnngcns,^. B L nd Axcm 
A E pcrpcndlculoris. Dcinde reda A O perpendjciilaris ad chor- 
dam F E , qu.x fcgmencum abfcindic , ita fecciur in R i vt A O iitfeA 
c]ui-alLcrarcax R. AcdcfiiqueBatvcDLadL A 3 icaRB ad BS. 
D ico S eiTc i cgmenti f G E ccmruni grauitatis. 

2>eme»ftr4th. 

Centro AJcfcribaturarcasBI: & k fwn^o G ducatur tum GK 
adAxem perpeodiailaris, cuin GV rt&x BD,quae Quadratricem 
tangit , parallela^ Conftat priin6 per Prop. j z. fe£borefl) A B I aequa- 
ffitacCic tnanguio' A B D. Hinc fecundo conftat fciflorem AGE 
irianj;iilo A G V xqualcmcfre. Nam lam Cc6iov A G E fcdori A B I 
iiin'lfseft , quam triangulnm A G V criangulo A B D fimilc j c6 qu6d 
p V du r^ fr iinex BD parallela. Erj-o eandem halent inter fe ra- 
^nom Xriangulum A B D,& fcdor A B I quorum cft idem Intus A B} 
.^quamhabcrtper Prop.ii.Lib.6. Elem.triangulum A G V, & fe^cr 
A G E quuium eil idem lacus A G liomdioguai iaccii A B 3 q uorum 

vuumque 
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vtrumqueduobus lateribus acquiualet : funt enim & triangulorum, & 
fcdoiiim fimilium latcra. Hincdcinccpsicrtio fcquiturjVt tam trian- 
gulum G K V femiregmento GOE ,quam triangiilum BLD fcmi- 
lcgmento B L 1 fit acquale : fi nimirum cx jcqualibus intcrfc fcftoribus 
& triangulisaiqualiafiuc communiadcmantur triangula AGK , ABL. 
Ha:c cum ica finc : vt fe habet triangulum B LD ad triangukim BLAi 
ica fehabet femifcgmcntum GOE triangulo GKV oftcnfutii acqualc, 
ad triagulum GKA,fiuc ad huic xquale criangulum AOE. Ergoetiam 
pcr Prop.i^.Lib.^.Elem.ita totum (egmentum FGE ad totum criangu- 
lum A F E. Scd vt triangulum B L D ad triangulum B L Ajitacft bafis 
L D ad bafim L A. Ergo vc L D cft ad L A j ita eft (cgmencum F G E 
adcriangulum F A E. Sed cx conftruftionc vtLD cft ad L A j ita 
ftacuta cftRB ad BS. Ergo vt fcgmentum FGE ad triangulum 
F A E j Ita cft reciproce R B diftantia ccntri R trianguli F A E a ccntro 
B unius fcdorib A F G E , ad B S diftantiam pundi S ab codcm ccn- 
troB. Ergo pcr Prop.<>. Lib. i . ^quip. Archim. vel Prop 48. huiu>. S 
cftcenn um grauicatisfcgmjnti FG E. Quodcum ita fit , fi cuiufli- 
bct fcgmcnti fcgmcnioF G E fiaiilis fagitca, fiuc linca fubtcnfam bi- 
firiam jd angulos re<fiOb fccv^.ns (qualis cft PM)ita diuidatur in 
T,vc OG d'uifaeft in S:crit T centrum grauitatis dati fegmcnti XMY 
pei Axioma 6 Lib. i .^quip.Archim.ltaquc opcQ^adratricis afiigna- 
tumcftgrauicaa.scencrLim fcgmciiti fcmicirculo minoris^quxeftprior 
huius Propoficionis pari. 

ConJIruniop Jlericris partis PropofitionU. ^ 
Datum ia,m fic fcgmcntum F Z h fcmicirculo maius rcwlalinc^FE 
acirculo ablcillMm , cuius ccntrum grauitacis quacricur. Supponatur 
inprimis repcrcuni cfleccntrum S (ogmciici FG E femicirculo mino- 
ris : ad caius inueftig.itio» dwdlafuk rccta B D Quadratriccm tan- 
gensinBj vnde demiflaeftad Axem rc pendicularis BL. Tum fiat 
vtangulus GAE ad anguium G .V V,iuic vcarcus G Ead arcum G V, 
qui femicirculum complct ( quod opcQuadratricis abfolui facil^ po- 
icft , vt Prop.z. & 6. conftat j ) ita A D ad aliam lineam , cui ponatur 
aequalis L H Dcniquc fiat vc A H ad L D i ita A S ( quae cft diftan- 
tia ccntri S fegm-mti F G £ a ccntro circuli A ) ad A Q,. Eric Qjren- 
tium gi auitatis fcgmcnti propofiti F Z E fcmicirculo maioris. 

Dimonflratio. 

Conftac primo arcum G F V a:quaiem cflc arcui F V Z , fiuc an- 
gulum, aut fcctorcm G A V eflc angulo,aut fc(ftori FAZ a^qua- 
lcra. Eftcnim angulus GAE aequalis angulo V AZad vcrticcm: 

r 3 fcd 




fed G A F icquatis cft 
angulo GAE. Quarc 
fi addatur communis 
angulus F A V : acqua- 
Ics ficnt anguli G A V, 
FAZ , fiuc fcdorcs, 
quorum illi funt anguli. 
Conflat fecundo ex 
prioris partis probado- 
ne ita elle triangulum 
ABL • «d criangulum 
LBD$ vc eft trtangu- 
lom AOEad iemife» 
gmennim O G E. Ergo 
componcndo. Ita dl 
_ ABL criaDgalom ad 

trlaD|dom A B D > vt trlangulum A O £ ad feftorem A G £. Er- 
goetiam itaerlt AL ad AI)> (funt enim triangula ABL,ABD 
eiufdcm altitudinis ) vt criangolum A O £ ad fcdorcm A G £ ( noe^ 
duplis aflumptis , vt criaDguIum A F E ad iedorcm A F G E : ) fed vt 
(caorAGEadrcaorcmAVFGiitapoficaeft AD ad LH. £x 
xquo igltur ita cfl AL ad LH) vt triangulum A 0£ ad (cdorem 
A V F G , fiuc ad fc Aorcm huic acqu >Iem A F V Z j fiuc , vc triangu- 
lum AFE trlanguli A O E duplun^ ,ad fc^lorem AFZE fc£loris AFVZ 
duplum. Ergo componcndo. Ica cft AL ad AHjvt triangulum AFE ad 
(cgmcntum F Z E. Ec inucrtendo. Ita cft A H ad A L , vt fcgmen- 
cum F Z F ad triangulum A F E. Eft autcm vt A L ad L Djica trian- 
gulumAFE ad rcgmentum FGE. Ergo cx jcquo. Iraerit AH 
ad L D i vt ftgmcntum F Z E ad fcgmcntum F G E. Quac cum ita 
fint. Cumcxconftru6lioncitafitSAad AQj vc cft AHadLD^ 
icacric S A ad A vtrcciproc^ cft fcgmcntum F Z E ad {cgmcn- 
tum F G £. Ciim ergo A ccntrum circuli fit ccntrum communc 
duorum fimui fegmentorum : fit autcm S centrum fegmenti F G £.* 
cmos diftantia S A 4 cencro commoni A ica fc habcc ad A vc vic^ 
fim iegmentum F Z E (e liabec ad icgmemam F G E : eric per Prop.^. 
Lib.i«ae i£quip.Arcfaim*yeIpcrPtop.48.fuperior^,ponftum Q^gni> 
mcacis cenccum fegmenci FZE (emicircolo maioris.Hoc aucem cencro 
Qmvnoiemelfegmeacodcfintco:ommimi (imnittm iegoacncorum 
cencmdefiaimmirUoittciufam iis omoibiis cenaa fimflicer pofi^ 
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p cr Axioma €. Ltb. i . dc ^quipond. Quarc in altcro circulo , cuius 
fcgmcnti XMY fcmicirculo minoris , ftmiHrquc fcgmcntoFGE, 
ccntrumTdctcrminatumcfti rcpcrictut cencrum fcgmcntiXVY 
dcinccps pofiti : fi fiat , vt S A ad|A Qj T N ad N R : crit fiquidcm 
R ccntrum grauitatisi fcgmentt X W femkirculo maions. luqae 
£uc fcgmeiicumfiierit femicifcataniiiiusj fiue n»tiis»eiyfi c^ntnim 
grauiutisiniieftiganimcK. -«^-:— 



PROPOSltlO L}CXf. TroUemM. 

SI triangulo l(6^\\ N V Z infcripcus fiierit circuli Cefkot 
X M Y } vc fiant triangula duo mixca M VX,MZT: 
amborum ccmrunigrauiracis adignarc. 

CmfirM». 

luxta obieroacaoi ia 

praecedcntibus mctho* 
duth fic (^ittdratricis 
alicuius ccutrum At. 
c]iiod ftatuatur ccri- 
trum fedoris AFGE 
fcclori NXMY dato 
fimllis : cuius ccntrum 
grauitatisfitBi fit nimi- 
rum fcmidiamcter AE 
fefqui-alteralinccE A D, 
ouam abfcindit BD taugcns in B Q^adratriccm , vc fupra Prop.6(j. 
aecUratiir. Tum fumacur A R arqualis rcdx A D a tangcnce B D 
dbfci(&,actaiidcm fiat (duaiG O Quadr^tnccmrangcnti BD pa- 
lancla JvcTOadOAjiiaBRad KS. Eric punftum S cemrum 
Bauiiacisduorummixcoromtnangulerttni G£T»GFF. Q^o ab<* 
^iluce» radins N Mdacum fcaorem N X M Y bifiiriam Ikans. icn 
in P diuidator > vcciushomobga A G diui(a cft in 2i , pr«ftitum fiie- 
rit,quod propoiritur.OAendciidum itaque eftquamddoSfic centrttm 
SnMMs^vmruqi illovuin niixtorom triangdorum G F P » G £ T. 

Centro A pcr B circulus dcforibacor Anem Quadratricl!: fccanl In 
1 Conftat crgo primo pcr Prop. y o. triangoluffi A B D fc^ori A W- 
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lum AGOjtam cnim 
fcdorAGE fedoriABI 
(iir.ilis , quam maiigu- 
lum A G O cft fimile 
crrangulo A B D i eo 
€(\}6d ex- conftruftione 
GOlinesBDparalicla 
i Cit auccm pcr Prop^. 
II. Lib.^. £lcm. vt ic* 
clor A B 1 ad triangu- 
lum A B D > ita fc^ot 
A G E ad trianguium A G.O : func em'm bx quau:or figura: iu pcr la- 
tera A B, A G proportionalia in rationc zqualicatis A B ad A B,& A G 
ad A G conftrudx. Quod ciim ita fit, crit triangulum G O T xqualc 
triangulo mixto G E T.Si cnim ab eodcm triangulo A G T dcmantur 
duxquantitares xqualcs, fciflor AG E ,6c rriangukim A G O : qux 
rcliqu^e fiunt { triangulum GOT, 5c triangulum GET mixtum) 
non nifi xquales ciTc poirunt. A'i hxc conftat pun(?lum R. centriini 
clTc grauitaiis trianguli A P T : pofita fiquidcm efl: A R xqualis rcdac 
AD 5 cuius A E , fitie A G eft ex confl,ru«5I:ionc rerqui-alccra. Cum 
crgo AG bifariamdiuidat bafim P T , crit R ccntrum trianguli APT 
pcrProp. i^.Lib. 1 4. ^quip. Archim- His ita conftitutis. Cum cx 
conftrudbionc ica fit R B diftancia centri B fc^oris A F G E , ad R S» 
vtT O ad O A : vt autem cft TO ad O A j iia pcr Prop. i . Lib. 6. 
Eleia eft triaogabm T G Oiiite triaogulum mu^cum T G E trian- 
•guloT G O anjuale ad fcdorem A G £ : & duplis aflumptis^ica crian- 
guladuomixtaGFPiGETadfeaorem AFGE:icaerit a B ad 
R S s vt duo nia mixta criaiigala ad fc&orem A F G £. Citm ergo R 
lit centrum tocius criaoguli A P T , & B fit ceotnim fedorls A F G E: 
ericSceotrum duorum fimul mixtorttm trianguloram per Prop.^. 
Lib.i.i£quip. Archim. autProp.48. rcdacnimiineaperduo tentra B 
R, fe^oris AFG E, & crianguli A P T tranHens, tcaoficetiamper 
ccntrum reliqux qoamitatis , duorum fciliccc criangulorummixtorun 
-per Prop.8. Lib. i. iEquip. Archim. ilIiufqucdiftamiaa.Gommuni cco- 
troR.itadebecc(rcad diftantiam ccntri fc^^ori^ B}Vt rcciprocede- 
Aoripfc AFG Ecftadduofimul ilIamixcatriangula,hoccft , vc AO 
ad O T , quemadmodum dcclaratum cft. At ex conftrudionc ita cft 
RSadRB, vt AO ad OT:tribus fiquidcm lincis T0,0 A,& 

i&R.quacu ptoportiojQalis KS ilauiu dt Inucnto aucem ccpcro S 

dttorum 
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nixtoniRi crimgotorum G F P , G O t s tteth inueiiciim eft cencram 
PuriangulorainMXV.MYZ. Qi^crac^endani. 

PROPOSITIO LXXIL FnUma. 

ALcerucriiis c duobus mixcis criangulis GFP » GET, 
quorum cencrum proxinia Prop. tnuencuni efl^ceocrum 
inucltigarc. 

Conjlru^to , Demonfirstio. 

Sic icaquc ccntrum 
mixti trianguli G E T in- 
ucftigandum. Rcpcria- 
tur in fcmidiametro AG, 
«Et^orum ccDtrum S : 6c 
per S docacur ad AG per- 
pcndicularis. Certumeft 
in ca pcrpcndiculari le- 
periri vtriuique huios 
trianguU ccntra Cam 
cnim aequalia , 8c fimiliarmchatcdtio c i^ngulaidcbent corum cen- 
crat fi criangula incer fe coaptari concipiancur,ltbi eciam inuiccm 
coaptaripcr Axio.f . Lib. 1. ^quip. Arciiim. Vc ergo lincaiilacc^a, 
qux per commuaeccmrum S amborum ducitur( linea enim icda 
pcr ccnrrum communc tranfiens , rranfic ctinm per viriufquc ccn» 
crum pcr Piop.S.Lib. i . ^quip. Archim.) poflic coaptari ,dum trian- 
gulum AGP circa A G conucrti intclligicur,donec triangulo AGTfu- 
pcrponatur, ncccITaiiu perpcndicularis cire debec ad AG raliavccn- 
trum ccntro minime congrucrct. Hoc icaque luppofico, reperiaiur 
ccntrumtrianguli AGTdiuisafcilicctbafi GT bifarlam in B»du- 
taque A B ita diuisa in C , vc tota A B Ct lcfqui-alccra partis A C : eric 
C ccntrumgrauitatistrianguli AGT pcr Lc^u. Commandini ad Prop. 
i5.Lib.i.i£quip. Archim. Stccciamfcpenkm per Prop.68. cencrum 
L (edofis A G £. Tum haec dno cencra L Ac C tcEA lindt conne* 
«ftamnr : quac produ^ accurcac io D lines dudx pcr S pcrpendiGula>>. 
riadAG^cric ccucrum grauicatis propoiici trianguli mixciG£T. 
Paccc»huiuseiitmtrtaogc£centramreptfitur,vcoftcn(umcft,t^ tt. 
nea percommune dnorum triangnlorum mixcormB cehcrum S'daAi 
ad A G pcrpendicularicer per S : id^mqtte repecitur ia iinc^ L C con» 

F ncdeste 
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ncdcntc ccntra L & C (e<?loris A G E , & & trlanguli AGT per Prop. 
8. Lib. 1 . ^quip. Ergo aliud eflc non poteft , quam D , in quo dusc 
lincsc S D , L C D rcfc interfccant. Dati crqo huius gcneris criangu- 
\i niixti ccnirum definicum c(l. Quod erat faciendum.' 

PROPOSITIO LXXIIL ?roblma. 

SEmifcgmcnti fcmicirculo minoris G O E ccntrum graui- 
tacis dcfignarc. 5*' 

Reperiacur in primrstotiusfegineDtiFGE 
ccntrumSin rc&a A G j ad qoam dacatar 
pcr S linea pcrpendicularis in ed enim perr - 

pendiculariccntrum di£li fcmifcgmcnti re- 
pcriri ncccflc cft , vt Prop. proxima declara- 
tuaicft. Inucftigetur itemper Prop.6S.ccn- 
trum L fcdoiis A G E 5 ac dcmura cencrum 
C trianguli A O E ,du(fla nimirum A B bifariam fccante cius balim 
O E: qux itadiuidaturin C vt toca AB fcfqui-altcra fic parcis AC. 
Si enim per hacc duo ccntra L 5c C redalinCa agatur , fedura eft iam 
du^am pcr S ad AG pcrpendicularcm,inD ccntro dati fcmifcgmcn- 
ci O G £. Ctoenim L ccncrum Cit fedoris A G £ , quanticacis fcili« 
cec ex C&aulhgaatoxo GO^,Ucx triangulo A O E conflataB , trian- 

SQCaatemcencromiScC,perPfop.8. Lib.i. i£quip. fineaconneAe». 
xcdnooentraL&C tranucpcr reliqux partis(qoaB eftfemtfemen- 
cum) grauicacis centrum. Etgo concnrrus D lineanim S D t lcC LD 
eft centrum iemi(cgmenn qusfimm. 

Habetis»Geometrt9c Cultotes« non cam induftrtx , qnam ineile 
mihipertenaem chc non laceti qujini «ei fpecimeo conaK^ ad da- 

tam inicio prscftandam fidcm : quam vcrum cx voto vcftro mc6que 
prxftitcrim, ex ubulisha^enus a mcprolacis Vos ip(i iudicatocc. Mi' 
hi quidem certcprimo & altcrohuius opufculi Libro, quod propo/i- 
tum crat, vidcor aftecutus : nimirum ,fcntcntiam aducrsus cclebrcm 
jllum circuliTctragonifmum ab infigni Gcomctr^ R. P. Grcgorio a 
S. Vincentio cxcogitaaim, non tantum ex xquo iurc , lcgibufque 
cum Gcomctricis tum Arichmcticisalils in Examinc Quadraturx a 
mc fuiiTe lat«un » fcd cciam condcm hknon ieuitci gSc con£rmatain> 

dumt 
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dam,qu.T aducrsus cam k ftrcnuo Quadraturarum fautorc R.P.Ayn- 
(comin fua carum dcdu^ione Argumcnta func allata (ccrtum eft 
autcm allata fuifle , omnium qux cxcogiiari potuerc , grauiffima, cum 
decausa vltim^deccrDcndum forct ) oftcnfa func, veierum , ipfuis 
ctiam Gcomctriac Parcntis Euclidis placicis non minus , imo magis 
aduerfari j quamqux ab ipfo Authorc primum adduda fuerant, a me 
in cicato Examine non fme communi Gcometrarum approbationc 
difcu(ra,rciedaq). In quibus illud non in poftrcmis pcrpcndeniium ic- 
fcobtulit,quodab "croque hoc Authorc pronunciacur > nimirum,fi 
qux dc Angulis poftcritaticradidit Euclides admictantur,neque ip(um 
fibiconftarcpoife ) nequealiaquxdam Gcometrica Principia, qualia 
func dcfinitioncs ccrcia, & quinta Libri 5. Elcmcntorum, intcr fc 
conuenirc. Quodciimab aliis quibufdam Geomctnx fcriptoribus 
afleratur i ne nota hxc Euclidi , totiqucGeometrix inufta fupcreflec 
faluaqueforcc hac^Vcnus illibata vcriufquc fama: pluribus mcns Gco- 
m.irix Parentisexponcndafuic: iuxta quam nihil aptius cohxrcrc, 
nihil firmius fl:arc,quam hxc , aliaquc omnia nobilillimx huius di- 
fciplinx fundamcnta,euidcnccr oftenfum eft. 

Quidquidergolabibcx nouis illls Principiis , Geomctrix impcn- 
dcbac, longiusdepulfumeft. Verum,non fatis inftituto fcciflc vi- 
dcar, nifi ctiamcidem difciplinxnouiornamenti quidpiam ad can- 
dem Tetragonifmi matcriam pcrtincns , collatum hk fucrit. Ad id 
vixpotcrataptius, quamQuadratrix, Argumcntumaflumi. Eacnim 
aprima ipsa luce,in quam antiquiffimus eius Author Dinoftratus 
ipfamedidic ,tantaobliuionc fcpulta latuic, vt vix cius mcminerinc 
aliqui ) nuUufque , quodacceperim , cam , liccc infignium faculcacum 
fons fic vbcrriraus,pcnicius fcrutandam fufccpcric. Quam fclicior 
reccncius cxcogitacx Cycloidis fors cxticit • quam vix nacam cxccpc- 
rcfuifquc vigiliis cxcolucrcclariflimatcmporis huiusGcomcirarum 
Luroina. Qux vt fpcro, his paucis,quxpro modulo,librohuiusopu- 
fculi tertiocomplexusfum , msntcm induccntad plurafic rcconditio. 
ra huiusinflcxx Lincx inucftigauda myftcria.adcoquc cius opc ipfam 
circuli tamcxpctitamQuadraturam i adquam vix planior, apcrtior- 
quc aditus paicrc poflc vidcaturj prxfcrtimcx quo ipfum Quadratri- 
cis vcrticcm dcfignari poflc dcmonftrauiopc lincx rcdx ,qux quo- 
uis inpundo ipfam tangaticuiufmodi duci poflc apcrcc dcclaratum 
cft : quod capuc vcl vnicum probct cuidciiccr minimc inancm , fide- 
quc maiorcm ad fronccm totius opcris appofitum cflc titulum : vt alia 
non pauca taceam Aihilo magis noca , quxque Paradoxum fapianc: 

F i qux 
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qny hoc toto tertio Libro profccutus fuin. Qiiibus,fic habctote, 
nf j pnuciora , nec veftris vigiliis , lucubrationibufquc , Gcometrac 
doAilTimi, miniis digna , fcd meis viribus fuperiorai dum ha;c,qux 
veftri iuris fccljmcditarer^obitcr obfcruarc licuit ; ad'euolucnda fi tc- 
nue hoc opus meum aiences.Tcfttascomparaueric , ftudiique acueric) 
ego me dc Gcomem& non vcaSh mericuin efle , mihi ipfi gracu]^ 
turus fum, eoque impcnfios I>iuinam SapienctamDi(c«pHoarumom. 
niumfiintQmcelebraturusscuius vnicam Glortam vc in cxtfcris« ica 
in his fpedare irquum^ ^ conftkmum e(k. - 
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